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i  I 

>«?  i.iO?  w*»9  .^*^.  ^ 

Arqiiidcmerat,  Illuftnfs. 
Pracful,  vttotcx  tui  exi. 
mia,ac  fingulari, huma. 
nitatc  acccptis  bcncficijs," 
aliqua  grati  animi  figni- 

 ficationc  rcfponderem. 

Aiiraberisforre  tamcn,  AmpIifs.Vir.mc  pcr 

liaccgcomctricarchcmatafpcrindcacliteris 
hicroglyphicis  Acgyptij  animi  fenfa  decla. 
iabaar)  nuncmcam  libi  gratitudincmquo. 
dammodo  patefaccrc  vcIIc.Quid  ni>  nonnc 
&  Anilippo  ,cum  ad  Rhodicnfium  litus  ap. 

a    2  puU 


incolariiiTi  incficare  fapientiam valuciunt  ? 
Qaidfinunc  meigracicudiacmv  aepia^fcr- 
tina  iic  medecernente>  pcrcadem  ,  vti  nnea; 
crga  te  debirae  {craitJiti^iiirignia,  ci|?i  ape- 
riendame^rediJierim  ?  ftibii  euim  eft  :,  quod 
malim,  qaam,.v<ciira  tloqaenwa:  pafcnte 
loquar,  6c  me  tibi  gratum  effe ,  6c  vidcti: 
quapropter  has  ctli  rudcs  geomctncasfpd- 
culationcspetennitati  tuieccnlui  nuncupan» 
das.  Vcrum  vt  Perfius. 
^is  Ifget  h£c  f  mm'n*  tftud ais?  nemo  hercule,  ntmo? 
Velduo,  ^el nemo :  turpe,  (jr  mtferaLile,  qudre  ^ 

Geometrica  enmv.funt  plititfnisobfita  diffi. 
culcacibus,  aqnibuSjIiGct  ingenio  faluberrK 
mis,  vclut  abamaris  quibiifdam  pharmacis, 
asgra:  hominum  mentes  nimium  abhorrer* 
foleat.  Atqai  tulegaj.ha:c|P.rasftantifs.  Vin 
qui  mihj,vt  quod^m^An.ti^acho  obfcurum 
Poemi  rccitanti  folus.  PJiw4i«.omnjUB)i  iji- 
ftareris .  Tu,quiin  omiiium^ifupUna§u0i 
genera  fummopere  exardcfcens ,  omm^u, 
quod  P4Ucis4^tam;C{l.cnpy/u:lojj(^ijj9i|gaf 
fecucus.  T.u<  qu|;9puAi^nQ|^  QU^^U  ip|^ 
Geomctjia  ».'quam  <l»<crp/]jmu^^^Jjji^Y]feji, 

qua-; 


^aruraprin(ri^^m;acmcttopo!/ttiappcIla. 
^at,  opnmafnm  artium  audiofis  Cn  habeda. 

iroptcrc4en.m.ll,usi^'na^oS(^gymnafi,fo. 
ribus  magfius  i]Jc  Acadcmixmodcrator  ar^ 
cct^t:  qm.  cum  dc  ProbJeiiiatc  Dclphico 
tu»iJ^cpMt,mficus  ,  iJlico  ncglcaxGcomc- 
tfixGracco^b^p^ii,neaccu/ari  rcfpond.r. 
^Jinimmq  Endoxum,  Architam  xMc 
Pcchmum , TcprJic-ndtbat.  qucd  iJlius  Pro, 
blcmatjsjpturj^p.c^  pcc  inarumcnta  mc' 

chanica  aggrcdcrcnrur .  hoc  cnim  p.  (iloaic. 
batGtommiaf>briUm  pcrdi  ,accorrumpi, 
quifpccjLor  cognit.onis  rantum  gratia qux. 
ntur.  Js  dcniq;  tot  laudibus  candcm  decora- 
uir,vt  yclipfum  Dcum  fcmper  Gcomciriam 
traftarcafrcrucrit.  JnrcrGcometrica quidcm 
diftcihor.s  hxc  e/Tc  rcor  conrcmpIationiF, 
jed co magis ,  quod  ad cadcm  nunc  mihi  dc- 
leaa  vu  nuiJius  adhuc.quod  (uam,  cll  attri- 
ta  vcftigio,  hic  cnim  iuaudita,  ni  fallor,  huc 
ufqirationc  nouam  Continuorum  Arach. 
nc  in J lui f.bil.bus ,  ccu  filis ,  texcntcm Gco. 
mctriamcuah/rccompcncft.;hJpc  crgo  licec 
cxiguum,tamcnvti  nouum  inucntum,ti^ 
binon  minusin  Maiheniatitis,  quamin 


teris  difciplini  JjCruditifnmo  Viroificc^^ 
tumdebcosiiiireomnidebcbamr.  Ncigitur,' 
III uftrils.  ?£xC\i\,  hoc  gratx.q  ualccumq j  fit , 
ac  deuotaementis  argumentum  arpernarc, 
ied  raihi,  mei%  Itudijs,  quaituisbenigniffi- 
mis  aulpicijs  fasliciflimc  prouehuntur,  pcr- 
ge,  vta^ToIes, fauendo prode(re,dum  pracpo- 
tcntem  Deumenikcprecabor,  vttelcleetio* 
rura  ftudiorumcandidatis,  incolumem,  f«* 
licemque,diuti(Emcmeatur.  Valc.  ^ 

lilnftrifi»  &  Rewsrendifs.  D.Tti« 


Addiitiflimus  Seruus 

F.Bonauentma  Oualcriys. 


PRiEFATIO 

Prttitmmm  dmUtdtntm  vtl  frtmmbus  Ubrtt 
ViX4tHgtfi,futt,  <imt  (ntmft,Mt4c,  mtUtstm 
*ritrt  l4ttmts  dtgufi^tsf^mUtlmm  /m4mt4ie, 
tmm»mtr4ltett  /trtemtiims  ttrt4,tm  4tmUit 

mtrt^e   .if  *^"""^'^^'^S'»*'*»*tmrr/^m4gr}4n 
fmmm^mm .  ^o^tU^tttmu^mtmrdtffcmlt^fmm  c 

^r^^^r,^A;^'yvtr,i,s^^^^^^ 

C44IT      j'  ^f^'/^"^'"  def^t/ctrt  t>mfmtfit,  cmtmfd^m  ttt 

^mdt  mtdu4rtr  r^tttmemf;  gtgmemttmm ft^m^rJ fil^ 
fmmjmmgtmtt,t/ikdtstmf4r4„m,  msxtmi  /^nUdmLb^, 
1^if^tfrttrmmf4,tmtmm  ttmdtttm,  4dttm4t4  fi,mr4  dtgeme^ 
Urttu,  .t4U4m  tmmtmi  mSttfdem  r4tt.mem /ejLtJ^Z^, 

•Bmtmtt^umtmt,  tfittm/dtm  ^srtflms.cmm  ,4m,m  r*  W/r.  •  D»: 
l$p*mmHtft4mgmUdt{immttmmm  gtmttMmtis^ dmpUp,rr,m»t^ 

t4mt/fh4r,m,  vtt  i^^msffh^rttdtt.mttmtmttnttdtsf^r^btlttmm! 
'jr.Vj^r-^^^f^MfrmtMttrttbmtm/fh^^^ 
^^r'Mim4jtjr^'^»duvtrt^dmfUts,tmmt4megtg.,J^^^^^   <  Cc. 

/i»  tJltffim.frtxtmh4,ttmemh4it4t,  fm^m^  fm^tmtrdttmt  4d     »  4. 
•mUtt,  4df^4btlAver»fit  tm r^tttme  i /tnqmt4Utr4,  ^•/•,«.«,  y^Z^t^ 
&mfUmufigmruftrrtmtUt,ttm<rt£i4rmm  ltm,4rmmetrc4fm,^  *  '^p  u 
ffmm  gtmuu,  fmmttt/mnt  crtmU,  t4mdtm  V4rttt4ttm  lutt  txp,^  ^ 
fn$,  St(9tmfUr,,e,remh  dttmnuj  mi(ilig4»tmrtxftftt,4u,t$ 

bmbtm-- 


"  fede^m,  quam  eeram ^'jitadrAta  tnttieem  habehuat, 

'    Hts  vero  perfpeSiu  cnm  adpUnarum ,  4C  filtdirum  figurMrum 
qfi9tf  ,^rauitatum  eenira  refpicerem,fmiUm^p,t  vtrietatem  aa^ 
aus  efT tm,tdhuc  auf^ebatur  admiratterin  cMo  enim  cfntrti  gr4^ 
htucV^U^uitatts^  efitu  axeperifttkrtampartem  it/iansHsfi»  th  trtangu^ 
iUtmi^.  ^•^'^''^j'>f^'»  m'>''>tetfLi»,e»dem-^^  udem pe't 

i.  I.       i  tertiapariem  itufdem  >ixif.Smtiitet  iH  Cf.n9,  ie  parabeltce  tltui 
kUtm  41.  '^t^^xfperf^ttrtiamtartem  di^unsabafi,  inparabilaverUp^ 
l'ArcV  g/''»^*'"'''»''  Pif  ^duastertusett»fdtmaxiiremmu,f  4htpf4 
%tt  fquepi  ^*f*       f"?.'  f^^i^  varietatem t»plurimit!$tjsfigurii  fapiutmt 
fitiifm^m  me<lit4tus,vbi^iu,  e.g.  cyitniruentndr^tts  mti 
nrertpataUele^rammi,  ,  eBmtm  Heriiu^^dem  hafi^  &<^re4euii^ 
demavtrn ,  cumsylindrt  etnfht;^of,j>xindifimttlt>^ereirU 
MgitUsper  axemtraHfeHmbusveiuiieempaditTM  effiwens.bd^ 
htu  JiSlirumpUnoru  •»<,iua  ratiene ,  tU,4  ^  ipfira  »  /huiiiri^^. 
ab  tpfitgenttirum emerger^ratitn.mtxtfimabam.cttm tampUi 
(•?  cinfidretpU^rum  ratimt^amtJttHm.  a1,'^f49m^f»ii4or^yj^ 
tioftemminimictnc/trdarei^igurajtuWmefifltyamuhtk^ 
quirentem  eUum,^  oper^-nperdm,  ^c>em»^bn,  fai/it  mtiii 
Pdm/alurum  eSe,miht inrt  ef^yfenaw»  '^idebath^^.VtfUmpnttt^ 
profmiiu,  rem  contempUtus  m  h*nctM»iideiffnt  pmnttdm 
nempeairem  niHram  liness,&pUsa,mv.Uinuieer^eeintiititpi 
t,4,fed<tjuid,/t4ntU  'tS^t^neitddef^yfic-ettimWplutimsrAm 

«n  y'  *  ^•''/r''"*^''^'^  '^^"^  iin^^rJprepirtLm^fi  , 
'^^,^^^^'^f^r'tmanturiui^M.^^^ 

r'f{>»'>'i're.^<^t'ndrnygttur,f^conum^^^ 

t.l.^.  J^fratttnjmhabereiUacomper.f.^uam.  i.vifmkiaM^ 
o  D:f.,.9.  oyUndnaimntapUnactni,  oreguU  comi^iimmCmmpiZ 

gt4 


gls  pUni )      di  0f^^lti4m  hjfm  antlntlh  illi  s^^iJiTfdBter 
fmimfit  (jB9d4!Hm$d$feltn^m  imieUtfinntnf )  ei  »(]ndm  bdketejh 
hndrut  4de$nnm.  Ofiimsm  etgo  methdnm  ffnfdrmm  ftrutidn 
menfnrd  tititcdni prttisUnedrnmpro  fldmtt,  dr  fldnorum pre  fpli^ 
dis  rditenes  tnidgdre ,  vi  iOsee  iffdrnm  fgmrdrmm  menfmrimthi 
€9mfdrdrem,res»fmt$,  imxtd  veidfmcceflti^vipefUgenitpdiebtt» 
Art  fiet$dmtem  idls  vfms  fmm  ,  tfmdfe  ddpr$^fitds  qmdfltinet  dh^ 
f$lmemd4s  Algekrsttci  ddhtbtre  foltmi;  ^mijmt^^m  numer$rmm 
fddtces»  (fmdmmts  ineffMes.fmrdds.  dcigmotds,  nthtlominmsfi^ 
$t$ml  d^re^dntes .  fmhtrdhemies ,  mmliipltcdntes ,  dc  dtmtdentes. 
dmm^§i$pr$f9fiit  ^et  exfpididm  ft(sim$ittinmenmdfdre  valeif^ 
fmdfdits  eh^^e  mmmerdfiht  ferfmdiemt.  U$n  dltier  iffe  efg$  indt^ 
ms/titUmm  fime  Itmedr^m.fime  fUmormm  ecmgerte  (^fdem  z  $  in  Itk 
%.  exfUcdimr  dfmmftii)ltcet  (jmodd  eormmdem  mmmermm  tcnomi- 
mdhU.fmfdd,dC  tgnttd.ifm^di  magntimdtnem  idmem  confpcuis  U  • 
mtttkmt  cldtift.  dlc9 ^ttnmormm  tnnefitgMnddm  moinfmrdm  vfm 
fmm,  VI  iegemit  tm  frecefm  $fertt  dffdrfhtt.  Frofofiimm  mthi  eB 
dmtem  iGevmetrd  inhit  feftemUbrtt  (jndmflnrtetm  tnm  pUnd^ 
rmm  p/fndm 

rmm  mIkjmm  eii4m  jf>  dtfj » 4t frsttpii}     Emdide,  &  Art htmtedt 
fertrsciMi/ifsermnl,  rtli^jm*  ver»  memimi,fm»d /ii^m  tmem/f,4(' 
temidW,  vmt  tmmtn exctft»  Kefler» ,  fmHesfi»me  Dtlj  Amfirim- 
tiftrvirgtm  me-ifi  rimm  dimttlttmdi  ,fi(lijm4mtm  fm*f  Slire»-  ^J^^^f^t 
metrtmArthnndt»  fm mm srt} ipfms  Arehtmedii  tdtnmtnufiit  «.rttol  » 
tfftrinmt  rectnfott ,  ntmu  tlHfmdtidt,  jmtlefemm^ifint .  tdttQtt 
fditmitmi.ttniiemtmmftriemfuftrdddtdit.^mdmSieretmtiri^ 
Archtmedetfmfflemenlmm  nmncmfdmtl.  tn  f«4  mmlitflictm  St" 
{itonmmttmttmrmm.Ctiemli  mtmp},  PdrthU,  Hjftrheli.&  tBi. 
ffti,  mte  mtn  iarm  itm ptrlttnmm  (ire*  dtmerfii *xts  t  tttotuiitiitm 
(ontemfUtmi  .ftdim  mmmeritciadgtmij  fefttm  ,fr*tcr  qmintjmt 
drekmudtd,  Sfhtrmm  f(,li(tl,(.inttdtiptrshtltiii.i  init(iti  hj' 
ferMiemm .  Sfhtriidti ibltngm,& prottimmGttmtiui firqmdm 
tttztmprtctmtfrimmtetim.  CmmtrgeUmtxft/iiMm  mettem* 


dsr^^n  ft^Hfiftim  mti4m,di,f$  dicerifds  /!t,vaUe  compendicfem 
fntthoh^m  4  iinutmfsem ,  ftUetter  mecum  diium  efse  extBims^ 
cti,  vthMc  fj'$d4  ^fr^ttrilld  Archimedcd,  mtht fupftditArentur^ 
ctrcd  (jttd  tfhus  vim  4C  ettergi^m,  experirt  tictret.  Ne  cfuis  tdmert 
putet  mt  ommum  diilofum  foUdorum  dirr,enfionem  futfstconfe^ 
cfuutum,  (icuti  ne<j\  Keplero  contingere  potutt ,ntfi pducorum,  net 
fttis  fdtHciter  >  vt  pr^dtil^m  Stereometridm ,  4c  Jsfpplementitm 
perle^enti  conHsre petertt :  fttis  mtht  futt  eorum  4\tqu4  certicri 
t4m?,  m f^llor  ratione^tnuefligdre^cjUd  ctrctter  nurr;tro plufcjuam 
vigtnti  ennurncrart poterunt ,  pr^ctpue  fi  Archimede4  tn  numtrt 
ti^mputtntH^,  (jmncfifciiictt pro  fingults  cfUdtuor  Cor>t feSftomhus^ 
tfr  4mplius  4lta<fHAdam  inftrtusrecenfend^.  Velentm  riuoluttt 
ft  circ4  4x*  m  diclMrum fe{iior>Ui  dr  fic fiunt  foltda  Archtmedea^ 
^  Cttf.  14»      circulo  ntmp}  Sph^ra ,  tx  p^rahoU  Conotdes  parahoUcurr  ,  ex 
/corf  1 ».  hypnboU  hyperboltctim^t^  ex  tiltpfi fph^rotdes  ohlcngum,ftu pro 
j 1. 1 4«      Utnm.  Vt\  rettoltttio  ^t  circ4p4r4ilLeUm  4xf,  extrs  fgs^ram^  ftd 
\oXs' '  ^  noinim}  eandem  tdngftem  conlfttut4m,(jr  fic  ex  ctrcttlc  fit  ^  ^nct* 
iCor.  14*  lufUsurcircttUriSftx  p4r4boU* ftmi^nuttts  l4tus  par^boUctts, 
■  Cor  I  j.      hyperboU  ^ hyperboticus  (hos  Keplerus  tamtjuam  montts  t^/. 
j4.  l tt4  cAUitatifimitts  Crati  rts  voc4t) ex  Elitpfi '  Atulus  l^tus  tl* 
\  M  4  '     lipticust  gjucm  idtm  Keplerus ,  velut  ferto  f  uHtcarum  ;  ucliarttm 
y  Cor.  15.  jtmittm^Anulum  4rduum  ^pptBat.  V tt reuflutto fit  ctrcd p4r4lie^ 
Vcot       /^m  4Xi ,  4C  figur4m  tan^entem  ,     tunc  ix  cm  uh  fit  Anu^us 
34  l^.      m^riilus  circuUrif^txp^rabo  a^  femt4Kulus  firtcfus pafdholicus^ 
a  Cor  hyperh^d  y  hjperbtlicMs ,  ^  tdndem  ex  elitpfi,  cjut pnrtttr  Anu- 

bco^  ao.  ittsHrtciUi^elUpttcHs  nuncupatur»  Demfutrfuoiuttone  fs^s 

*  *i  J 4«  Circ4p4r4ltel4m  ax$  ,ftC4ntemq\  figuram  tn  duas portiones  W4» 
4  cor,  %u  tfnaltSfCX  ctrculiporttontmatcri  ftt  Malumrofeum  ^et  mtncri 
icori  M^l^^rscitrtum.  In  etttpfi  vtro  ex  m4tort  Malum  ^  cotontu^  d^tX 
3 1. 1.4.   *  minori  fit^0liU4  Bxp4rahot4porttone  m^tortfis '  Aceruus  m^tor 

•  ParaboJi-  p  frabottcus,ex  rntnort^  Aceruus  minor:tx  hyptrLc  ^pcrttOKe  ma^ 
iisconfor-  \      ^    ^  */        /  ;  4- 

Kittr.  ^''t  pt  Actruus  mator  hyptrbottctts  ,  cx  mtnort  /iceru.vs  ■  mtr^or. 
tiMonfoi^  ^^^^^^^^  /l^rrwi  mtnrrts  fdraboUcos,^^^  h^lithttios ^tdcm 
inifi.  Ktpit* 


i ifltfMt  cttnthui  reilis  fimilti  ext^tmdf,  ^utrttm  gUd  /%nl  dctt- 
9d,^4ti4i$i>tnfd,vi  wpeoiitbfis.  fjMMndopftmitm,  tnfjyit^etfnt" 
ius  coHtfcttnt.  Hdt  vtro  fttnt  fohdd  numtft  vtgtntttCjuthtti  tttdm 
Jinttlas  artcli$s%tUtpt9cns4ltefd  pdftt  Idtitf  ,& Anultiildtms  * 
tUtpttctts  4ittr4 p4fti  k  ifft^t$f,dddtp§fittnt,(jtteKtpUfHi  Ttd^  b  Cor.  ip. 
fd,feH'M)$J9irctctftmtkmpHtdt.ntcntmtdfiltd4.<fnd€Kft*,  '^'  '^* 
Qi9nthms\opHftttseftmntur»fnpfMf4t4vidtntmfC§ncofhtt4nttd%  \  Cor.  ir. 
H  4£  f^H4m  fnnt ,  tjnd  ex  tnnmmfratii      ipfs  txcff/ fffmstXd-  '^* 
9fJt/t49iM,  ii/n$  pr4ter  4l  <im4  9$$mtn4mhtl  dUmd i nohts  dtfttm^ 
ftumefi.  uttfifpt^^entt  m^nifeRum  ertt.SctMt  veroUfior  noipf4* 
itf  dt6i4f$lii4  4hMp4rttef  <ju4mp!t4rtm4 ,  (fttd  non  funttXgregt 
/mpertms  tmnmmerjtofnm ,  eti4m  ctntempl^rt.  ^fdcdtertisu^ 
ttmmxxtmtm  hdt^ft  dtm^n/irdndt  methtitvntmerfsUt^tem 
9$cn  nttctbo  ,  eju^i  erjtm  4lj  de  vn4  ,  velf^Uem  piuctt  foUdorum 
f$ecttbus^  n$t  de  tnfintttt  conttnuo  dem$niif4mus,  nedmm.n.  htc 
t.    $ftendttur  *  cyhn^ifi  cont,  vel I prtfm4  pjr^mtdis,  trj  ed  Jtm  j  J^**^***^ 
h4/t,&  mltttmdint  emm  t$  txt^tntis.  iftplm  efe.  fedejmicmmqi  its,  I  corol  7. 
h/i  v4ft4itone  ^4^4,  ju4  null$  4fstgn4t$  numef$  c$4rcl4tur.  fUt-  ' 
dmmetitmtnft  ^ens,jn$dnicyUmdftcmmv$C4mui,efe^tftp'mm  m  Dcf. /. 
etus  ^m^itn  e4iemhifi,&  4ltttmdtne cum  eo  c$n/tituium,n  c$n$   ^'^^^  ^ 
$um  4ppeU4mus'^<j:t$rum  ^Mtdem  foUdorum  fpectet  nmmero  tnde   cor.  414. 
fittt4S  tflt  m4ntfeit$ 4pp4ftt :  Fxh$C4miem  vntc$  exetrphjdm^  ^^^^^ 
ejMdmtx  vn^ue  Leonem,dtgn$fcet  Hudiofus.qu^nto gecmetttcmt 
4gefperhdc  freiUor,(^4mphoff4t,  hduc  vniuerfiUfdien^mji 
ttrc4omnt4  pen>  f$Ud4  i  n$hts  htc  confdef4t4  twritef  profeejue^ 
mur.  in pnmi  tgttmr.f^  fecido  LtlfO,  vtplurtmtim  Umm4t4pf$^ 
ponuntur,eju4  4i  fefuentium  Uhorum  dcOrinum  cMptend^m  ue^ 
ie/f4ri4  viJentuf ,  Ucet  in  eifiem  p\urim4  eju$ejue  fmt  fmgr^ttm 
fimpUcttef  demonfir4t4  :  /n  i  ^  &  5«  Lth.  f$Ud4ex^mtn4ntuf. 
ifu4  ex  c$nicts  fecltonihus  fu^mgeneftm  Mg^ofi  it.  in  t.4giiufde 
fp4ti]s  heUets,  4c  foUdts  dh  etfdem  genitts  .frohUrf.utsej',  cifC4prd 
demonflf4t4ConHfuuntuf.  in fepttmodent^',  Lth,  f.c/ir^mtr.pnt' 
t4tis  tndtutfittUum  Octdnum  emenf^m  rutcm,  dUa  ir.pitntM  mt^ 

i     2  thodo. 


yhd$ ,  m  fsrt^m  deducimus ,  vi  in  illini  infihiidiis  fiepulisffrh 
cliidftM  omm  idndem  ioUdtur  dmbtgmttds.  Sao  tamcm  hdt  fnmd 
froBti Uuitirferfendentibtts  ,  qmpfe  (jud  ftf  iamdiit  trtiam Geom 
metridfemitdm  haud  fidennt  ttxftttfitn ,  wtf^tts  effe  fnhAndd  >  d$ 
qui  ndnfeantisflomdct  tumentesfititns  imtto  fpfpftmentes  sd  ex^^ 
tremdm  Itntns  dtHrindmetdm  pefnefitfe  hdud  dedtgndhnntur^ 
f^rsi  fnfer  hdc  mtnim}  amfltus  naufeahttnt :  Ne  tjuts  tgttur  h.  nc 
rogo  methidnm fftns  damnare  veitt ,  quam  hac  othma puro  et> 
iii  ocnlopfinceref;  tUtus  affeeiu  fnertt  perlufiratus  ,  hu     t  Ji 
fdtione demonftratacnm  alttvnm  tnuintts advngucm  ( vmcr^^cre 
ongiter  dnimadnertei.  Nemo  autem  hac aggredtatur,qui  fx  fal* 
$$mffiores  Ubfos,^  vndeoimS  tlementoriinoncaUnertt,(jUodfi 
•f  ApollGn^^dr  Arcbtmedts  Cptnhns  Lr^cr  partter  verfatusjfue^ 
fii»faetttus  hdc  dpfrdhendetfftn  mit^us.qudclam  pauca,qna  ab  ,fm 
y  Kepleif  (ts  defumftdfnere,fotefitfnffone9C.  ^tveio  vtderttVCcm.  dc 
t^^arTif.  ^^^*  ^rf^/i/  frafatt  KepUft  per  has  noftfas  fftiulattones  flani 
onteUtgei  t  ijuam  factli  tndimenfione  flanteUtffis  fotnerti  tfft 
baUuctndritdnm  omninm  difianttarnm  Planeta  a  Sole.fer  elltpti^ 
cam  Itneam  circumntlnsi,  menfuram  putat  aqtsipvUi  re  plam  eUi* 
ffis  mefHfa(quod  efi  quodddm  fimtle  errcri,in  <juem  tnttto  frdfen^ 
tis  fpeculattcnis  dr  tpfe  iapfns  eram  ,putans  cvtnctdentta  Itneas, 
velptana,  frcportionem  planorum,  feu  fltdcrum,  eandem  confi 
ttafe)  Itcet poiimodnm  ^  ipfe  errurem  frofrtum  dctegat,  ijne^ 
ijuomodopofsittUum  emendare  cohtendat .  Histgitnr  ttteconfi. 
deratts.neminemfore  extfitmo.qut  hano  tiouAm  mt  thoauf^i  cuxem^ 
r:t affernenddm,(jutnfottus eandtmxetutt  mufeam clautm,  qtsn 
fumfna  arcis  Geometrid  nonnuUas  hucnfq-^occtufAs fofcs  refcfato. 
$es  ,  fufnmtsputchiffimarurH  fptcntattonumthefAHfis  dittfstmi 
.fieft  vateamus ,  albo  ddteQc  calcnie ,  ^tfimudu  m  fvn}  Jattns  (om^ 
.froiabtt.  ^ 


In  huitu  Libri  Auftorcm. 

El  Xtrit  icanduotfapiens  C^r^LEI{irS  m$fu9 
j  ^ribimeddadrficientimMfiu: 
f4cmp^  geomctricss  ex  vmbtts  eruit  artet^ 

Q^ets  mtuan [aiumy  quets  metiate  foluwL 
Eireiium  miraia  yiRI  decus^  ^rt  ftupet^  mdi 
Sit  aitf  irgo  mids  ixupcrabu  opis  f 

Anon/niHg. 

In  LibrumGcomcrri». 

DymnouapiruoUii  C^y^LERl  fcbtmata,  dequt 
^rte  Ccometrica  prtma  tropbaa  refersy 
^pptandi.  itgnii  ttbt  felftnalaudibus^  e^  f  ueiTi 

Sufptcit  ingemo,  voce  per  aftra  vebtt. 
Uinc  Arcbimtdss  fileant  monumcma^reuixit 
Mccc  Syracusi^^ki  premit  aSafems. 

Co.  Fran.  Carolus  Caprara  CoU.  Nob.  Alum 

Ad  Libri  Audk)rcm. 

VEra  Geometrid  re^i  documtntarcclHdtt^ 
Qudminus  antt^uis  emicuere  virts. 
Sufficts  illius  n0ua  fcbemat^ifiliiet  artis% 

Vtfiipisvndi  dnus  tu  (fuo^jui  in  orbe  rouum. 
Mmenjd  fpatium  terra  dumqut  expnmts  ^  tndi 
Jtnipitimmerfs  limioafumma  Toli* 

PctrusFran.CoruinusColl.Nob.  Aluna. 

Ad  Librum  Gcomctrix. 

OT!tmafnuptai  co^nofctre  fchemata  Lf^#i> 
F  tma  Ccometrictfercipeiuralibn, 
Jii (jkOfift  d'i]u/  fo  t  difcfs  f patia  alma  metiri, 

Jngenijmitos  arrt  i  fquimocos. 
rolftnapUkditouansitaiiioque  luperbatriumphoy 
^audia  non  vrtju>;m  diptriiura  citf. 

Co.  Fran.  Carolus  Caprara  Coll.Nob.  Alnm. 


Dc 


OcLibPoGcofttctrir. 


EXprimit egregim n$bts       '^^L^RirS, wum 
Ingenioqui  refert  abdtta  (enf^  noao. 
Huic  veterum  penitus  cedunt  umnumeutu  VMrum^ 
ytlongi  merttn  infcriofafuis. 

Co.  Marcus  Aittonius  Hcrculanus  CoU.  Nob.  Alum. 
Dc  Libro  Gcometria:. 

Pten^  Geometrich  funt  htc  motumenta  figuris$ 
Qm^  B0N4rENTrl{y4E  condiditalma  mwuf. 
Ingenij  vites .  &  fi4fpice  mentts  acumenp 

Qkod  merttd  £ternum  conceltl?rafe  Itcet^ 
Sola  latere  neqmt  yi^TyS:  h^c  ftdera  tranat^ 
Imaqui  d.fpiciens  limina^tfumma  pettt.] 

Marcus  k  Cartis  Coll.  Nob.  Alum. 

Ad  Auaorcm  LibriGcomctria^ 

I^m  noutluxfplendet,  iamfpUndor  praitet  omnit$ 
^rte  Geomctricay  dum  noua  tttra  refcrs. 
Luxfuit  ^rchttds,  lux  ^rchimtdts  opufqui^ 

Luxeafedtenebris  confociAta  fuit\ 
luxtua  peltticet  nuUa  catigine  preffa^ 
Inslar  ^pollmet  ftdms  tnflar  adefl. 

Pctrus  Fran.  Coruinus  Coll.  Nob.  Alum. 


ttM 
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GEOMETRIiE 

C  A VA  L  E  R I l 

LIBER  PRIMVS. 

Inquo  prxcipuc  (eclionibus  Cylindrico- 
lam ,  <5c  Conicoruin ,  necnon  fiinilibus  fi- 
giiris ,  qaxlam  ^lcmentjna  prxmucan- 

-  tur  i  ac  aliqax  Propofitioncs  leiDmaticx 
pro  fvjqucntibas  Librisoftenduntur. 

DEFINITIONES. 

A.  I. 

V  M  dcx  rc(f^a?linea?inuiccm 
paralltlic  ahquam  tttigerinc 
figuram  planam,cum  illis in 
eodcm  plano  conftitutattL-., 
vnun  qiiodq;  pui  <flum  con- 
ndus  iliits  vcrtcx  dicatur, 

 S<:  oppofiii  vcrticcs  puij<f^a_» 

conta^uum  vtui.iqu-  didarum  tangcr.tium  p.!- 
ralJclarum  fimul  comparata  5  qijilibct  autem  vcr- 
tices  fcmpcr  iatciliscntur  aft"umpti  rtfpt<flu  cu- 

A  luf- 


2  GEOMETRI^ 

jufcunque  rcd^e  I.nes  diais  tangentibus  aquidi- 

ilantis,  cjua;  infra  re^uJa  appellatur. 

B. 

LJne^  tangenres  dicantur, oppofirje  tangen- 
tts  einfJcm  iigurjE  refpcd^u  cuiufcumqufi 
hneaj  eifdem  xangentibus  icquidi- 
ilaiiterdiiiiije. 

a 

CVm  earum  vniDs  conradus  fuerit  in  linea, 
tunc  Jinea  conta<3us  vocab  tur  bafiseiur- 
ticm  figura",  rcfp^du  cuius  potcrunt  di- 
ci  vertices  pur.di  conraduum  altcrius  tangen- 
ris,  vcl  (1  .ftuiscontadus  paritcr  fit  in  linea,  amb^ 
hncx  conraaus,  oppcfita?  bafts,  fumprsc  refpe- 
cuiufcumqjJine.T,cui  fint  ^^uidiftantes, 
A.  Jl. 

C Vm  pJana4nuicem  paraJIeIa  tctigerintali- 
quod  foJidum^vnumquodqjpunaum  con- 
ta(fliis  jJlius  vertex  dicarur  j  &  oppufiti 
vertices  punda  contsduum  vtriufque  diaorum 
tangenrium  planorum  fimuj  comparata:  quiJibet 

auremvcrc»cesft  mpcrinteJJi^antur  affumpti  re- 
fpct^u  cujufcumq,-  plani  didl.i  tangentibus  ^qui- 

diftan  tis,  quod  in  fra  regula  pariter  appeJJatur. 

B. 

JPfa  tangentia  plana  -dicaniur ,  oppofita tan- 
gcntia  pJana  eiufdem  foJidi,  refpcau  di<ai 
iJJaoi  tangentibus  arquidiftantis  airuinpta. 
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C.  C 

GVm  di(fforiim  tangentium  cont3(f>(is  fueric 
in  phno ,  tunc  vtriufuis  tangcntium  pla- 
norum  plana  cont3<Jlusbafcsdifatur,cu- 
ius  refpedu  pundj  conta^lus  rcliqui  tangcntis 
planipoterunt  verticcsappcllari,  &  vtriufqjtan- 
«rentium  planorumcontadus  planadicentur,op- 
pofitxbafcs,cum  vcro  vtriufquc  contaiflus  fucrit 
in  linea  ,oppofjtx  bafcs  lincares  ipfx  lincscon- 
tadus  vocabuntur. 

D.  D 

CVm  figurar  planx  oppofitis  tangcntibus 
vtcumqidu<ais,&folidg  oppofitis  planis 
tangeniibus ,  incideric  pcrpendicularitcr 
re<5lalinea  jn  cadcm  tangcntia  tcrminara,  dicc- 
turhxc  aititudo  propofitse  fij^urx  plani ,  vel  fo- 
lidx,  rcfpc<flu  didorum  tangecium,velcuiufcum- 
que  cidem  xquidilhntis,  ailumpta. 

E.  E 

RE^uh  appcllabitur  in  planis  rc<flalinca, 
cuiquxJam  lincx  ducuntunequidiftan- 
tcs,&  infolidis,planum,cui  quxdarrL-. 
plana  ducuntur  xquidilUntia  ,qualis  in  fiipcrio- 
ribus  cft  rcvfla  linca,vcl  planum,cuius  rcfpc  <llu  fu- 
muntur  verticcs ,  vcl  oppofita  tangcntia  ,  cui  vcl 
Vtraqj,  vclaltcrumtangcntiumxciuidiftat. 

s  c  n  ()  I.  I  V  M. 

.y£c  minime  Itfcreftt  th  his.(\u*in  /  ucUie,  Archimedt, 
dr  AB)!imo,ctr(t  uru(€i,bjf(s,Aint»dints,&t4r,genu4, 

^  A  2  h* 


H 
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fiutUnus, fiuepUna,  afsumuntur^^  cnyn,  Uret  vmufff^Huf/Jcmp 

(}mi ipfs ,  decUrent  >  vtijs ,  qut  in  fuprAduJornrna^  a^rum  eptrt' 

bmv  rfati{unt  innotrfcet/.c  li.vnde  (t^ic fcrupuk  afsut^cmui 

dltqu4ndo  ex dtSlis  aucimbus ,  qsa ex  tlnj}^ntithu$  (i(finutvr.thtt$ 

pendent.tlli,  eorr^mifctntes  ,pro-ut  tpus  fuent  \  junex  ht$  dedf$^ 

wuntur. 

iir. 

EXpofiraquacumque  figura  plana,&in  eiuC. 
dem  ambitu  ftmpto  vtcuirquc  pundOjab 
ccquc  ad  alceram  eiufdem  pariium  duda^ 
quadam  rcda  linea  tcrminata  ,  &  lupcr  planum.., 
piopolita?  figufjE  clcuata  ,  fi  b^ec  pcr  ambitum_, 
taiis  frgurr  kmper  spquidiftanier  cuidam  rcdce 
linc^e  moueri  inrtJhgatur,  donecomnem  percur- 
reritambitum,alteru  eiufdcm  extremu  purdum, 
quod  non  ferrur  per  ambirum  propofit^  figirrx, 
defcribet  circuitum  plans  figurseipfi  propofuai 
ajquidiftaDtis,  vt  probabirur.  Solidum  en^o,  quod 
ccmpr^hcnditur  vtrifqj  figuris  iamdidis,  &fu- 
perficie  linea,  qux  reuoluitur,  dcfcnpta  ,  dice- 
tur:  Cylindrieus  j  fijperh'cies  in  reuolutione  de- 
fcripta,necnon  quodhbct  liliusfruttum,  fuper- 
ficjts  cyliodracca  :  Cylindnci  opp<.firiE  bafcs 
diax  figur^  plar^e  inter  fe  arquidiliantes  j  larus 
aurcm  cylmtiric),qujeuis  rc<aa  in  fuperficie cylin- 
drpcea  oppofit.s  bafes  pertingens,cui coniruitr 
in  rcuolunone  ipfa  linea  reuojutaj  &  tandem  - 
reguI.)Jateris  cyliridrici  dicetur  illa^guucuolu! 
ta  kmpcr  manct  a:^uidilhns. 

Ex- 
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EXpofita  plana  quacumq;  figura ,  cxtra  cuius 
planu  aa  vtramuiseiuUlcm  part.umquod- 
cumque  fit  alTumptum  punaum, fi  ab  co  ad 
cuo  iu.s  pundu  illius  ambitus  r.fta  linca  ducatur, 

quae mdc fimte  quoq; fit  produftJ,&: hafc  pcr cmf- 
dem  amh.tu  moucatur  doncc  .plum  totu  percur- 
rerit  amb.tum  ;  fumptum  punaum  ent  vcrtcx  fo- 
lidi ,  quod  cnmpra:hcnd.tur  lupc.  ficic  dcfcr.pta  i 
linc^  nui  rouolo.tur  inccr  amb.tum  propolirac  h- 
e  -rr.xJ  f.imptum  pundum  claufa,vcrtcx,inquam 
fumrtus  rcfoc(au  propofitxfigurx,vtprobabitur. 
Talc  folidum  auttm  dicatur;  C«nicus,cu.us  batis, 
propofita  fi-ura,&vertcx  d.(flum  pur.(fV..m5  lu- 

pciLicsclcicrip"''"^^'^"?'^""'"''"'''^'^"' 
inter  an.b.ium  prc^pc^fitx  fiouri,& d  dum  pun- 
dum,&quccihbctilhusf.uiti:mdicatur;fupcrh. 

cusCon.cular.s:  Ula.- ve.6  rcdx  hnca:,quxia^ 
iadcm  rcpcriuntur,ciu.buscongru.trcuolutain. 
ter  vt  rticcm  ,  &  an  bitum  bafis  conclula ,  voccn- 
tui,litcra  ciufdcm  Conici. 

C  O  R  O  L  L  A  R  I  V 

Cj  avcum  <*;c  n...n  tf,'.  Co.  cum.  tc.ftUctt.  ^h,  sb  ^J><l'o»'0, 

/f  Scrtnt.  <i'  fi-'  nnfr .  ^ 

B.  B 

CYhndrictrcdii.-liccntur,cumcorumrarera^ 
fucMnt  adnilos  gnguU  sb:.f.bu8  ,fcalcni 
vcr6,cuai  no  n  fucnntad  rtteangulo» 

eit- 
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eirdern:  Conrcorom  ver6,  &  cylindricorum  fruff  j 
vocabuntur,  qua?per  plana  bafibus  parallela  Cpra 
conicis  vcrfus  ipfas  bafes)ab  ijfdGm  abfcinduntur. 

AXis,  diameter,figuriE plana-,vcl  foMxy  or- 
dinatim  applicatajad  eafdem.Iine^,iuxta 
;     quas  poITunr,&c.nomin3fcaionum  coni 
eoru  latera  rcda,feu  tranfuerfa,fumatur,proutab 
ApoUonio  definiuntur,hoc  tantum  animaduerfo, 

nieinfequentibusaliquandoabutieifdem  nomi- 
nibus  feflionum  coni,  Parabo]^  .f.  Hyperboi^, 
Ell'pfis,ef  oppofitarum  fedionum  ,  fpatia  vide! 
licet  intelligensfub  illis,&earum  bafibus,com- 
pra?henfa,quod  ex  modo  loquendi  tunc  euiden  ter 
cognofcitur .  C^etera  deniq,-  ApoJIonii,  &  qu^  ab 
Archimcde  circa  Sph^roides,  &  Conoides ,  defi- 
niuntur,  nifi  alia  afF.ratura  me  definitio^f^man- 
tur,proutabjpfisvfurpantur. 

FVl. 
Iguram  planam  circadiametru,voc3t  Apol- 
lonius  i.Conicorum,cum  in  ea  du<ais  quot- 
u;s  Iineis  cuidam  a^quidiftantibus, omncs 
bifariam  a  quadam  rcda  linea  diuiduntur,nuam 
vocat  diamecrum,  fi  eas  obllqu^ fecet ,  &  axem  fi 

cas  rediadiuidat,&ipfamfi:.uram  ci^ca  dTame^' 
crum,  vclaxcm^,  «J  duic 

Si  ergofigura  circa  axem,  reuoluatur  circa^ 
eundem  donec  redeat,  vnde  difceiTJt,  defcrin  ta  ^ 
tah  rcuoiutione  ab  eadcmfohda  figurrd^^^^^^^^^^^^ 

fo- 
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foli  Jum  rotundum,  ciufJcm  vcrb  axij^circa  qucm 
iic  rcuolutio^ 

VII. 

Slmilcs  Cy!indrici,&  Conici  dicatur,  quorum 
bafes  funr  rimilcs  ( iuxta  dcfinirionem  i  o.G- 
,mil  u  figurarum  infra  pofitam ,  fubinc  llige^ 
vel  iiixca  jliorumdcfiniciones,quis  cum  pr;rdi- 
£t  \  concordarc  infra  oftcndemus)  in  quibusfum- 
pns  dujbus  homologis  lincis,  vcl  Ijccribus  vt- 
cumque,&  pcr  ipfas,  &laccra  cxcenfis  planis  ipfa 
ad  eandem  parcem  xque  ad  bafes  inclinancur, 
horumq;  concepc:r  in  eifdcm  figur^func  fimiles^ 
nempe  fimilia  parallclogramma  in  cylindricis ,  & 
fimilia  triangula  in  coniciSjquorum  homologa  la- 
tera  finc  fumpca?  in  balibus  homologar. 

VIIL 


Imilesfpha?roides  diccncur, qua? ex fimilium 
ellipfium  reuolucione  oriuncur. 


Slmilcs  portiones  fpha?rarum  ,  vcl  fp.Troidurn^ 
&  fimiks  Conoides,  fiue  Conoidu  porcione* 
appcllabimus.quando  pcr  axcsdud»s  planis 
ad  reciosangulosbafibusconccptarin  eifdcm  fo- 
lidis  figurj  fimilcs  crunt  (luxta  dcfinit.  lo.  fubfe- 
quentem,  vclcriam  luxca  aliorumdcfinitioncs  dff 
iimilibus  figuris  planis  allatas,  fubintclligc  )  qua- 
jum  bafium  communes  fc(5lioncs finc  homolo- 
ga:  bafium  diametri;  ^ux  vel  circuh  fint,  vel  fimi- 
JeseJlipfcs^ 
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C^ieradtfi.iitiones  ab  EucUit  fimiUum  pUnmit»  fig*lf*' 
rum,  &  foUdarum,  & fimiUurnCyUf^drorum.  ^  Ccmrum, 
<^  tjut  »(>  Aptllomo  hb.  6  Comctrum ,  referente  Eutocto  .fiunt fi- 
mtUum  feSitanum  Com portimwn ,  fumtntur,  vt  ah  tpfts  .^ffttuti' 
tur.adtuniio  tamen  definttm^fimdmm feSionum  Cont portionum 
ihtdem ab Aptllmo dUia.fi pro fpa-if  /  ifurpeiur,^ irj/ra dtcetur. 

A.  X. 

Slmilesfigur^  plan^e  in  vniuerfum  vocentur, 
in  quarum  fingulis  oppofit^  tangcntcs  ita^ 
duci  ponunt,&  in  cafdtm  tangentcsita  in- 
cidere  ad  eundem  angulum  ,  cx  eadem  parte ,  re- 
Jinea?  in  illis  terminatce ,  vt ,  fi  intra  didas  op- 
pofitas  tangentes  eifdem  a?quidiftantes  vtcumq; 
dudie  fuerjnt  redic  line«,eas,  qu^  incidunt  djOis 
tangentibus,  fimiJiterad  eand^m  partemfecan- 
.tes5  repcnamus  harum.parallelarum ,  necnon  & 
oppofitarum  tangentium  eas  portiones  ,  qu«  in- 
ter  didas  incidentcs,&  circuicus  fi-uraru  ad  ean- 
dem  p3rtem(u^funt,eodemordinefiimpras,eaa- 
dem  inter fe  rationcm  habere , quam  rca^  Jinc^ 
,quaj didis  tangentibus  incideruut , &  in  eafdtmj 
terminantur. 

B. 

IPf^autem,quisdia/s  tangentibus  incidunr 
&ineastcrmiaantur  ,diccnrur5  Jncidertes 
didiarum  tangentiu  ni  oppcfitaruni ,  &  figu- 
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c. 

QVac  vcrb  didis  tangcntibus  oppofitis  ^qui- 
dilhnt ,  &  diuiduiu  produc^ix ,  (i  opus  lir, 
fimilitcr  ad  cadcm  partcm  ipfjs  incidcn- 
^  tes,  necnon  oppofitarum  tangcntium_. 
portiones,  qu.v  in  fimilibus  figuris  iamdiclis  rc»- 
pcriuntur,  voccntur;  homologaecarumdcm,  fumr 
ptx  rc^ula  qualibct  carumjdicantur  autem  lincap 
homologx,qua*funtintra  ambitum  fimilium  fi- 
gurarum ,  qux  vero  in  ambitu,  latcra  liomologa» 
ipf:c  vero  tangentcs  ctiam,tangentcs  carumdcni 
homologarum-.. 

D.    S  E  C  T  I  C  IV. 

CVmvero  duae  fimilcs  figur^c  planae  in  eoi- 
dcm  pl;3no,  vel  in  planis  »Tquidilhntibus 
ita  pofu£ctucrint,  vt  earum  ,&  oppofita- 
rum  tangcntium,  qUvT  lunt  rcg 
earumdcm,  incidcntcs  vcl  fint  fupcrpofitar,  vcl  li- 
bi  inuiccra  .Tqui Jiftcnt,  homolcigis  earumdcm  fi- 
gurarum,&  homologis  partibusipfarum  ircidcn- 
tium,  adeandem  partem  conftitutis,  ipfa;  tigurx 
fimiles  dicanturciiam,  interlc  fimiliter  pofita?  j 
fiuc  a  fuis  lineis  ,  vd  lateribui  homologis ,  fimili- 
ccr  dcfcripcx. 

E. 

1  verb  fucrint  quotcumq;,  &  qualcfcumq;  fi- 
gurx  plana:  ineodcm  plano  vtcumq;  difpo- 
nt«,fueriut  autcm  ahac  tot  numcro  figura:  in 

B  quo» 


S 
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quouis  plano,cum  prjediais  ita  fe  habentes,vt  bi- 
na»  fint  fimiles ,  &  earum  omniam  lineae  homolo- 
gjEduabusquibufdam  fintarquidiftantcs :  dudis 
verooppofitis  tangcntibus  fingularum  fimjJium-, 
figurarum,qua:  fi  iit  parallelafilhs  duabus,  quibus 
homolog*  earumdem  iequidiftant,  &  repercis  in- 
cidetibus  duarum  cx  djdis  fimihbus  figur  is,  &  ea- 
rum  tangentium,ill^produdaj  fuerint  vfqj  ad  ex- 
tremas  tagentes,rep  riamus  autcm  eafdem  a  tan- 
gentibus  Ijmihum  figurarum  fimilirer  ad  eandem 
partem  diuidi,  quarum  portiones  inter  oppofitas 
tangentesfimilium  figurarum  iacercs  fint  earu  n- 
dem  oppofitarum  tangentium ,  &  fimilium  figu- 
rarum  incidentcs.  Talcs  figura?dicentur  bina:  fi- 
miles,  &  fimjhterinterfepofiiaEprimbd;a£E,  ac 
fecundo  d  d^e,  & earum,  ac cxtremarum  rangcn- 
tium  etiam  dicentur  incidentes,quse  in  tangen- 
tium  cxtrcmas  terminaniur. 


APPENDIX  PRIOR 
Pro  explicatione  Dcfinic.  i  o.  aniecedentis. 

Sht  duxfigurxphre,  A^^CD ,  KLTP,  in  quihs 
/upponantur  ducU  oppofita  tAngtKtis.  t/^fi,  C 

^'^'bus  mcidant  du^  rt^x  Itnia,  EG,.^^,  adeundem 
*HuUmexeadempme  ,ftuefctnt  figuras  ,fiue 
^"fiisauttm  'T^teump  di£lis  tangetd^us  parallelis,  Bh\ 
t^O-,  qua  in^mMti ,  F,      dmdant  fimtltttr  ad  ean- 

dtm 
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dtm  pdrte  tpfdSt 
EG,\^i\  .^  ctr- 
cutttts  jiiufArmm 

in  punCliS,  h 

P  }  repe^^id-nttSy 
^F^di  Par  ef- 
fe  rvt  yEG  ,  *di 

gdy  T-^yRP,*  i.L(if/tf4  nempe.-vtsCiuxf^ntAiem- 
JUm  p^rtem  tpf^rum  EG,       •  eodem  ordtnc  fumpta, 
ftntyTJfip/^^EG,  ^iv  ftcet,4mf4n^entes,Ak 
CG  ri>  (mt  vc,  EG  ^ft,  #•  ftc  c^ter^  cnnftm.lttet 
f,mpt^.tunc^ocofii^ur.ty^:BCO  KLTPjtmtles,  4  P.f... 
(^tof^s.  (  G,  ^ik  tnct  lentes  fimiltum  figur*rum,  AB  B.Defio. 
CD  K.I  TP,  ^  opp.fittrum  t4noen'tum  ,  *AE  ,  CG, 
K  ^       i  tpf4S  y-Bl^SDyLT,  XP.  ^ux  cUuduntur 
peri^trts/i,<*rarum,  'j^  dtut  iiit  pro.iuf!x,  fi  opusfit, 
tpf4S,  EG,  ^\^>ftrr»tliter  4ie4niem  p^rtem^^voco^ho. 

mologss  earum  tem  fi^ur^rum  ,  cfusrum  dtflx  oppofit*  c.Dcf..o; 
t4np<ntes  dtcuntur  tan^entes  fiue  regul^. 

(umyerlfi^urit,  AHCD  KLTP,fuerint  ineodem 
pUn^,rael  tn  pUnts  ^^^titfiant^hus,  tt4  conflitut^, 
tpfstnctdentes,  EG,  ^^  f'»t  n^el fuperprfit^^Htnui- 
cem,  r^elp4r.ilcl^,  W  bomoio^a,  ^Bl,  6  D,  LT,  XPM 
taniem  p.rtem  tpf.rum,  EG ,  J^I>  ,  ^  f^^i^'  ^omolo^ 
2€  tnct  {tntiurn(per  dtCias  homotogas.produei ss.fi  opus 
%  Jmtiner  4d  eandtm  p4rtem  dtutfsrumjfuemit  pa- 
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l^.D.f.«  ABCD,KLrP,nedurnfin.desJe^ecJ„,dJU^^^^ 
Stntnunc  qt40tcuf»^uefigurx  pla„^  ,„  eodew  pUn<P 

n>tcumqi  4ffna%^,  a  TiCO,  URny^  ,u  tot  nume- 

ro  tnqmmspUuo  KLTP,  Zp0^  ,  ^u^  btn^  fintfir^.t. 

Us,fthcet,  ^iSCD  ipft,  KL TP,  i^r^Q^,  ^ ^ 

c.D.f  ;o.  ,S%,qttarum  ofnnmm  komolo'^^  duabus  cfutbufdam  repe. 

rtantur  ^^mdtfhnteS:  fim  autem  rcfpulu  tpfarum,qui. 

'        iLLri ,  oppo[ua  tangentes,  aE,  CQ,  K  &  Tj^,  (Sk 

^^•m,  ORay,  Z9/3x,oppcfit^  tangenteT,  OH,  YlM-, 
f  '  ^^'^^*^  '^»?.'"''^  ^rum  reguU  homoloparum  (tmi^ 
».l>cf.o.  Uurr,  figurarum  tam  dtStarttm  ,  S:nt  det.de  tncdentes 
duarum  ex  dt£hs  ftmthbus  fig^ns  vtcHcfi ,  r^t  tpUrun^ 
AJCD,  KLTP,  opp<firarum  tan^enttum^jE^CG^ 
■  quaproduciJur  rz,/^j  ade.xtrcm^s  t&n^ 

gentes,  SM,.iB\,  qtnbus  inctdant  m  punftts,  M,  A  re 
perta^t^s^aufcm  t,tegras,:EM,  ^A^fmthter  adeadem 
fmcmfecari  tt<m  a  tangenttbus,  CG.  T^,  tum  abhu 
Zr,gr  tnfuperporttones,  HM,  ta,  cffe  ettam  tnctdent  s 
oppofttart.,n  tange,nta,  OH,  ilM,  ZF,0.,,  ^  fi„„[^^^ 
Pgurjtrum,  ORay,  Zp^^^^elutt  tpf.,  RG,i  fZ 
^denus  opp^t.rum  t^ngent.u,  CG^^ 
iP li>»diumfigurarum,  A^^CD,  KLTP  Tu 
hasfigt^ras r^^oco  l.;,as  JlrnUes,      ^,,,^ '  r^.Z  '^T 

^a,.^enttum,  AB,  ilM,  Kj^  ^ a,  tpfat,  EM  ^ 

^twn  inctdenieu  ^  ^oc<t. 
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A.  XI. 

Slmifes  figur:t  folidx^vel  limilia  folida,  in  vni- 
ucrfum  voccniur ,  in  quoruni  iingulis  oppo- 
fua  plana  tangentia  ita  duci  poUunt ,  in_. 
cadem  ita  incidcrc  ad  eudcm  angulum  cx  cadcni 
parte  duo  plana  in  ijfJcm  terminatj ,  vt  fi  deinde 
intcr  eadem  plana  tangcntia  eiidcm  a?c]uidiilan- 
tia  vtcumqueplanaduciafucrint,altitudinesfo-  D.Dcft. 
lidorum,  rcfpcdu  didorum  tangcntium  fumptas, 
fimiliter  ad  candem  partcm  diuid jntcs  ,  rcperia- 
nius  tii^uras  ex  his  planis  in  diCiiS  iblidis  cocepias 
eiVe  limilcs,vclfi  plurcs  producantur,totnume-  A.Dcf.ie, 
roin  vno,quotin  aiiorolidoproduci^quaeiintbi-  e  i)tC\o. 
nx  liir.iles ,  &  qua?  iunt  vnius  folidi  iimiiiter  inter 
fe  dilpoiitJP,  acquxluntalteriusj&omniuni  ho- 
roologas  duabusquibuldam  rcdishncis  cominu- 
ljitcr,t3n-iqi:am  carumdcm  rcguhs,  xquidiftarc-» 
(iic.n.carum  homoli  gaccum  quibuiuis  alijs  dui- 
bus  reuulis  angulos  arquaks  cum  prcdidis  facien- 
tibus ,  vt  infra  l-^rop.  %  j,  huius  oltendetur,etiani 
haberi  potcrunr)  Vr.de  ii  regulx  homologaiu  acnt 
cipianturcum  incidentibus  planisconcurrcntcs, 
fidconceptarum  in  folidis  iiinilium  iiuurarum  du-: 
&x\n  lioguhsoppoutxtangcntcsprff.itisrcgulis 
parallelaf,  producanrur,li  opus  fit,qu()ulq;  prcdi- 
ais  incidcntibus  planis  occurraur,  &  bmaru  qua- 
rumcumqjoppolitarum  tangcntiu  pundaoccur- 
foura  iunganiurrc«flislinels,ctiam  has  iungcntcs 
BepcEi.araus-iin^ipUs  clfc  mcidcates  fuarum  fimi» 
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lium  figurarum ,  &  oppofitarum  tangentium ,  ac 
omnesdidas  incidentes  concipi  in  figuris  fimili- 
bus,  quarum  &  ipfx  incidentes  fint  homolog2e,& 
omnium  regul^  commmics  fe(fiiones  planorum_, 
incidentium  ,  6i  oppofitorum  planorum  tangcn- 
tium .  Has  omnes,  inquam,  conditiones  fimilia_. 
folida  in  vniuerfum  habere  fuppono. 
B  B. 

IPCx autem  figur^e  planas  fimilcs,  quje  capiunc 
omnesdid.is  «nciJenrcs,  voceniur.  Ftgurae 
incidentts  d'dorum  fimilium  folidorum,& 
oppofitorum  tangcntium  lam  dudorum. 
^  C. 

Ih  ^^"^^  ^^^^  ^  *  ^'^"'^         tangentibus  pa- 
ralldis  in  eifdem  folidisc6cepta?,quorcum- 
que  fint^altirudincseorumdcmrclpedudi- 
diorum  t^ngentium  fumpras  fitiiihter  ad  candem 
Def.  partemdmidentcs,  qUcT  fimilcs  efle  reperiuntur, 
fiue  bin«  fimilcs ,  &  vnjp ,  ac  ali^  fimiliter  inter  fe 
difpofita»,  vocentur ;  Figura-  homologa?  didorum 
fimiiium  fohdorum,  fumpra?  rcgula  viia  ipfarum^, 
vel  oppofitorum  tangentium,  qu^  homojogaium 
figurarum  plana  tangentia,  fi  libeat,  et  vocentur. 

APPENDIX  POSTERIOR 
Prodeciaratione  Dcfinit,  1 1. 

SI«t/ohda,  r/?jt,  ^HBM  ,  ^uoru,»  fint  oPpofi. 
U  tangetitia  pU»a  ,      ,  Z^jr  foltdt,  rp.  3  >,,  #- 
L  u.Jolidh  AHBM^fm  autm  alta  am  pil 


ttAi 


nd,  qti^  ifiis  indddnt  ad  tundcm  dn^ulum  ex  eddempAr' 
$€,  ^  r,       >  lUd  nempe  quorum  ,  (jy  difiorum  tangen^ 
tiuM  fmt  commums  ftfltoneSyCi^X^2LT  y  ^^yL^yjecen^ 
tur  nunc  d:^4  folrU  pUnts  tdnj^entibus  paraUelis ,  qu^ 
diutdant  eorum  altttudmes  ^refpi^iu  du^iorum  tangen-  D.  Dcr.i. 
tium  fumptas  ftmditer  adean  urn  partem :  Smt  autem 
eorumm  aiUts  foltdis  Lomipia:  fiiu>€  plan^  (imdts  ^  fl 
rnna  trj  ^nnquoqs  flido  fi^ura producatur  yfvet  fi  plu*  fo.^'^^^* 
reSy  b^nx, limtlcs^c^ fimtltter  tnter je  difQojitx^qua pnnt 
in  ^no  y/c  qux  fiunt  tn  alto  foltda^  ex.g.\p(€^      >  2<r^ 
HEytMy(ju€  ftnt  bih€ fimtlcs^  tdefi^  S  ^ ,  ipfi^  U  t',e>*, 
S-r,  tp(iy  C.M^  (gJ-^&K      fimttttcr  tntef  fe  dtfpoftix ,  ac 
$pf€  y  H  E  yCM  yqt4arum  pmt/tum  fi\urafumh  mologK 
duabus  qt4ibu(cun.qi  reguUs  ^njt  tpfs^  r^iil^PH  ^  aqut^ 
dt sien^y  -ud fi     non  fjnt  cum plants^^T^  j^/C,  corjiur^ 
rentesyal  a^  yaA^K.^ye^^^  p^^d:fi:s  dn^^nios  xqualcS 
eonttnchtcs  ,  JkLl^y  PH      pro  reguli^  homoloi^ayum  ac-^ 
Ctptemus  yhuc  n  fcri  pojfe  demonHrabnur  tn  Prop.  23. 
buius^quxerunt  cum  plunts^  ^T^  ^KyConcurrcntes.  Si 
ir^o  duidturpradifiarum  fimilium  fi^urdrumyl^^HE^ 
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0X.  g.figttYX,  ^A,  i>ppnfit£  tangentes ,  <  T,  a  J",  ^ ,  Hij', 

ff/),  EW»        />/c,  20,  f^^^j^^  -j^p^^^ 

CMyipf£y  CN,MG,  (]u£ produSidiJiopus fit.occurrat 
ptams,  AT,  inpt*nSlts,T,  Ss  O^s  O,  N,  G,-  /««- 
gifitur  autem,  TS,  OF,  DI,  NG,  tpfe  repertarur  ef- 
fe  inctdentisfirniltufnfigurarutn,  /3a,  HE,  :2(I>,  CM,^ 
dtSlantm  oppofitarum  tanpentium. 

Conftmtlster  Jeclts  efdem  fohdts  alijs  pUnis  di&is 
pUms  tan^enttbus  paralhlts,  Altttudtmfqs  di&as fimtU- 
ter  ad  eandern  partem  fecanttbusjtrnpn-  concept^  tn  fo~ 
Itdtsfiiurx  ftntfiraths.ieel btn£ pmtles,(p>c.  earum- 
dem  homolcgArum  opofifita  tangentes  paratlek  prafatis 
regults,  a\,Rj^,ftnt  produSix  rvfque  adpUna ,  a  7*, 
occurrantp  tUis  in  pu>>6iis  .cjua.  fi  lun^antur  reclts 
ItneiSytpfe  tuif  eates  fint  dtEiAtumfimdium  figurarum, 
^  dueiirum  oppofharum  tangemtU  fcrr.per  wctdentes, 
qua  omnes  laceanc  m  pUnis,  A  r,  c^iC  ,  per  quarum  e*-- 
trema  trunfeant  ltne£,  XVTT ,  FGK  ,0 ,      tnfertus  /j. 
W£,4N6i,7o8f,(^  tonttngat  figuras,  XVTT  ,  FG 
KD,  effeftmtUs  ,  earumqs  homologat  di^as  tnctdeute^^ 
0-  tpfarum  regutas  effe  communes ficiiones pUmrurru\ 
in  qutbus  iacent,  er  oppofitorum  planorum  tangentium 
ide(i  tpfas,  XA,  rz,  F^,  KL.  Hts  tgitur  pofitis,  r^.ct, 
foltda,  r/S^f,  AHBM,fimtitai  figuras  njero,  FGKDy 
XVTTi  dico  figuras  tnctdentes  fimiltum  foltdorumtam 
dtciorum ,  (^j  oppofttorum  tangenttum  planorum ,  p.  a, 
^Zi  P^,  nii  tpfasautemfiguras,  i3a,  i-<D,  He,CM, 
is'  eas,  qHaritm  extenfa  pUna fimiltter  adeadem  partem 

dtui-' 


:   L  TB  E  R  i; 

JiftUunt  dtiltudiaes /olidorum,  r/S^^Pj  AHBM ^re/pe^ 
flu  diSiorum  tdngentium  fUmrum/umptds^^ /unt y?- 
mles ,      bin^  /imiles^  (t^  fimiluer  inter /t  dt/poficde^  c. 
I^ac^  figurds  homologds  di£iorum  /ottdorum^/umptds  ^yq^ 
guUs  edrum  dudbus^  rucl  dsffis  tangenttbus  fldnis. 

s  q  H  O  L  I  V  M.. 

ADM:ttcndum  efi  dntcm  pro  fmilikm  figtirarum  nomin^tiO' 
ne,  dt$m  voeo  eds  fimiies  fignrds  fifse  fUnds.fiue  feltdds^m^ 
thHU*gereinftf  definitt$fie4  gener/tfes  fuperius  Atfdias  j  dtim  vcm 
fb  ess  p4rttcuUri  nomtne  appellojntelligert  defi^tijmcs p^rticttl^ 
rcs  fro  ipf^rttm  fsmtlttudtne  dlijs ,  veldmc  mHuas  ,  vt  cum  di- 
44m,  fimilcs  cotpfefi0ntmn  f^ti4ties,jnt^lli^4m  ParttcuUrcm  im 
iis  defininonemt  cum  dtcdm  (ftmt^tJparalUlogran.m^)  wtellt» 
gdmittets,  pdUicuU^cm  defin{tiomm  fimthun^^eclti^totArmfigtu- 
intrii^»  &fiirtn  citiiris ,  /teirptyjm  j  n^otirht  itinutdrttcU^ 
Urc^t,  tttm^^ih^wdUmi4t  eifdeHt  figttns  vtrtficMri  trffcrmt  cfieU' 

'       .  XIL  . 

C"^  Vm  fucrint  quotcumque  ma^nitudincs  e- 
,k  Mnftitvd  gcneris  vtcomqj  d>(p<i^;i/,  prima 
i  :      W^mia  dicuur.lufacicfatiiotfcroconi- 
potitam  cx  rationibus  prima:  ad  raroftdaiTi,rccun- 
<ix  ad  tertiam,  tertia!  ad  quartam ,  &  fic  dcinceps 
vfq;  ad  vltimam-.. 

\  XIIF: 

CVm  vAnm ,  &  idcm  anteccdcns  ad  plura^ 
confcqucntia  comparatam  fucrit  ,fmgil- 
latim  ad  vnumquodquc  jcompararc  idem 
ad  cadcm  confcqucntia  fimul  coilc(fla  ,diccmus, 
colligcre>  vcl,  colligcndo. 
.( . 7  C  Pa- 


1«  GEOMETRI^ 

|XIV. 

PArallelogramum  dicetur  expollta!  cuicumqj 
plana;  figurie  circumfcriptum,fi  cius  fingu- 
la  latera  tangant  diiaam  figuram ,  qux  illi 
pariter  dicetur  infcripta. 

XV. 

PArallclepipedum  dicctur  expofito  folido 
circumfcriptum ,  fieiusfingula  plana  tan- 
gant  didum  folidum ,  quod  iili  pariter  di«P 
ceturinfcriptuau.. 


t 

Xi 


POSTVLATA. 
I. 

Vamlibet  re^am  lineam  indefiniie  ita-, 
polTe  moueri ,  vtfemper  vni  cuidam  fixae 
fit  parallela ,  fiue  in  eodem ,  fiue  in  pluri- 
*  bus  planis,  in  tali  motu  exiftat. 
II. 

Vodlibct  planum  indefinit^  ita  poflTe  rao. 
ueri ,  vt  femper  vni  cuidam  fixo  fit  aequi- 
diftans.  ^ 


L  I  B  E  R  I.  ip 

PROBLEMA  I.  PROPOS.  t 

CViuslibec  propofitx  figurac  planac ,  vel  foli- 
dxy  verticem  inuenire,  refpe^au  dataf,  pro 
figura  plana  tcax  lincac ;  pro  folida  vcr6, 
refpedudati  plani. 

Sit  figura  pla  «a  qu.vciimqiic ,  ABC  ,  3c  in  ca  du6b  rcdb 

linca»BC,oportct  rcfpcctu  ipfuis, 

BC,vCfUccm  figura:,  ABC,  inucni- 

rc.  Sumatur  in  plano  figurx,  ABC, 

iadcfiiiitc  produ(fto,  vtcumq-,  pun- 

aum,  N ,  &  pcr,  ^4,  ipll,  BC,  duca- 

tur  parallclj,KV,  indcfinici  hinc 

indc  produda ,  vcl  igitur,  KV,  tan- 

git  figuram,  BAC,  &  fic  inucntum 

cHet,  quod  quxritur ,  vcl  non ;  igi- 

turcrit,KV,  velintra  ,vclcxtra  fi- 

giiram,  vbicumq,  fit , moucatur, KV,fempcr mancn<?  in  c-  fof «l  i 

iufdem  fisTur3eplano,&:«quidiftans  ipfi,BCreccdcndo ab 

cadcm ,  ifc, fi  mtra  figuram  rcpcricbaiur ,  vcl  acccdcndo, 

li  crat  cxtra,tandcm  .n.  contingci  figuram,  ABC,  contin- 

gat  in  fiiu  ipfius,  FG,&  in  pundo,  A,  igitur,  A,  crit  vcrtcx  A.  Def. 

figurx,  ABC, rcfpcau ipfiusBC,  a  nobis  uaucntus,  qui  in 

luiius  Pfoblcmatis  priori  partc  inucniCdus  proponebatur. 

Sit  nunc  figura  foltda,  lluc  folidum,  ADE,  in  quo  rcfpc 
<Slu  plani,  BECD,  fit  vcricx  inucnicdus,  fumpto  igitur  cx- 
tra  plan-mi  fignrx,  vtcumquc punao^N, pcr  ipfum  agatur 
planum,  KHVX,  ipfi,  BECD,xquidiftans,quod  vcl  contm- 
gct  folidum,  BAC ,  vcl  non ,  fi  a utcm  non  contingat , mo- 
ucataracccdcndo,^^!  rcccdcndo,  a  plano,BECl>,tandcm  tollal. 
i-ritur  coatinget  ipfum ,  tang.n  i-i ,  A, puna^ , igitur  pun- 
a-.im,  A,crit  vcrtcx  f  .lidi,  ADE,rcfpcau  plaiu ,  BECD,  4.  Vd 
cui  iuucnicndus  uroponcbatur. 

^  C  2  co- 


G  E^O  M  E /fr  R  I  M 
'C  O  R  O  1  t  A  R  I  V  M  .:  : 

A.  Def. ^*"'/  tar.gtnuapUnafollrJi  -  AOE.  fefhaapU^t 

MEhO,  tn  ^lhhuspunaacohtaauii  truntvppofiti  vtrtms  eatum^ 
demfigurarHm ,  hoc  padotmcntt  :  S,  vcro  n£la  Unea,  BC,,/icai~ 
rn  fi^ra^y4Bt,yaplar.urn.  BECn,fecaret  rdiduwME, 
eode,j¥p^cfoex  aUaparte lt^>e!t,.BC,velpUm,  BDCE,iKfsemtn.ut 
"^rttcem.  v»ie  tnuentt  eruntprofofitafigur^pUn^oppofm  verti* 
'^'''&^^^xoppofitit^.ge„tesrefpefltsdataUn^^^  'tC'(^,„fi. 
hdo  wuentt  er^nt  oppoftu  vertica,  &  du£la  oppoftta  tangetta  pU^ 

e  Def  1.      W'^'*  ^*'¥»-^t'  ^DCE,qttxc:tm  tanomt  in  figurts plarits; 
Huya  contammtn  vocamur  ettam  oppofitwhafcs.6:  rarumfinztt, 

A.B  Def.  '^''/^'''^>^^fisl„teares..fi:ccKtaeius  feret inlt,>ets :  bt»(trFO< 

^U^^^^^^^tmemreoppofitcsvcrttccsfigHraplana.vel 
,    V  -  e»f»l«e,&eorunKppp-ofitatar.gcu,a^^^^^ 

r^planartaaitnea,     dattplampartterin fcl,dafigur'a,  ~ 
PROBLEMA  11.  PROPOS.  II. 

CViliber  figur^c  plan^  parallelogummumi^ 
,  circumfcnbere , cuiuslarera  duabus  datis^ 

'■'^«^^l^neis/inpropofir^figurjcplanofe: 
fecancibusjfintparallela^. 

•  Sit  piopofua  quf cumq;  figurn  plah.i,  AOVE,&  in  ipfius 

mpundo,C,opoitet  illi  paidlclogrammum  arcurcnbere- 
cuinsIatcrarcai.s,BD,IT,nntparnl!e]a.  Ducantur ci-o ' 
o-ppofu.x  tang^ntcs  hgur.r,  AOVE,  refpcau  ipfius,  IT,  qu^'- 


K  A  H 


L  I  B  E  R  I. 

ML,  qiw  ciim  pr.Tdiclis  concurrct ,  nnm 
fiint  parallclc  iphs^BD,  IT,  qiix  inuiccm 
concurrunc,  Uc  crgoconcurliu  inpun- 
£Xis^  K,  M5  L,H,  igitur,  KL,  erit  pnr.illc- 
logrammum,  cuuis  lingula  larcra  t.m- 
gCiU  ambitum  hgurx  >  vt  in  pun^ftis , 
0>  V,  E>  Ik  idco  crit  hgur.Vr  AOVF,  cir- 
eumlcripcum^hnbcns  Intcr.i  dunbus  d.i- 
tis  rcctisiineis5liL)>lT,iu  figur^^AQVL, 
plano  fc  inuiccm  lccantibus,  parnllclas  quod  cfficcrc^&rc. 


%i 


Dtf.  M»- 


PKui>Li:MA  IIL  iMU)l>uS.  IIL 

CVilibet  folido  parallclcpipcdum  circunjjp 
fcribcre,  cutos  plana  oppofitn  tribus 
tis  phnis  > fe  ifiuiccm  fccari tibus ,  fint  pa^ 
rallela_> . 

.  iit  loH Jum,  ACBD5  quodcr.mquc,  In  qito  trin  plana,  A 
GBD,A13,  .    .  • 

CD,  fc  in- 
uvcc  lcccnt, 
illibct  duo, 
oportct  fo- 
lido  5  ACB 
D ,  parallc- 
lcpipcdum 
circumfcri- 
bcrc,  ciiius 

OppofitiL-^ 

plana  prae- 
didls  pla- 
nii;.finrpa* 
rallcla.  Du^ 


.22  GEOMETRI^ 
CeroU.,.  canturduoplanaoppofitatagentia  diaumfolidum  rcfpe- 
ttu  cuiuluis  pbnorum  fe  lecantium ,  ACBD ,  AB  CD  & 
producanturdonec  fibioccurrant,  occurrent  autcm,  quia 
h.^c  planis  fe  inuiccm  fccantibus  funt  parallela,  &  fit  ab  il- 
lis  comprehenfum  folidum,  ZF,  crit  igitur,  ZF,parallelepi- 
pedum  ,cum  eius  oppofita  plana  fiwt  inuiccm  paralleli^,, 
quae  tanguntfolidum,  ACBD,  vt  m  punctis,  A,C,B,  D,  E, 
X,  &  ideo  erit  folido,  ACBD,circumfcriptum,  habens  pla- 
na  oppofita  propofitispbnis  fefecantibusparallcla  ;  quod 
eihcere  opus  erat . 


P 


S  C  H  O  L  I  V  M. 

Ottfldmmcmhgere  h  MteceitmtisPnpof.figttrd  itfam 
e^eparMlelogrMmmum.  &  liHeSi  reaasfe  fecAntes,  auibtn 
fMrMelogrammi  circHmfcriptihtluUtera  Mente^eparatlet^, 
«fsetpf4f  *raUetogrdmmiUterA,in  ij»oc4fui4em  efset  parMUelt. 
grammumtircumfcriptum, &cuicircumfcrtberetHn  Veluti  hic 
Hismfifotidum,  ACBD,  ^r^ef  paraaelep.pedum  ,cuiusoppofiti, 
fl*itts.pUHacmumfcriptihiiisdsbertHtefseparalM4.tUHcenim 
$dem  tfset  parallelepipedum  circumfcriptum.&ci  ctrcumfcrihe.. 
retur ;  CoHtaclus  autem  iu  anttcedemi  potefi  etiam  efse  in  Isuea, 
&  tH  hac  tum  tn  ttnea ,  tum  iuplattis,  l,cet  coutaiius  ,  qui  fit 
fttH^staHtumexpofttusfHtrit. 

THEOREMA  1.  PROPOS.  IV. 

Ata  quacumq;  figura  plana,  vel {oM^^,^ 
in  plana  data  reda  Jioea ,  in  folida  ver6 

datopIano;qu^libet]inea,velpIanum, 
quod  indefinitc  produdum  non  tangat  figuramj 
di(aam  planam,vel folidam,  in  vertice  fijmpto  re- 
fpeau  dia^  lincaj,  vcl  plani ,  vel  totum  extra,  vel 

ali- 


L  I  B  E  R  I.  2j 
aliquid  cius  inira  figuram  cadit,  ncmpc  figuram 
fecat, fi  linea  lincse^vcl  planum  plano  a:quidillcc. 

Sit  data  figiira  plana>  CARB  >  iV:  m  o  i ccta  5  AH,  ht  \  cr- 
tex  vnus  rcl\K*dii  ipruii^AB^ 
pundus>C>  &  tit  rcda>HM> 
parallcla  ipfi,  AB,qua:  ctiam 
indcfinitc  producta  non  tan- 
gat  figuram ,  ARBC  ,  in  ,  C> 
vcrtice.  Dico^HM,  vcl  to- 
tam  extra  fignram  cadcrc, 
vcl  candcm  kcarc,  neutrum 
cificiat  li  polTibilc  cftjigitur, 
HMjtangct  figuram^CARB, 
&:non  in>C>igitur  in  alio 
punfto,  vt  in,;E>igitur,E>e- 
rit  vcrtcx  figurx,  CARB5  re- 

fpcdu  ipfius,  AB^cftctiamjCvertexeiurdcmrcfpc-flue-  m.  Dcf.i. 
fpectu  ciufdcm ,  AB 5 ergo  fiper>C,diicamiisrcctam>VN> 
parallclam  ipfi,  AB>traniibit  hxc  per  piindiim^E^quicft 
ctiani  vcrtcx  refpc^tu  ipfius>  AB>  igitur  fccabit^  HM,  quod  ii  A-B*^ 
cftabfurdum>nam  v  trxq;  fiint  parallelx  eidcm>AB>&:  idc6  fj^ 
intcrfc  funt  parnUelje>vel>  VN>cxtc-ndctur  firpcr>HM>&: 
fic>HM>tranfirct  per>C>in  ipfoq;  tnngfrct  figuramcontra 
fuppofitum>quod  ctiam  cft  3bfurdum>  non  igitur>HM>taa- 
get  figuram  >  CARB  >  fcd  erit  tota  extra  figuram  >  li  nullibi 
concurrat  cumambitu  figiirx>vcl>tranficnsperaliqucm 
pun^m>  eandcm  fccabit>  fi  is  pun^us  non  fit  ex  illis  >  qui 
lunt  verticcs  ipfius  figiirx  ex  hac  p:irtc>vel  ex  oppofito  rc* 
fpedhi  ipfius>  AB  5  quod  fimiliter  in  fi)hdis  oftcndcmus  pro 
re<fhs  lineis>  AB>  HM>  VN>  plana  intclligcntes>  &  ipf-^^m^, 
CARB  >  dfc  figuram  folidam  fupponcntcs  ^  ^ux  oilcnderc 
opuscrat. 


CO 
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C  E  O  M  E  T  R  1  ^ 
COROLLARIVM  I 


Hl ncpatet  a  (fUoUbet  pHf>6lo  amhitus  dau  fgura  plana,  vet 
fottda  duSiam  Uneam ,  vtl  plamm  *(juidifians  illi ,  re/pt^ 
£1  u  cuiusfumttur  vertex  (ft  fumptus puncius  non  fit  vaus  ex  vet^ 
tieaUbMs  dicJts)  fecare  figuram ,  cum,  vteflenfum  efi,  tangese^t 
mnpol^it,  ideo  femptr  iHter  duooppofitatangemia ,  refptSlu  r«. 
guU.ptnes  cfuamfumitur  vertex ,  afsumptaltnia  cadet ,  licetm^ 
definitepYoducatur. 

^  '  ..  .  .C  0  R  O  L  L  A  R  r  V  M  II. 

P  T  qm*ftrecl4  linea,  vel  pUttum,fecat  duas  paraUelas,  vel 
JL^  duo  aqutitHantia  plana.  fecat  etiam  tmnia  intermedia  iUii 
a^uidtfianttai  td(ofireclaUnea,veiplanu,  tranfeatptr  vertictm, 
6-f>afim,/,titp£rs>ppofttes  verticesdata^urgpUn*,  vel  foldtfe- 
cabtt  etiam  omnes  tn  fgura  oppofitis  tangenithus  aquidtRantes  ttt. 
mfiguram,  •t/eleafdeto  produclat  exttit figuraf». 

"  '  THEOREMA  II.  PROPOS.  IV. 

a  quocunKjue  punfto  ^afis  cylindriei ,  p^f 
\  quam  fitreuolucio  vetfuscylindricum  duaa 
,  .^1""  "^^^^  ^^"^3  paralkla  regula  lateris  cyi- 
Jindrici ,  hjEc  eric  latus  cylindrici  in  tali  bafi  con- 
«Kuri . 

,,,  Sitxj^lin^nicus,  CE, inlpafi,. AfB,  iii c«ii« circiwtivft.ni.. 
ptQ  vtaimqipundo,  r.abKSc.  diidta  frt  verliis  GvUnikicuiA 
aiHa™  parailcla  ipl. ,  HM,  qua- fit  rcgula  lateris  cyliiidri- 
Ci  ,  ,pico.  cani  cfle  latiis  huius  cyluidnci :  Intc]liai„r  ^er 
punclym  F,  duaum  lat».  cyiindric. ,  quc,d  fit,  FH,  vel  \1 
tiu-  dt.da  ab,  F,  parallela  ipfi,HM,cadit  fi,per,  FE,&  fic4k 
latus  cy  V„dr»ci ,  ^  el  non ,  ncmpc  fi  cadcret ,  vt 'fG, 
'  '  tiinc 


xvmc  qiua,TE,  cft  parallcla  ipfi> 
HM>  Sc  ctiam>  FG,  cft  ipll>HM, 
parallcla  l'cquitur,FE,  ipfi,  FG, 
clfc  p.uallcbi«,  &:ru.u,FE,FG, 
cdutiie  abeo(leinpunifi<),F,ia 
quo  funt  cocurre  itcs,  quod  eft 
abfurdum,  ijitur  .]uae  ducitur  a 
pundj ,  F ,  parallcla  .ipfi  ,HVt, 
catict  fupcr,  FE,  latus  cylindri- 
.ci,igiturcrit  latuihuiuscylin- 
odrici ,  quod  crat  oftcadcndum. 

THEOKEMA  III.  PROPOS.  VI. 

SVperficies ,  quae  clauditur  ambitu  dcfcripro 
abextrcmopundlo  lateris  cylindrici  ,quod 
percircuitum  eiufdcm  bafis  non  propcrat, 
«ft  fuperficics  plana,  &  scquidiftans  bafi  i  fi  ca  fd- 
matur,  in  qua  iaccnt  iungcntcs  duo  quacuis  putt- 
jfta  dcfcripti  ambitus. 

Sit  quilibct  cyhndricus,  AE,  cuius  bafisCDEV,  I.itiis, 
MV,  cuius  punaum  cxtrcmum,  M,quod  non  propcrat  per 
ambitum  bafis,  m  rcuoluiioncdcrcrib.u  circuitii,MANH. 
Dicofiguramhoccircuitu  comprcbcnlam ,  in  qiia  lacent 
iunaentcs  duo  qu^uis  punda  dcfcnpti  ambitus  c ftc  lupcr- 
.-  ficicm  planam,xquld.ibmcm  bafi,  CDBV,  &  idco  imgula 
punOa  huius  circuitus  rcpcriii  mtaliplano.  Sumaturer- 
eo  i'i  tali  circuitu  vtcumqj  punaum,M,&  pcr,  M,ducatur 
bafi,CE,3equidiftan$  plan.mi,MBOF.  Dico  omnia  punaa 
dcfcripti circuitus  clTc  in  hoc  plano,  fi cnim  non  (int ,  ali- 
quod  crit  cxtra,fit  hoc  punau,N,&,per,N,fit  dudum  atus 
cylindnc. ,  quod  iit ,  ND ,  fccans  circuitum  h^urae  planx, 
'  D  JJr, 


i  P  G  E  O  M  E  <T  R  I  if 

BF5  in,  O5  &  circiutum  bafi^F-in  5D5  dcinde^ 
pcr,  NDj  MV)  quJe  funt  aequidiftantcs^cam' 
fint  cylindrici  latera  5 'cxtendiitur  planum^ 
quodbafim  fccpt  in  rcdiajyDV^  figuram  pla-'-j- 


nam,  MBOF^in  rc^iari  OMs  &:dunga  nt  uri 
MN5  puncta,  quid  ergo  plaiia  paraiici^^Bry 
f^.  Vndlc-  CE)  fccantiir  piano  quodaiti^tomBn^e^  eo-' 
rum  ie^li^nes  5  neaipe,  OivVDVj  Uiit  in- 
uiccm  pa?allcLi?5  fed  etiam  5  OD,  MV,  funt 
paraUei?^5.cr.g950V:,Ciitparailclogramiim5 
&  5  OD ,  .-^quslis  infi  5  MV5  eftfeat  em WiV^^ 
asqualis  ipfi^  NDi  quia  ambo  fu^-t  latera  eii  fdem  cylindri- 
ci,  ergo:,  DO^x^qualij erit  ipl(7vDN^p^?s>roti'yquod  eu  ab- 
furdu,  non  igitur  aliquod  punct'i  circiiiti-s  defcrict^  oiin-- 
ifto,  M3  eli  extra  planum  s^quidiftifi  ban^  CE;  igitur  omnia 
funuii  tali  piXnojiuncxa  igitur^NMFjp(ii  eritin  eodem  cu 
illis  pl^no,  ia  q.iip  paijiter  j^cebijnt  d^^p.^jcc^^^punda  iun- 
gentcs  eiufdem  chcuiuis ,  &jdca firrfiv.a  ra!i  cm^)iiu  <04i- 
tenta  eft{tiper1h6^srplana  ipifbafij  qu/^ 
crat  oftenaendum :  iftae  auicHi  vacnrrfur  cylindiici'  cppo- 
{iix  ba fes .  '  ^ 


Q 


C  O  R  O  L  L  A  R  I  V  M. 

nam  baf  *q>f*difiAmtM .  (y  dnfl»  pfr  Uier/,  Oti,  A, 
fUm  ofltndtmm,  OV^  t^e  pa^i:Mfgrr.9nr?»Tfi,  id'«  cum 
fci4mus,  MANH,  cf$c  fuficr^atmpUnAtu^Ufi,  CE,  ^mdtfian. 
tem ,  duclt  f>tr  UttrA  v/cnm<f;  f  Uftt  ejr/tadri^»m  fteaeu ,  efien. 
demui  todetnpiiio,  dudt  pUm (tcAntts  iu  tyhndrtco  csnteftum^ 
fgurarn  tfic  parMgrammum ,  cmw  fcUicet pUnts  dutitHr  t*n^ 
Pefia.}.  **^p'rdftot^itr4,  vel parAlltlografjimA^eumptrpiHrAditthut, 
ipfum  in  torum  ^iiqutoM  tM^tns, 


TllEOREMA  IV.  PROPOS.VII. 


SI  cylindricus  fecetur,  vel  tangaturi  duobus 
planls  per  eiufdem  latera  dudis ,  qux  noa^ 
fint  inier  fe  parallela ,  fint  autem  illa  produ- 
da  donec  fibi  occurrant ,  communis  corum  fc^aio 
erit  ciufdem  cylindrici  latcribus  parallcla . 

Sit  cmlibct  cyUndiicus ,  FG ,  pcr  ciuus  laccra  f.nc  dii^a 
occurrai>t,<">'^t  anicni  ilia  plan.i,AM, 


cli 


oppoliUruui  barumi 
oinnmncsfctliohes, 
AC,  HM,  Db,  SN,crinit  igitar,AM, 
DN,  p.irallcioa;f>amma ,  intclii^.itur 
oo".  ' '  -  ■  >  baUu,  I  L,<^K,  uidchnite 
proc.  plunarccari  apbnis  di- 
aGruparallciogram.  pacitcr  indcli- 


nKC;P^l 
^'\fcc...,- 


_  CoroUa* 


.  All,DR,HO, 
n  iVcarc  Mi— » 
,  . .  iVrO.  pic  >,  RO,cllb  paulle!am 
latcricy!indrici,FG.Iungantur,CE,  MN,quonjam  crgo, 
CE,MN,coniuns'mtcstrcm:i  litcruni  cyiindrici ,  CM, 
EN,  q-.x  runt  «qualia , &c  rarallcla  ,  crunt  ^  ipla'  icqualcj ,  J».  M^f- 
& uarallcijs,  fu»K  ctiam pai;allela  ipfs-jCR  ,MO,crgo an-  p.  ,<,.vn- 
eulus,  ECR,  «itirquaU* angivlo,  KMO,  cod c  pad< ,  <  Ik !v 

dcmus  angulum,  CER,  cjVc  xqualcm  angulo ,  MKO,  viKic  „„i  • 
ctiam,  CR,  MO,  crunt  a:/ualcs ,  &  lunt  parallcU-,  crgo  cai  ^  _ 
iungcntcs ,  qus  lunt ,  RO',  CM ,  crunt  a^qualcs ,  &  parai- 
Iclx,  cft  autem,  CM,latus  cyl indrici,  FG,  crgo, RO,  com- 
nmni^-fcc^o  duoium  planotum  divHmi  cyl.ndiit.um  lc- 
cnntium,  crit  cu.fdem  l.tcribus  parallcla.  .Idcm  oftciv 
dcmus,  fi  fcaio  contuigat  ficri  intra  cyUndncum,fi  autem 

D    2  fi^t 
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fiat  ia  fuperficic ,  patet  non  polfe  fieri  vnifi  in  latere  cylin- 
drici  ^  nam  plana  fecantia  duciintur  pcr  latera  j  quodlibet 
autcinlatuseftcirteriseiufdemcyHndrici  lateribu^sequi- 
diftaiis^Sd  ideo  vbicumqi  contiag^t  fcaionem  5^ri:femper 
communis  feclip  planorum  per  latera  cylindrici  dudoruni' 
fe  iiuiicem  fecantiu^eft  parallela  lateribus  cylindrici.  Idem» 
ftquetur  de  tangentibus  planis,  quod  erat  oftendendum. 

THEOREMA  V.  PROPOS..  VIII. 

r  quilibec  cylindricus  fecetur  planis  paraP 
lelis  per  latera  dudlis,  concepta?  in  cylindri-- 
co  figura^  ef ut parallelograma  squiangula.- 

Sit  quilibet  cylindricusyBFyplanis  fedus  parallelis  per 

Ikera  dndis  ,  fit  autem  vnius  in  cyiindricoj  AF^concepta  v 

figura  pafallelogrammum ,  BH ,  a  l- 

terius autem  paralIelogramavAN>   

QF.  Dico  Ksec  effe  cequuigula^quod 

cnim  fiiit  parallclogramma  ^patet, 
R^Cora.^  quia  plana  fecantia  ducutur  per  la- 
6kh}ims,    terajquod  vCl^o  fint  itquiangula  pa- 

tetetiam ,  namiii  paralielogramo, 

AN,  latus,  AD,  c^quidiilat  laterijB 

Oa  &5  AP,  ipfi  5  BC  5  namfLintcom. 

munes  fedtones  plani,  ABCR^&ae- 

quidiftantium  planorum ,  AN,  BH, , 


s 


4 


loiVhde  &ide6angi!lus,PADj£equaturan- 


*  '  '  gnlo, CBO,' ergo  pafallclbgramma ,  AN , BH ',  eruntjeqiii- 
angyla  ,  eodem  poito  oftendcmus  parallelogramma  ,  QF, 
BH ,  effc  squiangula  ,vnde  concludctur  ctiam  parallclo- 
gramma ,  AN,  Q[\circ  inter  fe  a:quiangula,quod  oftendc- 
re-opus  crat,- 


t  I  B  E  R  I. 

COROLLARIVM. 


s 


/  4Uttm  iPittlhgAmus  oppoftaru  hsftu  cylindrith 
^  duiU pUnt.vt ftietur a'pUo»perUitrd,AD,PN.Si!^.RF, 
duclo  in  rtclis,AR.DF.c]U4rum  poritonts  txlra  (yltndtKurn  mM- 
netesrsit,f^NM,mjm/c(ium  td  tti4mpar4Uetogr4mmu,i'M, 
quoitxirM  cjltnirtcuco»li,tuttur,&quodiniegr4tur  txp^ral- 
ItUirammis.  AS.  rMy  J^,  .1.  AF.  tfstprxitats  *qut4,sgulum, 

THEOREMAVL  PROPOS.  IX. 

SI  planum  cquidiftans  planoperlateracylin- 
drici  dudo  tangat  cylindricum ,  contaftus 
fiet  in  refta  Hnea,  vel  re^ais  lineis,qu«  crunc 
latera  ciufdem  cylindrici:  Vel  fi  tangat  in  plano, 
aut  planis,  plana  contaaus  erunt  parallelogram.- 
ma,vTquiangula  per  latera  dudo. 

Sit  cv4..driciu,  ACpcr  cur.is  Lucra  di.caiur  planum  m 
ro  produccns  parallclogr.unmum ,  AC ,  lit  autcm  ductum 
a»,  iJ  plaiuim  huic  xqu.dillans ,  quod  tangat  cylindricum, 
AC.  Dico  ciufdem  conta^um  ficn  in  rca.,  l,nca,  vcl  rca,s 
U,Kis,  qux cf u;it  latcra  cyHndric,  AC,vel  fi  tangat  m pla- 
nG,aut  planis,plana  cont.,ctus  ciVc  parallelosramma,ccui- 
anaub  ipfi, AC.  Pnmo  igiti"  non  tang.,t  ipium  m  plano, 
qutacrcotnngitcvlnxlricum^al.quidiuperficccyhndri- 

o  communc  Ift  ipfi ,  &  pl.'"o  tangcnti ,  ht  is  pi.naus,  O, 
rx,ncns,&  in  plano  tangcntc^.  in  lupcrhc.c  cyhndracca, 
&T)cr,0,fitduaum  latuscyl,ndr,c,,quodfit,EM.  D,co 
toti.m,  EM,  rcpcr,ri  m  pbno  tangcntc  cy hndncum  .n,  O, 
^qu.diftantc-ipfi,  AC.  Ducatur  pcr,  N  , .ph, BC, parallcln, 
XH,  q  .ia  crgo  ,XU  ,xqu,d,rtat  ^ph ,  BC ,  S.,  LM,  ,ph,  AB, 
vcLOC, planum  pcr, EM,XR,duitum  *-quidillabit  plano. 
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ACjcft  auteai  planum^quod 

tangit  cylindricum  in,  x- 

tjuidiftasplanb,  AQ&tran- 

fit  pcr  idem  punclumjOj  per 

quod  trdfit  planum  pcr^EM^ 

XR  5  ducaum  5  crgo  illa  duo 

plana  fiimt  vnum  planum,  i 
jacct  autem  >  EM ,  iniplano 
pcr,  EM;,  XRjductOjCrgo  ia- 
cct  ctia  in  plano  cTquidiftan-  , 
tc  ipfi ,  AQ  & cylindricum, 
.  AQ  tai>gcnre  ^ igitur  tangit- 

^^^i^^^^  mo  fim  aiio  punclo  extra. 


bus  v.oo^iutab.is,^'t  c&atirtger-e  poteft.  T:,ngat  autem  fe- 
cundo  ipfum  m  plai^o  ,igk«rin  cfi.pl.no  fmipto  vtcumqj 
punao,tanoctcy]mdnct.m  m  ht-rc  t.-a!.feinucper taie 
.pundum  ,guur  J^Ianum  com€hys  lalce/l  ,:vt  it?  eo  onnes 
dua^recteli^.ea.-^quid;fta.nt,es 

drici,  .AC,&  fubinde  cidcm,EM,.Tquaiia,vnde  fuperfiaes 
in  qua  lacent  erit.parailclogrammum ,  iguur  planum  con- 
taaus  in  l^oc  catu  ent  pa.allelograu.mum ,  .V  erit  ^quian- 

.guJuaiparallelogrammo,AG,namciu,later3funtparaI- 
.lela  Iate^,bus  parallelogrummi,  AC,& idc^  contin<rm  au- 
giUQs  ^equalcs  contentis  a  latenbus  paralkloerammi  AC 
vnde  ta  .aparallelogramma  funt.q^uiar.gula^,  gXt^^ 
tadus  plaui  ^quKl.ftat,s  plano  per  latera  c^Iindili  dudo 
vel  fit  la  lotere,  aut  later.bus  contacl.cylindrici ,  vel  inS 
parallcIogranvJK) ,  lu.c  parallelogramm.s,  iu  eiufdem  ^ 
pei-fic.e  lacent.bus,  &  ^quianguHs  ei ,  quodfit  a  planoper 
Jatera  dudo,  quod.oftendendum  erat.   .       .,  ^ 


co- 
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H/ nc  fjjietur  cmfnunfs  feiltotits  fUm  tAng^ntis ,  (jr  cyliti^ 
dr:  '  ^tdr^mhdj^i$m  ff$HMnofHmjj4nort9m,cf4tsftrit$ 
Ff»XR,  i  .  r  fc  fjrdiU^ds^d;-  tdngtretdfHtmtdftsifcilt^ 
€€t,  VT,  iffdm  ^^  ff9^,  tAi>,      XR,  offdv^  i^iEC^ 

■) 

'Th^JA^tXL:  w..  PROPOSL  X. 

I  cylindricusquomodocumq;  fecetur  per  la- 
^  ^tcrji^diuiditiir  in  cylindricosa  fccatibuspli- 

'faiSjfi  iiutcm  fccetur  p?aois  omnibus  eiufdcm 
Iatcrib'j^  coiiicidcntibus  intcr  (e  parallclis  j  foli- 
dum  comprarhcnfutn  conccpns  in  cylindrico  fi- 
guris ,  &  inclufa  fuperficic  cylindracca ,  crit  cy- 
lindricus. 

5;i:  c  .  1'.  Ui^us,  /  qiunnQducumqs  pcr 

l  .  s^fi.itaMtcm 
lccaiui.v  ...      .  .  ^       .  c jat parniic- 

logramaia,  ^        »^"^3  Alii^fi  pyxr;il)qlogramiim, 

fiin  ipl*r>  ducancur  rcaa;  hnex  iplis,  ADjHE^parallclx, 
^   ^      '  '  -  .  .  '   -      '1  't\a^a- 

1  5  -  '.Tilajcris 
cylindrici,  ;.ccn  clc- 

fcripca  iiatcrv.  Ap^Uuc  k/icxcrcyjimdnci  ^ AlLjCrgo/v^li- 
il' 11  ,  A'rvB,crit  c  '  ':iis.  Eodcm  pado  oRcndcmiis 
ioudj, AMl^^)^  '  ...*..'.\  iH, clfccylindricosjtalibusigi- 
lur  planis  c\  lio,  \E,fcmpcr diuiditui  in  cylindricos 

.<jua:  cll  prior  pars  huiui  Thcorcmatis . 
j.,  .  Sccctur  muKduobus  plaiiis  vtcumq;  intcrfeparallcUs 
coin  cidcntibus  cum  omnibus  ciufdcm  latcribus,  quae  in-^ 
c vlinJi icoj  AE?  producant  iigurasj  liNGKj>  COrL.  Dico 

foli- 
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folidum  comptcTheiifum  intct  has  figuras, 
&  ijs  inclufam  fupcrficiem  cylindraceam^ 
iCiTc  cylindricum  .  Sint  adhuc  plana  per  la- 
tera  cylindrici,  AE,  vtcjmo^  duda  5  AF,  M 
qu3e  fecent  figuras,  BNGK^COFLji  i  re- 
dis,  BG5  CF,  NG,  OF>  igitur  eiufdem  plani 
&  ipfuum>  BNGK  >  COFL  5  communes  fe- 
diones  erunt  parallelse^qua?  fint  >  BG,  CF> 
ficut  etiam  ipfse  >  NG  >  OF  >  funt  autcm  pa- 
rallel^  etiam  ipfx^  BC  >  NO,  GF>  ergo  >  BF,  NF  >  erunt  pa- 
rallelogiamma  5  &:  latera  eorumdem  >  BC  >  GF>  NO,  inter 
fe  a^qualia,  &:a?quidiftantia)  fiigitur  eorii  quoduis>  vt,  GF, 
ftatuatur  pro  regula  lateris  cylindrici  5  fupet^ficies  inclufa 
d;aabus  figuris,  BNGlCCOFLjerit  defcripta  vnolaterum- 
BCj  vel^  NO5  properante  per  circuitii  figura?,  COFL5  fem- 
per  rpfi,  GF,  a^qnidiftantCvdonec  redeat  vnde  difcefTit^igi- 
turha^c  erit  fuperficies  cylindracea  >  cuius  oppofitas  bafes 
ipfae  figurce,  BNGK,  COFL5&:  folidum  eifdcm  inclufunfL-j 
:Dcf./.  erit  cylindricus^quod  erat  poftcriorpars  huius  Theorema- 
tis  anobis  demonftrando^^  • 

THEOREMA  VIIL  PROPOS.  XL 

^  Viufuiscylindrici  oppofitae  bafes  funt  fimi- 
^  les,a?quaIe$,&fimiJiterpofit3t. 

Sit  cylindricus,  PN  5  cuius  oppofit.rljafes  ^  APKyOZM* 
Dico  eas  effe  fimiles,  a^quales,  &  fimiliter  pofitas.  Ducan- 
Cofoll  I.  tur  vtcumq,  duo  plana  oppofita  tangentia cylindricu,  PN, 
kuiui.     parallela  xuidam  per  latera  tranfcuntijquorum  &:  oppoli- 
tarum  bafium  produdarum  comunes  fediones  fint  ex  vna 
parteipfr^VF^XL^exalia  vero,  AB5  ZG,  quxtangent  vel 
f .httiusO  ii^i  l^terc ,  fiue  lateribus ,  vt  in  5  VX,  AP,  vel  in  planis  ^  quse 
crunt  parallelogrammajfint  autcm  dida  plana,&  commH- 

ncs 


I. 


K 


V 
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ncs  fccliones,  indcfi- 
uitc  produda,  ii-L^ 
ijuahbct  didaiiun-^ 
cu  min  u  n  i  um  1  cclio- 
nuin  5  vt  iu ,  AB,  fiim- 
^to  vccumq;  puiitJo, 
Djducatur  vfq;  ad  op- 
poiitam  tangctcm  vt- 
cumq,  in  caium  pla- 
no  rccb^lil',  ilH  inci- 
dcsin,F,  &:pcr5B!>du- 
caturin  plano  tigcn- 
tc  ipla  5  BG,  parallcla 
vnilatcrum  cylindri-  j 
ci  5  P>1  ^  pcr  iplas  aut,  % 
FB5BG5  intelligatur 
cxtcntiim  planiim,  quod  fccer  a!i  id  planum  tangcns  in  rc- 
^l3>FL,&p!anumpcr5  ZG,XL>ductum  in  rc6ia^GL,crunt 
ijitur  ipf.c-,  UF\GL,  parallcla: ,  vt  &:  ipfx  J^G ,  I  L ,  crit. 
FG,paia!lci  )grammum  .  Ducntnrnuncantradicb  oppc>- 
lira  tangcnia  plaua  cifdcm  arquidiflans  planum,  quod  crit 
iiuvli-im  pcr  latera^  cylindricumquc,  PN,  tccabit ,  fit  ductfi  ^**^ 
pcj  Litcra,  P(), CI ,  EM  ,  KN,  &:  prf)ductijm  fcc ct  planum, 
FG^  i.\  rcda,  OH ,  &  p'a.ium ,  quod  tranfit  pcr,  AIV,  VF^  in 
rccla,  Pi>,  quod  tranfit  pcr ,  ZG  ,  XL  .  in  rcita  ,  OH,  crit 
crgo,  DH,  parallC' a  ipfi,  BG,  BG,  qI\  parjllcla  vni  latc- 
rum  c  .  lindrici ,  ergo  &:,  DH ,  crit  parallcla  ipfi ,  KN,  FM, 
CI,  P(>,  &:  cpjnt  ipfa ,  PI,  CM,  FN,  KH,  1  H,  DG ,  par:iile- 
logrammj5&:corum  latcra  oppofit.i  mtcr  lc  .vnivilia,ncm- 
pc,  FD,  ipfi,  LH,  DB,  ipfi,  HG,  DK,  ipfi>  HN.  DE ,  ipfs 
HM,  DC  ipfi^  HL  l  )P,ipfi,HO,func  igitur  iprr,Br,GL^ 
duUx  intCToppofitas  tangcntcs  figuraruni:,  Al^^KJ.ONvW 
cu  idcm  angtjlum  cx  cadcm  partc ,  quia  an^ulus , BFV,  tti  ^^^^ 
a:JiiaUsangulu,GLX,nam,BF>cUparaUcla  ipfi,5GlH*&:,  'J^,  ^,/ 
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FV,  ipfi,  LX,  Sc  funt  ipfr,  BF,  GL ,  fmiilitcr  ad  eadcm  par" 
tcm  duufa:  la  punais,  D,  H,  per  redas,  PD,  OH,  paralieJaS 
ipiisoppohtistaagc.uibus,quae  cum  fint  vtcumq; duda:» 
rcpcritur  tamc.i  carumdem  portiones,qua:  iaccut  mter  ip- 
fas  ,  GL  ,BF,  ex  eadcmpartc,  eodcm  ordi  le  fumptas,  efle» 
vt  ipfds,  BF,  GL^nanrquja,  DK,  cl\  squalis  ipfi,HN,&:,BF, 
ipii,  GL,  vt,  BF,  ad,  GL,  ita  cft,  DK,  ad ,  HN      ita  eflc_^ 
oftc.idcmus,  DE,  ad,  HM,  DC,ad,  Hl,  ^,:,DP,  3d,HO,nam 
liLr  lunt  a;qualcs.  Idem  dcmonltrabitur  in  cxttiis,  qii.x'  ii~ 
nulitcr  ad  eandeiti  paitcm  duiidunt  ipfas ,  BF ,  GL ,  igitur 
figura-,  APK,ZuN,funt  fimilcs:  Et  quia  earum  hoinolog^, 
tum,  PC,  OI,  tum,  EK ,  MN ,  fimt  acquales ,  quod  ctiam  de 
cetcris  oftendctur  codcm  paCto,funt  cnim  fcmpcr  parallc- 
logrammor&  oppohta  latcra  ,  idco  figur^,  Al  K,  ZON,  ne- 
fc^lTj" e™fim'les,fedetwm.-vquales,&rcgu]s  homolo- 
g«  argue.  garum  crunt  ipf»  oppoiitae  tangcntcs ,  &  tpfa-,  BF,  GL,C3- 
tJ^st  Qi!»^  vero  figura.',  APK,ZON,  ilint  in  pla- 

guras,  &  e  '^^^ a^quWiftantibus  ita  conftituta:,vt  earum  mcideatcs  tint 
.*eb  "X  P^'^'^^^^' homologx  figuraru,  ZON,  APK, funt  ad ean- 
in  cor  ^j.  '^<^'"  partem  incidentium  pofitaf,  item  homoloe.Trartcs 
hB.us.^t,,ncide,tuau,BF,GL,vt.pf.r,BD,GH,funtadeandcm_-. 
pendipr.  Pa'^'^™  P'^,'»er  conftitutx,  idco  figura-,APK,ZOK,ncdutTi 
crunt  iimi'es ,  &  .xquales  ,fed  ctiam  fimiliter  pofua: ,  quod 
».  Defin.  ofteiidercopuserat. 

COROLLARIVM. 

MAnif-^um  tfl  anitm ,  ijuh  pUna  oppofia  tMgtntU  cyfm. 
drici.  PN.  vKum^Kt , &ttn.m ,  cV  ofpo/ns. 

rum  bafium  prodmlarHm  ctmmunes  f(£}to»ts  Junt  rtguUhtmfh 
hgarum  tarumdtm ,  qusd  fiduxtrw,us  duo  alia  opfojtia  tanqetU 
fUna,  hdtbimus  ttiam  tarumdtm  fgurarum  bomdogas.  rt^u. 
iisadh^ciommumbus  ft£imibus  horum  tangtntwt»  pUntrum 
fofircmo  auiitrum,  &  ttirumdcm  bafum  frodttit»um,<jua  com. 

Pittaes 
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mMs  fi^knes  cnm  prtmi  Aifts  dnguUs  dtjudts  ionhnebnnt, 
ndmqnMextfienttx.g.  mpUnt /i^nr£,APK,ernnsp4rMlIeUrxi'  lo.Vnrfo 
flenttbns  tn  fUno  fignrs,  ZON,  tgttnr  in  tppcftsts  cyltndrtcorum^ 
hafsbus  homologds  hdebtmns  estAm  cum  quthfuts  re£itj  Itnets 
dqitJiles  MHgulos  cum  dudbns  qutbufuis  bomdogdrum  earumdem 
inuensts  regults  constnensihus ,  (judigisurcnm  rrgults  homohgd^ 
fum  opfyfsttrum  hsftum  cyltndrtct  dngsdotdd  eaJempartem  ctn- 
tinens  dquah s%fuus  dr  tpft  homolcgdrum  edrumdem  reguU.net" 
mon  edrun  Jcm  oppofssdrum  haftkm ,  dr  oppoftsarum  tangenSium^ 
dque  dd prddiSds incitndSdrum^esidmsnctdenses Itccbss ,vsfu* 
frd,  inuentrc^  • 

LEMMA  PRO  ANTECED.  PROP. 

DEridcrari  tancum  vidctur  huius  cuidcnthi,qaod  fcilc- 
cet  plaiuim  intcr  oppofita  tangcnria  plana  cifdcm 
arqnidiftantcr  dudum 
tranfcat  pcr  latcra  cy-  ^ 
lindrici>  quod  alTum- 
pta  ciufdC  figura  nunc 
fict  manifeftum^intcl- 
ligatur  crgo  in  ambi- 
tu  vtriufuis  oppofita- 
r«m  bafium  cylindri- 
cijPN^fumptumpun- 
61  im,  vtjOjinambitu 
figurx^ZON.  Dico 
planum  5  quod  tranfit 
per^Ojxquidiftas  pla- 
nis  tangcntibus ,  AG> 
VL^iranfirc  pcr  latcra 
cylindrici,PN.Duc3- 

lur  crgo  a  punao,  O,  latus  cylmdrici ,  PO,  &  nb  codc ni.-f 
puna^jO,  inbafj>  ZON.rcaa,  ON,  parallcla  ipfi,XL,igi- 

£2  tur 
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tur  planum ,  quod  traafit  per ,  Po,  ON ,  =.q„id,rat  pb„<., 
Vrynjs-  VL,nam,PO,tpfi,VX,latencyliiidrici,i<^,ON  h>ii  XL 
dm.  Ele.  a:quidiftat,quod  ergo  ducitur  per,0, e,dem  pUno  nnecn! 
«  ajquidiftaiis  traaiit  pcr  ipfas ,  PO ,  ON ,  fT.n.  noh ,  enuit 
duo  plana  cideai  piano,  VL,  xquidiftantia,  &  idco  intcr  fc 
«qmdiftaiuia,  quibuscomnniais  ent  punaajs,  O,  icitur  in 
eo  cuncurrep^t,  q«od  eft  abfurdum ,  non  ergo  tUa  fant  duo 
pia  ia  ,fed  vnum  tanium,illud  nemp,l>,  quod  ducitur  per 
puudi.m,0,ipli  plaao,VL,:equidiftans,  trani^taj  per,Pa 
0,N,  ueceilaao:  i>i  vero  a  pundtis,  I,  M,  N,  eri^an  ufr  latera 
cyaadnci,  U,  ME,  NK,crunt  cuda  m  plano  ner ,  PO^ON^ 
traaleuate,ergo  plauum,quod  ducitur  perpundum,0, 
«qn.d.riians  plaaoi  VL  ,cyIiiKlicum  tan^enti  tranl^t  -er 
latera,  Pj,  CI,  E\ KN,  qood  ofteadeadimi  crat.     '  ' 

THEOREMA  IX.  PROPOS.  XIL 

SI  cylindncus  phnis  fecemr  quomodocumq; 
per  latera  duais ,  eiufdem  oppofir.^  bafes  m 
figuras  fimiles,  ^qualcs , &  fimiliter  pofitas 
dtu,duntur,talesautem  erunt,qu^ad  eadem  par. 
tem  recantuim  planorum  exiftent :  Et  fi  idem  fe 
cetur  plams^parallelis  quomodocumqi  omnibus 
€iufdelateTibuscoincidentibu5,con- 
ceptie  in  cylindrico  figurs  erfit  fimi- 
3es,  «qualcs,  &  fimiliter  pofitie. 

Confpiciaturfigura  Proi^ofit.  lo.inqna 
xam  propodtas  fediones  habcmus,  pkn 
€mm,AE,ME,traafcnntia  pcr  cylmdrrcl 
iatera  ipfum  fecant,&  pfaiia  ,Bl^G,COF 
«mnibu.sciufdcmlatcribus  coincidunt,  & 
imn  parallcla  .  Djco  crgo  figurasjMZH, 
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ElVjcrte  hmilcs,  xqualcs ,  S«:  limiUicr  poritas ,  quod  pa- 
tct,  nam  illae  turtt  cylmdaci,  NtHAl,  opiHitka-  b.it"cs  ;  idcm 
codcm  tnodo  pcobabituv  de  tiguris  AMi  1,  i)VE ,  dc,  A 
RH,  DXli,  .■^-iiaudcm  ollcudcmus  p.uuci  ri^uras,  BMjiC, 
COFL,  dic  limilcs,  xqualcs,  limiliict  poiitjs ,  quia  iuui  1 1.  buios. 
cylwinci,  lir,  oppoiita:  bat'cs,quod  demoullraudum  crat. 

C  O  R  O  L  L  A  R  I  y  M.  .  ^ 

Hfie  i/|^Jrf/,f  /^*»'-"»  pl^tnjni  ex /e^it»epfjni.op- 

po/ilisfj/.'-  :  t  tt:jrtiii/i*att!,w  •'0  producldnL^, 

ttfdemiifijitishaj  .  ■       ,•  >::cn,,x.jt.:!iw     jfr.tltur po(ium. 

THEOREMiV  X.  PROPOS.  XIU. 

SI  qiiiuis  cyl  indricus  fccctur  plano  pcr  latcra, 
dcindefccctiir  planis  oppofitiseiufdem ba- 
fibus  arquidiftaniibu«:  Communcs  ft(fliones 
plani  per  latcra  ducli ,  &:  planorum  bafibus  aequi- 
diftatium,  erunt  lincx,  vcl  larera  homologa  fi^u- 
rarum  fimihum  ,qu:Ecx  fcclionc  a?quidiftantium 
planorum  in  cylindricoeftc^la  in  eodem  produ- 
cuntur . 

Sit  cylinJricus,ADM,cuius  oppollta:  bafcs,ABC,TI)F, 
fctctur  auiemplano  vicumq;  pcT  latcra  duc^o ,  quod  in  c<» 
proaucaiparalltl-  . :       '-m,  lir,  .\  alio  vtcmmiucplauo 

oppofitis  balibui  .x.^  .iuc ,  quod  m  co  producat  t^gu- 

ram,YNXO,&  in  parallclogrammo ,BF,  reaam,NO, 
Dicorcaas,DF,NO,  BC:,cflc  ljncas,vcllatcra  homologa 
ficur.^ruiTV, TDF,YNO,  ABC,  Timil  lum  .  Ducantur  plana-. 
fjl^ofua  lingcnii,^  cylindrici ,  AM ,  rclpedu  plani ,  BF,  m  coroff. 
«  j  d.icTj>vr^v^i^i:iun,&:punorufisuranim,YNO,lDF, 

DVO- 
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produaariim,c6imines  fcdio- 
«cs  fuu,  X%  MG,alterius  aiitc, 
&eoriindem  pbnorum  fintre- 
<a.T ,  YP ,  TQ ,  indcfinite  ambje 
pioduax,  fumpt:)  aute  in ,  YP, 
vtcuq;  pun^o,  P,  ducatur  per, 
P>  ipii,  CF,  Jcquidiaans,PQ,  & 
ab  eodcm  in  plano  per,YP,  XS, 
tranfetnue  vfq^  ad,  X^ducatur 

vtcumq;ipfa,PS,peripfasau-  m  <2 

tcm  ,  QP ,  p,, ,  intelligatur  extenfum  pfanum ,  quod  fecei? 

d  .m  -r ^  T  ''''  ^  P^""""  P^^'  TQ,  MG,d.  : 
PS  or^^U  t"^^^'^""'""^^-''^^'"  ipi^.  NO,  DF,  verfu  , 

^'Q5'^»>b;'soccurr3ntin, V,R,&iunpatur,VR  er 
ig«tur,  VR,  PQ ,  communes  fediones  arqufdifta  Zm  7 
nor.un,  YQ,  NR,  &p!an,,  PR,  ^ide^Tn  p  "a 
&  ipf.,  P  V,  0^1,  &,PR,  e„t  paralleJogrammum  1 

QGM,  &  tandem ,  Pi ,  QG ,  effe  incidcntes  fimilinm 

TQ,  MG,&  tangentes  elTc  hom<dogarum  earunden!  '  ^ 
Jas  &  quia  eifdcm  ^quidiftaat  ipf^rNO  DF  ^  n  J  ?" 
fimiHter ,  &  ad  eandc^m  partem  ipf- iS  d^Lt  ^P,  Or" 

1P<^^,  NO,  DF,erunt  Iinea.-  h  ^molog.e  fi<.uraru  YMo  rnc 
fimilu.m ,  qu^  in  plures  homoIoa.?s  fecar  conTf^  ' 
teft, prout fe  habef ambitus  fuoeffic.eTr  I   J     ^^*:^ P^" 
Cn .0.  cylindric,  AM,  funt  ImeJhoZ W ^^^^^^^^^  ^"'^ 
ambuum  figurarum,quarum  funtforZ;'^^:  "^^^ 
atera  homologa ,  fi  fint  in  earundcm  ambiru^^e  "  ;  l 
ti.geretfip!anum  perlatera  dua.m  elTc;  p  ^  '^^^ 
aus  vn.us  oppofitorum  tangentnun  ,  vel utificv Ih./ 

fuurct,cuu.soppofit.bafes|mt,ABQTSF;:2iuW 

fiduis 
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fiduis  figuris^qux  ab  ipfisj  BC,  DFj  ablcinduntur  5  tunc  c- 
iiim  codcm  m.>do  t'acb  fuillct  dcmonllratio^vt  colidcranti 
fa''ilc  patcbitj  idcm  ollcndcmus  in  recb,  BQ&  in  quibul- 
uis  ali)S ,  qux  lunt  communcs  lcctioncs  planorum  bal-bus 
aeqi:idil\antinm  ,  &:  parallclogranMni  5  bF, piobanics  lciU- 
cct  caldcm  cUc  lincas ,  vel  latcra  homoloiia  fio»urarum  in 
cylindrico  pcrbalibus  xquidiitaiitu  plana  pvoduCtarum^ 
(i|uod  oftcndcrc  opus  crat , 

THEOREMA  XI.  PROPOS.  XIV. 

SI  duxfigur^  planar  non  cxiftcntcs  in  codem 
plano  fuerint  fimilcs  ,  a^qualcs,  &  fimilitcr 
pofiia^jilk  crunt  cuiufdam  cylindrici  op- 
pofitaebafcs* 

Si  u  duxfimilcs  figurr  planx,  &:xqualcs,  AqTO>FD 
KCjHoa  exillc.ucs  incodcm  plano>     limilitcr  politx. 
Dico  cas  cffc  cuiufdatn  cylmdnci 
oppofitjsbafcs .  Quoniamcnim  ^ 
(\x  M  fimiliicr p^fit^-  crunt  i.ucr  fc     \^  /^  t  E      ^  Dcfio. 

ax]uididi!Utcs,&:earum  incidcii-     y/t  .\|^ 
tes  pantcr  inter  fcxqr.idilbntcs,      fir      yjl  \ 
ducanturoppofitjrragcntcsfigii-     i.lN  |^ — - — *^   coroil  1 
XX  y  AQTO ,  qua:  fint ,  TI\  AB>  &     J  |    f     j  k  i^"»"*- 
figurcr,  l  DSQ  qux  fint,  I  H^NU     "  fc^^ 
quxq,  fi.u rcgulx homoL)garum     Rf  f — 
carumdcm  fimilium  figurarum>&       V  y 
fint  incidctcs  carum ,  ik  fimilnim      *  \r 
figurarum  ipfx,  JilS  HL.qux  crut  D  Dif  .0. 

parallclae^ &  quia  fiini  incidcntcs  fimilKim  figurnrrm^  AT, 
FN  ,  &:  oppofitarum  tan^cntium  ijmducta.u,  idco  ad  caf  3  ncfio. 
dcm  cx  cadcm  partccfficicnt  aneulos  acqualcs ,  igitur  nn- 
gulus  Bl^T,  ^nt  arqualis  angulo^  HLN  ^  &:  idco  ciiam,  PT,  j^/^^^^" 


^^^^ 


»5'  Vnde 
(imi  frle. 
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tvqnidi  ftabit  ipfi,  LN,  5.',  BA,  ipfi,  PH,  iunoa.uiu-,  BH,PL, 
<l.uoniam  ergo,  AT,  FN,  funt  fimiles,  &  ^equales,  cari  a-u-* 
homologa:  erunt  pariter  squales ,  funt  autcm  incidentes, 
BP,HL,  vt  ipfr  homolog.TjVt  colligituv  in  QjroU.  i.fe- 
qucntis  Pi-opolit.  22.  indepcndentcr  ab  hac  Propofitione, 
crgo,  BP,  HL ,  erunt  a?<]iialcs ,  &  funt  .fquidiflantcs ,  crcro 
«asiu»gcntcs,BH,PL,erunt;Eaualcs,&£equidilbntcs. 
Ekm  Diuidantur  ipfa:  incidentes ,  BP,  HL,  finnliter  ad  candcm 
partcm  in  pundis,  fi,  M;  G,  K,  &  iungannir,  EG,MK,crit 
crgo,  MP,  arqualis  ipU , KL,  & ,  EM,  ipfi ,  GK ,  &,  BE,  ipfi, 
HG,  nam  quia,  BP,  HL,  fimilitcr  diuidutur  in  his  punais, 

c^rum  partes.funt, vtipteintegr^,illa: vcro  fuiitjcquales, 
ikideoctiamhomolog.i;  partcs  funt  jequales  , &cas  iiin- 
geiites,  PL,  MK,  EG,  BH,  crunt  a;qualcs,&:  aeouidillantcs, 
dacatur  a  pundo,  K,  verfus  figuram,  FN,  ipfa^KR,a;qiiidi- 
■  ftans  iph,  NL,  quia  ergo,  MK,  asquidifiat  ipfi ,  PL ,  &: ,  RK^ 
«pfi,  NL,  planum  pcr ,  MK ,  KR ,  tranfiens  Kouidiaat  tran- 
kunti  pcr,  PL ,  LN ,  iecct  hoc  planum  tranficns  per,MK, 
KR,  figuram,  AT,  produdam ,  in  rcda ,  SM,  &  iungantur, 
SK,  VI,  erit  ergo,  ^M ,  a:quidifta  ns  ipfi ,  TP,  rcoula»  homo- 
logarum  fignra:,  AT,  veluti,  RK,  xquidiVrat  ipfi,  NL,reau. 
\x  homalogarnm  fignr.T,  FN,  &  lccant  ir.cidentcs,BP,HL, 
fimilitcr  ad  cadcm  partcm  in  pundis,  M,  K,  ergo  ipfv,  SV, 
RI,  erunt  homolog«didarum  figurarnm  fimilifi ,  &  ^^qua- 
liiim,  qua:  idc6  erunt  xqualcs,  ficut  ctiam  ipllr,  VM,  IK,  & 
funt  iiequidiftantGs,  crgo  cas  iungentes  erunt  rFquites,  & 
a:quidi(lantcs,  fctl-cct,  SR,  VI,MK,  cftaiitc,  MK,  parallcb 
&squalis  ipfi,  PL,ergo,SR,Vl,  erunt  .-qualcs,  &  paraMcla: 
ipfi,PL:  Eodcm  pado  pcr,EG,extcndctcs  planum  a:quidi- 
ftans  pla.K),  TL,  quod  fecct  figuras,AT,  FHprodudas  in 
rcdis,  QE,  I)G,  oftcndemus  ipfis,  (.JO,  DC,cfle  homolo- 
gas  figurarum  fimilium ,  &  xqualium,  AT,  FN,  &  ide6  eis 
cflc  a:qualcs  ,  vt  &  ipfas, OE,  CG,  crgo  fi  iunsantur ,  QI), 
OC,  iWx  ciunt  a:qual£s,&  parallela:  ipfi,  EG,Tdcft  ipfi^j 

fimi- 


dciinisvqux'  iiuer  phua^  TL,  AH, 
iplis  *^qiudilbiU4a  dijcnnrur,  o- 
fteadcucs^que  iungnnt  qKtrcm.i 
homs^log^rum  earimckrmfigurisl- 
rum,  A  r,FN,  clVc  x^quales,"ci:  c-c- 
quidirt.mccs  ipfi,  IH^ix  igrtuisl^L^ 
rcgab  llcituarur,  erunt  omnes  di- 
A.r  iungcntes  iu  fuperficic  qiia- 
<iam,pcr  quam  ipfijPL^prc^pcracc 
quadjm  rcd.i  linca  .rqiiali  lcm- 
paNsquithfbiUcr^eiindem  cictrc- 

QlMagitcr  maticr  in  ambitu  figurarum,  AT,  FN>  erg?  Xl£  Dc€  i; 
crit  tupcrttcicvcvhndnci,cuiusop^oritxb;ires  cruntipfoM 
AT,  F.M,  f:i;K  igit  ir,  AT,  FN,  cylindrici  ciiufd.im  ncmpc 
cuius  Ijtiis.cft  quoduis  ipforuM  tQH^      VI>QC>  )  oppo- 
fitjebafcs^quod  crat  nobisoftcndciiduni. 


Vn(flus  mancns ,  ciii  in  reuolutibne  inniti- 
tur  htus  conici ,  clt  vcrtcx  conici  rcfpcda 
•  ciufdem  bifis.  ' 


5\r  conicus,  ABD,  bifis  ^BD,  panAus>cui.iunititur  la-, 
tus  coaici ,  ABD,  in  rcuolutione ^  qux  ab^ro  fit  pcr  circui- i rcf  4 ; 
tiimbalis,BD,fit>  A.  Dico,  A^cde  vcrri- 
ccmconi4\,  ABD>rcfpccliibnfi>,  BU.  hu 
tclligatur  pcppuiiclum,  .-^jdu  jliuii  pbnum 
rquidiftan$.balt5dico  hoq  planum  caotum- 
modo  inhoc  pun:l)  tnn^crc  conicirhi^li 
c^inT^fTibilc  cftcundcm  tatigat^icii  fccct 
ip  duobus  punciisivt  in,  C>  A,  lunvJa  crgo, 
AC>illa  c;u  in  fiipcrficie  qoniculari^&cuni 

F  dc 
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defcendat  a  pundo,  A ,  per  ipfum  tranfiet  aliquando  latu^ 
comci,  vt,  AB,  igitur,  AB,  crit  inplano  duao  per,  A,bafi;. 
BD,  a:quidiftante,  &  quia  latus,  AB,  indefinite  produdum 
occurrit  bali,ctiain  di6tum  bali  «quidiftans  planum  occur- 
rccindefinite  produdum  ipfi  bafi,  quod  eft  abfurdum,  noii, 
igitur  planum  duclum  pcr,  A,  bafi ,  BD,  squidiftans  coni,- 
cum  tangit  i ,  alio ,  quam  in  pundo»  A,  crgo,  A,  erit  iUius- 
vertex  rclpeilu  balis,  BD,  quod  erat  oftendendum. 


S  C  H  O  L  I  V  M. 


Mtem  dietmus  verthtm  akmtts.  (oniei ,  inteUigemHs 
V-#  femper  ipfum  reffeafhafis  Afsumptum ,  tdefl  pu*,ciuwu,,. 
€ut  $9  reuoluttoat  inmttiur  Utus  cyltndrtet ,  mft  dtud  expltcetHr. 


S 


THEOREMA  XIII.  PROPOS.  XVI. 

I  conicus  fecetur  vtcumqj  per  verricem  du- 
ao  plano,  concepta  in  ipfo  figura ,  ve]  figu- 
lac,  erit  trianguJus,  vel  trianguli. 

Secetur  quilibct  coniois,  ABFj  plano  vtcuavqi  per  ver- 
ticem  duao ,  quod  in  eo  producat  figuraui  jfiuefi-  ura». 
ABQAEF.  Dicocas  eire  ^ 
triangulos,  fitcomunisfe- 
^tio  ilhus,  &  bafis  produdi  . 
plani,  tota,  BF,  cuius ,  CE, 
portio  mancat  extra  ba- 
fim ,  eft  igitur,  BF,  refta  li- 
ncai,  dico  ctiam  elfc  redjs 
ipfas,AB,AC,AE,AF,fi 
^  c  lim  non  cft,  AB,  red^,  ducatur  in  plano  Banrx  ABC r& 
da,  AOB,  igitur,  AOB,  quo:  iungit  puat.m,  B,  8.- vcr'tic'em' 
con.  eft  lat us  conici ,  ABF,  c.  go  cft  i n  fupcr  ficio co«icu la- 
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fi,  &  eft  ctiam  i\i  plano  figura! ,  ABC ,  crgo  eft  in  eorrni-i 
conimiiiu  lcclionc  ^  idell  cadit  lupcr ,  AB ,  igitiir  5  AB,  c  r  it 
rccb  linea  >  codcm  modo  ollcndcmus  ipfas ,  AC,  At^  fH\ 
cffc  rcctas,  &  idco  crit ,  ABC ,  tnangulus ,  vt  ciium,  Ai-Ff 
quod  crat  oilcndcndum . 

COROLLARIVM. 

EOjfm  modo  mkis  innotefcii  figutdi.  ^ma  extrs  cetfii  ^m  fiani 
efse  triAngnUs,  $Jefi,  ACE,  efse  trun^nlmm,  (jr  qt^i  cx  if^ 
fii  i9iegrdtiir,fi  ilscei,  ABF,fMriter  e/se  triMgmlmm. 

THEOREMA  XIV.  PROPOS.  XVH, 

SI  conicus  fecctur  vtcumquc  planis  per  verti- 
cem,diuiditur  ab  eifdem  in  conicos:  Et  fi  fc- 
cetur  vtcumq;planis  coincidcntibus  omni- 
bus  ciufdem  latcribus ,  folida  ab  ijfdem  abfcifTaL-i 
verfus  verticem  crunt  pariter  conici>  &  eoruBV-t 
bafes  ipfa?  figura?  abfcindeotes^ 

Sitquilibctconicus,  AMV^fcaus  pUno  vtcumquc  pct 
verticcm  diid  ) ,  quod  in  co  produ- 
cat  rriangulum^ACD.Dico  ab  hoc 
plano  fccante  in  conicos ,  ACVD. 
ACMD,  fuilfc  diuifum.Si  .n.  intcl- 
ligamus  latus  criaguli,  ACD,  quod 
fir,  AC,  vcl,  AD,  innixum  pun^ao, 
A,indcfi!iitc  produckum  fcrri  per 
redam,  CD,  ipfa  defcribct  fupcrfi- 
cicm  tri  1  nguli,  ACD,ad  modum-.» 
fupcrficici  conicularis,  cft  autcm 
rclic[ua,quae  infiftit  ambitui^CVD^ 
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fiC  dcfcripta, crgo  tota  fupcrficies  y ACDV^  cft  conicula.riff 
'dcforipta  latere,  ACj  vel^  AD^properantc  per  circuitu  ft- 
igur^e  piansej  CVD>  ergo  ent,  ACVD,  conicus  5  ciiiu^  bafis 
ipiir  figura,  CVD?  \;erccxx  A.  Eodcjii  modo  oftcndemusj 
ACMD?  eflc  conicum,  cuius  bafis,CMD).  vcitcx,  A.  Sccc- 
tur  nunc  plano  vtcumqs  omnibus  conici  5  AMV? latenbus 
coincidcntCy.c^iod  in  Co  produciir  figuram, DNEO.  Dico,: 
ANO,  clTe  conicumj  cuius  bafis  figura,  liNEO^  vertcx^ 
>nam  dum  iatus  coniei  vAMVj  pro>pcr;it  pcr  cireuiru  h^(^: 
(^MDV^  vt  defcnbat  eius  conicularcm  fijpcihcicm  5  j- 
perat  etiajnpercircuitum  fig.ur?c>.BNE05  &  ddcnbu/fov 
pra  ipfam  fiipcrficicm  conicuUircm  5  igitur  fiipcrficics  ^ib. 
cadcmftgura>.BE5  abfcilTa  vcrlus,  A^  ell:  couiculauis, 
lidum  comprchcnfiuii  ab  ipln,  &  figura  plana^  BNEO,  crir 
eQnic|i%&:  eiufi.icm  bafis  ipfa  figur.a^BNEQ^^vcrttix.  a|]tiCT]^ 
i\:.  cjuod ofl;cndci-e  opus  Cia.t .  ' 

''""'^  ^^"c  a    b  L  L  -A^R^irW; 

H f^fhileitifyfipU^u  tr^featpei^  K^crtit^m  ciimci,<<h  (^/\wl^ 
Itket  rt^im  hne^  tntta  hdfim  iQmciextiteiem.  qm  cjt^iL 
dem  fecetUY  alio  p(im  coincider/te  cum  imKtbus  ttujdcm  comch 
Utenhus  ycommuncm  fe^iongm  hyfumdaorum pUnc%um  frrr  ^ 
intra^j^uram  in  co^^ico  prgdu&;im  a  plano  cmnihsis  ei:^*fdim  Ute^ 
r$it4f  Mf9cir<ete,vt patet  tn  comco^ACD.f  ii  fccatuf  pUr^o^  ACD\ 
^  rf//t>,  BN  £0,  (jfiorum  comtnrinrs  f^to  (it ,  Bt\  Btco.n.fi,  CD^. 
fit  intra  figuram,t  MDV ,  eu^im,  ££, firc  wtra  figuiam,  BNl  a^, 
pam,.ACy  D»eft  conicus,^  quta  laiera  non  vniuntur,  mft  tn pun^ 
Siop  A  tdeo,  BOE,  eff  ali^UAfigurayVt  etiA?rK,ENB^  crtdia^  BE'^ 
Mcitf  tt^tra fguram,  BMEO^ 

^        ^^^» ^> ^  ^ ^ 

•  THEO- 


THfOllEMA  XV.  PROPOS.  XVlIl. 


4f 


Sl  per  vcTticcm  conici ,  &i  rcdam  tangenteni 
cius  bafim  cxccndatut  planuni ,  hoc  tan^cc 
ipfum  conicum  in  vna,  vcl  pluribiis  xcCt^s  li- 
neis ,  qucE  crunt  latera  conici  >  vcl  in  plano  tran- 
feuate  pcr  ciufdcm  larcra,  quod  eric  triangulum, 
fiuc^n  plunbus  triangulis» 

^  :  .  .  .  ..^  us  YCrtcx,  AjtafTsyBCE,  qiiam  tangat 
rc£fa,  VhyU^i  puiKtcs  vcl  pniKti^y tiuc  'u\  liaca.  Dico  planfiv 
ADl\  caiigcre  liictu  conicuni  ix\ 
rccl.i  iiiica,  (uic  plunbus  rc- 
clis  liiKis^ruic  laplanoyquod 
ent  truingulun>  pcr  ciulidca-L-» 
iatcra  cranficns^  Tangat  igicur, 
DF  jihgvjram  ^  BCE ,  in  pundo, 
BjoC  uiiignuivAB,  pcrquc,AB> 
&  >  DF  ydiclum  ht  cxtx-nlu  n\-  ^ 
j^Ianunij  crgo^ABjCritlatus  co- 
nici,  ACt,  nam  latus,quod  rc- 
wukntur  traiUicns  pcr ,  li ,  con- 
gruit  rcctX5,AB,alioqiiin  dux 

ic.  tx Mncx  claudcrcnt  fupeihcicm,  cft  crgo,  AB,  in  fupcr- 
ficie  coivculari,  cfl  ctiam  m  plano  pciv  A,iivW'5  f rafcuiJ^ 
t  vAB^ftcommu  nst^jmfuocrhciciconiculari^tum 

Y  cr  5  A ,  &: ,  Dl  5  ducto  ,  nullus  ai.tcm  punctus  rcctav 
AB,  cft  intra  fupctiicicm  cv hndraceam,  crgo  planum  perj 
AB,  DJF^dudum  tangircouicum  inrccia,  AB :  Eodcm  psrir 
oftcndemus  idcm  tnn.^crc  conicum  m  quibufuis  alijs. 
latCiibusyqur-gliKttiKur  a  pun(ftis  contacius  rccla;  lincai?,. 
Dr,qui  fi  hnrpiutcs,6t  ttinmc.ontaCtus  in^mnibus  lincis, 
li-vcio  conra43iis  icCtx  jDl*  piiacin  rcda  Unca  tunc  conta- 

<2:us. 
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ftus  plani  pcr,  AB»DF,fit  in  fin- 
gulis  redis  liaeis ,  qii3e  a  rcdi^ 
talis  coiWaiSliis  ad  vcticem ,  A, 
duci  pofPant,  iaceut  autcm  om- 
nes  illje  iiiplaiiotrianguU,cu- 
ius  bafis  eft  linea  contadus  vcr- 
tex  refpedtu  eius ,  pUnftus ,  A, 
igitur,  co!ita6lus  plant  per,  AB, 
DF,  ducti  fit  vel  in  vna ,  vel  plu- 
ribus  rcdis  lineis ,  vel  in  plano, 
quodefttriangulum;,  fiue  plura 
triangula ,  non  fecabit  autcm  alicubi  ta!e  plaiium  ipruttU* 
conicum,  tunc  enim  aliquis  pudus  talis  plani  pcr,AB,DF» 
tranfeaiuis  cftec  intra  fuperficiem  conicularem,  fit  is  pun- 
dus ,  I ,  iunda  igitur ,  Al ,  &  produaa  verfus  bafim  incidct 
intra  bafim,  vt  faciie  oftcndi  potcft,  &  quia  eft,  AX,  in  pla- 
no  per ,  AB ,  DF,  dudo,  &:  pundus ,  X ,  eft  etiam  in  plano 
ba fis,  erit  in  communi  fedionc,  idcft  in  linea,DF,  igitur  a- 
liquis  pundus  reda',DF,  crit  intra  bafim,  igitur  illam  feca- 
bit,quod  eft  abfurdum,ergo  falfum  eft  planum  pcr,  A,DF, 
dudum  fecarc  alicubi  ipfum  conicum ,  igitur  illum  tanget 
in  his,  qu^E  dida  Amt,  quod  oftcndere  oportebat. 

corollarivm. 

EX  htehaheturjteomcus  fecetur  pldmbafi  ^qmdiftdnttj'» 
eommunem  feaionem  hutus,  (fr pUmper  vetticem,  fjr 
gentem  bafim  dum ,  tangere  figuram  )  plano  tqmdiJiMte  bafiin 
tomeoprodu£lAm.  fi  enim  eamfetaret,  etum  tMgens  pUntim  fe. 
9mteoni(um,qtK)dtH Abfurdum,  *  • 


ll.m.Jt.|Jll.|,ff  lli 
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I  conicus  plano  fecetur  bafiarquidiftantft-/, 
conccpta  in  eo  figura  erit  fimihs  bafi ,  &  ei* 
dcm  fimiliter  pofita^ . 

Sit  conicus>  cuius  vcrtcx,  A,  bafiS)  TDF>  fccctur  autcm 
plaao  bjii  a^quiJiltaiuc,  cjuod  in  co  producat  Hgur;t)\'BO. 
Dicohac  clfclimi- 
lom  bafi ,  &c  cidcm 
fimilitcr  poCtam  . 
Ducatur  ipllus  ba- 
fis  dux  Ytcumquc 
oppolitx  tagciucs, 
qiix  fi.U^TH,  SP> 
iadchuite  ^diictx, 
dcmdc  pcr  vcrticc, 
&quamhbct  dicia- 
ru  tafiscntumi  cx- 
tc.idatur  pla.ium  , 
cruni  crgo  hxc  plana  tangcntia  conicum,         fcccnt  aut  ?cr  •iitMb 
figurac^VBO,  produduni  planu  m  rcclis,  VK, XN> <\ux  crut 
jplius  figurjCjVBv),  oppofitx  ta'igcntcs^  fiimatiw  dcindc  in  CoroLtA* 
a-tcra  iplarum,TH5SP,vt  i  hTH^v  tcumqjpundum,  vt,H, 
a  quo  vcrfiis  ichquam  tagciucm  cnifdcm  figurar^TUF^  ia 
ci.ifjcm  pbiio  duc atiir  vtcumquc ,  HP,  jn ,  SP>  tcrminata^ 
dci  idc  mtcWig.uur  cxtcnfiim  planum  pcr,  A,  &,  HP,trnn- 
ficns  ita  ,  vc  fccct  plana  conicum  t  rigeniia  in  rcCiis  ,  AHj 
AP,  &  planum  pcr,  VK ,  XN ,  duaunnn  rcaa ,  KN,  rurfus 
diuidatur ,  HP,  vicumq^  in  pimdo  ,  G ,  a  quo  duciuur  ipfij 
SP,  pn  allcla  ,  GD , fccans  b.ifis  nmbitum  in  puH<ftis ,F, 
C,  D,  dcmdc  cxtc  idntur  plnnum  pcr ,  A ,  vcrticcm ,  &  rc- 
(5tam,i3G  ,qu()d  pcr  conici  latcrn  tmnriblt,  "^producct  i^.HiiiOi 
uia^^gi»!^'      'ii^^iis  j  fiuc  cxtra  conicum ,  qux  fmt ,  A DCj, 


ACE,  AEfvAFGvfecabhqs  flgurani>'VB&;fcii^  ciius  pro- 
<3u6lum  plaiium  in  rcdla,  BM-^qna?  ambitum  ciufdcm^VBO, 

A^R;>  AR^^j.AIQj  AOMj^ijiuQrum  ]?^^^fi^SfW^?.^iy^^^\ 


tcrum  infcriorum  triaii 


.1  c,  ,r'Tf^'W^^^^^^^ 

lUic  per  rcctam)  AG,  lit  lecra  VK.N5  m  punct    M.  CTai 


aia  er- 


jo.Vndc  kVit pa-raUefii^ ^&^recaqtiH'  d  planp> > APH, <:6mun<?s eoruiTT 
ckBi  £ic.  ferdioncs  cruiit  pararieLT  .f  KN,  ipfi,  HP,  igitiir  triSguIus>l 
AMN  5  c^qui^neuliis  erit  triangulo  5  AGP,^  iicaiirca-'^i 
4.  Scxti  qualcsanguIc>^crX^t  latcra  proportioMlii  j  ergo  Vttj  PGj) 
ad^  GA,  fic  c/ji  lS(H.ad  ^  MA ,  eodcm  mdd^i  oftenxJcmils^^I 
vt,  AG5  adj  GttsTCa  1^^^^^  A^^5  ad,  MK,  elpgo  e^r.^o^ali.PG^^i 
ndj  GH5  eat vt,  NN^i  ad,  MK^,  funt  igitih-,'PH>  NK^^iimil'^ 
i  ,f ,3  ^er  adca*flite^rtpaKem  idiuif^in  pundis^M,  G:  Eodemm(:^> 
^.;:...»'do  oftendeipus  triaLifeulum  5  x^MOj-^ffc  eequiaitgulum  ipftit 
AGF,   .  AMI,  ipii,  ^^E, AN^R^  ipfi,  AGQ    1 a ndax^s^ 
AMBj^ipfi,  AGDj  igitti^r,  vt,  GA,  ad,  AM  ^^iic  erii^perrtiif^ 
tand(?;FG5^5  OMv  vtjcfoj  G  A.,  adj  AM^tic  perfri^tiai^d»  i 
eft,  PG,  ad,  NM,  idcft,  PH,  ad,  NK,  crgOvt^G,     5 OMi^cftt 
vt,  PH,  a4  NK/limiIitct-Dlteiid^mus,  EG,  advIM>?a8L'^  CG,^ 
arfjRM,  &  tandJ^m  yDG,  f^d^^BM,  «fe  vt,  PH,  ad^^WlK',  \^ 
le^.rpdc^  quia^XN^cft  patallela  iplt^HP, H%i  ipfi':iP;.,ideuiingiT-i 
ciaii  £ic;       ^ KNX i  eft-^equal js'a lUTuld', HPSvshabi^4ibi:s4gitur ^ia^ 
figuras  plan.^s^  VSO^y^TDPvdiiia^rut^^^         funt oppo6treO 
tangcntcs^yKvXN^  vniu5,  d^ylH,  SP^  altc[  ius,inueninnL^^ 
a'ntem  rcaiaSjKN, HP:» intec.GafdenVpolitas, ciieis ad  caiv^' 
dcm  partcm  aiigulos  cequaksxontincnfc^  iti  lie  haberc^i 
vt  duclis  duabus'vtcumq>ipfis  tangcmtibus  paralMis,  qiia^ 
diuid:lnt  ipfas  fmiilitcr ad eandcm  p-^u^cn*!  viepritfi  fit  ciSj» 
qux  intcr  t^litcr  iiicicJchtes  ,  &  pcdmctrnm  figuvarLi  (!:on-' 
tinentiir,  codem  ordine  fumptas,  effc  vt  ipfnc,  HP,  KN,  in-' 
XtT>tfjo.  cidcntcs^funt  igiturfigura:planae'yBVO  l  DTF,  intcrfc  fiti 
mites  3  &  homalogarnm  carundcm  rcgnlce  ipf^  tongcntcsji 

qua- 
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diclx  figiira»  fiint  in 
pbnis  cqiiidirtanti- 
biis  ,  quarum  inci- 
dcntcs  fibi  inuiccm 
3equidilbnt5&  ho- 
molog.i:  earundcm 
figurarum  Tunt  ad 
candcmpartem  in- 
cidcntium  >  &  ipfa- 
rum  incidcntiunL— • 
partcs  h(imolog.i? 
paritcr  ad  eandem  partcm  conftitucx>  igitur  figurx,  VBO^ 
TDFjncdum  crunt  fimilcs/cd  ctiam  limilitcr  pollta?,quod 
oftcndcadum  crat . 


C  O  R  O  L  L  A  R  I  V  M  I. 

Er  ^mj  cflenfMm  e(l  ipfas  tAf^gentes.  SP,  XN,  efe  homoUg4^ 
rnm  edrnndem  fmtUum  figMrdrttm regnUs^,  &  dudAfttnf 
vtcttmcfue ,  puet  fi dnxerimns  4U4S  dnas  etufdem  bdfis  offofitds 
$dngentes,  tjut  cttm prtm^9  dttclis  dn^nlos  effictent  djudles.d; per 
ipf^t » &  verttcem,  A,  extendertfftus  dtto  pUnd  (cjucrumdr  ptdnt 
fignrd,  Byo,pf$iu[iicommunts /efltones  erunt  aUddudfigurd, 
BV O.oppofitd  tdngentes)  (juod  eodem  modo  ofiendemus  /jjs  fccun^ 
ddstdngentes  efe  homdogdrum  Cdrundem  fsmtUum  fgurdrum^ 
teg  iUs ,  fjr  tntrd  tpf^s  continert  edrundem  qHoq\  inctdtntes » fd* 
€%ent  dutem  fecunid  tdngentes  cum  primis  dngulcs  dejudles , pri^ 
md  ^•ex.g.fdngens  f^urd,BVO,i}ttdeff,XN,efipardtUUtp/t,  SP^ 
prtmttdngentt  figutd  .  DTF,  &  fecundd  tangens  figtrd,  BrO^ 
efi pariter  pdfdileU  fecund.t  tdngentt  figurd,DTF,  ndm  tumpri. 
md,  tum  fecHnid  targentes funt  c^mmunes  feHiones  dqutdtftdHm 
ttum  pUnorum ,  tpfafum  ntmpe  figufdrum ,  B^O,  DTF,prodit* 
(loripUnjru.f^  tieo  funt  ffdrdl/iU,&dngulos  contt^ent  dtjudles,  io.Vn«f« 
vtode  tnJig($rts.(]Uddpldntskdficomci  pdrdUeUs  producttntur,fi 
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hde4m'ishomhg4,  cum  duabus  quthnfdam  regulis\eardem^ 
ttum  habehimus  cu  duahHs  quibufuts  at^,  aaguhs  Mudes  tnm 
fr*ii£ii$  4d  eandtm  partcm  aMinentibus, 


C  O  R  O  L  L  A  U  I  V  M  IL 

P Atetinfuptrexhac,&  \\.4C\%  hmusfiminumpUnarnn» 
^fix  ex  feclione plaKorumbffi  cyltndrici ,  zetcs^ 
mci  a^mdijl.nuum  in  iUts  praducuntur ,  vel  fuKt  cppefita.  bafes 
€}lindrict,  auijruiii  C6mci,poi?tbtle  e^e  inuentre  tnctdentes,  qUM 
fint  &  duclarum  vtcamtf;  opptfitarum  earundem  tangenttum  t». 
eidentes,  &  qutapuncium,  H,  fumpium  eil  •vtcurTrcjue.  &  ab  i». 
fo  duat  quMet  tncidens.  HP.paiet .  quod ,  ducla  'vtcumque  irt 
dtciis  figuris  incidete  earum  tAngenttbus.  quafunt  r^gul^  hcrno, 
logarumeartmdem,po(?mtrtptrtti  dua  incidenttsearm^ievL., 
quarumalterafie  tam  du6h',  vdutt.  a^a.  HF,  vtcumq-,  tnuema 
funtduainctdintes.  KN,  HP,quarum  altera  fmt,  HP.  it^stia 
bomoUgarum  tn  eafdem  intidentes  prcdueiarum .  dr  ad  easttr- 
mnatarum,perttenes.  eedem  srdint  fumpta,  /ttn, proportiena>es. 

f'*'>**»*'»>vtiff^incidentesMperhomehgarumprectuclartsm, 
l4k4extrem4/empertra»feHntAtiq'4<tincteUntes. 

THEOREMA  XVII.  PROPOS.  XX. 

SI  conicusrecerurquGmodocamqipIanis  pa* 
raIlelis,cirmomnibus  eiufdem  iateribusco- 
,  incidentibus,  concepta?  in  ipfo  figurse  eruat 
antcr  fe  fimiles,  &  fimilitcr  pofu^e. 

ucumqj  planis  parallehs,  <jua:  cum  omuibus  eu.Tdcm  lare- 

ribus 
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ribus  couiciilant,&:  fmt  conccptar  in 
ipfo  figiira? ,  DME ,  BNC.  Dico  has 
cflc  ruiiilcs,  Sc  funilitcr  pofitas:  Nana 
<juia  planuin  hguij?,  DME^coincidic 
oninibus  latcnbus  conici  -y  AFHG, 
idcu  cft  ctiam  conicus  iplc  3  ADME» 
fccatur  autcm  plano  cius  bafi,DME, 
a:quidiftantc,cj  fcilicct,  quodpro- 
ducit  figuram ,  BNC  y  crgo  hgura_., 
BNC,  crit  fimilis  bafr,  DME ,  & ci- 
dcra  fimilitcr  pofita,quod  crat  dc- 
xnonftranduxa^. 
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SI  quilibet  conicus  fccctiir  plano  pcr  vcrtP- 
ccm,  fiue  ab  eodcm  tangarur  in  plano,  nepS 
in  triangulo,  vel  triangulis,  fecctur  autcm 
alijs  planis  vtcurrqjbafi  paralklis^comnnuncsrc- 
^iones ,  qux  ab  codcm  plano  fccantc  fiunt  in  di- 
dis  planis  bafi  parallclis ,  erunt  bomologa:  linc*, 
vcl  latera  figurarum ,  quar  ab  cifJcm  a^quidjftan- 
libus  planis  in  codcm  conico  producuntur, 

Vidcatur  figura  Propof.  i  ^ .  huius ,  in  qua  conicus ,  AT 
DF,  intcUigatur  fcctus  plano  vtcumq,  pcr  vcrticcmvMu- 

ctficicntc  triangulum,  fiuc  triangulos,  ADQ  AEF,  in- 
tra,  cxtra  autcm  tj  ungulum,  ACF,  &  qui  cx  illis  inicnra- 
tur  5  ADF , fccctur  :iiitcm  alio  plano  bafi  parallclo,  qui  iii 
conico  producat  figuram,  VBOi  &:  fint  earum,  &  plani  pcr 
vcrticem  communcs  fcdiones,  BR,  DQIO^EF.  Dico  caf- 
dcm  cifc  lincas  homologvs  carundcm  figurarr^VBO/fDF. 
Incclljgantur  in  bafi  ductje oppofica:  tangciucs,  f H,Sl\pcr 

G    %  quas. 
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Co,on. ,.  quas,  & verticem,  A,  extendantur  plana ,  qu« pariter  tati. 

gent  conicum ,  ATDF,  fint  autem  eorum ,  &  plani  figurx, 
1«.  bum,  VBO,  produtai  communes  fc^aiones,  VK,  XN,  quas,v:  ibi, 
oftendemus  elfe  oppofitas  tangentes  ipfuis,VBO>  rcfpedu, 
BO ,  fumptas ,  accipiatur  deinde  in ,  TH,  vtcfiq;  pundum, 
H,  a  quo  vfq;  ad  aliam  oppofitam  cangentcnj  jSP,  ducatur 
vtcumquc ,  HP,  &  per  ipfam ,  &  punctum ,  A ,  cxtendatur 
planuni ,  quod  fecct  tangentia  plana  in  reais,  AH,  AP,  & 
planum  parallclarum,VK,XN,  in  rcvfia,  KN,  crunt  crgo  ip- 
fac,  KN,  HP,  parallela; ,  extcndatur  pianu  trianguli ,  ADF, 
itavtfcccttriangulum,APH,inreaa,AG,&p!anum  %u- 
ra?,TDF,  produaum,  fi  opus  fit,  in  rcda,  DG.  Eodem  mo- 
do  igitur,  quo  vti  fumus  in  Propof  i  <).  quia,  KN,HP,  f.mt 
paralleb,oftendemus  ipfas,KN,HP,  cffc  ab  ipfis,BM,DG, 
(qu  E  funt  communes  fcaiones  trianguli ,  ADF,  &  .-cquidi- 
ftaim  ■m  planorum,  VBO, TDF  ,&  tdeo funt  paralltrl.r  )f,- 
mihterdiuifasj&adeandempartem  in  pundis,M,G,  vn- 
de,  vt  ibi  oftendcmus  figuras,  VBO,  TDF,  cfte  fimiles,'& 
earum,  &  tange.i  tium  oppofirarum,  XN,  VK  ;  SP,  IHm- 
cidcnteseifeipi:-,s,KN,HP,&rangentes  eire  requlasho- 
mologarum  earundcm,  quarum  dnx  funr  ipfx,  BRIO  DC 
EF,coniun6tE ,  fiueipfr,  BR,  DQ 10,  U:  Eodem  modc, 
it  propoUius  contcus  fiulkt,cuius  vertcx ,  A ,  bafis  altcra 
figurarum  3  bafi,  TDF,  per  redam,  DF,  abfcifrarum,vt  ip. 
fa,  DTF,  oftcnfiu,!  cifct  ipfas,  BR,  DQ 10,  EF,  communS 
Ie(.tiones  pJani  conicu  tangcntis  in  trianouJis^^DC  AEF 

Se**occt  u  P'"?"''"'"  ^^"''^^ft^"^'^"" '  BVO ,  DTF ,  effe  carundein 
,c,  Jda  f^omologas,crunt  autem-in  hoc  cafu  latcra  homolo-a.vc- 
coroli  CH  lut  cum  funt  tntrafiguras  fimt  liuex  homoloa^e  clius^ 
llZi      dcm,  quodcratoftcnde.iduta-,.  "^""^ 

tmtlkt. 
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COROLLARIVM. 


TT  tne  hjbetHf ,  fi  prof>oftt$im  fuilfet  fiuiiumconici ,  BTF, 
X  X  (fHod  etus  omntd  Uterd  ptodkfi^  cotnadt^ent  in  vno fun  - 
^o,  vnit  oHcnfum  j>4riter  fii/^tt  commuves  fatones  pUrJ 
fer  etus  Uterd  tranfeuntts,  vt  tp/ius,  BDFO,  quod  ft  mper  efi  trd^ 
f^ljum ,  dr  tpfirum ,  rBO .  ToF,/iue  etfdem  dqutdtHantihm^ 
inrer  eafdem  du^Mrum  ,  cfie  earundem  Itneas,  zelUterd  hun.olo^ 
ga .  vndepatet  communes  fe^hones  pUni  perUtera fiuBt  conici 
d^^t.dr  eiufdem  64/tifmoppofiurum/iiie  etfdem  dcjutdijidntium 
interedsproduiidrum  figurdrum ,  efseearundem  tineds ,  l  el  U^ 
ferd  homolcga  ;  Itneas ,  tn^uam^  cum  funt  tntrd  figurds .  nec  fu^ 
mumttriu  pUno  tangente ,  Idterj ,  cum  funt  tucdfum  ctrcuiiu, 
€um nemp''  f  ^nt  in  eoJem  pUno  tangente ,  $n  e$ prdcts} ,  (juod  i H 
fli  lum  cof.tdciusffuRi  conict  (contAlius  fcilicet  etus pUnt,  quoi 
per  verticem  ducttur)  (fnod  fempcr  ent  trdpez.tum  ,  vel  irapez  d^ 
vt  patfre  pvefiin  trjpcz^s.  BDCR.  IbFO,  qudefenf  ftijium^ 
i$ntd:lus  frulU  conu  t.ftt  Jtm  frudum  tjnieretur  i pUno  trtdn^ 
gult.AJF. 

THEOREMA  XL\.  PROPOS.  XXIL 

Sl  duarfigurap  planar  fimi!cs,non  exiflcntes  rn 
eodem  plano.  fuerint  inarquaks,  &  fimiliter 
pofitarieruQt  eiufdem  frutti  conjci  oppofi- 
tar  bafcs» 

Vtamur  adhiic  figiira  Prop.  i  g.  &  finc  diix  figiirx  planr 
qiixcuqi  iuiiiles^rijcqiialcs^&fimiliter  polica,  non  tau:ert 
cxiftc:ucs  ueudcmp^ajKsipfa^XT^O^Tnr.  Dko^quod 
erU'U  ambcT  cuiirtUam  frult!  coaici  oppoficx  bufcs .  Quc)- 
niam  crgo  figurip,  VBO,  TDF,  funt  f  militcr  pofic:^,^^:  non  D.t>cfjd^ 
inc  >deinplano,crUiit  in  p^anr  vqi  idiftantibus,^'  quuL_,v 
fkuufiaiilcs  fiatcarumuicidcr^tcs^  oppoficarum  rnn^ca* 


H  G  E  O  M  E  T  R  I  ^ 

tium ,  qux  funt  ca- 

rundciu  lioniologa- 

rum  rcgula:,  ipls, 

KN,HP;KM,ipiius, 

VBO,&-,HP,ipiius, 

TDF,  &  prcedidae 

tangcntcs  figur.T,  V 

BO,rint  ipfe,VK, 

XN,&  figurscTDF, 

ipfa:,  TH,SP,  erunt 

crgo  ipfr,KN,HP, 

^quidiftantes,  &  quia  ad  tangetes,  qua?funtregula:homo- 
f " vnd?  l^gff i'm,iilc  cfficiunt  ad  candcm  partem  angulcs  scqualcs, 
c:au  Elc.  ent  angukis,  KNX,  xqualis  angulo,  HPS ,  Sc  quia,  KN,  eft 

parallcb  ipfi,HP,  cnt  etiain,  XN,pni-aIlela  ipfi,  SP.  Eodcm 

paao  oftendcmus,  VK,  cfTe  <  a  a'le'am  ipfi,  TH ;  ducantur 

in  figuris,  VBO,  TDp,  du:e  caaim  homologs  regulis  didis 

tangcntibus,  qux  fint  ipfr ,  BR,  lO,  DC,  tF,  fmt  aiitcm— » 
totx,  BO,  DF,produa.t,  fi  opns  fir,vt  fcccnt  ipfis,KN,HP, 
quas  diuidcntfimilitcr  ad  candcm  partem  ,  vt  in  pundlis, 
M,G,  & quia  figurs propofits fiint in^ quales, fit  maior  ip- 
fa,TDF,  igitur  ctiam  maior  crit,  DQ  ipfa,  BR,  vel,EF,  ip- 
fe,  lO,  ii  .n,  eifent  cifdem  ^quaics ,  ctiam  reliqua.'hrmolo- 
ga;  his  parallcb  ciTcnt  a'qualcs,cum  onrics  fint  proportio- 
^    nalcs  (funt  .n.  vt  incidentcs)  vnde  ctia  figurs  clfcnt  .xqua- 
les,  &  fi  minorcs,  etiam  ipfa  figura,TDF,  rlfct  minor  fiau- 
ra,  BVO,  contra  fuppofitum,  cft  ig  tur,DC,  maior  ipf  l.-, 
BR,  cft  a utcm,  vt,  DC,  a d ,  BR ,  ita ,  PH,  ad ,  NK ,  nam  vt, 
A^Delfn.  DG,  ad,  BM,  ita  eft,  PH,  ad,  NK,&:  etiam  ita,CG,ad,RM, 
ergo  rehqua,  DC,  ad  reliquam,  BR,  crit  vt,  PH,  ad,NK,fic 
etiam  clTe  oftcndcnuis,  EF,  ad,  lO,  vt,  PH,  ad,NK,  &  quia» 
pC,  cft  maior  ipfa,  BR,  vcl,  EF,  ipfa,  lO,idco,HP,crit  ma- 
jor,  KN ,  fi  igitur  iunxcrimus  punda ,  PN ,  HK ,  ipfa^ ,  PN,~ 
HK,  fiproducatur  adpartcs  ipfms,  NK,cocurrcnt,vt  in,A. 

Dico, 
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Dicoj  A,  effc  verticem  conici,  cuius  eft  bafis  ipfa,  TDF^  &: 
cx  plano  ipfi ,  TDF  >  arquidilbntcr  duclo  cft  in  ipfo  concc- 
pti  hgura>VBO.  Qma  crgo,NK>eft  parnllcla  ipf^PFf.c^" 
lu.u  crungula,  ANK,  APH,  arquiangula  5  &  circa  xqnaks  4.  Sciti 
angulos  latcra  proportionali a,  igicur,  HP,  ad,  PA ,  crit  vr,  ^^^'^ 
KN,  ad> NA,  iLs  pcrmatando,  HP,  ad,  NK,  erit  vr,  PA^ac^, 
AS,  vt  autcm,  PH,  ad,  NK,  ita  cft^  PG,  ad> NM,  nam  ipfj , 
HP>  KNj  limiliccr  funt  diuifx  in  pundtis^G^M^crgo^PA^ad, 
AN^erit  vt,  PG,  ad,  NM,    funt  paiallclx  iplaC PG,  NM, 
crgo  pandj^G,  M>  A,  erunt  iii  vna>rcda  linca^fit  illa^AC^  u  t^ai:^ 
igitur,  vt,PG,3d,  NM,  vcl^PH,  ad,  NK ,  ita  cnt,  GA,  ad, 
AM,  cft  autcm,  PH,  ad,  NK,  vt,  FG,  ad,  OM,  &:  vt,EG,a(', 
LM,  5c  ta  idaii,  vt,  DG,  ad,  BM, crgo,  vt,  G A,  ad,  Am,  ira 
crit,  FG,  ad,  OMs  EG,  ad,IMs  CG,ad,RMi  &,DG^d,nM, 
crga,cum  fintparallclx>crunt  tum  puncb,AOF,tum,AlE, 
ARC,  tuin cciam,  ABD,  in  vna  rcc^a  linea> cxtcndatur  er-  ft  t ct». 
go  dictjr  rc:tx linc.v,  qur  crunt,  AF,  AE,  Ai >,  AC.todcm  ^^- 
modoyh  pcr  duas  quaslibet  homoK)gas  figurarum ,  VF 
TDF5p'anumcxte.Klamus,fict  incxtcrls  deirionftratio j 
igitur  fi  fumantur  m  a^mbicu  hgurar,TDF,qua:cumq;  pun* 
^,qnx  iungintvircumpnnwto^  Ajkmpcr  iungcntcs  trar- 
fibunt  per  circuitum  figiirar  >VBO ,  ergo  figur:^ ,  TDF , 
VBOyCrunt  frufti  comci  oppolitxbafcs,  quod  d  conico,  rcfin.^: 
ATDF,  ablcinditur  pcr  figuram,  VBO5  q"od  erat  dcmon- 
ftranduni— >  r 

C  O  R  O  L  L  A  R  I  V  M  1. 

QTenidm  o/fendimus ,  ftim ,  DC,  SR  ,  tufH  eti^m ,  10 y 
efse  vtipfMsincidenUf»  PH»  NIT,  h/iietur  f:mtltU7n  ^^um 
^  firum  hmologas  ftrtter  efst»  ^t  tncidcntes  cstYitndem^ 
(ipf^fisarttm  tdfi^ntinm ,  (ju£  funt  earnndem  reguljt  ^  cjuod  it$ 
diffiniticme  afsumttur  conttngerc  tdntur^  tjs^quA  tnter  cncuttufff 
/^ur^ri^,  &  ^ffas  imfdcxtcs,  eodcm  ofdm  fftrhptjt ,  cottttnentur. 


G  E  O  M  E  T  R  I  ^ 
C  O  R  O  L  L  A  R  I  V  M  IL 

PAtet  etiam  ex  hac,  <^  14.  huius .  cm»esfimlej  Hfar4tpU. 
n*i  pofse  efse  altcMius  cylm  Jna.  velfruft,  eou-e, ,  oppofnas 
ba/esi  VHde  quapro  ilitt  in  CeroU  a .  1 9  hutus  coUiguntur.pro  om. 
mbus  ftmiti6us  fgurts  pUttis  etinm  colitgi  pofsum» 

LEMMA  PRO  ANTECED.  PROP. 

r" 

SI  iii  reaa  linea  figneiitiir  tria  puiiaa,  primu,  medium, 
&  poftremum ,  a  primo  autem ,  &  medio  ducamur  ad 
eandem  partem  dua»  inuicem  parallelct? ita  fehabentes ,  vt 
eduaa  a  primo  ad  cduftam  a  fecundo,  fit  vcluti  reda  intcr 
primumj  &  poftremum  puuaum  pofita,  ad  eam,  qux  iiiter 
medium,  &:idem  poftremum  fita  eft :  Exrrema  punda  pa- 
rallelarum ,  quas  aon  funt  in  propofita  linea ,  &  iilius  po- 
ftremum ,  erunt  in  recta  lineii_»  . 

Sit  propofita  reda ,  AC ,  in  qua  fignatis  vtcumq;  tribus 
punais ,  C,  primo ,  B,  medio ,  & ,  A,  poftremo ,  a  punais, 
C,B,educantur  ad  eandem  parte  duse 
inuicem  parallela?,qfint,CE,BD,  ita 
fe  habentes ,  vt ,  CE ,  ad ,  BD,  fit,  vt, 
CA,ad,AB.  Dico  punaa  ,  A,  D,  E, 
efte  in  reaa  linea,  fi  enim  (iuaa,ED,) 
ipfa,  ED,produaa  non  tranfit  per,A, 
tranfibit  fupra  ,  vel  infra  ,  A,fccans, 
CA,  (nam,  BD,  eft  minor  ipfa,  CE,vt 
eft,  AB,  minor,  AC,)  tianfeat,  \  t  per, 
M ,  quia  igitur,  EDM, cft  re^a  erit, 
MCE,  triangulus ,  in  quo  lateri ,  CE, 
ducitur  parallela,  BD,  ergo  triangiili ,  ECM,  DBM,  erunt 
aquianguh ,  &  circa  a-quales  angulos  latera  proportiona- 
lu,  ergc^  permutando,  CE,  ad,  BD ,  ent  vt ,  CM,  ad,  MB. 
cft  a  utem  vf,  CE,  ad,  BD,  ita,  CA ,  ad ,  AB  ,  ergo  vt ,  CM 
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ad,MB,iu  crit,  CA,  ad,  ABvdiuidc^ido ,  CB>  ad,  BM,  crit 
vt,  CB-)  ad^  B A,  crgc),  MB^crit  xqualis  ipfi,  B A^totum  pj  r- 
ti,  quod  cft  abfurdum,  non  igitur,  El)i>proihict;i  traufit 
pra,  AjCodcm  modo oftcndcmus noiitranfirc  lufra,  A, cr- 
go  traalibit  pcr,  A,  crgo  tria  puuda  5  A>  D>  Ej  crunt  ia  rc- 
<h  liiica>  AE,  quod  crat  oftcndcndunv.^ . 

THEOREMA  XX.  PROPOS.  XXm. 

SI  duarum  quarumlibet  fimilium  figurarunu. 
habeamus  homologas  cum  duabus  quibuf- 
dam  rcgulis,  habebimus  ctiam  homologas 
carundcm  cum  duabus  quibufuis alijs.cum  prjdi- 
^is  angulos  ^quales  ad  eande  partem  faciecibus. 

Patcthxc  propofitio,  ruim  quaxunq^  figuran)lana[»fimi- 
lcsj  fi  fint  xqualcs5&:  fimilitcr  poficxjpolTunt  crtc-  cuiufdam  }^'^ 
cylmdrici  oppofitx  bafcs>  fi  fint  inxqualcs,  oppofitx  bafcs 
frufti  conici  5  in  his  aut  contnigit,  fi  habcamus  htmiologas 
cumduabusquibuldamrcgulis^nos  cafdcm  habc  c  cum  coroil.i^i 
alijs  duabus  quibufcumq-,  cum  prxdidis  angulos  xqualcs 
ad  candcm  partcm  coftitucntibus,  crgo  hoc  in  quibufcfiqi 
plaius  fimiUbus  figuris  vcrihcatur,  quod  cft  propofitum, 

COROLLARIVM. 


ET  ^uidincidentes  di  h^mologdfum  ftmilium  fgurdrumre' 
gmUs  dnguhs  ad edniem pMftem  eff^.tunt  d^fudles ,  ideo  dr  B.  Dcf.iaS 
iffkinetdentes  erunt  hdmologdrumedriidem  fimihum  figurdrmm 
regutd,^  vice  verfd  in  <juibufddm  reguUs  homoUgdrumfotirnni 
fumi  Cdrum  tmctdcmtes , 


H  THEO 
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THEOREMA  XXI.  PROPOS.  XXfV/ "  ' 

SI  in  duarum  fimilium  figuraru  oppofitas  tan- 
gentes,  qu«  earundem  homologarum  finc 
rcgulx,incidant  dug  re<aa:  hnex  ad  eundem 
angulum  cx  eadem  parte  eafdem  fecantes,  dudis 
vero  quibufdam  duabusjprgdidis  tangeribuspa- 
rallelis,  in  didis  figuris,  quasfecancesdiuidant  fi- 
iniliterad  eadcm  parre,  velaflrumptisipfisoppo- 
iitis  cangencibus,  reperiamus  harum  portiones 
inrer  incidentes ,  &  circuitum  figurarum  eodem 
ordinc  fumpras,  ita  fe  babere,  veiut  iJl^,  qu^  di- 
<ais  tangentibus  inciderunr,  lax.qux  illis  incide- 
runt,erut  tum  limiiium  propofitai um  figurarum, 
tum  duaarum  tangen£ium,incidentes. 

Sint  dux  quxcumq;  fnmlcs  plaii.^  %ura^ ACEI^MTVS, 

rundemreguhi;,AB,EF,.%u-  s 

r.T,AE,&,MN,VR,figunr,M\', 

ancidant  autem  eildem  ad  eun,  ^.-^  f 

demangulura  ex  eadempartc  A\/ 

duaf,  Bl-;m,Sc  duax  fint  qua.--         -^l  7-^-\'C> 

^am dua;  iplis  tangentibiis  pa-  ^^.-L-A 
rallel^,  CD ,  TO ,  fecantesL 

fcs,BF,NR,(&conrequenter       /        \  \/. 
incjdctes,vtfacil^p,tet)fimi.       (  \/ 

ljteradeadcmpartem,repcria-     -V  :J--  --fQ  > 

-inus,CD,ad,TO,&  pantcr,ID,  ^  A 

ad,SO,c(revt,Br,ad,NR.Di-  ^  R(g 

co  ipfas,  BF,  NR ,  eireincidentcs  fi.nil  •  c 

^      ta»Sentuim,  VR,  MN  j  EF, 

AB. 
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AB.  Exdic^s  igirur  iprx,a,TS,criirtthomologa.  cn-  c.o/eA 
ruiidcm  fimilium  tiam  jrum,  AE,M\V&:qiiij,CD,aii,TO, 
cll  vt,  lilS  ad,  Nil,  .V,  BF,  ;id,  NK,  vt,  ID,  nd,  bOxi it^Cl),  u  r«r 
ad,TO,  vt,ID,.id,SO,  Jgitm  pund3,D,0,rcpciicntur  n\  " 
dujbiis  diairum  limiliuni  figurarum ,    oppoiitarum  t;m-  """" 
gentium,incidcntibu.,  lint  illae  ipfo:,  HG,  PL,  qu.i?  ciim  ipK 
lis,  TO,  CD,  .cciujlcA  ;i ngulos  ad  c.mdcm  partcm  contind- 
bunt .  Dico  t.inKn  ctiam  ipla, ,  NR,  Bl",  clll-  carundem  fi- 
gurarum,  &  tangcntuim,incidcntcs:Smt  punct.i  contactus 
tange.itium ,  I  t ,  RV,  proxima  ipiis ,  NU ,  Bl^ ,  ipfa  ,  \',  E. 
Dico,  E--,  .id,VK,  cilc  vt,  TB,  ad,  KN,  nam,  EL,  .id,VG,  cft  B.Di(»n.t; 
vt,  LP,ad,  Gfi,qi:u  vcru  a:i{;ulus,CDP,  .vq  iatur  anaulo, 
TOH,     CDB,  ipli,  TON,  rcli  -luus,  PDB,  xquabitur  rcli. 
qiio,  HON,  &  lic  etiar.i ,  FDL,  ipli ,  KOG ,  eft  ctiam  angu- 
lus,  PLE,  xqiialis  angAo , HG\',  idco  rcliquus  in  triaiigu-  4.  stxu 
lo,DFL,  idcilanj»uliis,  Di  L,crit.i:qu.ihsa:igulo,ORG,&: 
lic  triaugiila,  FDL,  OKG,  cru  u  a:quiangu! j^v t  ctiam  pro- 
b.ibimus  triang.ila,  DPB,OHN,circ  .rquijngula^iicut  funt 
afquiangula  i.itcr  fc  trijng  lia,  FDL,  PDB,  \,ROG,HON, 
vnde  vt,  LI), a J,  DF,  lic  cru, PD,  ad,  DR,pcrmutado,LD, 
ad,  DP,  c.it  vr,  |'D,ad,  DB,  componcndo,  LP,.ui,;>D,crit 
vt,  FB,  ad,  Bl),  pcmmtando ,  LP,  ad ,  FB,  crit  vt ,  PD,  ad, 
DB,  idcft  vr,  HO,  ad, ON ,  at,  vt  fiipra  ,  odcndcmus,  HO, 
ad,  ON,  dVc  vt,  HG,  ad,  NR,  crgo,  PL,  ad,BF,crit  vt,HG, 
ad,  NR,erat  jutcm,  EL,  .id,  VG,  vt,  PL,  ad,  HG,crgo,EL, 
ad,  VG,erit  vt,  BF,  ad,  NR,  quia  vcro,  BF,  ad,  NR ,  cll  vr, 
DF,  ad.  ( )K,  'nam,  BF,NK,runt  fimilircr  diuifa:  in  pun^lis, 
D,  O,^  idcft  vt,  FL,  ad,  K(i,  crgo,  EL,  ad,  VG,  crit  vt ,  FL, 
ad,  RG,  crgo  rcliqiia,  EF,  ad,  VK, crit  vt  tota,  FL,  ad,VG, 
idcft  vt,  BF,  ad,  NR.  Idcni  oftcndcmus  dc  quibuslibct  du- 
^is  ipfis,  EF,  \'G,  parallclis,  quac  diuidanr,  BF,  NK,  fimili- 
tcr  ad  eandcm  partcni,  ncmpc  cas,qux*  intcr  ipfa>.,BF,NR, 
iSicircuitum  figtirarum ,  AE,  M\',ct.dcm  ordinc  kimpt.E 
contincntur, cflV  vt  iplas,  BF,  NR , crgo,  BF,  NR ,  funt  in- 

H    2  cidcti- 
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»  Defio.  cidentcs /imilium  %urarum,MV, AE,&  dudarum  tageii- 
tjum,  quod  oftcnderc  opus  erar, 

COROLLARIVM, 

I^noteftiiexhocctmfequtottfdadrumfimitiHmfigurttum,^ 
tafundem  eppofitarum  t^ngtutium .  qu^  fu»t  reguU  hmoh* 

g*ritm,  tuminttdtntesfmthterdim4i  himeUgts  earundtm^ 
figurarum  ,predums,ftopus  ftt,  tum  quafcuniq-^  a!tas ,  cjna  cum 
htmolegis Mgulos centtnettt  ^quales,vt  cxtmpl, gratta  ^pfs.KR, 
BF.  Ltvlteriuf,pfashomeUgasel?e  tum  -01  quafuistnttdtnUf, 
tumvtt,fdemparaUcUs,tdeftex.g.  Cl,  ad,  TS,  ntdum  trit  vt, 
fL,  *d»  HG,ftue  vt ,  SF,  ad,NR.  fed  tt,ar>,  vt ,  BF.  adquam- 
eumqi  ahamparaHeUm  ipfi ,  Nk,  d»c7arr  tnttrpara/leUs  ,t/.N, 
rn,  nam  ilta  ertt  aqualts  ,pfi.  NR,  Patct  ,g,tur  dmar^  w fimUum 
fgurarumhmolegasnedum  efievtearum,^oppofta>ii  eatun. 
dem  tangent,um ,  quefant  rcguU  kmol^garum\^„ctdcntes,  fed 
tttam  vt  quafms  aUas  tnter  eafdtn,  tar,^acs  a,  cias  ,ffs  t.ctdtr. 

THEOKEMA  XXIL  PROPOS.  XXV. 

SI  qu^cunqifimiles  %ura:  plar^  ^  redl.s  If- 
neis  defcnban  tur,qu*  fin  t  earundem  hoiro- 

]og:r,&interfe^,qualesiruperpooanturau. 
tem  ad  inuicem  ipfa.  figur^,  ita  vt  eafdem  defcrl 
bentes  red^  l.nea.  fibi  congruanr,  figur  Jue  fin  t 

Sint  fimilcs  figura;  prana-,  ABXC  FFPr  ^ 

BC. 
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BC,  FG,  quas:  ita  iauiccm  fupcr-  A  £> 

ponaiuur ,  vt,  BC,  UG^  libi  con-        V"  ^\  \ 

gruant ,  &  iplx iint  fimilitcr  po-      b[  _JC  \  O     '  fo,^'^"' 

litar.  Dicoctumipllishgurasad        v  ^  y \  ^ 

inuiccmforccongrucntcs.  Sint       "7^^       m  "\ 

oppofitx  tangcntcs  dudf  pro  fi-  .II^S^^V^TI 

gura,  ABXC:,iplas  ADAO^rc      k/         }!g  \^  Z^^l 

gula,  BC ,    pro  hgura ,  EFPGy  \ 

rcgulaj  tG>  ipU',  tM>  PN,  qua-        '     p  ^ 

rum  hgurarum ,  ac  oppofitarum 

tangcntiumhntquoq^mcidcntcsiprxjDQ^MMjprodu-  ^cfiiu 

ais  vcro,  BC,  FG,  vcrUis^  DQ  >  MN)  lUis  mcidant  in  pun- 

dis,  O,  R ,  &:  fupcrponatur  Hgura  >  ABXC  >  figura: ,  t  FPG, 

ita  vtjBC^congruat  iph,FG,C?<:  hnt  hmilitcr  pofitx:  Ei  unt  ^^J^""^^ 

crgo  ipfx  incidcntcs^  DQ,  MN,  ad  candcm  partcm  tigura- 

rum  um  fupcrpohtarum^C^:  uunccm  parallclx,  vcl  cou- 

grucntcs,fcd  in  noftrocafu  crunt  congrucntcs^cum  cn  m 

Yt^  BC\  ad,  FG,  ita  llt,  DQ,  ad,  MS,  ipfje  vcro.RCtG^lint  ^^^*- 

xqualcs,  ctiam,  DQ,  MN,  aqualcs  crunt^hcut  ctiam^CO, 

GR,  qux  funt  intcr  fc  vr,DQ.  MN,  crgo  n.m  punCtus,B, 

pofitus  ht  in,  F>  crit,     m  R,  5. ,  DQ ,  cxtcnfa  fupcr  >  MN, 

&  cum  ctum,  DO,  MR,  tint  xqualcs  punchis,D>crit  in,M> 

fic  autcm  oftcndcmus  quoq;  puncti  m, Q,  c.ulcrc  in,  N,  &: 

confcqucntcr,  XQ>  caccrc  lupcr,  PN ,    >  AD>  fupcr,  LN^ 

fi crgo  tigura  ,  ABXC>  cadcns  fupcr,  EF PG ,  non  congruit 

illi, crto  quod  ccciccr ir>  (i polTibilc  cil  vt,  FA/^IG, if a  v t im- 

bitus  cxf ra  ambitum  cadat,  fumpco  nutcm  quocunoj  pun- 

ao,T,  qu!  fii  in  ambitu  fia^urar,  VFPGI ,  fcd  cadcns  non  iii 

ambitu  figura? ,  EFPG ,  pcr  iplum  ducatur , TZ  >  parallcb> 

EM,  fccans,  MN,  in,  Z,  ambniini  figurx,  VPI,  m, V,  I, 

ambitumfigurx,EFPG,m,T>S,crunraurcmhom()K)gAv 

VI,  T.S,  &:  inter  fc  arqualcs  cum  fint,  v t  incidacs,DQA1N,  ^'^^^ 

qux  funt  xqujlc^^iccnon  xquales  rcHqux vfq^  ad  incidcn-  a.  Dcfln. 

fcs,nrinpc>SZ,lZ,quodcitabfurdiia7;piic^uscuim,I,non  «o. 
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€ft  in, S5  non  crgo  cadet  anibitiis  figiira? ,  ABXC,  fiiperpo- 
fit.ieipli,  EFPGjVt  diclum  elVxtra  ainbitum  ciufdem  figu- 
ra?5  EFPG5  Igitur  cadet  fupcr  illius  ambitum5&  ipfcc  figurx 
caiiu  fibi  inuicem  congrueiites  5  quod  oftcndeadum  crat. 

C  O  R  O  L  L  A  R  I  V  M. 

EAT  hoa  inff4per  coUigitidr  figur^s  quAfc  pUnas  ftmilis  ah 
aijttaltbus  teSits  itnets ,  tafi^u^m  ah  homf.logis ,  defcriptas 
inter  fe  a^udes  efc»  ctsm  tta  ad tnutcem  fuperpBKt  pofstnt»  vt  fihi 
cr  ngruAnt,  velut  tn  Frop.  demovfhatum  efl ,  Et  vtce  verfa  (i  ft^ 
gur^tfitttftmtles,  a^uales,  cndhcmolog^s  ACjuaUs  efscftenim 
in.^cjuales  efsent,  etiam  tpfafgura  mci^uaUs  efse^t ,  qttodeii  ab* 
fird(iy>2.Vlterius  au! patet.jz iint  muicem  fupcrtcfitaMa  vt  fimi- 
iiterfwt  confittuta,  ac  duA  cjuauis  hornolog^  thuii  em  futrint  cm^ 
^rutnies.etiamtpfas  fgurasfore  congruentes  .fliio^i^tn  fecjueren-^ 
tuy  ahfurdafupertus  demoKfirata  >  currj  cfuduts  aLdt  hctr.oUga  ne- 
cefsarib  cjuoq^Jmt  aquales  >  c]ua  enim  cor^gruertint  funt  aquales. 
drftthttideetiam  incidcntes  quauts  alta  homlcgamir f^ 
ftintaquales . 

THEOREMA  XXLX  PROPOS.  XXVL 

SI  duobus  parallelis  quibufcumqj  planis  inci- 
derint  duo  plana  fc  fe  interfecacia ,  primum 
nempej&fecundumjfiicrintaucem  alia  duo 
parallela  qu^cuq;  plana,  quibus  paricer  incidan  t 
duo  alia  plana  fe  fe  diuidentia,  primum  fimiliter, 
&  fecundum:  Eorum  autem  cum  parallelis  planis 
comunes  feaiones  angulos  aequales  comprehen- 
derint,  necnon  primorum,ac  fecundorum  plano- 
rum  mutux  fcaiones  ad  communes  fcftiones  pri- 

nio- 
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morum  planorum  cum  planis  parallclis  cffe(aas 
angulos  xqualcs  confticucrint ,  ipfa  vero  prima^ 
plana  ad  plana  parallcla  ^que  fucrint  ad  cadcni 
partem  inclinaca:  EcTJcm  communcs  fcftioncs 
adcommuncs  fcdioncs  fccundorum  planorum^ 
cum  planis  parallclis  cfF.<fiasanguIos  pariter  c5- 
ftitucnt  xqualcs,  necnon  fccunda  plana  erunt  ad 
eadcm  phna  parallcla  arqualiter  ad  eandcm  par;^ 
tcm  inclinati^. 


Siiit  duo 
pjrallcU  cj- 
ciiuq;plana, 

bus  iiKulac 
duo  pUna» 
H\,priinu5 
A\'  '  ulu 
f c  u  -  .^ia 
1  rccla,  AG. 
SiiU  inmca- 
lia  duo  pla^ 
na  qufcunqj 
parallcl^. , 

bus  paritcr 
incidac  alia 
duo  plana, 
LY^  primu, 
fCA/ccu- 
dum,  fc  fc^ 

parucrfcc4- 


tu 
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tia  in  rcd^iaj  K  Y>  commuiics  vero  fediiones:,  BA^  AD  3  LK^ 
I^Q,  incidetium  planoruan  cum  planisparallclis  cotincaiit 
angulos  requales  jfit  nempe,  BAD^angulus  sequalis  angu- 
10.  Vndc.      LKQ,  (crit.n.&5  HGV^  ^qualis  ipfi^  ScYA,)  fimiliter  ip- 
<imi  £le.       AG,  K cum  iplis,  GH5Y&5  angulos  conftituat  ^equa- 
les,  &prima  plana  5 BG^ LY, ^d plana  parall^la, BDjHV; 
LQ,       finl  asquc  ad  CancJem  partcm  inclinata  .  Dico  aw- 
girios  5  AGVs  KYA  5  c-equalcs  eflfe  >  necnon  fccunda  plana, 
AVjKA^ad  eadem  parallcla  plana  cffcxqualiter  adcadem 
i^c.^EicLi  P^rteminclinata  .  Si  igitur^  AG^  KY^eifcnt  didis  plani$ 
i8  Vndc.  parallelis  pcrpendicularcs  ^manifeftum  eft  5  quod  anguli, 
€imi  £le.   ^Qy^  j^yA,  effcnt  ^equalcs ,  ideft  re6li ,  &  plana  ,  AV,  K A, 
cifdcm  planis  paraUclis  ereda  •  fed  non  fint  perpendicula- 
res,  &:  apundis,  A5  K,  demittantur  ipfa?^  AE,  KT,  quse  eif- 
dem  fint  perpcndiculares-,  incidant  autem  fubiedis  planis 
in  pundis,    T^  dcinde  a  pundo  5  A  5  ad,  HG,  VG,  produ- 
ftas,  ducantiir  perpendiculares  ,  AF,  quidcm  ipfi  3  HG5 
AP5  ipfijVG,  incidentcs  in  pundisj     P,  nifi  fortc,  AG^ef- 
fct  alteri  earum  perpendicularis  ^  vt  contingere  poteft  5  & 
iungantur,  EP3EG3EF;  fimiliter  in  alia  figura  cadant  a  pii- 
<ao5  K5  perpendiciilariter  fupcr  ipfas  5  ScY,  A Y,  produdas, 
fiopus  fitjipfi^,  KZjKXj&iungantur  fimilitcrjTX^TY.&r, 
TZ.  Qiioniamergoanguli^AFGjKZY  Juntreaijideo 
Mkm!''^'  quadratum,  AG^Crit  aequale  duobus  quadracis,  AF,  FG^  fi- 
■      cut  quadratum,  KY^  cTquale  duobus  5  KZ>  ZY,  eft  autem  c- 
tiam  quadratum  5  AF5  a?quale  duobus  quadratis  5  AE ,  EF 
quia  angulus ,  AEF,  reaus  eft ,  &  quadratum ,  KZ,  paritcj 
:^quale  quadratls,  KT^TZ^  ergo  quadratum,  AG^idcft  duo 
quadrata,  AE,  EG,  (quia  etiam, AEG^rcdus  eft)  ^quabun- 
tur  t ribus  quadratis ,  AE,  EF,  FG,  vnde ,  ablato  communi 
quadrato^  AE^quadratumjGE^jequabitur  duobus  quadra- 
4t.  fflmi  ^^^^GF^FEsparirationeautcmprobabimusquadratu^YT 
Dc";  V    ^^""'^'^^^^^^^^^*^' YZ,  ZT,vndeanguIi,GFE,  YZT^redi 
<lcc.  licfl^  ^odcm  modo  probabimus  cife  rcaospEPG,TX Y, 

ergo 


giiU  inclina 
tipiYis  pri— 

^BG> 

1     :tis  pb^ 

tnilUjcr  an- 

X  i  ^  ^ .  jc  la- 
tlinationcs 
fftundorum 
planorfi ,  A 
\%  KA^^m 
ciuic  hibic- 
pJanls. 
Quu  ' 

.TqiOlr?,  Sr,  AEF,  KTZ^Tcfti,  criint  triangnfa,  AFE;  KZT,' 
intcr  lc  fimilia^vt  ctiam  triangula,  AFG,  KZY>  intcr  ft-^, 
nam  nngnli,  AGF,  KVZ>  funtquoq;xqnalcs,&:,  AFG^KZ 
Y,  rccti;  cnt  crgo,  vt,  EF,  ad,  F A,  fic,TZ>  ad,  ZK,&:  vr, AF, 
ad,  FG,  fic,  KZ,  ad>  ZY,  crgo  cx  xquali,  vr,  Hi-,  ad,  FG,  ita 
^rir^TZ-,  ad,  ZY,  &  funt  circa  rc*5bDs,ncmpc  xqualcs  angu- 
bs,  GFfc,  YZT,  crgo  iri.vigul.i,  GFE,  YZT,  pa ritcr  fimilia 
crunt,  anguli  igitur,  EGF,  TVZ,  ada^quabuntur ,  totus  au- 
tom,  PGF,  toti  5  XYZ  >  .rquatur ,  crgo  rcUquus ,  EGP,  crit 

I  aqua- 


l>dln.  6. 
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xqualis  reliiiLio,  TYX,  &  fiiat  i?«i5ti ,  EPG ,  TXV»  vt  pirobjr 
tum  eft,  crgo  eriiatVGPF,  YXT>  limilia  triangub  >  igitur? 
vt,  PG>  ad,  GEyixc  crit  5  XY>ad>  YT>  v  t  vcro  ad>  GF, 
fic  cft,  YT,  ad,  YZ,  &  vt,  GF>  ad,  GA,  fic,  YZ>,ad,\  K.crgo 
ex  xquali,  PG,  ad,  GA^ crit  vt,  XY^adj  YK> hal>eftius ergo 
duo  triangula,  ^PGiKXY,  habcntii  duos  angulos,  AP^fyr 
KXY5  a^qualcs>  fimt  rC(5Sr 5  circa  vcr6  duos^  PGA^.  XYK, 
latera  propjoi;iionaha>&:rcliquorum  vtrumq>.lin>iil5pAG> 
ircm*^*  XKY5  miiiorcm  rc^flo,  9f go  crunt  limih'a > Sc  anguh>PGA^ 
XYK  y  a:qualcs,  vnde  rchqut ,  AGV?  KY  A  ^  paritcr  sequaks 
crunr,  quod cft  vnum  propohtorum.  , 

Rurfus^quiayPEj  ad,  EF>cft  vt,  XT,  ad^TL ,  EF5  auieni 
ad>  EA,vt,TZ,  ad,lK*cjgi^  e^  fcfluali,  PE^adEA,  erit  vt, 
XT,  adjTK,  &  funt  circa a^qualcs  angulos,  PEA3  X 1K5  hr 
s.  ffxtf  tera  propoPJioii^iliaH» er^^  trianguJa  ,  APE  >KXT y  fimilia 
Mkm.  erunt,  necnpnanguli^  APE^KXT^inc  linatioBis  fccundo- 
rumpIanorumjAVjKii^cumji.bicdis  planis  inter  ie  s^oiia- 
Ics,  &:ad£andcmpartcm,  q^Vt  dcmolliarc  propontu  fmr, 

TI^EOREHA  XXIV.  PRCFOS,  cKXVJL 

POdtji  definitione,  quam  afFcrt  Euclide?  Ub^ 
6.  El  defiaiilibijs  fii^uris  rcaih*nc)S,fequi- 
lur  pro ipfis  etia cl t finirio  generahs ,  q.iiani 
deomnibosfimiUbus  figuns  plarjis  ipfe  artulL ' ' 

Sint  dux  vrcnmq;  figur^  rcailinea?^  ABDEH,MTRPN- 
>ffiw*f,  fimilcs  iuxra  diifinition  e  EucIiJis^.idcft  fingulos  h  >bcntcs 
^^^'^^  angulos^qualcs,  A3M:B,UD,E^PX;HN,  &:circa.rqua^ 
K^s^nguIosfatcraproporcionalia.DrcocifJcm  e^fo  f  miles 
luxta  meam  dcfinmoncm;  Ducantur  tjuiKAXcumq-opfeofi- 
Keatumtagenres.quxcum  duo5us  cx  btnibushomolo- 
ffs  caruindcma^iguIoSiEciualcsabcaarpauc  contiiftant^ 

fiur 
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jtv^nalrt ,  AHG ,  MNO ,  &:  fmt  cx  alia    — — : 

partc  tangcntcs  ipfac,  Dr,  RQ,  qu.Tcfi         M  _N-_^ 

ipfi«,HE,NP,prodiiiftiiConcurrantiii  /::^^^\o 


anciih,  c\:idc6,QP,acl,PR,critvt,rE,ad,ED,cltautcni,  4  Sftri 
RP°  ad,l>N,vt,DH,ad,EH,crgo,cx  aequali,QP,ad, 
PH ,  crit  vt ,  FE,  ad,  EH,  igitur,  NQ,  HF,  funt  fnniljicr  ad  ei  <M«ic 
«ndcm  partcm  diuifx  in  pundK,  E,P,  quia  ver^>aiVgiiU»i 
Kp.  '  VoR.i.HFD.i.Hl-^^^^Nl^R^ipG; 

HbU;:.;-  ;  V  ...^uu  ,  >  .v,c-iHabttiK  rchqii  i),cilautc 
angulii5,TRP,  .T\|naUi  anguln,  BDE,  crgo  triauguli,PSIU 
ECD,  cruin  xquia  nguli,  3«:  idc5,  CE,  ad,  ED,  crit  \t,  SP, 
ad,  PR,  &,ED, «d,EF,f (1  vt,  RP,ad,PQ, crgocx  »quali,&: 
pcrmutjndo,CE,ad,SP,  crit  At,  EF,  ad,  PQ^^^i.  vt,HF,ad, 
NQ.Simil.tcrqiiia  aii^uli,BDH, TRP,sut  vquatc$,&  circa 
eos  latcrafunt  proportitxijlia,  ido  trianguti,BDE,TRP,  J-^^ 
crunt  xquiangulh  vnde  anguli,  DB!>)RTP,  &,BHD,TPR, 
crunt  T  '  funt  aufcm  .Tqualcs  iprj,CED,SPR,crg  ^  rc- 
liqu^bl  A  ,  i . ' >,cfut  jtqu.ilcs,  &  idco  trianguIi,BCE,TSP, 
«runcfquiagulh&quia  angulu$,BF»-,cftcqliaHs  i}>fi,TPQ, 
rciiquus,  BEH,crit  ajquahs  rcliqiio,TPN,  cft  autcm,  BGE, 
arqu.i!i$  ipfi  ,  TOP,craotri.uAg»li,  BGE,TOP,crutua:qui. 
aiK^iiIi,  crgo,  BG,  ad,to,  crit  vt,  BF^  ad,TP,  idcft  vt,  CE, 
adj^SP,  idcft  vt,HF,ad,NQ,  pcrmut.indo,  &  conucrtcndo, 


I  2 


HF. 
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j  ad'i  GBj  ctit vt , Hq, ad,  OTj  qiiia .vcio ^ iiguliyH.A^, 
NNirjfuiMitqtialcs^  cfrca  eofdcmlac-cra  prpportionalia, 
liem*'"'   '^*^^  "'^"g-  HA^'  ^J^Ti fiitn arqiiii) nguli,  &.angulij 

MNT^  ABH,MI'N,  iuterfe  ajqu^les,  ergo  (;0  angul»,  AHG, 
MNOjfint  squjies,  rcliqui,BHGjTNO,erunt  jequales,  func 
ctiam  xqtuilcs  anguli ,  HGU,-NOT>.erg0  tr«nguli ,  HBG, 
NTO  ,fa^^qjiiangui.iif  cgo.iBG.j  ad ,  GH,  efit' vr,.TOs 
aa,.C^,-ef-at  afetcm,  hBi  3(j,  QB,n't,  QN,  ad,OT,€rgp  cx 
a^qual  i,4?H,jicl,.HG,>-<:r>t  .vtVQ^»  jd»  NO,  funt  igitur  7pfx, 
WF,  NQ,  fin-riHter  diUifaeV^fc^  eindciTi  partein  in  ptu\Ctifj 
«G,  O,  &  i^fce  dniideates,  B.Gj  TQ,  funt  vt  i^fx:,  Ht  j-  NQ,; 
•    .  Diicantiir  mmc  intei>  dietaspppofitastangentcs  cifdem 
parallcliE  dux  vtcurigue^ \/.K,  XV  ^ inter  pirciiin.m  figur^- 
rwoium  prQpafita!ru»^„&,fevfci$j  HE,..KQ_^  comprchenfiB;, 
fe»'..^     fif™iiKrad'Gan4eix>pJrieii!>'tHiHtJq4.^t^^  NQ^itt 
pruiaisi KiY, feeintclquG.ipftsi,iVE,TF,iu  pua>aiSi  3,4,  eft: 
xi  fergOjFK^ ad:,<5Xyp9f«Hi^anjjo5 ^f^f 5 ad,QK ,.idcfl\% 
'•^«a  Efi,a4QP,:erg0,t:igjldiQY,  eric  vt<Fi£,  dd,QFy&  feliqua^ 
HK     iicli4iWftvPY,.;vt5'FK,  .ad^Q:i-,jdett  vtsiH;  ad^ 
SimilJtcroftei^deraiis ,  vt ,  KH,  a.^}i<i-^J,„ric  eifcyGK  >a<^, 
ayjierigo,GJCiad,OY,  mi  xtviiEj.ad^.^P,  &r,.pernJut»n- 
GK^ad,  KE,erit  vf,OX*ad,  YP,  comuoficndooiie,  GEv 
ad,  EK^  en.t.vt3  OP,  ad ,  PV^  ^ft  v,cf»;-vt.,  <JiE,a,4'j^;  ,ta; 
J^,  ad..3|5 ,4:  K  ,^P,,  4;>i ,P^>it<Ti.T;0,'>jd.  ¥4..ergo, 
B^^,  adi-jK,  ent  Tf  ,,TO,  adf  V%  5l,3c:  peritiut^iWo  ,  JiG^ 
'■J  ^P^vw         air^Y,  cft  >H5rd.Kt«BG  ,a<i vTO.ina  ■  HR 
NQ^  et^go,  3K,  aid,  ^Y^flfit.Y*      yad,.NQ.,  lmi>i)ter, 
V'  '^o  tY'^. '      '  ^i«?MKer «,radeii  p»,tc.n 

jp(3S,  BUTS,  rn  punais,  \^X,.a<:  dnwdLimiJr ipfa-3GE,OR 

f?:f  •■^.'^'  ''^;  Y*ideaeotjf.T,uK>do,<>Acn<lcm..s  ipfvs.V?, 
X|,e^vupfas,CF.5T^^^^^^ 

fuat  oppofit^:  laiigf  .M<^,^H,DF,  MNiRQ,V'i*"^ 
'I  '  cuU- 


s  L  I  li  E  R  I.  (i<f 
iffe ,  WF,  NQ^tl  euinkui  aiigliluw  ex  cackiiC,* 


Vfisn . 

.'fisn .  d 

caadcm  ^>artciiv,  coJcm  cirdiiicifLimp^^j  cHc  vt  iplas,  Hi> 
N'  ^  ?\  ADhi  MRP)  quce  cuaiu  iJmiki^  tuxta  dc- 

ah.au.).  iv'-v.  rrrr  ctinm rvmiU Mivr-  ^  utioncm 

nmWcnlvii  iTiftTutn^ac^li^^tacimi  i»miUnw.rtt;iuaruia:imci-  ^**^**- 
^k.uc-^  Ljilij>Hr>:SQ>  quod-ciatvijt^udimdWni, 

G  O  R  O  LuL  A'R  I  V  M. 

dax^imirn^p^^S^i^^iZ^ff*  /^*^'  reititi^diftmtiihMnux* 
$4  EB^rtfm  ^pi  nmjdo  fdCtdntsttgUis  4if,^jlt$dde4»fdt9K  p^p^ 
temxu 7*  UfefiUs  k .:fJem  tfi ngulks  htmel^^pumfi^ 
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•  I 


POlita  infrafcripra  defitiffionc  fimiiium  por- 
tTomjm  rij<ttcmufn'co'n'i,  i!Ji  adimi<ao,quoit 
infra.Jlcctur  jlcc^iiir-r  nro Ip.fis etiam  mca 
d  c  fi  n  i  t  i  o  §  c  n  c  r  a  l'i  s  fi  m  1 1 J  u  i  -i  r  u  m  fi  ^  u  r  ar  u  n?»- 
Hocautcm  dico  profpat  ,  u  fc<aionibus> 

rc^is  liocis contcntis, non  aurcm  J)ro ipfis  tan^ 
quam  Imci^j  lie^t  cretJi  Jerim  hp9\\m\u  ipfaruiu 
finiiliiinfi  fciJldiidmVamquam  liliVaru,  non  auridHl 
iiguraru,  ^ua:  5uai  aS)  ipfis ,  fimiliti^incm  artei^ 

diCre, 
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<Jiflre,  ego  verb  ipfam  recipio  nmqam  iprarum 
figurarum  fimilicudinicongruam,dum  illi  adifln* 
gitur,  quod  in  ipfa  Propof.  explicatur. 

D  E  F  I  N  I  T  I  O. 

Similes  portiones  fe(aionnm  coiti  funt,  in  quanun  fid- 
gulisdu(ais  iineis  bafi  parallelis  nmneroxqualibus,fnnt 
»pfa:parallelx,.&  bafes  ad  abfciifas  diametroru  partes  fum- 
ptas  a  verticibus,in  ijfdem  rationibus,tum  abfciflfe  ipfaead 
abfcilfas:  ApoUonius  lib.i?.Conicorum,vt  refcrt  Eutociu». 

Sint  fimilcs  portiones  fe6lionum  coni ,  DAF  ,  QR.K, iit 
bafibus,DF,Qk,  quarum  diametri  fmr  ipfsej  AE,  RG,fc- 
centur  autem  hmilirer  ipfae 
diametrrin  punais,  N,  Oj  V, 
Xj  &  fit,DF,  ad,  EA,  vt,  QK, 
ad,GR,&,CH,ad,OA,vt,TL, 
ad,XR,&,PM,ad,NA,vt,SP, 
ad,VIl}has  igitur  Apollonius 
>n  {upr;adii?te  definitione  fi- 
niiles  vocat ,  nuhi  autem  hoc 
opus  eftilli  adifigere  S,  quod 
anguli  bafibus ,  &  diamctris, 

ad  ea  iidetn  partg  contenti  fint  squales,  vt  a  ngulus,  AED, 
ipii^OQyji.n.boc  non  ponatur  poiret  contingere  cflt  Ht 
fcs,DF  QK,.qu3les  &ipfas,AE,RG, in  quo  .^iu  to^^: 
ras  fimiles ,  &^qualcs, ex.  g.  ipfi,  ADF,  poffcmus  habc« 

quotfuntvanationes  .nchnationunidiametrorum  ad  ba' 
gs,quam  tamen  variationcm  per  definitionem  fupradi-' 
aam  excluderc  nece(rarium  elfe  ex.ftimaui.  sJpoto 
tgitur,quod  tah  definirioni  hoc  adiungatur,  dico  JlTr^ 
jpea  concorcbre  fi  pro  ipfi.  feaioiust  Squamfi 

QK,paralleI.s,ilk  tangct  didns  portiones,^  inter  eafdcm 
duaashabcbimusipfas,AE,RG;,llisadeuaden'nn^^^^^^ 


JnctJftes  crradcm  i>artc>qnTl>usiimilitcr  3<J  caiidcm  pac- 
*cww*uito  ,  Ttiu  puotbs  V,  Xi&:  pei  caUtm  dudis 

ipiis  tangcntib^ar3llclts,BM,CH,  SlVrL,.iiuicninnis  cas, 
^•nter  ipias,A t,RG,&:  circuuum  fii;uraru,Al)F,  RQK,ad 
rjndcm  pamem  contiiicuur,  &  dui^i„u  ipfai  (imilitcr  ad 
*-M^tm  p.<ric^.,cc)dcra  ordi.ic  lumpt.»$vCir«  |ij  prf)portU)«« 
iptanH«,AEdiC;,aam  ^nia  ,DF,.id>HA,<;il,vt,QK'.  ud,GK, 
f  cfmut«;do,l)F,  3d,QK,Q  it  vt.  BA,  ;id,GU,c\-  quia  ipfx, 
AH,RG,luiit  djamctrtvuiqu.is  ordinatim  appljcitur  dtctse 
pjraHdacidco.ibcirdctnbifliriamduiidc  »tur,c;  goacJ.)E, 
3d,<J  &,  EF,jd, CK,ccit  vt,  E'^,  ad,GR,  eodqjn  modo 
ofte!idcmi«s,Xiim,CO,ad,T}v,  tiim,C)H,.iJ,XL,clVe  vi,OA, 
ad,XK, .1. %T,  E  \,  jd,GR,St  lic,iiS,.>d>SV,  ^sNM,  ad^VP, 
dfc  vt,  NA,od,  VR.  .i.  \x ,  EA ,  ad,  GR,  fuiu  igitur  rigur.r, 
AL)F,RQK,  l:mf.c%  iiixtaiiicamdcfii)itionCTn,earum  vc, 
ro-SLt»  ;yc  tiiim  <'pp()l:tarum(  qunrumduarcx  vnapatu 
funt  ipG, L>r>QK,)  tncidcnrcs lunt  ipix, .\Ed<G. 

S  C  H  O  L  l  V.M. 

AF^rt  C trnmjmVtnmf  afi^m  Ji  fimititatm  fir»iU»m  hy^U. 
Urmm  ,  fcUtctt  fim%lts  ife ,  ^msrmm  tomftiGs  4um0ttf 
mitrfe,  ve/ tfmMrmm  fi^mrmlM/trm  edodrm  prtf^i$0mtm  h*if9$^ 
fmim  04»,  i  R,„al,4,  tm  Com.  tm  Ar, h.  bb,  dt  Ltnttatb.  &Sfb*. 
f*tJihm,4id./  \'6.  efter»  ui  ctnitrddrt  tam  fmfrsdtiid  jf^lltn^, 
^4m  v,d<4t.  <fmi  ttlmtrn :  Hdt  if^timr  ttdtm  m*dt.  qmttUd  AfcU 
knif.cmm  f»riitr  ttmc$rd»htt  (fmmft4  t*mem  hyperhU  itmt- 
fmtm  fi^mr»)  vm.it  htc  (jwetf;  hyfotefo ,fitpt$.  fmertt  ^ftrtttf  */«w 
mtn  sdp^fuomtt  imdt  dtptnitntes  dtmtmHtdmdds, 

L  E  M  M  A  I. 

ST  fint  d  'Tfimilcs  Cilidx  figura!  iuxra  dcfinitioncm 
Vndcc.  tltm.  &  in  caruin altcra  dua; alluiwaiUur  in_-» 

atn- 


o 


Atibiai  qiisccuniq,  figiir-aecoinoidcntes )  iilajjeroiicald  inul- 
cicni  3cqiic  ad  eandem  pdftdil^irftclinata^iacaJi^  dusci^i^if^ 
rcliqiu  folida  ligufu  cifdeni llmilcs  effeliipponuntur. 

Sfint  finiils^folid^  ffgur^se,  AN ,  KR  ,  in  cjrum  autcm  ^lr 
tera^AN,  fumnntur  dua^qusccumq^ffigurapinuicenJ.coiaci- 
dentes,  AVj  VH^quibu&in  reliqaia  fimilcs  li4iti>Kzi^uidem> 
AV,  &5  A&5  ipfi,  HV  :  Dico!  vtrafque,  AV,  VH,  £^que  ad  iti- 
iuccm 5  & ad eandem  partem  efleincUnatai  ?  ac (mtcip(jX^ 
18  Vndc  •  '^^'  funt  fubieais  planis  perpcn- 

Imi  ile'  dicularcsj & tunc,  AV, KA^erunt ipfisj HV, erectaovel 
noii^,  &>tunc  demittantud  ipitntiis ,  A^  Kyfubiedlis  planis 
pcrpendiculr,rcs,  AE,  KT,  &  fdperipfas  3HG,  VG,  produr- 
a'as  (llopus  fit.&nifi,  AQKWUnt  vcl  ipfis^HG,  vel 
ipfis;GV!>Y45  peipendiculaLes)  fmiilitcr  adangulos  redros 
cadantj  A\\  KX,  quidem  ipfis^  VG,  AY^&,  AE.,  KZ  5  ipfis, 
HG^  &Y5  perpcndiculjrcs^umganturqtie^J^E,  XT^PF^XZj 
&5FE5ZTV '(^oniam  crgO)  APG*,eftanguUis  rcdtusycrit  . 
Ekm"""'  qy^dratum,  AG,  arquale  quadratis ,  GP,  PA,  quadratfi  ve- 
rojPA,  sequatur  duobtis  ^uaHritis^PE,  EA,  propter  angu- 
dtfkkm  ^"^^  ^'^^'^^^5  AEP5  ergo  quadratum  ,  AG.  hoc  eft  duo  qua- 
^*"'  dl^t^,  GE,  EA^,  requabuntLir  tribus  qiudraris^,;GP,  PF,BA, 
&ablataconmiuiYt^quadrato,  EA,  quadratum^ GF,  crqua- 
Wtleir  quadrstB^j^Gf  5ri^F,  crgo-,  EP^  erit  pcppedicukvis  ipfi> 
"^'      PV,  cufctiam^eft  perpendicularis^  AB,  ergtD-^  APB  ^co-fcei»^ 
Zl^tkm  ^^^^^^"^-P^^^^^^^^^^  ^^^^VH.  Eodcm  hiodo  oftendctous^ 
«.  cm.  ^^j^  ^j^^  Indinationcm  planorum  ,  K A ,  A&  ,  &^an^ulo5>» 
EFG,  TZ Y,  effe  redos  .  Qupniam  vero  a nguUi^,  AG\^>,£b- 
qnatur  ipfi,  KYA,  (funt.n.figura^,  AV,  KA,  fimiles  ex  hypom 
tefi)  etia,  AGP,  aequabjtur,  KYX,&,  APG,  KXYreai.fuiMj 
crgo  triangula  ,  APG  ,  KXY,  fimilia  erunt .  Eodcm"  modo 
probabimus  etiam  tiiiangUla ,  A<3F vKYZ ,  eflc  fimiUa  , er- 
go,  PG,  ad,  GA,  erit  vt,  XY,  ad,YK,  &,  GA,  ad,  GF,^  r,\  K, 
ad,  YZ,  ergo  cx  aequaU',PG,  ad,  GF,  crit>t  ;XY;  nd,  YZ,  «6 
funt  latera  jpportionaUa  circa  vqualcs  anoulos,PGF,XVZo 
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lc$  ijs  )  qui 
funt  ad  vcr- 
ticcm,  ncm- 
pcjHGV,  & 
i  ia  ,  qui  a- 
ilarquantur, 
cum  fuu  fi- 
milm  figu- 
raru^HGV,. 

A,)Cl  go  6.  Sfxt? 

triangul3,P 

Gr>x\z,  c- 

nuu  fmilij, 
&:angu'.i,G 
Pr,  YXZ,  vt 
&:,GFP,VZ 
X,  iutcr  fc 
arqualcs,  cr- 
ipfijFPE, 
ZXTi  PFE, 
ZXT,  uucr 
fc  quoq;  c- 
rut  xqualcs, 
cum  li!U  rc- 

fidui  reaoru,  GPE,  GFE,YXT,  YZT^  crgo  triangula,PEF, 
X  rZ,  paritcr  fimilia  erunt.  Erit  crgo,  AP, ad,  PG,  vt,  KX,  %exn 
ad,  XVs  PG,  ad,  PF,  vt,XY',ad,XZ3     PF.ad,  PE,  t,  XZ,  ^*''"'" 
ad,  XT^  crgo  cx  xquali,  AP,  ad,  PE,  crit  vt, KX,  ad,X T,  &: 
funt  anguli,  AEP,  KTX>  rccb  >  crgo  triangula,  AI^H,  KXT,  7.  %txxl 
fimiiia  crunt ,  &:  anguli ,  APE  >  KXT,  aequj lcs ,  qui funt  in-  ^ 
clinatiincs  planorum>  AV,  KA>  ad  planajVH,  A&^.ad  can- 
dcni  paricro,  quod  oftcndcndum  crat. 
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IN  ejdeitiatitccedentisfigura  fi  ruppoiiamus  propofitas 
-Mii  Bic.  ^^^^  ^"^^  iuniles  quafcumqj  redtilincas  figuras,AV,KA, 
intcr  fe ,  necnon,  HVj  conuenicntes  in  homologis  Li- 
teribus  vtrifq:  comraunibusjGVj  YA,  fintautemhomolo- 
gae  iiiter  fe,  AG,  KY;  HG,  &  iplle  figura:  a?que  ad  ean- 
dein  partem  inuiccm  inclinatf.Dico  angulos,AGH,K 
scqualcs  cffe,  &  circa  cofdem  latcra  proportioiialia  ,  quod 
etiam  dc  aiiguHs,  DVN,QA p^,  pariter  veru  eife  olledemus. 

Hoc  autem  ex  Prop.2  5.  huius  facilecomprchcndcmus, 
funt  .n,  (ijfdem  vtibi  conftrudis)duo  oppofita  plana  paral- 
lcla  tangcntia  figuras,  AV,  KA,  ipfa,BD,HV;  LQ,& A,qui- 
bus  incidunt  plana  figur^^-um  fimilium ,  AV,  KA  ,  xque  ad 
eanderh  parfcmincliaata,  qus^fint  nobis  tanquam  prima, 
ijfdem  autcm  incidunt  ctiam  fecfidi  phtna  prima  duudcn- 
tia,  ndmpe  plana,  AGH,  KYT,  anguli  autem,  HGV,  &;YA, 
funt  a^quales,  qui  nempe  coiitincytur  comiinmibus  fedio- 
nibus  primorum,  &  fccundorum  planorfi  citm  planis,  H\', 
&:A,  qus  fiint  duo  parallclorum  planorum,  fimriitcr  angu- 
li,  AGV,'KYA,  (contcnti  communibus  fedionibus  primo- 
rum,  &  fccundorum  planoru ,  &  communibus  fcclior.ibus 
primorum  planonim,  &  ipforum,  H\',  &:A,)  funt  .xoualcs, 
itint'.n.fimilium  figurarufn,  AV,KA,^rao  etiam  aneuli, 
AGa  KY& ,  xqualcs  crunt,  vt  in  Pron.  j>.  oftcnfum 
cft.  Cum  autcm  figura?,  AV,  KA,  fii.f fimiles,     AG " fCY 
»'>-;;^ , latcra  homoioga,  erit,  AG,  ad,  GV,  vt, KY,  ad, YA,  oftcn/ 
demus  auccm  eadem  ratione,  VG,  ad,  GH^  cflfe  i-t  aY  ad 
Y&,  ergo  ex  ipquali,  AG^  ad,  GH,  crii'  vt,  KY,  ad,  Y&r  'e&^ 
.m>  Pt-ol^bimus  angulos,  DVN,  QARs , jtquales  cf- 

fe (hue  pbna,  AH,  DN ,       QJ^',  fint  parallcla  ,lrc  noti.  < 

<luod  oftcndcre  opus  erat.  -n  Krn  .,  f 
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SI  iafimilibus  rc<i1iUncis  fignriSjiuxtaEucliJcm^dLi- 
cantur  rcdxlincxqiKvcum^ncjcannidcm  latcrn  ho- 
niologa  limilucr  ad  candcm  partcm  diuidcntcs  5  ipfx  diui- 
dcnt  cafdcm  in  limilcs  hguras,  fimilcs  autcm  crunt,  qua:  nd 
candcm  parrcm  diuidcntium  Uncnrum  colhtucnturj  &:  ijf- 
(x  lccantcs  caiundcm  crunt  homologa  latcra. 

Sint  fimilcs  rcdihnca?  figurx  iuxta  Euchdcm ,  ACED, 
GMNH,  quibus  incidant  rcdx,  BF,  lOy  fccantcs  latcra  hu- 
•  mologa,  ACGMi  nccnon,  DE^HN,  fi- 
mihtCi  adcandcm  partcmjvr,  AQGM, 
in  pundis,  B>  I>     DE^  H m  punc^i^», 
F>      Dico  figuras  ab  cildcm  conftitu- 
tas  ad  candcm  partcm  >  ncmpc,  BADP, 
IGHO  j  BCrlF  ,  IMSO ,  intcr  fc  fimilcs 
clVc.  Ducaiuur  a  pundis,  B, U ad  augu- 
los  oppofitos  tccLr  lincac ,  BD ,  BEj  IH, 
IN,vt  fi  figurx^  fint  quadnlatcra*,  vcl 
multilatcrx^intrianguladilVcparcntur .  Quoniam  crgQ, 
AQ  GM,  fimiUtcr  duuduntiu-  m,  B,  U  cnt,  ^A,  ad,  IG,  vc, 
AC,  ad,  GM,  idcft,  vt,  AD>  ad,GH,crgr>  pcrmutando,BA> 
ad,  AD,  cn^  vt,  IG,  ad,  GH,  Sc  anguh,  BAl),  IGH,  funt  x- 
qualcs,  crgo,  BAD>  IGH,  crunt  triangula  fimiUa,  crgo  an- 
guli,  ADB->GHI,a^:p!alcs  cruntjfunt  autcm  arqualcs  ctLMii, 
ADF>GH(),  crg6  rchqui,  BDl ,  IHO^crui.t  aqualcs^cft  vc- 
ro,  BD,  ad;DA,  vt,  IH ,  nd,  HG,  &^  Al),  ad ,  Dl ,  x  t ,  GH> 
ad,  HO,  crgo  cx  aqunh,  BD,ad,       cll  v  t,  IH,  ad,HO,cr- 
^otriangula  ,BDl-,lHO,parucr  fimiha  crunt  anguli, 
DPB,  HOI,  mtcr  fc ,  nccuon ,  DBI ,  HI     iiucr  fc  aqualcs, 
ccrgo  anguli,  ABF,GlO,  ADr,  GHO,crunt  ctiam  arqiialc^, 
^&L  figurx,  A3FD,  GIOH,  xquiaugula:,&:  cum,  BA,  ad,DF, 
FB,  binx  fiut  in  cadcm  rationc  cum  ,  IG,  GH,  HO,  Ol  >  pa- 
tcc' ,  quod  ccum  circa  «qualcs  aiigidos  func  laccra  prppor- 
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tiaiulij>ergo  ipfe  figiinT,BADF,IGHO,fimiles  erut.  Eo* 
f ;  deai  autem  muda oftendeinus  fimiles elfc  5  BCEF^  IMNOy 
pa tec  autem  ipfas^  BF>  10,  effe  earum  la tera  bomolog.u^'> 
^juod  erat  demonftraadum  * 


L  E  M  M  A  IV. 

Sr  in  fimilibusfolidis  planis  contentis  iuxta  de£  ^r.  Vti- 
dec.  Elem.  quatuor  qu^rlibctpunda  fumantur  in  vno- 
quoq^eorundcm  ( non  tamen  in  eodcm  plano  conftiruta> 
ad  qui^angulilblidiaequalesterminantur ,  illaq^iungatur 
xedis  Lncrs,  ficntfimilcspyramides  triangulata?  compre- 
•benfa!  fub  triangulis,  ijfde  redis  lincis  iunaeniib.cotentis. 
.  Siiit  fimilia  fo!  ida^.  AHCD,  FOGL,  iiixca  dcf.  Vndcc, 
^lem.  &  in  ijs  accepta  q^uatuor  quaxiimq;  punda,  ncmpc, 
Aj  H,  C,  Dj  in  vno  ,  & ,  F>  0> 
G^L,  ia  aliofolido,  qu3e  non 
fiiit  in  eodem  plano  ,  fedad 
angulos  arquales  conftitiita, 
iOganturqj  re<ai&  lineis ,  AH, 

AC,CD,CH,HDjFO,FG, 
FL,OG,GL,LO,fiue  hxc 
lunge.uia  fint  ipforum  fimi- 
liumfolidorum  latera,  Dico 
'pyramides ,  AHCD ,  FOGL, 
•iimiles  elfe,  Vel  crgo  plana 
'  h.is  pyramides  continenti;i_j- 
funt  in  ainbiEif  foiidorum 
ex.  g.  CHD  ,  GOL ,  &  tunc  erunt  fimilra  ex  ipfa  dcfinitw- 
ne,  vel  non  fijnt  ,n  ambitu ,  tm^c  a  utem  probai,dum  eft  ni- 

aShS^RC  tnanguIa:ABC,FIG, 
Il»«anr  ;      ?f  r  'Tf^'''^^^  ^^"^  dia,sfimi- 

li»«-uiu,er5r>5cb.fcs,ACH,FGO,fta,xlescrunt,^ 

cuni 
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cinn  llc,  \Cy  ad,  CB,  vt,  TG,  nd^Gl  s  BC, ncl ,  CH ,  vt,IG, 
ad>  GO, ci ic  cx  xqnali  >  AC>  ad> CH >  vt>  l-G,  ad  ,  GOj  ca- 
dcm  racionc  olkMdciuiis>CH,  ad^  HA^cllb  vtjGO,  ad^OF, 
cx  c[uohabcbitiir  ck  xv]uali> CA>  ad^  AH,  clTc  vt  jGl',  ad, 
FO>  cr^o  Maugula>  ACH>PGO>ruinlia  cruut .  tudcni— • 
modo  {Kob.ibiuids  tria  igala>  AHL)>  VLO>  ACn>  rGLjci- 
fc  limiUa  >  cx  v|uo  coi\cliidK.'nv.is  iphs  pyiamidcs  linulcs  cf- 
fc  .  CVu^d  li  c. la  triangiila  ad,  B,  1,  tcrmiiuntia.oninia  nou 
fint  in  imbitu, ollcidcmus  tamcn  illji  cilc  limilia>crunt.n. 
Tclbafcspyramidum  >  quarum  tria  trianguU  vciticalia  c- 
ruiu  iti  ambitu,  vcl  laltcm  jli.irum  pyranudum .quarunn-^ 
triangula  fimilia  ciVc  prubabuntur  ,  quia  crunc  b.Hcs  pyra- 
m\dumtria  iriaogula  vcriicalu in ambitu  habcncium,aJ 
Ikvc  .n. tandcm  dcucnirc  nccciTc  crit :  Igitur  ollcnfuui  cll, 
quod  proponcbatur. 

C  O  R  O  L  L  A  R  I  V 

viro  in pjrMV)t  -^dustridwgtiUtis,  B4NC.  1 FGO,  txi^ 
^e^Btihni  ftmMtds  tUdriim  trtMngt$ltsvefncMUhm,  bMfet^ 
ACH,  FGO,  meceffdft^o  l^rntlet  efse9/leftfAfur»$ .  t<ii^9ex 
h§ce$Utgtmm$  fitmdtidbms  fyfMtmithms  trtamgmUttf  trtdViris- 
cmIis  trtM^tf  mU  trtbms  vertnahkms  trtMnguhsJtmtltMfini,  HtMm^ 
hfes  fimUis  e/sc^  m 


L  E  M  M  A  V. 


s 


I  (Juo  (imilia  tri.ingiil.i  fucrnu  lubicct  '  is  a-qucaJ 
^  C.T  '      .3rtcmnclinat3,ita vtconiiiu..  .s  ciimillis 

ffction  ;  -arum  btcra  h.  .m  »Ioga  ,  iqux  tanciuambafcs 

a!fnm.tnnjr  j  ab  corum  autcm  vcrticibus  rcdx  Jmci  m  fu- 
t,!imifitt:riarconftiti.tx,angulos  xqualcsciim  e6rlimh- 
tcrtbit';  hom  >logi^  conttncitcs ,  ill.r  f niut  Inbtccns  plams 
a:iU3Utcrinclinat.r,vcUilJai>  ambo  parallclo^jli  autcin 

fuc- 


t4.  Piimi 
Ileni. 

4.  Piimi 
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fiieriiu  inclinata.' ,  &  vfque  ad  fubicaa  plana  prodiicantur, 
iungantiirq;  pun6b  occurfuum  cum  extremis  bafium  di- 
aorum  cri.uiguIorum ,  pariter hinc  conrtituts  pyramides 
fimiles  crunt. 

Siiit  (imili;<  triangula,  ABD,  HPO,fubieais  planis  seque 
inclin.ita,in  balibus,BD,PO,  a  quoruin  verticibus ,  A,H, 
rcclK  linese ,  AC ,  H 
N,infub'imiconfti-  A 
tutse  cotineant  cum 
homologis  eoru  la- 
Kribus  angulos  x- 
tjuales  ,  fint  ncmpc 
anguIi,CAB,NHP, 
nccnon,CAD,VH 
Cinter  fesquales. 
Dico  ipfas^ACHN, 
fubiedis  planis  effe 
jqualiterinclinatas, 

vel  eifdcm  anibo parallelas,  ac  (fi  fint  inclinatjE ,  inci^Htq- 
ipfis  m  punais,  C,  N,  iunganturque ,  CB  ,  CD ,  NP,tNO  I 
pyramidcs,  ACDB,  HNOP,  fimilcs  cffc.  Sumatur  efgo  in, 
-  ADsCtiam  quantumuis  protenfa  vbicumq;  punaum  F  & 
accipiatur  ,n,  HO,  producla  .  fi  opus  fit ,  HL ,  ^qualis^  AR 
&  indcfinite  cxtenfis  lineis,  AQ  AB,HH  HP,  ducantur  in 
planis  FAC  FAG,  LHN,  LHP,  a  punctis-,  V^L ,  ipS 

Ah,  AG,  HI,  HM,  in  pundis,  E,  G,  I,  M,&  iu,UMntur,EG 
IM.  Qnoniam  ergo  duo  anguli,  AFG,  HLM,recti,&,F  Ag! 

EGLMCrMH^ 

FG,  LM,  GA , MH ,  a^qualia  ;  eodcm  modo  ofiendcmus  a:- 
qi^ha  effe,  FE,  LI,  EA,  IH,  vndc  cum  lint  a^quaks  EA  H 
AGHM,&anguli,EAG,IHM^ 

les,  bG,  IM,  a:quales  crunt ,  &  py ramidcs ,  AEFG  HI  F  M 
funiles,6c*qualesadinuicem  cVt.  Sufpen^^^^^^^^^ 

py- 
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PyramisVAEFG,  &: pc»aatiir^aiidiia^>  Fd  uvyL^  drmitta-  i><^n-  »^ 
turqiic^FG,  lupcr^LM^cmco  igrua,  reiiAi^riagiiiojbFGj  ^*"^*^ 
cadcmc  fupcr^  ILM,  puiicliim^B,  cric  m>I>ac  iacus,Alv^>5  7-  Pfi.  tl 
HL^alioquin  dua:  cidcinplano^  ILM  vpqrpcudiiC^iliit  ^ >  ctf 
fcat  cductrabeodcm  ^uiii^o,  L^^uo^cU  abiuudLiip  ( fum  u-  Vnd. 
autcm,  Ar^HL^pcrpcadicuhic^^^plauisBLGyiLMJicvC  c{>  ^*'"*' 
(olo  pLu\o,  ILMjCumUipcrpoauntur^cxci  y  u  KlduabuSi  ^  VndEl, 
IL,  k\t,  luu  pcrpciidicularc^  in  puiKlo,L>  cin^u,  i  A.cadci; 
fupcr,  LH,  &:  piu\aum,  A,in,H,vndc4^^jt.^m,  i;A^i..uUt  i  i^ 
IH,      AG,  iu,  HM,  punctmii,     vcr(VfV<i;lSqiU^  Ut  m,T, 
D,  in,     Cv,  C  5  iu  5  \',  cr it  c! lam  ,  1)15  rConoLvi^ijs  jpfi ,  VVa 
CD^  VS,  ir,  CB,  ipfi,  VT,  Sc  quia  auguKis ,  AbL>,  aquatiu; 
ipfu  HPO,  Ar;ll,auiem  cRcti.im  axinaliiJHTS^*^,^''^^^  ^'** 
HPO,nmt  xqualcs,  &,bT5pari!lolfl,|3P.l)icact4a  triaii-» 
gulum,>^&T,  Xi  c  ip1i,Nur,tl .    '     'V^urit^  quKv, 

iT^cilp.^    '^-^  .'.>  »r,'--^  •  •  ,  ^  '  ■'^.umupllj 

NOP,p.i        .....  .  ^  •.U  rnau^^ 

g<«lum,  KiT^adta  autcni  a  puncto^yi^  ucrpciviicui 
lari,  qux  fit,  HQ,  fccans,  ST,  w,>C^ducdtur  ju  pbiu>,NOI*^ 
K  '  ^      *  .  C^^pcrpcndicubii'»  jp<J,OP,&:  iuniM- 

tL  -1  ,  ,  .      _      nquc,  HKQ,fccct  duMtnangMla,V^i  y 
KST,  in  i  cais/YX,ZX  .  Qiua  crgv^  triangula,  KJ^T,  NOP,^ 
fimtparaUc!a,cruntciumipl>,/.X,KQiparallcIa',fcd^,  vod. 
ST,OP,funt  paraUc!x.crcj(>  jni;uli,ZXS,RQO,erutxqu.i- 
lcs,  rc^tus  crgo  ci\  ctiam  iplc,  ZSS,  lcd  cluuvi,  SXH,  icclu>.  lo.  vnd» 
c<>,  ci-go,  SX,  cll  duabus,  ZX,  XH,  pcrycndiaiU  nsA  (ub-. 
inicplanopcr  ipfas  trinfc^ini ,  ii<:<!(^ulcvii*c^iitcf  ,  SX\%oft  4.Vnd.EJ^ 
rcCias,vndc,HXZ,  cnt  inclmatK>plaiVf»run^^ST>I<>  I  ,SLV 
HXY^  incUnatio  plaaorum ,  H  VI',  SVT,  hax  aut<.m  c{\ 
qiialis  incliaatiom  plauorii,  HOl^  NQl^OLhyps^tcli,  uictl 
angulo,HQR,  idcft  angulo,  HXZ^  Crgo  ;^ngulu6,JHX,V^  qui 
Cft  totum , cft  xqua lis  angulo ,  HXZ ,  cmfdcm  pai  ti ,  qiiod 
cftabfu  dum^crgrs^ibfu'^'       •^'  "^^  r  1  4^ccrc  triaagulum, 
VSr,a  );irqi'.ic!ilhuciP.  _   _  ,      ...iftat  crgo  .  i<v  ipfr, 

vs. 


8o 


GEOMETRI^ 


'^J"^  VS ,  VT ,  funt  ctiam 

paralleliE  ipfis,  NO, 

NPj&triangulaiV 

HS,ipri,NHO,VHT, 

ipfi,  NHP,necnon, 

VST,  ipfi,NOP,  funt 

fimilia,ergo  pyrami- 

aes,HV3l,H  sOP, 

funt  fimilcs,eft  au- 

tcm  pyraniis,HVSTj 

limi'is ,  inimo  &  x- 

quahsjipfi,  ACDB,ergo  pyramides,  ACDB  ,H^OP,  in- 

ter  fe finiiles  crunt,  &  angu'i,  ACF,  H7T,  ACD, HVS,in- 

ter  fc  aeciuales ,  ergo ,  AC,  H    rcdccl.ne^  ftanres  in  fubli- 

mi,  & cum  ipfis, GD,CB,  VS,  VT,angL»los «quales  conti- 

nentcs ( a  quibus  etiam  contcnti  anguli ,  IX^B ,  SVT,  funt 
y •  VflJ.  cequales)  enint  ad  plana  triangulorum,  CDB,  NOP,  aequa- 

Jitcrinclinata,  &funt  ipf^p  pyramides,  ACDBjHNOP,^- 
miles,  vt  propofitum  fuit  demonftrare. 

Si  vcro  reaslineaeangulos  ^quales  cum  ipfis,DA,  AB, 
OH,  HP,  continentes  cffeiit  ipfa?,  Ar,  HA,q.iarum,  AH,ef- 
fet  parallcb  plano,VST,  probaremus  ctiam,rA,  elfe  paral- 
lclam  plano,  CDB,  alioqum  fi  cum  ipfo  produda  concur- 
rcret,  etiam ,  AH ,  ex  fupra  oftcnfis ,  produaa  concurrcret 
cum  plano  t.  ianguli  VST.  Vcl  pr.Tintellea.s  duabus  iam 
datis,  AC,  H       fuppofita  fuperiori  conftruaione, often- 
deremus,  vt  fupra,  tria  latcra,  rA,  aH,  AD,  HD;  AB,  H^'. 
cftc  ad  imucem  fuperpofita,  vndc  li,  ^H,  aquidiftat  plano," 
NOP,  etiam  neccfte  effc  concIuderetur,iiH,  feu,  FA,  in  ca 
c6ftitutam,a;quidiftare  plano,  NOP,vel  ipfi,  yST,  fcu,rA, 
CDB,  quod  erat  oftcndendum. 


CO- 


L  I  B  E  R   I.  s, 
COROLLARIVM. 

EAT  h9C  Limmdte  coHtgitur  fimilittm  folicioTum ,  ittxti  Ettdi" 
dts  defit$it$onemj4ter4  homclogM  qiidcuf}que,uel(duAhus  irt 
dmbitm  qutkmfcmmefue  figmris  fsmilihus  dfsumpt$s  )  iscert  in  pUrs§ 
fimiUmm  dt^drumfigurdrum,  dut  tBis  dquidtftdre ,  vel  dqudlitler 
dsfdem incUmdn %ys$n figurd  Lemmdttin.  ex. g.  CD,GL,  (df 
fumftssfimUstms  figuris  ^  HCD ,  OGL , ;  tdcent  in  edrum  pUno^ 
BA,  IF,  dmetm  vtl dmh  tOs  dqutdiHdUt,  veletfdem  funt  dqudU^ 
iertmcUmdSd,  mdm  tunclis,  AC,  AH,  FG,  FO,  nift  hdc  fintUtcrd 
diClwum  fslidorum  ,fimut  dUguU,  BAH,  IFO.  BAC,  IFG,  dqud.  L<m«i 
Us ,  f!r  trtdnguU,  ACH,  FGO,  ftmtUd ,  ndm  fyrdmides,  ABCH^ 
TIGO,  fuut  snser  fe fimtles,  iffd  vero  trtduguU.ACH  JGO.dqtit  Lcam 
dd  edudem pdrtem  tncUndntur  tpfts,  HCD,  OGL,  cum  etidm,  aC 
H D,FGLO,pyrdm$des  ftnt  fsmtles  ex  eodem  Lemmdte  ^.vndt 
vel»AB.  FI,  dqutdsfiat  bdftbus,  CHd.  GOL,vel  funt  etfdt  tqu^ 
Uter  tmcUndtd ,  idem  dc  cdterts  hcm$Icgis  qutiufcumq-^  Uteribus, 
qutbutltbet  ftmtUbus figuris  im  dmbttm  dfumpsts  cmfdrdtts  ,fd^ 
riter  tnteBigendum  erti. 

L  E  M  M  A  VI. 

SI  iiifimilibiisfolidis  iiixta  Eiiclidcm  Juc.inturplan.u^ 
duabuj  quibufcumqj  fumlibus  fiijuris  iu  corum  ambi- 
tiialTumptis  pnrallcb  5  quar  vt  corum  balcs  acci|iianrur  s 
diuidaiu  autcmducb  plana  corum  altiruJiiKs^ rclpcclii 
dictarum  bafium  captas,  (imilitcrndcandcm  partcm^qux- 
cumqs  latcra  homologa  ab  cifdcra  fccabuntur,  fimilircr  jd 
candcm  partcm  diuidcntur. 

Sint  infunilibus  folidi^  iuxta  Euclidia  dcfinitioncm^.  , 
Vi^dcc.Elcm.alfumptx  inambitudujcfnmlcs  figurx  tan- 
quam  bafcs,  cx.g.  triangula  fimilia,  ADP;,  MKN^fint  vcrp 
jdc  nmbitu  ctiam  dcfcripta  triangula  fimiha ,  AHI ,  MSQ  , 
'  AHDj  MSKi  &:,IHD>QSK  >  quibus  cuam  adiungantur  la- 
♦  L  tcra 
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Z>  leoi' 
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tera  homolo- 
ga,IF,QP,ad 
vertices ,  F ,  P> 
refpeiSlu  dida- 
rum  baduni— » 
captos,pertia- 
gentia,rcli(^nis 
oiiniflis  figiiris 
eorum  ambitu 
compIentibus,.ne  nimia  fierct  Schcmntis  confliHo,  fmt 
autcm  a  vcrticibiis  ,  F,  P,  dcmil^B:  aHtuc!incs  rcrpcdu  ba- 
Jium,  ADmMKK,  ipfe,  FC,  P6,planis  bnfium  ^n  punai^, 
P,  0,  occ\iiYen,tcs,  dMais  aiitemduobus  p[a„is  q^uoHiodo'- 

cumq,bafibusparalMis,&fccantibusaltitudmes,FC,Pa, 
limihter  adeand-cm  partem  in  pundis',  A^^F,  eadenX  fcccnt 
latera  homologa  ex.g.  lH,%  inp„ndis,  OZ.  Dico  in^ 
cifdcnrfccari  fimiliicr  adeandem  partcm  .  Prodiicantur 
ergo,  HI,  SQ,  hinc  inde,ita  vt  (nifi  hoc  ipfis  cotiijga  t  Bfcr- 
«o,  quod  prodncantur )  ad  plana  bafiiim ,  DAB  5  KMH  & 
eifdema.qi,i<}ifbntic,  plana  ppr^verticej,  F,  P,duaa,rcrmi. 
nentur ,  vt  m  punais  L,  T,  G,  R,  ^  pundis  vcro,  G,  R  d  - 
mittantur  ad  plana  didarum  bafiura  perpcndiculare  r  F 
KX,  1  hs  incdcntesin,  E,  X,  &:  iungantu?, L,  F  TX 
htcra.e«icrbus,F,P,adp^ 

FB,  PN,  &  n,,igantur,  BC,Na  Quoniam  ergo  larcra  I  b 
mologa,HI,SQ,contmentcumh^;^ologislicribS^^^^^ 

bus,  DAB,  KMN,  mdmatorum  ( qui;,,  rADBfoMNir 

fent  fimiles  pyramides)  angulos  a:qualcs  & ^  ' 

dunt  in  plana  diaarnm  baLm  in,  L  T  tt^.i^ 

liter  inclinnta,  crgo  aim,h,  GLE  RTY  .    f '^-^^'^f  qua- 

GEL,RXT,funtr^c^,^g:\H^^^^^^^^^ 

5  pr  rite'^^' r''  '"'^"^  SH,;d,S;'rFc 

ad,  PO.  Vlteruis  fi  mnseren>us,FA,  FD,  PM,  PK ,  ficr^nt 
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circ.ulplanabafuiinjDAB^KMNjrimilitcr  inclinnt.i 
fnbmdc  angulos,  FBC,  PxNOj  cncxqiiales ,  &:  cum  linr  ic- 
cii>  FCB>  PNO,  tnanguln,  FBC,  PNO,  cffc  xquianguLh  5c 
vtj rC,  ndj  PO,  itn  eflc, FB,  nd>  PN  ^  etinm manifclhim  cf- 
fct,  fcd  vt,  FQ  nd,  IX),  it;j  cft,  GL ,  ad ,  RT,  &  vt ,  FB ,  a d, 
PN,  ita>  BDsndjNK,^:  ita  quodcunqs  latus  in  folido^FHB, 
^ndlacus  libi  homolo^umin  folido,PSN,idc(t  ita  jlHl,  ad,  19.  Qom. 
QS3crgo  vt,GL,ad3RT,ita,HI,ad,SQ,&:ita  cGporitiuii 
cxrcliduis5LH,IGjadcompofitucxrcfKUns,TS>QR,funt  ei  lcj». 
aut,  LH,TS,  latera  homologa  fimiliu  pyramidum,HLAD, 
STMK,  crgo  vr,HA,  a<i,SM ,  vcl  \"t,  HI ,  ad ,  SQ ,  ita,  HL, 
ad-, ST,  ergo  ctiam  rcliqua ,  IG ,  ad  rcliquam , QR ,  eft  vt> 
HI,  ad,  SQ,  vcl  vt  altitudo,  FC,  ad,  PO,  vcl  vt,  GL,ad,RT, 
vcl  vt,  Gn,  ad,  RZ.funt  cnim  ipfx,  GL,  RT,  fimilitcr  ad 
'Caiadciu  partcm  fcctr  in  punclis,  n,  Z,nam  limilitcr  fccan- 
tur ac-,  FC ,  PO  ,in  punilis ,  A ,  F,  crgo  ctiam  rcliqui,  117, 
^d, QZ,  crit  vt  tota ,  Gn,  ad  totam .  RZ ,  idcft  vt  ^ FC ,  ad, 
PO.  Eodan  modo  oftcndcmus ,  nH ,  ad ,  ZS ,  cflc  vt,  FC, 
nd,  10,  crgo,  in,  ad,  QZ,crit  n,  nH,  ad,ZS,5v:  iK-rmutan- 
dcsln,  .id>  nH,crit  vt,QZ,ad,ZS,funtergo  latcra  homo- 
loga  ,  IH ,  QS  5  limilitcr  ad  candcm  partcni  fccti  a  prarfatis 
planis  ,quod  codcm  mododcquibufcumqshomologis  la- 
tcnbus ,  qux  contingat  diitk  planis  fccari ,  p.uitci  c  flcii- 
dciuusjhoc  vcr«j  dcmonftrnrc  propulitum  fiiit. 

C  O  R  O  L  L  A  R  I  V  NL 

EX  hoc  didtem  Ltmmduinfuper  hahaur  ncdum  Uterd  henH» 
loiAfimiUum  fe\ii(^um,  fed  ctiMm ,  fi  tHd  ffoducdntur  vfq^ 
ddofpofitd  tAKgentta  pUnd ,  corfttn  rcfidua ,  vtl tpfd  tot4 ,  cjsc  v$ 
coTUfft  dUids  aliitudt  tcj. 
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THFO- 
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THEOREMATA  XXVI.  PROP.  XXIX. 

SI  in  duobus  fimilibus  folidis  iuxta  def,  p.  Vn- 
dec.Elem.accipiantur,ac  in  eorumdem  am- 
bitu ,  duae  quzecumque  fimiles  figursE  planac 
tanquam  bafes,  quibusparaUela  ducantur  qus- 
curaqj  plana  eadem  fecantia  ,necndn  eorum  al- 
titudines,  refpe^au  didarum  bafium  iafTumptas, 
fimiliter  ad  eandem  partem  diuidentia .  Produ- 
^laeijfdem  infolidis  figura:  fimiles  erunt  iuxta-r 
definitionem  i  o.  huiiis,& omniu  homologJE  dua- 
busquibufdam  regulis  «quidiftabunc 

Sint  fimilia  folida  iuxta  M    Vndcc.  Elera.  ipfa,  AEF 
SOGo,  Tl&pfSs ,  fiT  cortiiB  autem  ambicu  capiaiitur  iimr- 
lcs  qu^cumq;  figura;  pbii«,OGFS,f  8&p,quibus  paralk- 
la  ducantur  duo  quxciimq;  plana  cadem  feGantia,necno« 
&altitudines  refpeclu  dKStarum  bafium  aiTumptas  fimiii- 
ter  adxaadan^pirtera  diuidentia,ac  in  ipfis  folidis  figuras, 
1.HM1  ,  YVZd„produGentia.  Dico  has  elTe  fimiles  ficuras. 
jLi.iasu.xtadef.io.huius,.omniumqjfic  produaarumia 
iiidis  (ohdis  homologas  duabus  qmbufda  regulis,vt  cx. 
2)fis,0S,fp,a:quidiftare.  Igitur figurarum  ambientiui« 
diaafohdadua^alia^limiles  quxcumqicapi^ntur  cumba- 
ftbus  concurrentes,  vt  cx.  g.  oOS,  sfp ,  Urli,  triangul.L^, 
ducantur  autcmprgfuis  b,fibx.soppofita  tangentK-fplana, 

ITll      '     &/«'igantur,  SB,  pQ,efto  autcm,quod  pla- 
na  figurarum, LHMP, YVZd,  duufcrint  plana  fi2  nrt™ 
orrf^'"''^ --ais,KN, ug, qu/abS  Qp: 
BO>Qf,fcccncur«i,I,X,Ku,^iu.igantur,LK,piY„^^^^ 

Qup. 
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L  I  B 

Qiu^nLim  crgo  plan.i 

a V>  prxchdl.is  altitudi- 
ncs  rimilircr  jJcrulcm 
p  irtcm  diutdcncin  ,  fc- 

l.ucrahomolog.i, 
a  >,  Ts,  finTilitcr  .id  ca- 
'dcmpartcmin  pfidis, 
Lr^  Yvvt  ctii  5  AG,  TS> 
in>HV>CTunt  figurx, 
ALH>T\'V>ndcadcm 
partcm  fcc.intiu,  HL> 
VV>con{liturx  intcr  fc 
fimilcs>&:  cnrum  Litcn  ho- 
mologa  }p{x  >  HL>  V  Vs  co- 
icm  m<^do  oftcndcmus  fi- 
nnlescfrcj>i:is>EALlMT 
Yd>  &  ctrum  latcn  honra- 
loga  ipGsj  LP>Y(i>  funt 
tcm  figiirx  >  AEPL  >  ALH> 
jnuiccm  adcidcm  p.irtcm 
gequc  inclinacx  >  ac  ipfv,  T 
IdV>TVV>cumfint  inpln- 
nis  fimilium  figurarum  >  A 
ESo>TIp9>AGOo>T3fs> 

fonrinuiccm  ad  cnn- 
dcn^  parrcm  aequi  inclinntx  >  crgo  nnguli>  HLP>  VYd  >  ho- 
mologis  latcribos  conrcnri  crunt  xqualcs>  &:circn  cofdem 
latcra  crunr  proporridnalia.Eodcm  modo  oftcndcmuscf- 
ccros  angulos,  LPM>  YcfZ  >  intcr  fc >  nccnon ,  PMH ,  dZV, 
3C  >  MHL ,  ZW>  xqualcs  cfTc ,  &:  circa  xqnalcs  angulos  la- 
tcra  cxiftcrc  proporrionplin  >  crgo  fieurx ,  LHMP,  YVId, 
fimilcscrutiuxraEuclrdcni^ergoctiainfimilescruntiux-  Dfffn."  t; 

W(lcfimC.io.Iwius,  ****** 
  Rc 


t. 

1»  Lcak 
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Rcliqnum  cfljVt  dcmonftremus  earum  homologiis  du5-  f 
busnfTumptisrcgulis^OS^fpjOmncs  cequidiftare:  Etqui- 
dem  fi  pLina  reccnt  figuras  ^  oOS ,  sfp,  hoc  mnnifcftum  eft, 
ctenim  produclx  Hncf  ipfis  bafibus^OSjsp^crunt  parallcLr^ 
&  Intera  homologa  fimrlium  figurarum  ex  traic6lis  planis  jj 
in  folidis  produ6lnrum,  Si  vero  plnna  parallela  fecent  duas 
figuras  ipfis^oOS^sfp^continuatns,  vtifaciunt  plana  figii- 
rarum,  HMPL,  VZd quse  ctiam  fecant  plana  figurarum, 
0OS5  sfp,  produda  in  rcaisjKNjUg^oftendemus  ipfas^KN, 
ug,  cftc  rcgulns  homologarum  fimilium  figuraru ,  LHMP>  .  r 
VZrdY^iundisjPK^du.  Quia  enim^Oojfsjfuntipforum  j  g 
fimilium  folidorum  latera  homologn,  produda,  ac  termi- 
nata  ad  baftum  plann:)  &c  oppofitorum  tnngentium^in  pun-  j 
cifum.  ^^^'  ided^BOjQf,  funt  fmiiliter  ad  candem  par- 

^ or.  cm.  ^^^^^  ^^^^  .^^^    ^^g^  nedum, Oo, fs,  fcd  etiam,  0B5  sQ,  funt  ^ 

vt  corum  altitudines  fumptf  rcfpedu  didarum  bafiumjfed  H 
fic  ctiam  funt  ipfa:,  oS,  sp,  latcra  homologa ,  ergo  5  Bo,  ad,  ^ 
oS,  eft  vt,  Qs,  nd>  sp,  &  a  ngulos  a^quaks  5  BoS  5  Qsp,  com-  ^ 
6.Scx.Elc.  pleiStutur  latcrn  proportionalia,  ergo  triangula,  BoSjQsp^  -i 
funt  fimiha  ,  cum  vcro  fint  in  planis  triangulorum  5  oOS^ 
sfpj  funt  ctinm  fimilibus  figuris^ LPSo,  Ydps, a:quc  ad  can-  ^ 
X«  Lem.  dem  pnrtem  incHnatn  5  quibus  communia  funt  homologa  ^ 
Intcrn,  0S5  sp,  crgo  nnguli^KoL^usYj  inter  fc,  necnon^Psr^         '  ^ 
Cor.Lcm.  dpX,  sequnlcs  crunt^  cum  vero,  BS, Qp^  fint  vt  di£be  altitu- 
ioto  1 16.  ^^^^^^'^     etinnij  IS^Xp,  nccnon,  PS,  dp,  (ctenim^BS^Qp,  ^ 
I,  X,  &,  ES,  Ip,  fimilitcr  fecantii„&  ad  cnndcm  partcm,         |  «1 
(hSex.£le.  in punais,  P,  d,)  erir,  IS,  ad,  SP,  vt,  Xp,  ad,  pd,  &:  circum-  W 
.ftant  angulos  squales,  ISP,  Xpd,  crgo  trianguIa,ISP,  Xpd, 
funt  fimilia  .  ,Eodcm  modo  oftcndemus  llmilia  clfc  trian- 
gula,  LoK,  Ysu  .  Vltcrius,  quia  cft,  Ko,  ad,  oS,  vt,  us,  ad,  4, 
sp,&joS,ad,SI,vt,sp,  ad,pX,&:anguli,KoS,  usp,ncc- 
non,  oSI,  spX,  funt  a:qualcs,  idco  trapczia,  KoSI,  uspX,  c- 
runt  fimiUa,  fed  ctiam  hgura:,  LPSo,  Ydps,  funt  fimiles,  cft 
aiitcm,  KL,  ad,  Lo,  vt,  uY,  nd ,  Ys,  & ,  oL ,  ad ,  LP,  vt,  sY, 

ad, 
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ad^Vd><^*go>KL,  acl>  ^ 
LP>critvr,  iiYt^ndjYd, 
codcm  modo  nutcm 
oftcadcmus  5LP,  PI> 
IK5  KLjbiriascflcin-t 
cadcm  proportiortc^ 
cum  iplis,  YdndXjXu, 
ViY-Mnnifcftamcft;iu- 
tcm  fi  iugcrcmus,  AO> 
Tr,AS,Tp,quodficrcc 
fimilcs^pyramiclcs  tri- 
nivnilarx  ipfx ,  AO(^S, 
Tf^p,  llmilibus.n.trKi- 

auris  comprchcndcrcntur, 

vc  mcJitnuci  compcrtiiin 

fict,  idco  pbnn,  AoO,  Tsf, 

idcll  triaguln  frmilin^LlCo, 

Yus, fimt  .^qvie  nd  candtin 

partcm  ipfis  fimilibus  figu^ 

ii5,LPSo,Ydps,inclmitn, 

cumquibuscoincidunt  in 

latcribus  homologis, Lo, 

Ysjcrgo  auguliiKLPjuYd, 

crunt  nf  qualcs ,  quibus  cir- 

cumftatldtcrn      "  ^i^- 

nalu>vtprobni  -  l-o  Pi 

so  triansuln, KLP, uYd, finlilla  crunr, & enr, kP, nd, PL, 
vt,  ud,  n"d,  dY,  cft  vcro,  t>L.  nc^  PL  vt,  dY,  nd,  dX,  er^o  cx 
xquali,  KP,  ad,  PI,  crit  vt,  ud,  nd,  ^X^cft  nutcm. PIvhI.IK, 
TvdX.  nd.Xu^crgotnnnoruli  quoquc.PM,  JuX,p^ttnr^^^ 
' f  nnlin  cruftt,  vndc  nnauir,  Ll>I.  YdX  s  PTK.  c^Xu  .  IKL. 
X  uY^iquntcs  crunt.  Ducnntiir  nunc  inplnnt.  figurnrum. 
L  HV1P>  V\7.d,  a  punais  L,  Y,  pn  rnllclx,  KN^^^^ 
Ya  Cum  igitur  angulb  LKI,  YuX,  fmt  .rqnnlcs,ctia,KL3> 


£1  LeoBi: 


Ex  leri^ 
1« 
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u  Y4,  aequalcs  cmnt,  fcd  &,  KLP,  uYd,  funt  jequales ,  crgo 

rcridtii  quoque,  5LP,  ^Yd,  crunt  icq^uales,  vnde  cum  ipfe» 

h^iul'^'       ^4'  contincant  cum  lateribus  homologis ,  LP,  Yd,  ad 
"       eandem  partem  angulos  ^  quales,crunt  regul^e  homologa- 
rum  fimilxum  figurarum,  LHMP,  YVZd.,  viide  etiam  ipfje, 
KN,  ug,  vel  ipfae ,  OS,  f  p ,  erunt  rcgulae  homologarum  ea- 
rundem,  funt  ,n.  OS,KN,  parallek,  vtetiam,  ug,  fp,vnde 
omnes  homologae  fimilium  figurarum ,  LHMP,  YVZd,  ip- 
fis  rcgulis,  03,  fp,  xquidiftabut,  quod  &  de  cseteris  eodcm 
modo  oftcndecur ,  dum  fedio  fict  in  figuris ,  AESo ,  Tlps . 
Qupd  fi  figuris,AESo,TIps,aliae  figur^  planje  continuaren- 
tur  citra  contadum  planorum  bafibus  oppofitorum  ,cum 
his  in  lateribus  homologis,  AE,  Tl,  conucnientes ,  quibus 
ertent  inclinata? ,  parum  diftimili  mcthodo ,  producentes, 
OB,  fQ,  vfq;  ad  tangentia  plana,&:  occurfuum  puntaa  cum 
ipfis,  S,  p,  iungentcs,necnon  extrema  laterum  homologo- 
rum,  quaha  fuerunt,  LP,  Yd ,  cum  extremis  reOarum  in_j 
trTa-ngulis  (quaUa  fucrunt,  BOS^  Qfp,)  produaarum ,  pari- 
ter  iuiigentes,  vt  fecimus  cum  ipfis,  KI,  uX,  oftcndercmus 
figuras  his  dudis  comprehenfas,  qualcs  fucrunt,  £plK,Yci 
Xu,effe  fimi!cs,cx  quo  propofitum  quoq;  noftrum  habere- 
mus.  Similiter  fi  anguli  folidi,  O,  f,  pluribus,  quam  tiibus 
anguhs  planis  contineantur ,  currit  tamen  denionftratiq, 

1«^  Um.  cum  triangula ,  GOo ,  8fs ,  licet  iion  fint  in  ambitu  folido- 
rum  hnt  tamen  limilia  ,  &  xqu^:  ad  candem  partcm  incii- 
nata  figuris ,  cum  quibus  cdncurrunt ,  ctcnim  cx.  g.  pyra- 
mides  ,SGOo ,  pSfs ,  fi  eorum  latera  iungerentur ,  fimiles 
cftent ,  quapropter  ipfius  dcmonftrationis  vis  npn  cnerua- 
tur.  SimiliterfijoOSjsfpjnoneftbnttrianguIajfcd  ali« 
qu^cumqj  figurx  fimilcs,  pro,  oS,sp,acceptis  lateribus  ip. 

is,Oo,fs,adiunaa,os,contcrminantibus,&planis  adhcc 
latcrapanterterminantibus,  eodemmodo  dcmonftratio 
abfolucretunh^c  omnia  autcn?  fingiUatim  profequi  nimis 
longum,  ac  fchematibus  rem  apenrc,res  tricis  pkna  cffet, 

qua- 
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qunpropter    Lcifloris  _A 
indullrix  hoc  rclin- 
quo ,  fi  cnim  ca  rcdc 
pcrccpcrit ,  c\\\x  fupc- 
rias  cxplic.ua  funt,  cir 
ca  huius  vcritatc  mi- 
nimchrfitabit ,  infini- 
u  autcm  fimiluun  fo- 
lidorum  planiscotcn- 
torum  varictas  clficit, 
vt  a?gr^  ipfuis  dcmo  i- 
ftrati  ^nis  vniiicrfilit.i- 
tem  oculis  fubijccrc 
portim  ^  quod  Lc^v)r  xqui, 
boniq;ficlat>hxc  vcro  o- 
ftcndcnda  proponcbantur, 

TH.  XKVIL  PROP.XXX. 

POfitadef.p.  Vn- 
dcc.  Elcm.  fimi- 
lium  folidarum 
figurarum ,  fcquitur  & 
mea  definitio  genera- 
lis  fimilium  folidorum^ 

AfTumptis  dcnuo  ant.  Prop.  figuris,  fun  adhuc  fimilia^^ 
folida  iuxta  Euclidcm  ipfa  >  AGS>T8p  .  Dico  cadcm  clfc 
ctiara  fimilia  uixta  dcf.  1 1.  huius,quam  dcfimilibus  foli- 
dis  gcncralitcr  attuli.  Sint  autcm  du6la  cadcm  oppofito^ 
tangcntia  plana^vt  ibi^ita  vt  dux  fimilcs  figura^jGFSO, 
f  8&p,  ftnt  plana  cotaauum  cx  vna  pnrtc,  cx  alia  vcro  fint 
plana  tangcnti:i,  AQ TR,  captis  autcm  alijs  duabus  fimili- 
^  M  bus 
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bus  figurls  cum  bafibusconcurrentibus,iplis  ncmpc.OSo^ 
fps,  ilbrum  plana  extendantur,  ita  vt fcxent  oppolita  tan- 
^entia  plana ,  in  rcdis  ncmpc,  BC,  OD  j  QR,f^ ;  cxtenfis 
autcm  Vlterius  planis ,  GOo,  8fs,  qu^  nunc  fint  in  ambiti- 
bus  foiiJoru  ipfa  fcccnt  oppof ta  tangcnriaplana  in  redis,. 
AB,  1  Qj  GO,  8f,  &  plana  ligiurarLim,  OSo,  fps,  produdiL^ 
inreclis,BO,  Qf,(ccenturver6ha£cfolida  duobus  planis 
oppoiitis  taagcatibus  parallelis  vtcumque ,  &:  lint  iila  ea- 
acm",quajia(oiidis  produxerunt  figuras,LHMP,  YVZd,. 
lutta  itf.  jfta:ergo.funiles  eruni,  &eanimhomo;orcc,fi  pro  repulis 
hum..  afruimmus  iterum  iplhs,  OS,  fp,  eifdcm  quoque.iEqma^lta-. 
bunt ,  ergo  in  eifdem  figuris  habebimus  etiam  homolo<^as 
*J.i>u«i.  aiias  xqmdiftnntes  regulis  qmbulcumqj  cum  iufis,  OS,  tp^ 
angulos  .tquales  ad  eandcm  partem  contincntjbu.s,cum_s 
crgo  ipfe,  GO, 8  f,  nngulos  isquaies  cum  ipfis, OS,  fix^ad 
eandcm  partem  conriueaut ,  idc6  omnium  homoloffic  d  i- • 
riter  duabus,GO,  8i;  tanquam  nouis  reguiis  a^qmdilhbV t, 
ilhs  autem, qux  tangut  cx  vna  parfefigijras,  GrSO,8&t>i;: 
ducantur  ex  alia  parte oppofita.-  tangcntcs,  FD,  &r.,  ita  vc 
incidantdua^,  GO,  FD,  plano,Bp,.n  punctii,0,D,3<:duarj 
8f,       p  ano,  QP.,  m  pund.s,  f,  R.,fint  autcm  iuna^,ODl 
2'  iim^hter  hgura  rum,  HMl^i:,  VZd Y,.fint  dudcs  opno^ 
AT"'"  "^'S^Ji^ .  GO,  8f ,  paralleL-.,  planis, 

tem        ^"""'^."^"    pun6^is,K,.N ug , nmgantur n u-^ 
tem,      ,  „g  &     ca-terarum  fk;  producibiUii  fi^nraru.n- 
in  c.hg.nrur  ducte  oppofit.^ rangentes  ipfis , Got  S 
rallela,& produdx  vfq^  ad  plana^BD^QH^punclac.  occuf" 

ieaLri)nc.,BO,CD,Qf,Kli.  Cum  crgo,  GO,Sf  fint  ho 

rSsl^'-'" -"S-- figurVrtm  mt 
mini,  OGFS,.f8^p,incidantautcmillis  adc^undr.n 

.t>,ideo,0D,f^-,eruntincidente6iimiliumfiau,.,,a,bG 
-i>.&  oppoficarum  tangcnrium ,  GO,  rD^Sf, 
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Simiilter  in  fi^urissH 
MPL,VZdY,oftcndc. 
mus  cllc  ipfarum  iiici- 
dctcs^  nc  oppofitnrum 

VujZg,  ipfns,  KN,  ug, 
fi  .n.  iungcrcmu5,MK^ 
Zu ,  probarctur ,  MH^ 
ad,  HK,circvt,ZVvid, 
Vu,  i  funt  .n.fimilcsfi. 
giirx,HMPL,VZdV; 
nccnon,LPK%Vdu,cir- 
cumftant  nutcm  Lncra 
proportionalia  angulosx- 
quales,  MHK,  ZVU5&  idco 
oftcndcrcinus  triangulajM 
HKjZVu,  clTcfimiliajvndc 
patcrct  angulos,  HKM,  Vii 
Z ,  cflc  xqualcs ,  fcd  cti.im, 
HKN ,  Vug ,  fuiu  xqualcs 
crgopatcrct  anguIos^MK 
N5  Ztfg,  clTc  aeqiialcs ,  funt 
autcm  ctiam  xqualcs,  MN 
Zgu  >  crgo  triangula  ,  M 

vt,  KN,  ad,  ug,  incidunt  autcm,  KN,ug,  oppofitis  tangcn- 
tibus,HK,MN\Vu,Zg,adcundcm  nngulfi  cx  cadcm  pnr- 
tc^crgo  ipfarum  tangcntium,  nc  figuramm  (iint  inciJctcsj 
KN^  U2, cum  vcro,  KN\  ad,  u  g,  fic  \  t,  MK,  :id,  Zu,  idcft  vt, 
MH^ndjZV^vclvtquoduis  folidorum  latus  homologuni 
ad  quoduis  latus  homologum,  idcft  vt,  GO^  ad,8f,idcft  vt, 
OD,  nd,  f  Ol),  autcm  ad,  f  liJ,  fit  vt^KOvid^Qf.idco^KNj 
ad,r  -     -      -'^  ^idjQGSc  duudunt  finnhtcradcai^dcm 

M    i  P^^t- 
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Ir^^^jl^H'  P"'"^'' '     >      incidunt  ip/Is, 

OD, Qf, r9e,  ad  eundem  angulum  ex  eadem  p3rtc_^, 
lunt  .n  anguli,  BOD>  Qfgi,  £equaIes,quod  &  de  csteris  in- 
^^'''^""busprobabitur^ergofigur^e^BODCQmR^qu» 

fufu"  ''P/""'  '^'T"  ^'"^^  incideates,runt  fimiIes,S^arum  ho- 
molog.^jpla:mcidctes,quarumomniumrcauI;efunt,OD, 

i^». f  l^,  &  imu  ipfo.  figur.^ ,  BD,Q& ,  a^que  ad  eandem  partem 
iplis  balibus  inchnat^,  cum  finr  in  planis  figurarum ,  oOS, 
sfp,  ergo  diaa  folida  funt  etia  fimiUa  iuxta  def.  1 1 .  huius. 
Quod  li  p  ana,  GOo,  8fs,non  elTent  in  ambitu  fimilium  di- 
Ctorumfo]idorum,faciletamen  oftenderemus  portiones 
lohdorum  vltra  eadem  plana  exiftentes cife fimiles , ac  ip- 
larum,  &  oppofitorum  tangentium  planoru  iam  djctoruin 
incidentes  repcriri  in  planis  figurariUTi, BD,  Q5---  cum  cif- 
demmtegrantcs  hguras  incidentes  intcgr.rum  UiuHuni 

ilt?r'-r  '^'^'r^PP°^'^°"""  tangr.:tiu,  quod  ipc- 
CulautifaciIemnotefcet,hocautemecaioikndendum: 

L   E   M   M  A, 

rrcull omnes  ,necno,i  remicirculi  funtfimiles  iuxfa 
V>  meamdefinitioncm  fimilium  pbnarum  figurrrum, 

^eor«m,&tangentiumoppofitnrum,qu.abeftremi^^^ 
t.bus  d,ametroru  ducuntur  ,  incidentes  funt  ,nfi  dilm«" 

S.atcrrcuh,ABCD,ONQ,q»orumd,ametUAQOO 

LQ.  Dico  hos  circulos  effe  fimiles u.xta  meam  definitio 
nem  fim.hum  planarum  fig„-arum, &  eorum,&:  dud"  tl' 
oppofitarumtangcntu.muus  efle  .pfa^d^W^o" 

AC, OQ,  qu.-eetum  de fcmicirculis  verificantur  D.-,^? 
tri  ergo,  AC,  OQ,  diu.dantur  (Imihter ad  ^'  »1;  „ 
sn  pun6bs,E,M,d  q"ibus  vfq,adcircumtm  Ja"5 

•  ^^^"S»Io.rcao.diametros_di«idantJ,am>p?;^^^^^ 

riunr 
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cnmc illi?  pcrpcadicalares  >  igltiir 
qiudratum>  BE>  crit  xqiialc  rc- 
^tangulo,  AEC>  ficuti  quadratum> 
NM>a:qualcrcdjngulo>OMQ5rc- 
ftangulum  autcm^AEC^ad  qua- 
dratum  >  EC  >  cft  vt  >  AE  >  ad  >  EQ 
idcft  vt  y  OM  >  ad  ,  MQ >  idcft  vt  rc-  R 
ctingutum  >OMQ>ad  qiudratum>  N 
MQ  >  idcft  vt  quadratum  ,  NM  >  ad 
quadratum>MQ^rgo  quadraium, 
BE>  ad  quadratum>EC>  cft'  vt  qua- 
dratu>NNt,ad  quad.  MQ^^  qua:  au- 
tcmhic  ruppoiiiuuur>  vtl  ^  ctantur 

cx  Eucl.lib.tlcm.vclcx  rcqucnti mcolib.iaquo>quxhi>  ^^.^^ 
afPimMnrur  indcpendcntcrabhcc  lcmatc  dcmuuftratui  ^J^^!\ci 
crg  '>  liE>  ad>  EC>  crit  vt ,  NM,  ad,  MQ,  pcrnuitando,  BE>  lo  scni 
:>  '     *  %Cit  \t,EC>ad  NtQjVcl  vt>  AC>  ad>OQ>igitur>qua:  ^^"^ 

inr  ipristangcntibusTA,  HO>&  fimilitcr  adcan- 
dcm  paricm\tcumq;duudunt  ipfas,  AC>OQ^&  i.iccnt 
intcr  ipfas  circuitusfcmicirculorum>  ABC>ONC^ad 
candcm  partcm>  codcm  ordinc  fumptx,  tunt  vi  iplx  >  AC> 
OQ^  ujaEdiclisiangcntibus  incidunt  ad  cundcmanguliim 
cx  cadcmpartc>qux  idco  funt  carum  inc  dcutC5>crgo  lc- 
micirciili,  ABC>ON(:^funt  figur.r  plana:  limilcs  mxta 
mcam  dcftnitioncm,  quarum  &:  oppoiitarum  tangcntium, 
c^ux  ab  cxtrcmitaic  di.imctrorum  ducuntur ,  mcidcntcs 
fu;it  ipfidiamctri>fic  ctiam  patcbir  fcmicirculos  >  ADC, 
OIQ  y  nccnon  circulos ,  AC> OQ^cfic  fimilcs ,  iuxta  can- 
dcm  dcfinitioncmi  quod  oftcndcndum  crat. 

THEOHFMA  XWm.  PROP.  XXXT. 

POfitis  infrafcripris  dcfinitionibus  fimiliuni 
cylindrorum,&conorum>fcquitur  dcfiniiio 
gcneralis/quam  de  fimilibus  folidis  ipfc  attuli. 


Dcf.  la 


>4 
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D  E  F  I  N  I  T  I  O. 


Slmilcs  coni,&  cylindri  fiint,quorum  &  a  xcs,&:  bafiiim 
diametn  eandem  inter fc proportionem  habent.  Eii- 
chd.hb.  ii.Elem.dcf.  24. 

Verum,  quia  fupradida  defi- 
nitio  non  cft  nifi  cyhndrorum, 
&  cononorum  reaorum ,  ideo 
aHara,qua:  affcrtur  a  Comman- 
dino  tu  dcrcdis ,  tum  ctiam  de 
fcalenis  illi  ribiugo ,  quam  fuf- 
ficictpftcdcre  cummea  fupra- 
dida  cocordarc,nam  hec  Com- 
mandini  cam,  quam  Eudides  attuHt,  inuoluic. 

D  E  F  I  N  I  T  I  O. 

Slmiles  coni ,  &  cylindri ,  fiue  reai ,  fiue  fcaleni  funt, 
quando  per  axes  dudis  pbnis  ad  rcclos  angulos  bafi- 
bus,  communes  feaiones  corum,&  bafium  cum  axibus  x- 
qualcs  angulos  continentes ,  eandcm  intcr  fe ,  quam  axes 

proportioncmhabent:  Commandinus  ioco  definkionis 
liipra  citata?. 

•  Sint  coni,  BEC,  GMN,  $c  cylindri,AC,FN,fimiIes  iux- 
ta  proxiraam  definitioncm.  Dico  cofdem  efib  fimiles  iux- 
ta  mcam  fupradiclam.  Vt  autcra  infimul  pro  conis,  &  cv. 
hndr^  fiat dcm6ftrat|o  fupponantur  coai,& cyliudri  iam 
diai clfe  m  afdcm  bafibus ,  &  circa  cofdcm  axes ,  ducutur 
crgo  m  ipfis  plana  pcr  axcs,  qu,  fint,  EO,  MR,quomam  cr- 
go  latcra  cyhndrorumfunt  fuis  ax>bus  parallcla  ,idc6  di- 

FBC  MCM  n   '    '''' ''''''  '  conicorum, 

iMt  autem  di^a  plana  ca ,  qu.v  fint  ad  rcdos  angulos  bafi- 
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bus,  quorum  &:  bauum  commuucs  fcdiones,  qux  lintjBQ 
GN^cumaxibus  xqualcs  anoulos  contincntcs  c.mdcm  in- 
ter  ic,  qunm  axcs  proportioncm  hnbcj  nt ,  vt  fcrt  dciinicio, 
ficnt  loitnr  mcvlmdricis  p;iralIclo<:iMmmn, vt, AQ  l'N^&  Fx  Cor.r; 
incomcis  tii.ingub,  vt,BEC%G;vlN\  &:quia  nnguli,BOH,  fJ^V^' 
GRMjfunt  acqunles,  idc6  ctinm  ipfi ,  BCL) ,  GNH ,  funt 
qunlcs,  &  cft,  BC,  nd,  CI),  vt,  GN,  nd  >  NH ,  idc6  parnllc- 
lv)grnmnvi,  AC,  l'N,    trinnguln,  BEC,  GMN,crunt  i:mi- 
lia  uixt.i  dchnitioncm  Euclidi  s  &  idco  ctia  iuxta  mcnm, 
&  quin  ipf\',  AD,  BQ  tH,  GN,  tanqiint  hguras ,  AC,  FN,  17. 
quibus  u^cidunt  ad  cundcm  ani;uUmi  cx  cadcm  partc,EO> 
MR,    qux  dniidunt  ipfas,  EO,  MR^fimilitcr  nd  candcm^ 
partcmcxiitctcs  parallclxiplis,BC,GN,funt  vt  ip(a,LC), 
MR, adcandcmpartem  codcm<>rdmc  inicr  ipfas, f^cir- 
cnicum  divlirum  figur.nuai  coiBprahcnlx ,  ouia  qux  funt 
cx  vna  partcfunca:qualcs  ipri5>B'\GR>  &:qux  cx\Tlia  ip- 
li>, OC,  RN,  in  iriangalis  autcm  funt,  vt  ip!V,BO,GR,vcl> 
OC>  KiS^  .i.  vt>  6E,  RM,  ^  idc6>  c.mim  incidcntcs>  op^ 
ppfitaium  tangcntium dicbrum crunt ipfx>EO, MR, quk  b.  Jcfinii. 
tingcntcs  funt     ^   '    -    '       nm  fimilir.m  ii^ur!tTum>  '^* 
AC,FN,vcI,H;..  -  s  .iu^;qiiu,BXC,GVN, 

funt  fchiu:irculi,crunt  figuro:  planx  hmilcs  iuxta  mcam 
dciinitioncm^quarum  S:  tangcntiu,qua?percxtrcir -j^BC,  e«  lcbk 
GN,  ducu.nur  crunt  incidcntcs  ipfi  di.imctri,  B( ^  GN,  >;f 
probatum  fuit>vc!uti  idcm  patct  dc  fcmicircuH  .  r'Vf^ 
GZ.N>2*:  dc  quibufcumq;  nlijs,qux  diuidcr.t  ipla^: 
funilitcr  ad  caiidcm  partc>&:confcqucntcr  diuidittKctiam 
nltitudincs  corundcmrcfpcctu  bnfiurafumptis  fimilit^r  ad-  i7..YiKfc. 
ca  idcmpartan,i;v:dcii     '  - pcr  cxtrcma>E,M>d4i(  ^'^"^ 

tur,liabcmusigitur  c\   ,  AC,  FNjhncconosy  ] 

GMN>quorum  ducla  fimt  plana  oppohca  rangcncia  diCto* 
lum  folidorum  homologis  hguris  paroHela  ,  qux  lunt  pla- 
nn,  BIM>X>  ADj  GYNZ,  TH,  qnibiis  incidcrunt  dAio  plana 
3dxqunl^'s  angulos  cx  c.;.!cir     ■  tc^  i!!'j  ncmpc,  in  quil'Mis; 
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fuiu  ipfj  parallclogramma ,  AC,  FN,  vcl  triangiila  ,  BEC, 
quia  funtrcifia  adbafes  a.ad  difta  tangeatia  ,  ipf^autcm 
figurae  .i.  parallelogramma>vcl  triangula  inucnta  funt effe 
fimilia  5  quarum  homologarum  rcgulee  oppofitae  tangctes, 
AD,  BCs  FH,  GN^quarumfuntincidcntcs^EO^MR^earum 
autem  liaeoj  homologae,  fumptas  rcgulis  didis  tagcntibus, 
rcpertf  funtcffcincidentcs  figurarum  planarum  fimilium, 
qu2Ediuidunt  altitudines  did:orum  folidorum  iam  didas 
fimiliter  ad  candem  partem ,  &c  oppofitarum  tangentium, 
qua?  omncs  ijs ,  qu^e  ducuntur  pcr  cxtrcma ,  BC,  GN,  tan- 
gentes  circulos,  B^CX,  G  YNl,  funt  ^quidifta  ntes,  vt  6- 
cile  confideranti  patebit,ergo  cyliadri,  AC,  FN,vcl  coni, 
"•  BEC,  GMN,  funt  fimiles  iuxta  meam  definitionem  gene- 
ralem  fimilium  folidorum,  quod  oftenderc  opus  erat. 


THEOREMA  XXIX.  PROP.  XXXH. 


DEfinitio  mea  fimiliutn  conicorum ,  &  cy- 
lindricorum  concordat  cum  dcfinitione 
generali  fimilium  folidorum. 

Slnt  cylindrici  quicunque,  AH^KYj  fcu  conici  in  ijfdem 
bafibus ,  &:  altitudnubus  ( vt  vna  vicc  vtriufqj  demonftra- 
tionem  abfoluamus)  NLH,  VXY, fimilcs  iuxta  definit.  7. 
huius .  Dico  cofdem  ctiam  efle  fimilcs  iuxta  dcfinit  1 1  * 

bales,  LH,  XY,  fimilcs ,  ducantur  earum  oppofit^  taneen- 
eero.pri.  tes ,  qu^  fint  homologarum  reguls ,  ipf^,  LD,  HG,  xl^Yl 
l.Jef ,0.    ^uaruni ,  &  pradiaarum  fimilium  figuraru  incidcntesVinr 
CTpl ;P*^'D^>*^^'^"^  «"'11  Pro  regulis  aliarum  homologarum 

«•'<»U^fum,poterunt,fintergoduxqu.^cunq;homologa.p5ralle. 

incidentibus,  DG,  f  I,  ipf^ ,  LH,  XY,  fi  ergo  per  has ,  & 
latera  cyhndricorum,vel  conicorum  iam  dicirum  extJn- 
Def.;..     danturplana^abijs  producentur  ia cylindricis  fimilia  pa- 
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rslIclogr.imm.n^  &  ii\  coiiicis 
fimilia  trij.iauia ,  qu^^.  ctiam 
cru  u  adb.ircsxquc  ;ide.ui. 
de  n  paitcm  MclMatT.  Ex- 
tciidjfit  i  -  crgo  pcr  oppofi- 
tastMgcues>LD,HGiXf, 
Y  Upla:iatangCiUij  t.im  cy- 
li  idricos^  qiLim  conicos  um 
dictos,  &  h.ec  lim  j1  ciim  pKi- 
nis  baliiim  indch  luc  prt>du- 
cnntiir  nd  partes  Mcidctuim^ 
DG,  (i ,  "ic    idcm  ^c  ,  [)3^ 
f  l,cum  (i  uparallcKv,  cxtcn- 
dimtiir  phn.i  iplis ,  AH ,  KY^ 
pirjlleb  fccatn  iimprodu- 
dip»j  ii  i.ircdis.DG,  GE^ 

f -^^  cru.u  Crgo  parallclcpi- 
pcd.i ,  AG ,  K  1>  &:  pr ifm  njf^ 
L>(GD5Xv/ir,crg  )  crupa- 
raliclog  jinmnm,  BG,limilc 
ipfi,  \H,&>Z!,<imilc,  KV> 
qur  cum  li  u  intcr  fc  limilj  i, 
ctiim,  BG,  1 1,  crunt  (iiniln, 
fic  ctiam  ofte.idcm  is  trinn- 
g  iLi^  c.[y^^,  Sc(\,  cilc  (imilia, 

feibi  ucllige  iuxta  dcHniti  >  icm  Eucliclis,ergo  Cruntcr^ifn 
fi.nilia  iaxca  dcfin.  lo.  D.icjntur  duo  pbna  oppohtJs  tan- 
pe  uibns  intcrmcdi  \ ,  ic  p  ir.iUcla  >  altuudincs  dKioru  fo. 
lid  >rum  cfpednbnifi,  LH,  X  i^fumptas^  fimilitcradcaa* 
dem  pnrccm  diuidciUin ,  qnx  1 1 cylindi  icis  producat  figu. 
ris,  IM,  R  I,  m  conicis  vci  ) ,  OM,  ST^ fcccnt  vcro  pbn.i^j 
•  t inge  itia  m  redis,  IQ  MF^ ( Jd^  r ^J^^Tp^ io^  iftct  crgo  crunt 
'^d  hiUiCcm  p.uaUcUj  6c  tjngcnc  hguras>  iM>u T^  OM>  ST> 
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Corol 


II.  Ic  1 

llBillB» 


eadcm  vcrof  lana  fecent  phn2iBG.^2jk  ii)  x^^s^  GFV?^r#j 
Qupd  crgo  figiVrce  ^  IM,  RTj  vqJ  ,  OM  SJT,  fmt  fimalea  baj^.-r} 
^9»  bLiS5&  ijfdem  fimi^ter  pofitae  iain  ©fteiifup-ifuii^CKquQ  $t^ 
vt  & ipfarub5& quarum^uiiq;  fi.c  ia pT5f3ti& folid.is  produ- 
cibilium  fimilium  figurarti  homolagie  duabus  qiabui"dc]m. 
regulis,  vt  ex.  g.  ipds^  fJG,  Y  ^  femper  :^quM?\n .  Reli-^ 
quum  eft  autem^  vt  probemus^CF.^.Iipb^YeUcjRjpp^Vfl^ 
pra^diaarujiijncide^tei.  Cumergodifi2Bii<i!C^ 
XkJ"'^^*  LD>DG  >x]eqiudifteat  anguli5  lGB','LDG:>:?cqiifl]cs  criH.u> 
^*"*     fic  etiam  probr^ibimus  effc  a:qualcs ^  K)>p  ^  X' f  1 5  C-luxi;  V^lo, 
IC5  fit  etiam  cequalisj  LD^  &5jy>>ipfi5Xf>uecnQn5CF,ipfi> 
DG, 9?p, ipfi, f  1, ent, IC, 2^\i%vx.,C^,2^,  5^p, ^iii- 
cidunr  ipfis ,  IC  ^MF^  RV^ ,  Tp,;ad  eundemnnguUjm 
dem  parte ,  ergo ,  CF ,  9^?,  ctpf^x  vicidciMcs  fun jlUm^.  Ijgun 
i4.bu!u(.  rarumJM,  RT,  6c  oppofitarui^iLPi^gentiiimilQ  j 

Tp,  eadem  ratiotte  <icm(>aftr,ibimijs  i  dp,      efic  incidGti^ 
tes fimiliiim  Hgurarum:, OM >'ST,.&  oppofitAi'um  tn aceiu 
i».r^  I*   'inm, Od,MF; So,Tp, cft 3utem^:dF,ad, op,vt,  dE,ad 
^•a  r  .  /    fcilicer,vt,  DE,dd^f&inam,^5f&,riiutJfin!lii;er^d.ean7 
'*Se^"'^*'*  ^^'^  P^"^*^"  diuifa in plupdis id  o>J(cte«jmiqltitu^fi,cs dr^ 
-  do rum*  folidorumjper  pb na, iFiRp,f!miJ itcrra <i  ca ode  av^ 

partem  d^uiduntuf )  ergo ,  dF ,  QpjarcjMidi (bntjjs  oppofitif 
tangentib;ls ,  BE,:DG,Z&,  (1 ,  funt  homologcefiguraim^ 
fimiIun^,-tDG,  &  fl,  quaruipr5<:  oppofftj>rum  tan!gcntuu« 
mcidentes  crunt  fpfx,  ED,  &'f.Eo.dwMiiod<^ortc/'.dcm«si, 
CF,  9!p,  effe  homologas  limijjum  figurarum,  BG,  Zl,  qua^ 
.»mrf&  oppofitauuntagentium,  BE,  DG,Z&,  f  1,  mcideti- 
tcs funt  ipfa:, BD,Zf,hxc  autcm  etiani  in  cstcris  traicftis 
E^A',^^'^'' cpntingerc  oftcndemus,ergo,BG,ZL 
•  .EDG,&)flyet-unr  figura;  incidentffs  fimili.im  cylindrico- 
.  Tum„foutcomcorum  iam  ditflorum ,  &  oppof^toru  taiieen. 
.  tium  planorum ,  AE ,  LG,  K&, XL ,  c.go  in  his  f  Uidis  ad- 
.Junt  omnes  condittonesdef  1 1.  vtrEcoIentier.rdem^;ate- 
•»         P?5?^ff^L«  eandcmpatucr  finailia.  Aducrtc^ 


^nnacvi.ndricos,du,cd.ii!;rapla;;^^;^^^^^^^ 

YI,  trmrc»utibus,r,c  t.ingcut.bus  ipfos  ccmL^  r     '  * 

lntcr.bus  HG,  &  1 ,  !r  c^^  dcr  .uSc^""''^  ? "  ^^*^^*^" 

THEOKEMA  XXX.  PROP.  XXXHI. 

SI  folidum  rorundOfn  recetur-ptVftoperaxem; 
produaa  ,n  eo  6gura  e.it ,  qux  pcr  rcuolu 

HnFF''!;^'""'"'"^'"'^"'" * ^'''"^' '  AM , bafis  circulMs 
quod  inco  proch.cafrf.u;^    ^"^'^rAf  I,:J*^#C<^, 

ACDFG.Dicoh.inc-cffcc.m,,'   ' 

^u*  pcr  rciiolut.dncin  ipluiu 
folidiim  gcnuit .  Inrclligatur 
rcuolui  circi,  .-\Vf,fig„ra,  qu« 
diaum  r6hduni  gcmiit ,  dcmcc 
rcpcriar>ir  pofita  in  plino  fi- 
garae,  ACDFG ,  ig.tur  vc^  ha-  t 
rutrt  fig-»raruinperimctfi(:(in- 
Rruuiu,vclnon,fific  cx  fllis 
fjcii  crit  vna  fig  ira  ,  ca  ncp^, 

quf  pcr  rduolutjoncm  gcncrat  iidam  fyli^  m^ij  vcr^  ^p» 
congruaot,  aliquis  pmidajs  alt;riti$.  anitujui,^  «l^^Rrum 
figunrum  110:1  rcperictur  10  rcli  iu*anib.tn,fit.is,j;)uuc^s, 

N    a  0., 
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Jidiim  folidiim  defcripfit)  quae  fit  ipfa  ^  ABDFG^  &:  i>pn  In 
anibitu  figurx,ACDFG,cuiusambitusettc6munis  fe<ftio 
plani  ducti  per  axem>  &:fuperficiei  di<iHim  folidu  ambicii- 
tis,  quia  igitur  ^  non  eftincommimifcdione  lam  didb, 
&eft in  phno  figura?3 ACDFG^igiturcritintra  ^vel  extra 
fuperficiem  ambientem  didum  folidum ,  eft  auteivi  in  am^ 
bitu  figura? ,  qux  tali  ambitu  didlam  fuperficiem  delcribit, 
crgo  erit  in  ipfi  fuperficie  ambiente ,  &  non  eriCo  quod  eft 
ablurdum,  non  igitur  aliquis  pundus  ambitus  hgur^^j  qua: 
diilam  folidum  pcr  rcuolutioacm  generat  cft  extra  ambi- 
tum  figurx,  ACDFG>  igitur  ifti  ambitus  5  &  confequentcr 
ipfo  figuras  fibi  inuiccm  congrui3nt5&  fit  vna  figura^ca  fci- 
licct>  quxper  reuolutionem  didlura  folidum  rotfidum  gc- 


s 


tHEOREMA  XXXW  PROP.  XXXIV- 

I  folidumrotundum  fccetur  planoad  axcm-i 
redojfiet  conccpta in ipfo  figura  circulus^ 
cuius^en  trum  erit  in  axv  • 

Sit foliflum  fbtundum , cuius axis, AC )  &:  figiira , quaj 
SpfumperreiiolHtionem  gentiit  ipfa,  ABCD^Ktcturau» 
templano  aid  axcni  ie£to>  ex  quo 
in  ip{b  produc-atiir  figurajMEND. 
Dico  hanc  effe  ckxUIu  ,  ciiius  ccu- 
triim  efit  in  •axe ,  vt,  E ,  fit  autem 
communis  fc€tio  plani  recii  ad  a- 
xem>  &  figurae,  ABCD^re^bjBD, 
quia  er  jgo  figura  ,  ABCD,  dl  circa 
l^cEo.if^  axem ,  ipfa  autem ,  BD  7<iu<«  re^le 
axifn-fecat^vna  efl  cx  ordinatim 
adipfam  aximapplicatisyideoab         ^  , 

i  num 


s 
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num  pcr  axem,q„od  in  diao  folido  producat  figttram,AM 
C-N,  qi.x  fccct  fignram ,  MBND,  m  rccla ,  MN ,  critcrgo 
nxc  hgura  cadcni  ct,qiix.  pcr  rcuoliitioncm  diaimi  Pcniut  «« 
lulidum  ,  idcu  u  ,t  figura  circa  n xcm ,  ad  quam  ordina- 
ttm  appl,c.,tu:,  MN,cum  .pia  rcdc  axcm,AC,  d.uidat,cr. 
go, MM,  bit.in.u«  diuid.tur  iu,  E,  cod^m  pado  quafciimq; 
alHi^communcs  fcchoncs  figun.rum  pcr  axcm ,  AC,  tran- 
fcuatu.m ,  &  l.gurx ,  BNDM,  uitcndcmus  bifuinm  diuidi 
in,  E .  Vltcrui.s,  qu.a  hgur*,  ABCD,  AMCN,  funt  cadcm 
lllj ,  qua-  pcr  rcuolutioncm  gcncrat  folidiim  ,  AliCD  & 
BD,  MN,  tranlcunt  pcr  idcn.  pi.naum  axis^AQrcfclc  cun-' 
dcm  lccantcs,  idco  i,  ipfi,  AMCN.rcuolucrctur,  doncc  ef- 
fct  in  Pl^^o  figurx  ABCD ,  lUj  congrucrct ,  Sc ,  MN,  .pfi. 

Nb,  LBi  Mt,  tD,cruncaequalcs,cudcm  pnclo  ollc.idcmui 
qualcumq;  ducbs a  pundo,  E,  ad  lincim  a.nbicntcm, MB 
ND,  cilc  xqualcs  cu.libct  ipfarum,BE,  EN,  ED,  f  M,crco 
/igiira,  MBND,  cnt  citcultis,  ciuus  ccntrum ,  E,  la  axt  rc- 
pcihur,  quod  crat  oftcndcndum  . 

corollarivm. 

CO%w*/  Mttmiffts.  SD,  MN,ctmm»ntsf(aitnts  figi^ 
t4rH,Kftf  sxtm  ducidrum ,  &  arcMltrma^,  qntftr filit^ 
mtm  dtai  ftltJ,  f(r  pUaj  jdaxem  rtilj  tne0  froaucMntiiT ,  tft 
tWlitn  atamttrti.  cu  n  ftt  cntrnn  trtn/edrtt. 


s 


THEOKEMA  XXXIL  PROP.  XXXV;  t 

■'■■■^  ■  -I. 

I  quicunqi  conus  fcclttur  pfano  bafi  irquidS^ 

fta"t<^cjncepta  in  copo^^ma  ciiccifculus 

ceotiuoiioajcbabcAS. 
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t  Si conits  fit  rcauspatet  hoc  ex/antecc- 
dcntiProp.cseterumfifit  fcalenusjqualis 
'  fitconus,  ACFD^qui  fecctur  plano  bali^ 
CFD,  JEquidiftante  ^quod  inico  producat 
figuram,  BRE.  Dico ipfim  effe circulum, 
ceutrummaxchabentcin..  Seceturergo 

i^.Iiiiiui.  planoper-axem^quodin  eo  jpducat  triaur 
gulum,  ACDjCuius &c:irtuli5CFD5C<^m- 
munis  fedio  iit  ^  CD  t,  qu*  crit.  diameter 
didicirculi ,  eius  autem  &  figura?,  ERE, 

itSeiiZle.  communis  il^dtio^^BEiitmt  igitur  trianguli,  ABI,  xACN,  fi- 
rtlilesv^uiayBI^^qoidiftat  ipfijCM  ergo^CHad^NA,  e- 
fitA^ti^B^ad^ilAv^odem  mode''oftbnde-mus^  AN,  ad^  NDj 
clfe  vt,  BIvadylE^-c^tg^i.cx  aeqwo.CN,  ad,  ND,  erit  vt,  Bi; 
Qd, lE,  fed, CN,  eft^cfuahs,  ND, vcigo  BI>  ipfi^  lE.  Dir* 
caturnunc  aliudplanumperaxem ,  quod  producat  trian^ 
gulum^  ANF,  quodq,  fecet  figuram,  BRF^  in ,  IR ,  fient  er- 
go  trianguU^  AIR,  ANFi  a^quiaagali ,  crgo,  FN,  NA,  NQ 
erunt  linCc-e  in  eadem  proportione  cum  iplis,  RI,  lA,  IB^erf 
go, ex  ^quo,  FN,  ad,  NC,  erit  vt ,  RI ,  ad ,  IB,  fed ,  FN ,  eft 
sequalis  ipfiyNCi^fergo,  R/,  erit  aJqualis  ipli,  IB^eodcm  mo^ 
do  oftendemus  quafcunq;  du6tas  a  pundu ,  1,  ad  lineim— > 
-ambientem,  BREy ciTe  sequales  ipfi ,  BI ,  ergo  figura ,  BRE> 
crit  circulus5cuiu&  ccntrumj  I,  quod  otftendete  oportebaff. 

C  b  a  O  L  L  A  R  I  V  M. 
4xem  duclt ,  c^ ctrculi»  BKE^  tfsc  att/dcm  c/tamnrkm^, 

^ .  >7  <^  t^^T "44*^  I 
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S inn  '^^""^""^»  conus  fcalcnus  fc 
centur  pla  no  per  a  xcm ,  dcind(?  rccctur  fo»- 

c^lus  cr,c)  pla.p  ad  axcm  rcdo  circulum  produ- 
cen tc ,  ,n  cuius  p lano ,  &  iHius ,  qui  cll  coni  bafis. 
perpead.c«Unsdu.^a  litbaliiig^rc  per  axim  du! 
ax ,  dcrndc  fumpto  punao  in  ambiru  fiaur  ^  0-.' 
«cm  pcr  .Ilum  ^ciu.diftans  didl.x pcrpcnd.cul  - 
r,  dudia  fucni.reda  linc.,hcc  tangct  dia.  folida, 
acfilu.jiptus  pync^sfit  cxrra  talcm  ambirutn. 
fcd  in  kipcifide  aiTibicntc  didafolida,  cux  per 
jpfum  ducitur  cidem  :^cjnidiftans  intra  d,da  filf. 
da  cadcr,&  produdlai^fq;  ad  fupcrficiem  ambien- 

.   S'^'  '  '  'dDn^\linsvdco»»usfcf»jei>usl,APK^ 

t»namnaonh..bcat  b.lim  ,  1..  rrn,  r' ,no  rcd. .  .lij^ivcni» 
quod     co  pro-  !:  .  ™ 

«iiit«in.ifnbt>pli; 

p.oiliicc»iu  in  fo- 
liu<j  .rotundo  fj- 

jiKjonotrijngu- 
Jufi>,.APK,dcia- 
dc  ;.i  pKrio  cir- 
cuIi,PZI<:\,d'j- 
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catur  ipfi,  PR,  cominuiii  fcdtioni  didi  circuli>  ^  figur»  pcr 
axcmjpcrpcudicularisjZX,  &  rumpto  pundo  iii  ambi- 
tu  tigjrae  per  axcm ,  vt ,  ,  pcr  ipfum  ducaiur  reda  liiici 
parallcla  ipfij/X  Dico  haiic  ta  igercdicl:i  falida,  (ieiiiin 
nou  taiigit  fccct,  veluti,  DXlM ,  iii  puii6lo,  igitar  pun- 
dus  .n.  crit  extra  plauii  figura!  per  axem,  nam  ipfa,  DXl>ft 
eftparallela  ipfi,ZX,  qua^eftad  reilos  anguloi  figurseper 
8  Vndcc.  axemtraiifcuati,^SL\ide6eti.^lii,  DXl"^>eftillir^dred:osaa- 
gulos,  occurrit  autcm  Uli  in  puiKao^H,  ergo  noiVoccurret; 
ilii.iii  alio  puii6lu ,  crgo ,  N,  cft  cxtra  planum  figura^  pcr  a- 
xem,ducatur pcr,N,planuin  sequidiftans  plano,  PXRZ# 
j4.  htttut*  circuli,  quod  producat  circuluni ,  BNFC,  &  fit^^BF,  coni- 
niunis  fcdio  ipfius  circuli,  &  figura?  per  axem,  quse  erit  ip- 
Corolj4.  f^^is  circuli diameter,  &,  N,  noii  crit  aliqnis  pimiSiorrvBr^' 
huius.  ^j-g^  c^  .^^^  rsj^  duxcHmus  ipfi,  ZX,  parilielam,  vt,NCjCuiti 
lo.  vndc  ct^am,  BF,  fitparallcla  ipfi,  PR, continebut  angulos  a?Qua- 
les,  fcd,  ZX,  fecatpcrpcndiculaxitcr,  PR^crgo^NQ^c-cabiC 
perpcndicuiariter,BF,du(aa  non  ab  cxtrcmitatc  diamttri^ 
ergo  intra  circulum,  BCFN,  erit,  &:  bifariam  fecabitur  ab 
ipfa,BF,  ergo  non  tranfibit  per  circuitum  figuri^e  per  axem 
dudae,  & per  ipfiun  tranfit,  DXiNl,  crgo,  NC:>  NriD,  fu  it 
diise  vcdx  Vwcx  eidcm ,  ZX,  paralleliE ,  crgo  ctiam  inter  fc 
erunt  parallel^e^quod  eft  abfurdum,cuin  tra^fcat  per  idcm 
pun(aLUiv,N,crgoduHfl;apcrpunclum  ambitus  figur^  per 
axcm  parallcla  ipfi, ZX^tangct  di^a  folida:  Sit  nobis  nunc 
pun6lus  5  N,  pro  piinilo  vtcunqi  infupcrficicambientc_^ 
fumptoextra  circuitum  figura^  pcr  axem ,  a  quo  d  jcb  ipfi> 
ZX,  parallela,  occurrat  produda  fuperficiei  ambienti  in_^ 
puncSo,  C, oftendemus  ergoeodem modo  fupra  adhibiro 
(poftquam  duxerimus  per,N,planiim  circulo^PXRZ^tequi- 
diftans,quod  i.nfoUdoproducat  circulum,  BNFC^^  ipfair», 
NCi^intra  cifculum ,  BNtCVcadcre ,  &  biftriam  diuidi  h 
redb  Bf ^  fiue  a  figura  per  ax«m  dudh  (nam  cft ,  NC>  pe^ 
pendicularis  ipfi>  Bl^,)  (juod  oftcndcrc  opus  ciat. 

THEO- 


L  I  B  E  R  L 
THFOREMA  XXXIV.  PROP.  XXXVII. 

Slfolidum  rocundutn,  velconusrcalcnuSjfc- 
centur  plano  per  axem,  &  dcindc  alio  plano 
fccentur,  cuius,  &  vnius  planoru  re^^c  axcm 
fecantium  communis  fedlio  fic  recfla  linca  perpen- 
dicularis  communi  fedlioni  eiufdem,  &  plani  pcr 
axem';  figura  a  fecundo  fccante  plano  in  folido 
produ(fla  crit  circa  axem  >  in  cono  fcalcno  autcm 
crit  circa  axcm ,  vel  diametrum ,  &  axis ,  vcl  dia* 
meter  erit  comunis  fci^io  per  dii^a  fecantia  plana 
produ(flarum  figurarum. 

Sit  rohdiim  rotundum,  APCQ^  &  conus  fcalcnu^ 
APEQM5  vtnqucautcmfcccnturplanopcraxcm,  quod 
producat  figu- 
ram,  APCq^ui 
folido,  tiian- 
gulum^APQjin 
cono  5  dcmdc 
feccntur  nltcro 
plano,  cuius,  &: 
p|ani  rccti  ad 
:i^cm  'quo  pro- 
duduslitcircu- 

Kis^PMQH^  -communis  fcflio  fit^EM,  pcrpciidxcularis 
jpfi^PQ^communi  fcdlioni  ciufdcm,  &:plani  pcraxcm 
ducti.  Dico  figuram ,  BEDM^  in  folido  rotundo  c(Tc  circa 
aKcm,Scinconocirca  axcm^vcl di.unctru,  &:axc,vcldia- 
mctrumclfc^BD,  comui\cm  fcclioncm  prududarum  hgu- 
rt^rum  .  Sicrgofccundo  produc1:a  figura  pcr  axcm  paritcr 
ducta  crtct  5  manifcftum  cll  in  folido  rotundo  forc  figuram 
talcm  circa  axcmjSc  in  cono  forc  triangulum,  in  quo  axis>  »^ 
ACj   Kxarct  xquidilhntcs  bafi  talis  trianguli  ad  angulos 


6. 
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reclos ,  ciim  illas  bifarKtn  diiudatr,  cflet tali^  triattgulus,  fi- 
gura  circa  axcm»  fi  vero  adangulos.  non  retSoSiellct  fignrx 
circa  diamctriiijir  ncmpe  circa,  AC.  Sed  non  cranfeat  hxc 
fccunda  figura  peraxem,.fintautem  pimda,.B,D>extrcma 
communis fcdionis  primcc ,  &c  fceundt  figurx,  ideft  ipfiiis, 
BD > crgo  ia  folido rotundo  ( &  in  cono , dum  triangulus» 
APQ  5  per  axcm  d^utfius  tranficetiam  per  ductam  a  vertice> 
A,pcrpeiidicu]arcmipfibafi,PEQfVi>ic!cftcumtriangulus,, 
APQ, eftcrcaiis bafi, PEQM,) ipla, LM, c  mmunisfe(itio 
fcciiiidiplaaifccantisy&:>,PQ,.p!anirccte  axim  ftcantis^ 

VaA^El^Jl".  CAimfit  perpendieularis,  PQ,communi  fi:'ctioniplanorumy 
PEQVt,  APQ,  3.d  ijuiicem  ereetorum,erit  etiam  ncrpendi- 
culans  plano  per  axcm,  &  ided  crit  perpcciicubris  ad  om- 
nes  pcr cam  in  tah  plano  tranfcuntcs ,  idco ,  BD  >rcae  fc- 
cabit  ipfan-f,  EM>  &  qua:  ducuntur  pcc  extrcma,  BDx^qiii-^ 
diftantes  ipfi^  EM>  tagcnt  ipfn  folida,  vnde,  B>D,crui-u;  op- 

l.HtRtt.  po:tti  verticcs  6guracum^BEDM,rcfpeau  ipfius,EM,fimi- 
ptarum,quarc,BD,fccnbic  omnes  illicquidiftnntcs  in  figu-j 

f  *hums'*"  >&  qiua  fiimpco  rn  figura>BEDM,  puii- 

(flo  > qui  noii fit verccx  refpcdu  ipfius,,EM ,  &.ab  co  duct» 

Cofolh  I  ^^^^ ' ^'^l^P^''-''^''^'''        figuram,  cadic,  {ic  is.  pundus,,, 
huius,  ¥^  >  EM>  fit  ducta  parallcla  ipfa>CR ,  igirur,  OK,, 

termmans  iii  ambicntcm  fiipcrficicm  bifiriam  ditiidctut 

1«  amec  ab  ipfa,  BP,vt  in,Nr fic oftendcmus, BD>diuiderc caneras, 
omnes  ipfi>EM>a:quidiftantcs  infupcrficicnx  ambicntcnv 
lunc  tadete:mmatas,  & quij ,  BD>lbcat, EM  ^ ad  angtilos. 
redos^ca^ceras  omnes.  lam  dicbs  bifiiriam  ,  &  ad  angulos 
reaosfecabic„igttur  t^inc  figura„BEDM>  cntcirca  axcm,. 
BD>liue  infohdo  rotjindb>fiue  in  cono:  Stautcm  trianpu- 
lus„  APQ,  noncranfeac  per  duaqm  ipfiplano  perpcndicu- 

fcJrcnT^tuaccodem.modo ,  quo.fiipraoftcndemus„BD>fe- 
ri^Tni^'^"''^'^'')-'''  'pfi,  EM,  b.tariam,&  quui  crian- 
gulus,  APQ,  non  cranfir  perperpendicularem  bafi ,  ncque 

tnt:ere.%s  ipfi.bafi,PEQM,  crao  ansulus,EDB,noaer^ 


ledus 
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icclas,  nam  h  cffct  rcdiis  ^cum  fit  cciam  rcaus^EDPj  pla- 
num ciicali,  PEQM> clVcc crcdum criangulo,  APQ illc  4- 
hurc,  quod  crt  concra  riippofitum,  igiturj  BD,  fccabit^EM,  ^ 
^  confcqucntcr  c.vtcras  lamdiclas  illi  .xquidiftaatcs  bifa- 
riam ,  &  ad  angulos  non  rcdos ,  igitur  figura  ,  EBM  5  tunc 
crit  circa  diamctrum ,  &:  crit  dianictcr  ipfa  5  Bl),  luie  axib, 
in  fupradido  cafu  tum  ia  conojtum  ctiam  in  folido  rotuu- 
«do,  quod  cr.u  ollcndcadum. 

C  O  R  O  L  L  A  R  I  V  M. 

Hlge  eelligiiur  in  eono,  ft  trittagulut  perMxem  duilit  fit  «t^ 
clnt  hdfi ,  fiert  dtCltm  fgtiram  ctrea  4xem  \ftveionon  fm 
ertciusifed  tncUnstiii  etdtni,  fierifgursm  eircd  didmeirum  ;  w 
/iltdo  rctunJo  Mutem  fitri  ftmprr  fgursm  (trc4  Mxem, 

THEOREMA  XXXV.  PROP.  XXXVllI. 

SI  conus  fccciur  plano  per  axemjfccetur  dcin- 
dealccro  plano  fccatebafim  coni  fccundum 
rcdam  lincam,quxad  bafim  trianguli  per 
axcm  fic  pcrpendicularis,  cuius  &  trianguli  pcr 
axcm  communisfec^lio  fitparallcla  vnilateruin^ 
trianguli  per  axcmj  quadrata  ordinaiim  applica- 
tarum  ad  axim,  vcl  diametrum  figura:  in  cono  fe- 
cundo  plano  produdx ,  afquidiftantium  ciufdcm, 
&  bafis  communi  fcciioni  crunt  inter  fc,vt  abfcif- 
fcc  per  eafdem  ordinatim  applicatas  verfus  verti- 
cem  furaptae  ab  eifdem  axibus,  vel  diametris  iatn 

i)it  cotuisj  cuius  vcrtcx,  A ,  bafis  circuiiis,  CETES  fcce- 

O    2  tiir 
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turautem  prius  plaiio  pcraxcm, 
quodlnco  producat  triangulum, 
16  huidi.  ACFj  fecctur  deinde  altero  plano 
bafim  fccante  fecundum  rcciram, 
ED,  perpendicularem  ipfi,CF,cu- 
ZB«nuc.  ius  iii  conoconcepta  fitfigura_j, 
BED,  crit  ergo  haec  figura  circa.^ 
axem ,  vel  di.imctrum  ,  BV,qua; 
fit  parallela  ipfi^Ap,  cuius  vcr- 
tex  rcfpeitu  ipfius ,  ED ,  erit ,  B  j 
ducalur  a  pun£lo,  M,  qui  non  fit  punaus,  B,  fcd  vtcunqiie 
fumptus  in  linca ,  EBD ,  cxtra  bafim ,  ED ,  ipfi  ,ED,  rech 
aquidiftansjMCproduaa  vfque  ad  ambientcm  fiiperfi- 
ciem  ,  cui  occurrat  in ,  O,  igitur  hcec  crit  vna  ex  ordinatiin 
apphcatis  ad3xim,vel  diamctrum,BV,xquidiftans  ipfi, 
tD,  qua:  bifanam  diuidetnr  ab  ipfa,  BV,  in  pundo,  N,  du- 
iT.Vnicc.  i"^''  P^''^^'  parallela,  HR,  eft  vcro  ctia,MO,ipfi, 

Mkm       ^.^'  P-:»""^'» >  ^'-go  Pl3"i'm  tranficns  pcr, HR,  MO,  xqui- 
3,.h»i»,.  ^^"-^bit bafi, CEFD,  & quatuor ptmcl», H, M, R,  O, ciunc 
in  circuh  pcripha:na,cuius  diamcter,HR,qucm  fccat,MO 
.4  sccoa.  F/F'^dicularitcr , nam  angulus, HNM ,  a^quntur  anguf o^ 
Jlc».  [,^^^"5  «^f^' crgo  quadrati.m,MN,  a-quarur  reC^n! 

Sub,  HNR,  &  quadratu,  EV,  rcdangulo ,  CVF,  eft  autcm 
Tttdi  f  Tp^SJf  reaangnIum,HNK,  (quia  corum  Z 
nii,  NF,  oppofita  latera)  vt  bafis,       ad,  HN ,  cx  pnma 

Scxt.mcm^velexquintahb.fcquentis  indcpinZ  Tr^ 

*^^<:^f'^onftrata,&;quia,HN,cftpan!Icliiofi  r v  V 
k'  «Mti   pu  i  P.I-IM  wn\7  r         t^'  ^^^'"^'^'■^••ipi^CV^trJan. 

Xkm.      f^XT^;  19^'  ^""^  ctquiangr,li,  ided,  vt,  CV,  ad ,  HN, 
HNridir^;'^^'''^ ad rcaang  .h  m 
^iv^  qtiadratum ,EV,  ad  quadratum ,  MN  crit  v t 
VB,ad,BN,cftautcmquadratum  ED  nn.^  i  * 

Jgc«^l  drati,  EV,  nam  cft  ^qual  qt^dLTi;  ev  VD  T 

lisfnkEvn       i^A  j  ["•'*^""s,t.v,VD,&re(5bneu- 

prK, 
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prxdicHs  conficiiun  quatuor  quadrat.i ,  E\\  &:  cadcw  m 
tionc  quadL-atum,  MO,  ci\  quadaiplum  quadiati ,  MN,  tc- 
go  quadt.itiim,  ED,ad  quadratum^MO.crit  vtAV.,ad,BX, 
qux  luiu  abiciUx  ab  ipla  axi,  vcl  diamctro,  BV,  vcrliis  \ ci- 
ticciii,  B,  pcr  fas,  HD, MO,  ordinatim  ad  ipfam , liV,  ap- 
pUcatjSj  quod  oftcndcrc  opus  trat^  hac  autcm  vocatur  ab 
Ap  1  omoParabol.i_5. 


TIIEOREMA  XXXVI.  PRQP.  XXXIX. 

IlfJcm  pofitis,  pra?rcrquam  qnoci ,  BV,  fir  pa- 
rallcla  ipfi ,  AF,  fcd  poruo ,  quod  concurrac 
cum  codcna  latcrc>F  A,  verfus  verticcm  pro- 
du(flo ,  vi  in ,  Z .  Dico  quadratum  ,  ED,  ad  qua-» 
dratum,  MOjcfTc  vtrcciangulum  ,iLVB,ad rc- 
^angulum,  ZNB. 

QJa  cnim  quadratum^EV^ca  .rqunlc  rcajnoiilo,C\T, 
8i:quadratum3MN5rccta.igul(>5HNR5idco  quadratu,  tV> 
ad  quadratum ,  MN ,  cnt  vt  rc^im- 
gulum  5  CVF, HNR ,  rccbngulum 
vcrojCVF,  adHNR,habct  ratio- 
ncm  compolitam  cxca,  quam  ha- 
bct,  CV,  ad,  HN,  (vt  lafra  indcpcii- 
dc.ucr  abhacPropofit.prnbatur;  .i. 
VB  5  id .  BN  5  quia  tri.inguli ,  CVB, 
H  ^IB,  funta?quiangLjli,^:cxca,qiia 
habct,  ViS  ad,  NR  ,  idcft,  VZ,  ad,  Z 
N>  quia  t.  languij,  Vi-Z,  NRZ ,  funt 
3equiangu:i  ^duae  vcro  rationcs^VB, 
ad>  BN,  VLj  ad,  ZN ,  componunt  rationcm  rCvftnnguHj 
Z.VB,  nd  rcclangulum ,  ZNB,  ergo  rcdnnguhim ,  CVl  >  ad 
icctangulum^H^SR^  j.  quadratum^EV^ad  quadratfbMN; 


14  Sfc»»: 
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vel  quadratum ,  ED,  ad  quadratiim ,  MO,  erit  vt  re£tangti- 
lum,  ZVB,  ad  rcdangulum,  ZNB ,  quod  oftcndere  opus  c- 
lat  5  hxc  autcmnb  ApoUonio  vocatur  Hyperbola. 

THEOREMA  XXXVII.  PROPOS.  LX. 

TAndera  eifdem  pofitis  ,prajterquam  di^o 
concurfu,  pofito,inquam,  BV,  concurre- 
re  cum  vtroqjlatere  trianguli  per  axem, 
&  produdum,  etiam<;um  bafi  trianguli  per  axem 
conueoire, vt in, ^^.  Dicoquadrarum, RD, ad 
quadratum ,  MO ,  effe  vt  re<flangulum ,  VSB ,  ad 
xe(^langulum,  VNB. 

Sitcrgotalis  hic  appofitum  fchema ,  in  quo  planum  fi- 

gurse,  BWD,  (cuius  axis,vcldiamcter-fecat  vtraqs  latera, 

-AC,AF,&produclain- 

<-idit  in  balim ,  CF ,  pro-  ' 

duclam  in,A,)  extenfirm 

indcfinircfecat  bafis  jp- : 

du(ftu'm  planum  in  rcda, 

fiZ,perpcdiculari  trian- 

gujo  pcr  axem ,  ACF,  & 
i  lint  adhii*  pcrpuL^lajN, 

S,  i^ff ,  CF  ,  dudx  paral- 

I'<^a:,TL,  I-IR,  i^itur  qua\ 
i4.  Seeun.  dratum,     ,  erit  arqualc  re<aangulo ,  TSL,  &  quadraTum, 

MN,  squatc  rcaaHgulo ,  HNR ,  at  rcaangulum ,  TSL,  ad, 
ix  Scxta  HNR,  habet rationcmcompofitam  cx  ca,quam  habct  TS 

ic.  cx':^:  ''^'"^' :'•      ^'^'      ^"'^  t"^»8"li  >  BTS,BHN,  funt 
Sn  tkra.  1""nguli,&cxea,qnamhabet,>SL,ad,NR,  .i.  SV,ad,VN, 
quia  pa ruertrianguli , SVL , NVR ,  funt  a^quianauli ,  duo: 
^utcm  rationcs,  SB,  ad,  BN,  & ,  SV,  ad,  VN ,  componuut 

la- 
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mtoncm  reiftmguli, BSV,  nd rcifbngulum^UNV,  crgo  rc-  fv 
d.inirulum5  IbL,  ad5HNH,,.i.quad.atum5  ^X^y  ad  quadrn- 
tum^MN^vcIquadratum^5cl\acl  quadratum^MOjCrit  vt  Scxi 
iecbngulum,\'SB,  id  rcaangiilum  ,  VNB,  qiiodoflcndc-  • 
rcopusctatiluxautcm  ab  Av^ollor.io  voc.uui  Elliplis. 

S  C  H  O  L  I  V  M. 


H Ec  circd  (tchonts  conicMS  dpp^fui ,  i$fm  vi  ijyci  n  i  Wim 
/licci/rni  tnlucemprcfetrtm.fwn  vt  ilucefcdi  qtsarh  /4- 
cdc p€(ii99ts,  qu/t  AfnlUnto  tm  tlerttentiscontcisarcd  %A'Ut.imt 
dumetros^  vtl Mxts qitofii  j\  dtmoiiflfjintur  ^  circdcos,  (jatMxes^ 
z  e!  di^mr  tft  pnnctpdles  ,  (iue  ex  gCKcrauone  z  ocantur  tfsodo  /cr- 
prddiclM  oHenddntitr.  Uts  tAmcn  contthtt  ex  Apclknto  rectpicmus 
fro  dtcijrum  feciionum  dxtbus ,  vtl  dtdmetrtt  qmltsfcurt.quc^^ 
^td  '7ti ddfinem  Prop  5  i.  pttwiContcprurr^fctitctt : 

h\ .         >la  viumquamqs  rccUiunr  \  ;dia- 

ipctroc;cgcncratioucducu!Uur a\]uu...  .  aiuiiW 

^c :  tn  hypcrboa  vcio,  Jc  cllipfi ,  oppi>lit:s  fcdtiorubu^ 
iinamquamqi  carum,.^iua: pcr  cc.»tri:m  ducimtur,  &  m  pn- 
r  *  nuidcninpplicatns  ad  vn."imquaniq;  dinmcrrun^ 
c  .  itcscotLigcatii^iis, poilc  rcdanguln  ipliadiaccn- 
Ui :  la  bypcrbola>  iJc  oppohiis  pc  iVc  rcctan^Li  adkKcncia 
^(i^quaf  cxccdunti^adciv  hgura  ;LiclhprKuiCcm>qu.i  i- 
C'  -    ^  ''ciunt:  Po!"^  '  "  '^^  '    !rca  fcdioncs  ddWi- 

l.  .  .   ..icipalibust:    .  .  :  :.i  nr.ir ,  5^:  ^liis  c^ia- 

mctris  alfumpiis  cadcm  contingcrc 

7res4mem  proxtmt  Propofittones  esiam  tn  meoSpfculoV  fi^ 
fio  defcttpt/t  fuerunt ,  cum  cr  -bt  ijficm  thdigertm  ,  h^s  veiohic 
ftpeitrc  volut,  vt  cjut  mcum  tlbid  Spt  culum  non  viderunt,  ettAim 
^fitrr}  pctin  po/nni  :  Altqu4t^nin  extr,Jrdfcrtftttnuncex  Ar^- 
4,hi^ede.(iretufdemComj/ttnt4tortbtisfuttiemr4s,vt  idmo/lenft, 
h>is  dtfnonftrMhones ,  qu4  apud  pr  ffdfOs  Auchrcs  VicUrt  pof*^^ 


112  G  E  O  M  E  T  R  I  ^ 

theorema  xxxviri.  prop.  xli. 

SI  fpha^ra ,  vel  fphicroides, conoides  parabo* 
licum ,  vel  hyperbolicura  planis  fecentur  ad 
axem  re(ais,communes  fediones  eruntcir- 
culi  diametros  in  eadem  figura  dudi  per  axeiru. 
(quae  eft  illa ,  qux  per  reuolutionem  creat  didtum 
folidum)  fitas  habentes. 


Patet  hxc  propoiitioj  nam  fupradicta  funt  folida  rotun> 
,nafcuntur  .n.  cx  rcuolutione  figurarum  circa  axem. 

THEOREMA  XXXIX.  PROPOS.  XLII. 


SI  conoides  parabolicum  planofecetur  non_. 
quidcm  per  axem ,  neqj  «quidiftanter  axi, 
neq;  ad  redos  angulos  cum  axe ,  communis 
fedio  erit  ellipfis,  diameter  vero  ipfius  maior  eric 
linea  concepta  inconoidc  ab  interfetone  fa^^a 
planorum,  eius  fcilicet,  quod  fccat  figuram ,  &  e- 
ius ,  quod  ducitur  redo  per  axem  ad  planum  fe- 
cans ,  minor  vero  diameter  arqualis  erit  diftantije 
linearum  dudarum  aequidiftanter  axi  ab  extremis 
diametrimaioris. 

Hxc  oftcnditur  ab  Archimcde  lib.  de  Conoidibus  & 
Sphceroidibus  p.  1 3 . 

THEOREMA  XL.  PROPOS.  XLIIL 
C I  conoides  hypcrbolicum  planofeceturcoin- 
*^  cidente  in  orania  coni  latera  conoides  com- 
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prshendentis  non  rcao  ad  axem  j  (eaio  erit  elli- 
pfis,diamccerver6maior  ipfius eric concepca iti 
conoidc  a  fe^fiione  fa<aa  planoru,  alcerius  quidcm 
recan  tis  figuram,&  alterius  afti  per  axcm  reao  ad 
planum  fccans.  Archiro.ibid.  Prop.  14. 

THEOREMA  XLI.  FROP.  XLIV. 

SI  fpharroidcs  plano  fccctur  no  rceto  ad  axcm 
kaio  erit  cllipfis ,  diamcter  vcro  ipfius  ma- 
lor  ent  conccpta  in  fphf roidc  fcdio  duorum 
planorum,  eius  fciljcer,  quod  fecat  fiauram ,  &  e- 
ius,quod  ducitu  r  pcr  axem  reao  ad  planu  fccans, 
Arch.  ibid.  Prop.  i  j, 

Minocyqr6dumctcr  fich.ibctur.  SitSpharoidcs, ycl 
conoidcs  hypcrbohcum ,  BDMF,  axis ,  BM ,  ccntn.m,  A, 
cllipris  vcro  ^  •  ' 

axcm  traikai 
in  fphxroidc, 
BDMF,iiico- 
noidcvcrohy 
pci  bola ,  NC 
O.  Scccturaii 
icm  fphxroi- 
des,  vclcoiK»» 
dcs  pl.ino  no 
rcclo  ad  3\c, 
fcd  crctflo  fi- 
gura!,BbMFs 

cx  quo  fi.it  in  ipfts  fcciJio,  DF,iia:c  crit  cllipfis,ciiuis  ni.uor 
diamctcr,  DF.  Inucniatur  nunc  vcrtcx  clliplii,(cu  hypcr* 

P  boljr, 
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bola:,  BDATF,  refpeau  ipfiiis,  DF,  qui  fit 5  C,  & iungritur, 
CB  5  ac  per,  B>  agatur  5  BGj  tangens  la  3  Bj  iplani  cllipfimj 
feu  hyperbolam^  tandem  apunCto^  D>parallcla  ipfij 
a  pundloj  parallela  ipfi  5  CB?  producanturj  Dfe,  FE5  quas 
inuicemconcurrentvt  lUjE .  Dico  igiturjquoderir^  ED> 
minordiamdtereiuftitmcllipfi^,  DF. 

Hocautem  demonftrat  ibid.  DauidRiualtus  in  Con> 
mentarijs in  Archim. cidProp.i^;  &  1 5, 

THEORBMA  XLII.  PROPOS.  XLV. 

SI  fphaeroides,  vel  conoides  parabol^icura ,  fea 
h  hyperbolicum  Tccentur  quomodocuqi  pla- 
nis parallelis ad  axem  redis  ^  fiue  inclinacis, 
communes  fedliones  (imiles  erunc  >  &  diameiri  e- 
iufdem  rationis  erunt  omnes  in  eadem  figura  per 
axem  tranfeunte^  rede  eafdem  fecante* 

Haec colligimtur in  CoroIL  2.  Prop.  1 5.  lib.  Arch.  d<_ji 
Conoidibus^  &  SphaeroidibuS;,  &c  ibidem  etiam  a  Federico 
Commandino  in  fiiis  in  Arch.  Commcnt.  dcmonftrnntur, 
Hcrc  vero  circa  ipfas  fc<aionum  figuras  vcrificari  pariter 
nianifefturaeftjhoc  autcm  dico  >  vtor  .n.ijrdem  fedionum 
nominibustamquam  figuras  iubipfiscomprchcnfas  fioni- 
ficantibiis.  ^ 

THEOREMA  XLIII.  PROPOS.  XLVL 

EXpofitis  prardiaisconi  rcdionibus,  Circufa 
nempc,  Ellipfi,  Parabcla,  &  Hyperbola, 
qu?  ad  earundem  axes  ordinatim  applican-^ 
tur>diaa:>ecri  eflfe  intelligantur  circulorum  abip* 
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fis  defcriptorum,qui  fint  cxc&i  planis  ipfarum  fi. 
gurarum ,  periphcTria!  defcriptorum  circulorum^ 
jn  fedtione  >  qua:  eft  circulus ,  erunt  omnes  in  fu- 
perficie  fphcrx,  in  Ellipfi  vero  in  fuperficic  fphx- 
roidis,in  Parabola  infuperficieconoidisparabo- 
lici ,  &  in  Hyperbola  in  fupcificie  conoidjs  Hy- 
perbohci. 

Sint  prxdictx  fccliones  figiirx  fcilicct,  ipfaTj  ABCD5  c.i 
tum  axcs,  AC ,  vna  cx  ortiinatim  adtixim  applicatis ,  BD, 
qiicintclligntiircnt_^ 
diamctcr  ab  cn  dclcri- 
pticirciili,  BNDE.ni- 
co  circumfcrcntum,  B 
NDE,  clfc  ia  d^cla  lii- 
perficic.  Intclligantur 
dictcfigurx  rcuohii  cir 
ca  fuos  axes ,  vt  cx  cir- 
culo  fint  fph.vi  a  ,  t  \  cl- 
lipfi  fpliaTuldo,  cx  pa- 
wbola  conoidcs  para- 
bolicum  5  & cx  hyperbola  hypcrWicum, fcccntur autcm 
pbnis  ad axcm  rcdis  ^ cundcm  axcm  fccantibuG  iu  codcm 
pundo  ,  in  quo  dcfcriptus  circuhis  Cum  fccat  5  producctur 
crgo  ab  hoc  fccantc  plnno  in  ipfis  foliuis  circuhjs  ccntrum  «^^  ^^^^^^ 
inaxchnbcnsjcuius  dinmctcr  critjIiDjhibcnnis  iaitur 
duos circulos  in  codcnn  pljno , circa  candcm diamctrum,  Uiuf^^' 
crgo  illi  cruntcongruciites^^pcriph.rria  autcm  circuHdi- 
(flo  fccantcplan-j  ni  dicto  folido  producli  cft  in  fiipcrhcic 
amblcntc  dictum  folidum  ,  crgo  Cx  pcrij-h.rria  circuH ,  BN 
DE,  dcfcripti,  vt  dictum  cft ,  crit  in  tali  fupcrficic,  fcilicct 
in  fupcrficic  fphxrx  in  figura  cucuH  5  fphxroidis  in  figiira . 
cllipfis  ^  conoidis  parabolici  iO  figura  parabolx  5  &  hy pcr- 

P    z  bolici 
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boliciiafigurahyperbol£e,idemoftendcmiis  dealijs  qui- 
bulcunqi  lic  defcriptis  circulis  ab  ordinatim  applicatis  ad 
didos  axes  tanquam  a  diametris ,  qui  fiDt  eredi  eifdem fe- 
ftiombus,  jgitur  quod  proponebatur  demonftratum  fuit. 

THEOREMA  XLIV.  PROP.  XLVII. 

I  Nfrarcriptis  pofi  tis,  eadcm  adhuc  fequi  often- 
*  demus. 

Ijfdem  enim  exoofltfs.  figaris ,  prjeter  circiilum ,  fuppo. 

namusipfun,  AC,nancneaxem,fcd  diamctrum,  &  xd 
iptamordinatim  appli- 

cari  vtcumque,  BD,  in-  j  . 
telligatur  autcm ,  BD,  ' 
diameter  cuiufdam  el- 
lipfis  ab  cadem  dcfcri- 
ptae,qu»fiterccT:3  pla- 
uo  propofitx  figu  rx ,  fit 
autem,infiguraellipfis, 
defcript^B  ellipfls  fecu- 
da  diameter  pcrpendi- 
cularis  ipfi,BD,&  x- 
jualis  dua^ a  punao,  B,pa  alldje tanj^cnti  eIl,p{Tm,ABC 
D,  m  extremitateciufdcm  axis  (qu2era;igat  tn,S,)  mtcric- 
44. fcui»..  a^mter, BD, &  cam  ,  qu^  ducitur  a  pundt. ,  D, pr  allda 
iungentipunaa,S,  A.  la  figura  vcro  l.yperbola-  iitfceun- 
da  diameter  perpendiculari.s  BD,  &  aqualis  ei,  duci- 
t»r  a  punao ,  D,  parallela  ta.Sgenti  hyperbolam  m  cxtre^ 
m.ta te  axis  (v t  in, S,)  i.neriea^  inter,  liD, &  eam,qua;  diK 
citur  .1  pundlo ,  B , parallela »ungenti  punda , S, A  &  tan 

^«^emi.iparabolaf?tfecudadiam?terpLpendiciltir^^^^^^ 
...W.  que.pfi  BD,&^ualis  d*fta,uiceparallchriu^  c^^^ 

•axi,quaeducunturabcxtrcaiitatibusipfius,B^iii«ci.]igi. 

tuc 
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tiTrJciadccoftitunconoidcs^&fphfroidcs.iii  quibiispb. 
nis  pcr  corum  axcs  duais ,  pr  jdudx-  ixM  figuro:  im\  diaxy 
fcccntur  dcindcplanis  .\d  axcmobliquis,  fcd  cicchsad  cli- 
(flas  figuras^&i  fmt  cadcm  plana  dcfcnptarum  cllipfuim  di- 
da  f  )iida  rccantbj  ci ut  t rgo  cx  his  fccnntibus  plani.  cc.n- 
ccpti'  in  iplTs  figuriepantcr  clhpfcs^quaru  diamctri  crunt, 
BD,  quidcmprima  j  fccunda  autcm  in  fpha?roidc  sequahs 
cludr  a  punvflo  ^     parallclx  tangcnti  cllipfim  in^S,  mccr^ 
k±v  inrcr  ipfam,Bl) ,    dudnm a  piincto  ^  D ,  paralldnm 
iungcnti  punda^^S^  A>  jncxtcrisautcmfolidiscadcm  fuo  ^vkukf; 
modo  vcrificabutur^;  crgo  in  ipha?roidc ipfi,  rD.cft  prima 
diamctcrdiax  clhpiK  ^qu.r  a  diclo  fccante  planoprodu- 
cinir^&cftctiamprimadiamctcrclhpfis  ,qux  dclcnbitiir 
modofupradiAi^funt  autcm  fccundr  chamctn  vti  uifqj  cU 
lipfis  jpqualcs^  immo  comuncs  >  quia  adredios  angulos  fc- 
cat  ipfim^BD^crgo  habcmus  m  codcm  pUuo  diias  clhpfcs 
circacafdcm  diamctros  coniugatas,crt;i>nccclfinocrunc 
cogrucntcs^lcd  linc.iclhplis^qua:ert  cuuuuums  lc  Ltu^didi  Fnciftur 
p^3"ii,&:  fupcrficicifphxroidiscft  in  fupcrficicfphaToidis,  coroL 
crgo  &:  linca  cUipfis  v t  fupra dcfcfijKx Crit  in  fupcrficic  di-  ^^***"** 
Aifpha?r(^idis  .  Eodc  m  modu  idcm  dc  cft,cris  clhpGbus  fi- 
mihtcr  dtlcriptis  dcmonrtrab:mus  lumm  fph-rroidc,  tuui 
€t iam  in  conoidibus  parabolicis  ^  &  hypcrbohcis  ^  quac 
ftcndcrc  opus  crat^  V 

COROLLARI  VM. 

H!nc  pAtif  pfoprfitd  dlicjit^eM  fmpfddtths  folidis  ^eotf:^  fiito^ 
pldnts-  vtckm<fi  psrdVrfif  sd  d^emre^tn^fime  ebltcftus fii^n^ 
0tUM  (fms  ex  (t^lune  pldnormm  tn  tp^f»  fohdtt pntdmL  mrttur^  eAfditm 
ifsitUts»  <fUM  defcfthmntmrUneti  reiitti,t4n^jthtm  fxmffh^tf  dt^^- 
m/frts,  &pNmts,  y/ ,  in^mmm,  <judt  ft^t  eommtmtf  feiiiomcsdi^ 
{i4rtimM(fmtdtftittHmfif^t$rMrmm,(i^figmr4,  (fmapr^dmitftttttekf^^ 
Ot fl^ofCf  4Mm  ftd^tds f^Citmttp.  fmtkdifcfthwts tfstmi ,  tfmM 

»dt^ 
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$rdt9tatim  applicaniur  adsxes.  vtl  diametros  dt&arufigurarum, 
fecundts  autem  dtametfis  defcrtptarumfigurarum  extHentthus^ 
y/,  quafupradiSia  funt.prout  po(lulat  vanetas  foltdorum,  iux^ 
fdProp.  ni^i^y&^^^hmus. 

S  C  H  O  L  I  V  M. 

f  fk   Duerte  tamen  lieet  fupra  vocentur  diametri,  qua  di£tas  fi - 
XX  guras  de(cril?unt,  debere  tamen  tntelligt  femper  efse  axes 
defs.ript4rum figurarum,  cum.n.  nomtn  dtametrt  fitcommunz^ 
dtametro  %&axt$  altquandovtce  axis  vtimur  nomtKe  dtar^etru 
vt  tn  circulo  Apparet,  cutus  tamen  omnes  dtametri  funt  axes :  Ik^ 
fuper  fciendum  efi  etidm,qua  circa  hypetbolam  htc  habentur,  ^ir-> 
ta  fecitones  oppofttas ,  quarum  commttnes  Junt  dtcla  pa/stoneSi 
quocfi  tnteflfgt pofse,  badem  veronedumtn  dioiis  tntegtts  fofidis^ 
fedettamtneorumpottiontbuSffiuein  potttomhus  /ecitorum  coni 
4tbfcifsts per  itneas  ad earum  axtm^^  vei dtatf>ertum  otdtnattm  dUm 
iias,  pariter  vertficari  mamftHum  eH. 

L   E   M   M  A. 

PRopofitis  duabus  quibufcunqjfimilibns  fi^uris^duje 
qucEuis  vtdix  linea}  earutti  honiologc  potcrunt  ciTQ  ^ 

incidentesj  vclin  ipfis  produdis  rcpericntur  laltcm  earum 
incidentes 5  8c  oppofitnrum  tangcntium  ^  quibus  ipfaMnci^ 
^dunt  ad  eundcm'ai>gulum  cx  cadcm  parte^  g-untautem  m 
didae  homologas  femper  inuentarum  incidcntium  partes 
proportionales .  -        -^"  * 

Sint  dua? qua^cunqi  fimiles  figurae plancT^  1  QsP,  48 
in  eifqueducequaslibethomologse^ls  547.  Dicohasclfc 
vel  incidentes,  vci  in  cifdem  productis  repcriri  polfeiaci- 
dcntespra:di£tarum  figurarum^&oppofitaru  tancrentium, 
quibus  occurrant  ipfe  homolog^,  produax^ad  cundcm--* 
angulum  ex  cadem  parte^quales  fmt jDLjdOipUjgY, 
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Diicnntur  aiitcm  vltc- 
rius  oppofitx  tnno^ctcsj 
qnx  Umt  rcgulx  honio- 
ligarum,ls,4  7,ipi:v, 
Ad,  C05  Fg,  Kl ,  qu.ufi 
&  didarum  figiuMrum 
mcidctcs  fint^  AQ  FK, 
parallclx  iplis,  DL,  pu, 
hoc.n.  ficri  potcftj  crut 
nutcm  etiam  ipfx^tlO:» 
gY>rcgulx  homolot^i- 
riira^cum  frrciant  anqu- 
lo^  arcjualcs  ctim  : 
lis,  dAjgFjVtfupp  .;  , 
Scinucniri  potcrnt  ca- 
rum,fcdiairmn(igin-arum  inciJcntcs  pnrallclx  eifJcm, 
Ad,  Fg,  fint  ipfr ,  LO ,  u Y,  tjlcs  incidcntcs :  Vcl  erg^»  ho- 
mologx dat.v,  1  s>  4  -^,  tcpmin  fitur  ad  oppofitas  nngciues, 
DL,  dO  i  pii,  gY,  vel  no<i,?M  tiinc  producnntur,  &  ipfis  in* 
Cidaat  fh  pnnOis,  E,  f ;  Re,  & ,  Sc  vltcrius  prodihftje  vfq;  nd, 
AQFK,fcccnt  ipin^  in  puncti^,  B,G.  Vltcrius  vcl,  Ho AZ, 
tnag  int  fc  t  jtis,  vcl  aliqun  t.intri  Uii  p  irtc,  vc!  m  vno  pim- 
c^lotnntiim^prxdiftis  ftgur.is ,  tnng.int  in  piinc^is  rnntum, 
P,  R  >  &  nb ipfis  ducnntur  pnrnllcKv  rcgiilis ,  dO,  gY,  ipfx, 
PN,  RT,  occurrentcs  incidcnnbus,  LO5  uY,  m  puniltis,^N> 
T,  dico,  LN>  uY,  hmilircr  aJ  c.\ndcin  pnrtcinrccnri  in, 
T,  fi  .n.  hoc  non  fir.dnirdutir,  LO,  in,  M,  fimilitcr  nd  cnn- 
dcm  pnrtem,  nc  druiditur,  uY,  in,T,  ic  pci  ^M^cxtcndatur, 
MI,  pnrnilcln^,  dO,  incidcntcs  nmbttui  figurx  in> rtirfus 
fcccr  ir,  uY,  in,  V,  fimilitcr  nd  cnndcm  pnrtrm  ,  vr  fccntiifj 
LO,  H)  qui:T  crgM,  N,  cft  intni  puncli ,  M,  Os  ctMirh,  Vy 
crit  rncr  pujtln,  T>  Y;  ducntur  tnndem,VS,  pnr  n  llcln,  gY^ 
ricidcns  nmbitui  figuhr  rh, S.  (^Ju^in  igitiir,  MF,  ncwi  mcidic 
in  punaimacotita^itirs  rcci^p,  Ho^cumfignnijCritj  MI,  mn- 
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ior,  Nl\  rndcni  ratione  oftendemiis,  SV?  fore  maiorcm  ip- 
fa, RT, eftenim^RT^minima  carujqua?  ab incidcatc,  uV^ 
ad  ambitfi  figurcTduci  pofTunt  a^quidiftanteripfijgY.  Cum 
veroJM, RT^ limiliter  diuidanc,  &adeandem  partem  ip- 
flis  incidentes,  LO,  uY,  crit,  IM,  ad ,  RT,  vt ,  LO ,  ad ,  u  Y, 
-     ideft  vt,  PN\  ad,  SV>  ergo ,  permutando ,  IM ,  ad ,  PN ,  crit 
vtjRT,  adjSV.eftautemJM^maior,  PN^ergo  etiamjRT^ 
erit  maior^  SV,  fed  etiam  minor,  quod  eft  abfurdum ,  ergo 
£ilfum  eft  ipfas,  PM,  RT,  aon  fecare  fimiliter  ad  eandcni—» 
partem  ipfas,  LO5  uY^  fic  igitur  eafdem  duiidunt,  ericque, 
PN,  ad,  RT,  hoc  cft,  HL,  ad, Xu,  vt,  LO,  ad,  uY,idc  often- 
demus  ctiam  fi  contaclus  cUct  in  parte  lincarum  ,Ho,  XZ, 
feu  in  totis  eifdcm  lincis,  vt  confidcranti  facile  innotefcet. 
Eadem  autcm  mcthodo  probabimus  etiam,DL,pu,  elfe  vc 
ipf^s,  LO,  uY,  eigo  rcfidu^e ,  DH,  pX ,  hoc  cft ,  AQ  FK,  e- 
runt  vt,  LO,  uY,  idcft  vt,  E4,  l^ic ,  fed ,  AC ,  FK ,  fimihccr 
huku^^'  ^^^"^ homologis, s  1,  7  4,  produdis, in pundis,B, 
G,  ergo,  AB,  ad,  FG,  idcft,  DE,  ad,  plje,  erit  vt,  AC,ad,FK> 
ideft  vr,  E4,  ad,  ]^&.  Exrcndantur>  NP,TR,  qua^ diuidunt> 
LO,  uY,  fimiUtcr  ad  candcm  partcm,  fecenrque  ipfos,  £4, 
in  pundis,  2,  3,  incida t  autcm,  NQ ,  in,  Q ,  pundum 
conta(5tus  Unese,  Ad,  cum  figiira  ,  oftcndcmus ,  vt  fadu  ell 
circa  ipfas,  NP, TR,  ctiam ,  T8  ,  inciderc  in  pundiim  con- 
tadus  Ycdxy  pg,  cum  figura,  quod  fit  ipfum,  8,  quonij.m^ 
crgo  probatum  cft,  DE,  ad,  p9?,  cfle  vt,  E4,  ad,       ent  e- 
tiam,Q2,ad,8  3,  vt,E4,.ad,        Similitcr  probabimus^ 
2P,  ad,  3R,  e(fe  vr,  E4,  ad,        &  duiidunc  ipflis,  E4,  9j&, 
fimihter  ad  eandcm  partcm ,  a  quibus  vicillim  fccantur  ad 
eundcm  angulum  cx  cadcm  parte , cum  ,  £4,9^^.-,  fnu  pa- 
^    rallcl^E  ipfis,  LO,  uYj  ergo,  E4,  Pi&,crunt  incidcntes  fimi- 
M.I1U.U5.  humfigurarum,PlQs,R487,&oppofitarumtangentium, 
DH,  do,  pX,  gZ^quod  etiam  verificarctur  deipfis  honiolo- 
gis ,  1  s,  4  7,  fi  fuiffent  ad  oppofitas  tangen tcs  tcrminata:  in 
punOis,    4,  %      Modo  ctiam  fi  ad  ilb  punda  non  ler- 


L  I  B  E  R  I. 

mincntur  dico  tamcn,  1  s,  nd,  E4,  clTe  vr,  4  7,  ad,  9^  ctc- 
nim,  Is,  ad,  47,  cA  vr,  AC,  ad,  FK,  idcft  vt,  LO,  .ul,  iiY,vel 
vr,E4,.id,  li^c,  vtprobariim  eft,crgopcrmiit;ind<>,!<'..idj 
E4,  crit  vt,  47,  ad,  IJtSc,  quod  oflcndcrc  oportcb.it. 

C  O  R  O  L  L  A  R  I  V  ^f. 

T  qutnum prohttum  ffl,  ls.dd,^-j.  tfst  vt.  £4,  td.  K-^, 
u  fen  z  t,  LO,  4J,  uT,  vt  duttm,  LC,  aa.  «r.  ,tt  dui  hcf.olo. 
g*.  ^r,  4d,  83,  ideh  dui  homolcgi,  h.  47,  /*/•;/  -.ntir  fe,  vt  dux 
hmihgt .  8!!,&  cumtppofitt  tdngtfilts.  DL.  dO.pu,  ^r, 
dmat  fint  vtcumijue ,  Itctt  ad  tnndem  dngulum  tx  tadtm  ptrte 
cum  :p[:s.  F4.  K-rf-,  idte  d<iJ  hmdcgM.  //.  47,  trunt  vt^ua(r7a; 
dt  t  dut  h$molo:^.t  (juihfuit  rtgnhs  afsumptt .  xtl  %  t  tarum  in. 
(i  itntts ,  immodripf*  incidtntts ,  trunt  tnttr  fe ,  t  /  quauts  aliu 
duttnciitntts,  9-Unfuvi .0.  tji,  AC.ttd,  FK,  tfst  vt, LO,aJ,ur. 

THEORE.\!A  XLV.  PROP-  \L\lli. 

SI  fint  dua?  fimilcs  figur^  plan^  ,  quarum  finc 
dud.e  oppofitip  tangentcs ,  qiia?  funt  homo- 
logarum  carundcm  regulx- ,  pcr  quas  cxrcn- 
daotur  duo  plana  vtcuq;  inuiccm  parallcla  xc[uh 
ad  eandcm  parrcm  ijTdcm  inclinata,  dcinde  fum- 
piisduabusquibuslibethomologis  illx  dcfcribc- 
re  intelligantur  figuras  planas  fimilcs,  duilis  pri- 
mb  planis^equidiftantcs  ,  ita  vtfint  fimilircrdc- 
fcripta:, & dcfcribcntcs earum  linea», vcl  Iatera_, 
homologa,  idem  autem  contingat  c^rcris  homo- 
logis,  ctiam  fi  omnesfii^urxdefcripta'fcorfim  iii_, 
vnaquaq;  propofitarum  figurarum  noncflcntfi-  " 
milesi  Solida,  quaj  ab  ijfdem  tanguncur  oppofitis 

Q_  pla- 
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fhnh  yin  quibusextraie(5J:ionepIanoriim  prsfa- 
tisoppofitis  tangentibus  ^quidiftanrium  eaedem 
figura?  produci  poflTunt,  eruc  fimilia,&  figura^  de^ 
fcripr^eeorundem  homologse  figura^y  &  earum^ 
regulse  ipfa  oppofica  tangentia  plana  >  quorum  & 
didorum  folidorum  figura^  incidentesr  erunt  pri- 
mo  propofita?  figur^» 

Haec  Propofitio  manifefta  eft,  inuoluit  .ir.  requlfita  om- 
11.  iiij  defiiiitionis  fimjlium  folidorumsnnm  hic  habcmus  duo 
folida,  ea.  nempejqu^e  fccantur  planis  diclarum  nguraruniy 
q.uorum  duo  cxtrcmo,  fiue  primo  duda  a^quidifbntia  pla- 
na  talia  funt,  vr  illisrncidant  duoplana  ( inquihus  ncmpe 
rcperiuntur  propofitas  figura:  fimilcs,  quaru  homologarum 
regulsc  ftmt  communcs  fccT:ioncs  earum  ,  &  didoruni  op- 
pofitorura  planorum  tangcntium)ad  cundcm  angulum  ex 
€adcm  partcj  funt  autem  figura:  plaUcT  dcfcripta^  Uneis,  vel 
lateribushomologis  propofitarum  figurarum  mtcr  fe  fimi- 
les,  illa?  .f.qu^E  fccant  incidentespropoficarum  figurarum,, 
B7  Vadck  &fubindc  aJtiuidinesdi£torum  foHdoru  fimihtcr  adean- 
•^®^      dem  partcm ,  8c  a^quidiftant  didis  tangentibus  planis  5  re 
fpcftu  quorum  altitudines.  diaas  afliimpcas  mtelhoo- 
^uia  fupponimus  omnium  defcriptarum  fimilium  fi^ni'ra-^ 
rumlarera  homotoga  defcribentia  efTe  hncas^  vcl  lat^ra^^ 
homologa  fimilium  figurarum^quar  omnb  funt  inter  Ib-^- 
Cof<xlt^.  quidiftantiajidedomncsearumlinea?  homologx  dunbus. 
quibiifd'ariireguhs^quidiftabunt,&  ipfa  latcra  dcfcriben^ 
tra  ertmt  etiam  lineae  iiicidentcs^vel  in  eifdcm  produais 
ftltciTi  reperiri  poterunt  mcidentes.  dcfcriptarii  fimijiun>! 
figurauum^&  oppofitarum  tangentium  duabus  quibufdam^ 
^   femper  a.q,iridi.ftantium,fcihcct  eis ,  qu:^  cu  didis  mcidcn^. 
tibus  aiigulo5concmenta:quaIcs  (erunt  autcm  diaahue-. 
tz  homolo^a  madeatGs,^  fi  didx  tangcntcs  tiaafcant  pe,:. 
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extrcm.ilatcrumdcfcrthcntiiim,ri  autcm  non,potcri,nt 
tamenmipli$ljtcribusprodiid.snirumicaruJcmma<lcn- 
tcs ,  qa.r  crunt ,  vt  ipfa  btera  homologa  )  &cum  ipjx  pro-  /mccf 
p.^litx  hgnrx  liiu  fimilcs ,  fiibindc  ctiam  crunt  fimilcs  iIU, 
qux  capicnt  omncs  dicb^  mcidcntcs ,  fi  fortc  accidat  ipfa 
latera  homologi  dclcribentia  n6  clfc  incidcntcs,vtdidura 
cil ,  igitur adfunt  hic  omncs  conditiones  definitionis  mejc 
limiluim  folidorum,ergo  folida,in  quibus  didx  fimilcs  dc- 
fcnptxfigura!  cx  traicdione  dictorum  planorum  produ- 
cuntur ,  crunt  fimilia  ,  &  rcgulx  figurarum  homolo^arum 
crunt  dicli  plana  tangcntia,&:  corum,  ac  diclorum  folido- 
rum  figurx incidcntcs ,  propofitx  primo  figura*,  vcl  alix  in 
oldcm  planismucntx,  illx  fcilicct,in  quibus  iaccntom- 
niumlimilium  dclcriptarum  figurarum  lincs  incidcntes, 
^uod  oftcndcrc  opus  crat , 

C  O  R  O  L  L  A  R  I  V  M. 

H^fCMpptrtt  ftJefcripn  ff^Hriomntsftnt  inttr  ft  firmksl 
itldfoliidftrhtr  efst/im,l,g.  V^dt  fitnttRtgtmus fimi- 
Its  oni  fe.lttnnmpmiones,  fiue  eufdem  integrds,  cir^s  axes ,  vtl 
d  tmeins,     th  ordinaitm  jpp{tcjt,s  ad ixim ,  vel d,*metru»u- , 
tjrundem  defcr,!,, /imites  figmds pUnss  etfdem  fttitonum penith 
ntbus  ereSfjt ,  lanjuMm  j  Untii ,  vtl  Uiertbus  htmologts  dtfcri. 
fiarum  fig  ttrtrum ;  foltdj,  in  /juihui  defrtpti  firura  ex  trtteciii 
fljntsproduceniur  (qutin  fet-juentt  ithro  dtcunlur,  fohds  adtnui- 
femfimtUritgentuexdtclts  fec7,enum  ptri,t>n,iusj  eruni  firn,.  U.?/*'''' 
itJ,  &  fignrjrum  hernologaram  torundem  reguU  oppo/iu  ijngrnm 
ttjpUna  dtcJis  tjm  deftr,pusfgur,s  tijuidi/iantia.tfuorum  Cr  di^ 
tinum  fottdtrum  fi^trr.ttntidti>tes  frunt  dicla  ftclionum  portn- 
nes,  vel in  tarunpUnis  tatebunt .  Vnde  cotli^tmus  omnes  fpha. 
ras  ffse  fimiles  ,namft  fecenturplanisper  axtm  ,(oncept.t  fgura 
jiuntftmilts,  tdeH  eirculi,  tjuod  fi  fecfntur  adhuf^lanti  adhorum  ^lw.  pj^ 
(trtuloTifnplanatrtcJiitprodu^t  fignr»  fiunt pantercircul, de.  U-^wm. 

Q_  2  fctifii 
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S 4.  Huius,  fcyip^  tanquam  diamettts  eifdcm  rctlts  Iwas ,  if)  quihus  coinci' 
lcma  i  u  dunt  cirCifltsper  axem  du6lts,  qua  dtar^etrt funt  ettam  tnctdcntes 
buius.      eorundem  defcriptorum  ctrculorum ,     oppolitarum  tangenttwm^ 
per  eorum  extrema  du^larum.quA  tangensej  omnes  tntcr /e  ^qut* 
dtftant,  vtfaCilepatet  >  (jr funt  tHa  tnctdentcs ,  fue  dtametrt  dC" 
Umt  51.  fcrtptorumctrcuiorum  ^qutaxemdtutdunt  /imtUter  ad tandtm^ 
buluk     partem ,  vt  tp/taxes ,  tgttur  /phdra  omnes  funtfmtles ,  dr  dtdiis 
duobus  plants  oppofitts  tangenttbusvtcunqne  ^&ptr  axtm  ,  qut 
iungit  puncia  covtaduum  duciis  ptants,  hmc  eff  dit  cncuU  etunt 
figur^  tncidentes  dtilorum  tangenttum,  & /ph^rarum ,  &  diciiL^ 
plana  tangenttaeruntregulx  homologArum figurarum  earudtm^ 
vunde  tandem  p^tct  quo/uts  ctrcutos  tn  /phans  per  ceniru  tranjfun» 
tespofse  efse figuras  tnctdcntes  earudtm  fph^irarur}^,  planorum 
$ppofitorHm  tangeiium  fphxras  :n  extvemis  pnncits  harfietrcrum 
quorumuis  dtiiorum  circu(ort;mpcr  centrtm  tranfenntium^ 

THEOREMA  XLVI.  PROP.  XLIX. 

Ofita  definitione  particulari  fimilium  fplig- 
roidum ,  fequitur  &  generalis  fimilium  fo- 
lidorurru. . 

Sint  fimiles  fpheroides  iurcta  dcfinitioncm  pnrticularcm 

de  iplis  allntam,  i^BCD^  FEHG.  Dico  has  clfe  fimilcs  lux- 

ta  dcfinitionem  ge- 

neralem  fimilium  fo- 

lidorum^dudis  cnini 

pIanisperaxes,x\C> 

FH^producantur  in 

eifdcm  clhpfcsjABC 
jj.  huiBs.  D>  rEHG^qux  erunt 

exdcm  ilUs  >  ex  qua- 
18.  biiius,  rum  reuoUitiQiie  circa  axes,  AQ  FH,  oriuntur  dia^r  fphc- 

roidcs>  &  proinde  Crunt  fimiks  tum  iuxta  dcfinit.  Apollo. 

nij. 
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nij, tuai  iuxta  dcfiait.  lo.huius.  Et  tiuonir.m  fi  rcccntur 
planis  ad  axcm  rcctis  m  didis  Iph.rroidibus  gignuncur  cir- 
cuh,  vt  cx.  o.  BNDOyEXGV,  uiui  lcccnt  .ixcsj AQFH^fi-  ^  + 
militcr  cnncTem  pnrtcm  iu  puctis,  I3)  quorum  uiamc- 
tri  funt  communcs  fecboncs  cum  h^uris  pcr  nxcm  ti\m- 
fcuntibus^vt  ipfxjBDjBG^idcoirtxcrunt  incidcntcsip-  ^^^^ 
forum  circulorum  5  BNDQ5  EaGVS  oppolitnru  tnngcn- 
tium  in  pundis^B,  D,  Gs  quod  ctiam  dc  c.rtci  js  intcHi- 
gcmus.Ergo  fi  pcr  axiumj  AC,  l  HjCxtrcmn  duda  fint  duo 
oppoiitn  tangcntia  plnna  5  cju.t  crunt  circuhs ,  BNDO,EX 
G\S  pnrallcln^habebimus  plana  clhpfuim,  ABCDjMiHG, 
illis  incidcntia  nd  cundcm  nnouUun  cx  cndcm  pnrtc,  iiani 
ad  lUn  funt  crcctn,  in  quibus  rcpcricutur  fimilcs  {Igurxj  cl- 
lipfes  ncmpc  iam  dicu^  oc  homologarum  carundcui  rcgu- 
l^crunt comnumcs  icctioncs  carudcm  producloruir.  p!n- 
norum  cum oppoiltis  tangciuibus  plnnis ,  qux  huUiv.  lcga: 
crunt  mcidcntcs  hc>moK)garum  figurariim  U]uar^tm  rcLiii- 
lac  funt  dicia  tangcntia  plana  )  5c  oppc  f  tarum  tnngciuium 
pcr  carundcm  cxtrcma  ductnrum^c^ua:  fcmpcr  dunbus  qui- 
bufdnm  rcguhs  xquidiilnbunt .  Ergo  diclx  fphxroidcs  fi- 
milcs  cruiTt  uixtadcfin.  io.huius,(N  cnrum , nc divftc  rum 
oppoluorum  tnngcntium  pLinoru  hgurje  incidcntcs  crunc 
cxdc  cllipfcsjAijCDorHHGjpcr  nxcs  trafcutcs,  quodj&^c. 

THEOREMA  XLVII.  PROPOS.  L. 

POfita  definitionc  fimilium  porticnum  fphf- 
rarum,  vcl  fphceroidum ,  auc  conoidum,fi- 
uc  carundcm  portionum  ,  fcquitur  ctirim., 
dcfiniiio  gcneralis  fimilium  folidorumt 

Sintfolidn  ^rMH^BACiliniks  poi  tioncs  fplmnrum^ 
vclfphxroidainj^vclfimilcs  c  v  i  Jcs  ,  f^n  conoidum  por- 

tioncs 
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tioncsiuxta  particularem  dcfi- 
niUGncm  dc  illis  allatam.  Dico 
eadem  efifc  limilia  iuxta  defiiii. 
tioiiemgeaeralem  fimili  jm  fo- 
lidoriim  .  Bafes  ergo  erLiiit  vel 
circiili,  vel  fimiles  ellipfes^nem- 
pc,FGH.%BDCE,diiciis 
plaaispcraxes  ad  reiios  a  igu- 
los  baribusfiant  in  ipfis  figurse, 
FMH,  BACqua:  erunt  fimiles 
feaionuiH  coni  portiones ,  &  earum  bafes ,  FH,  BC,  criint 
axes  balium  eorundem  folidorum,  ipfarum  nempe  fieura- 

•  B.\C,  per  axcs  tranfeuntia  funtbafibus  ereaa.  Sint^uitem 
iolidorum  lam  diclorum  axcs ,  nccnon  axes,  feu  diamctri 
figurarum,  FMH,  BAC,  ipfa",  OM,  XA.  Quia  ergo  figura?, 
FMH,  BAC,  funt  fimilcs  portionu  coni  fciaiones,  quTuum 
bafcs,  fiuc  ad carum  axes,vel  diametros,  MO,  AX,  ordina- 
tim  applicata-funt,  FH,BC,erunthomologarum  earudcm 
regula!,actangentesipfasfigurasex  vna  parte,  ex  alia  ve- 
ro,  qua?  pcr  vertices,  M,  A,cifdcm  ducentur  sqflidiftantcs, 
_    earundcm  vero  oppofirarum  tangcntium,  ac  ipfarum  fiai,. 
»t.  W  rarum  incidcntcs,  MO,  AX,  critquc ,  FH,  ad,  BC,  vt,  MO, 
ad,  AX   Si  ergobafes,  FGHN,  BDCE ,  fint  circuli  erunt 
bZV'  ^S"'^^^""''"'^"-''™'"  &oppofitarumtangentium  per  ex-  , 
trema ,  FH ,  duaarum  incidcntcs  fient  diametri ,  FH,  BC 
Si  vero  fint  fim.lcs  ollipfcs ,  quoniam,  FH ,  BC, funt  axes,* 
ftcik  probabimus,  ficut  pro  circulo  fii<aum  eft  ad  Lcmma 
Prop.  3 1 .  huius,  a uxilio  Prop.  40. huius,  ipf,s, FH,BC,ef. 
le  iracidente*  fimiluim  figurarum,  FGHN,BDCE,&:  oppo- 
itartim  taagcmium,  qua-  per  punfla,  F,  H;  B,C,  ductmtur 
(qu_:.  ipfis,  FH, BCexiftcnt  perpcndiculnrcs , cu  fint  axes 
carudem  figurarum. )  Et  eodcm  modo  fi  di^a  fohda  fccen- 
lur  aLjs  plams  pr^fatis  bafibus  parallcHs  ( iia  tamcn  vt  illa 

diui- 
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Jtuidnnt  fimilitcr  ad  eandcm  partem  ipras,MO,AX,&  fub-  .7  Vo&t 
intIectiama'titudincsiplorum  lolidoiu  relpcctu  didarum 
bafiuin  airumptds)  oftendcmus  &  produdas  in  folidis  fi^^u- 
ras  clk  limilcs,5c  cirum,  ac  oppoiitanim  tangcntiulxqlii- 
dtll.intium  tanquam  rcgulis  duabus  oppofitis  tangcnt.bn? 
baiuim,FH,  BC,  pcr  cxticma,  F,  H ;  B,  C,  lam  du.larum) 
incidentcscikcommuncs  iplarum  fcclioncs  cumfimiris, 
FMH ;  B.AC ,  qux  omncs  crunt  lincjc  hoinologa-  fimilium 
figurarnm, FMH,BAC,  qtiarum  rcgulx, FH ,  BC .  Eruo, 
diiais  per,M,  A,duobu.s  planu  balibus  par3l!clis,qux ipi* 
folida  coniingcnt,incidunt  hilcc  oppofitis  tagentibus  pla- 
nis  ad  cundcro  anguhim  cx  caddn  partcplana  figiirarum, 
FMH,BAC,fcais  aiiccin  foltdis  planis  parallclis,vt  diduin 
cll,  fiunt  in  ipfis  limilcs  figurx  planx ,  &  canim  mcidcntcs 
capiiintur  omncs  in  fimilibus  figuris,  FMH,  BAC,  qiiaruin 
funt  homoIog.v, carumq;  rcgulx  ipfx,  FH,hC,&:  lincx  lio- 
mologr  figurarum  honH.logarum  duabus  quibufila  rcgu- 
IiS  vtpote  oppofitis  tangcnttbus  b.wium ,  FGHN ,  BDCF, 
tam  diais,omncsxqujdilbnt,cigo  folida,FMH,BAC,fiinc 
fimilia  iiixta  dcf  1 1 .  huius,5k:  carum,  ac  oppofirorum  tan- 
gciuiom  planorum  iam  didorum ,  figurxmcidcntcs  funt 
ipfr,FMH-  RAC^  qu0dcr.1t  '*\  :-,'cndum. 

C  O  R  O  L  L  A  K  I  V  M  1. 

H/»c  etitm  nen  4i0c,te  itttelTtgi  petefi.frtpoftit  dttdhiu  ei. 
m  fimtUus  fefitombus.  FMH,  BAC,  quarttm  axes ^vel 
dt4metr$  fint ,  MO,  AX,  4C prfito  ipf^j ,  FH,  BC,  r4it)U4m4xe» 
iefwhefecirtvUs.ftufitntles  tlltpfes  ereiiat  pUnts  figurdrum^, 
tM H,.B 4C,(^  tdterdi  tntnef  otd  n*ttm  4ppUc4t4s  a4 ip(4s, MO, 
AX,  vel  ctrculoi  »  vel  femptrfimiles  elltpfes  dtfcrtbtre,  vt  d  Hnrm 
f  ff,  ftltJ^ti^dnut  fuperficte  ctptuntur  omnet  ftriph/tttn  circute^ 
fum^  veLfimiUum  eiltpfium.efse  fimtltsporttonts  fphdrarum.  vtt 
^mik».  f^tt^twUs^iitUmvUs^SATHmHk^trtmtslftmtUs  tnqu^rm 

ntisto» 
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nedu iu^td  def.  1 1.  hmus,  hoc.n.habetuf  ex  d^^.hmusjed etUm 
iuxtd  de/9 .  habentur , ».  htc  omnes  ihtus  condtttones,  vt  exatnt- 
nantifactle  apparehtt ,  qitodcH  conutrfum  etus ,  cfuod inpraftntl 
Theof.  propofttum  fuit  •  Hoc  auttm  conuerfum  ettam  in  reUquis 
7  heorematibus,  in  (juihus  defmttones  farttcularesfimtlium  pU^ 
narum,  vel folidarum  figurarum  cumgeneratthus  oiledimus  con- 
cordarcpoterat  demcnfirari.fcdcum  tnfequetthus  Itbris  vel  nul- 
Um,  velfaltem  no  necefiariafn  occafmtm  viderem  me  hutus  ha^ 
bitufum  efse,  &  cum  ettam factle  hoc  fiudiofus ,  qutre£le prtores 
propofttiones  intedexit,  deducere  pofstt,  pr^ pterea  ne  lcgiorferem, 
coyiftdto  hoc  pratermtff.qundtawen  verum  efse  mintm}  dubtto.  & 
propterca  hocetiam  provero  fuppofito  inffafcrtptum  CoroHdrwm 
fubiungerevolui. 

COROLLARIVM  IL^ 

VLtertus  ergo  cum  hucufcji  faits  manifeHum  fitJefiniticKes 
particuUresfimiliumplanarum,  velfoUdarum figurartfm, 
cum  definitiontbus  generaltbus  l  o.  nempe  ,  &  ll.  hutus  ccnc^r^ 
dare ,  ideo  fequentihus  vtriufq\  de^nttionis ,  tatn  particuUris 
./  quamgeneralis,prout  Itbuertt ,  hypotefi  nos  vtipo^e  ex  hoc  coU 
ligemtts. 

S  C  H  O  L  I  V  M. 

NE  miretur  autem  Ledor  fi  tn  hoc  quafdam  propofitiones  af- 
Jumpferim  tamquam  verds,  qua  in  feqrtett  Ltbro  dfrncn" 
Hrantur,  quales prdcipue efsc potuerunt  Prop,'),6.'j  (jr  8.  lib.fe- 
quentis,  bas  accepi  tamquam  in  Elementis  ia^n  demonftratas^ 
licet  potutfsent  etiam  defumi  ex  feq^  Ltb.  2.  cum  tpfa  non pendc^ 
rent  ex  htc  demonftrandis ,  ne  fieret petttio  princtpq ,  vt  futs  locis 
admonui  in prdfenti  Libro ;  pUcmt  tamen  eafdem  Prop.  noua  mca 
methodo  tndtutftbtlium  ettam  dcmonilrare ,  vt  ex  ea ,  tamquam 
ex  herculeo  cornu ,  quMnt^fit  manans  derfi^nUrattoriUm  affiucn^ 
tia pafsim  dtgtto  dcmonftrarem  • 


Tinis  PrimiLtbri. 


I-IBER  SECVNDVS. 

In  quo  de Triangulo  prxcipu^^, c\  P..raIIeIo. 

gra  mmo,  ic  Solidis  ab  cildem  gcnitis  plura 
dw-monltrantur,  necnonalijequsdam  Pio, 
pofltioncs  lemmaticx  pro  llqacntibus  Li- 
bris  oltcndmitur. 

^BFINITIONES. 


'  I  pcroppontasranGcntcscu: 
iulctmqi  darce  planje  figur.r 
ducarurduo  pJani  inurccm 
paralltb,rcdi  fiueinclma- 
u  ta  ad  plaoum  d.ir.r  fignra-, 
hinc  indc  indcfinirc  produ- 
^  Ct2  ;  qnorum  alrciu  mouca- 

-  tur  vtrfus  rdiquum  eidi.m_. 

lemper  «quidiflans  doncc  iili  conjrrucrit :  fipc,u. 
rcdx  llnc^,qux  in  loto  motu  fiunt  communcs 

l'.^;tio- 


7  GEOMETRIiC 

fedicnes  plani  moti, & dara?  figura?  ^  Gmul colfe- 
prfin.  (^ta?  vocentur :  Omnes  linea? ralis  figura^, fumptar 
regula  vna  earundcm ;  &  hoc  cum  pfana  funt  rc- 
^  ad  datam  figuramiCum  vero  ad  ilfam  func  in- 
clinata vocentur-  Omneslineas^eiufdemobhqut 
tranhtusdata^figurar,  regula  pariter  earundem-* 
vna  3  Iibeat  tamenjcu  expediet  y etiam  pr^didas 
vocarcj^rci^ii  tranfitus,ficuti  has,obliqui  tranfi* 
tus,  eius  nempe>qui  fir  m  tali  sequidiftatium  pla* 
norum  ad  datam  figuram  mclinatione,. 

C  O  R  O  L  L  A  R  I  V  M . 

roro.Pri  T  T  / pafet^  cfUQniavt  oppofiu  tavgentefrcguU  cfuacvncji  im 
JL  X  darjfiguradt$ct  poiiynr,enamomr)ffifneaiaataf^ur(g, 
reguU  quacunf^  reiTa  Uneatrrtpofita  habtrt po  fse^  tHfn  nchjun^ 
tuam  eiufJcm  oHtj^ut  tranjituu 


if. 


fita  phma  tangentia  regnla  quacurq,-  Av>(k^ 
fuerinr,hinc  rndc  indefiniieproc)u^a,quo- 
Fofe  scr.  nirn  afterum  verfus  rcliquum  moyeaiur  fcmper 
eidem  a!qurdiftans,donec  illi  congruerir  j  fingu- 
laplanajqujeintotomoruconcipiuntur  in  pro- 
pofiro  foJido,  fimul  collcda ,  vocentur :  Omnia.. 
ji^Defi,,;  ptana'  propofiti  folidi ,  furopta  ,  regula  eorun- 


L  I  B  E  R  n. 
C  O  R  O  L  L  A  R  I  V  M, 


Hlnc  tli4m  Jifcimus,  vtlntifrepofiti  fUtii  tpff.fiig  ungm.  Co,o. 
tu  pUn4 q„4(Mr,q;  re^uU ducipcfiuni, it4  ttMfdtm om^^  '' 
*>I4  fUnx  rtgitU  qutcMnf,  pUne  hdtrt  fopt» 

III. 

SI  oppofitistangcntibus  pUois  occurrant  in- 
terius  d\ix  rcclic  lincx,  vna  perpendiculari- 
ter,  rcliqua  oblique  j  punaa,  quaj  funt com- 
jnunes fedioncs  propofitar  lineiE  perpendiculari- 
ter  incidenti^,  &  (ingulorum  planorum,  qua:col- 
Jeda  d!cuntur,omnia  plana  (ita  tamcn  produaa, 
vteafdcm  fccare  pofljnt^fiuc  punaa,  quac  funt 
comuncs  f.dioncs  ciufdcm,  &  moti  plani,fiuntqi 
intotomotu,  fimul  collcilh  voccntur ;  Omnia., 
pun^a  rtdi  tranfitus  propofitar  Iinea  pcrpcndi- 
cularitcr  incidentis  j  quje  in  oblxjuc  incidcnic^ 
voccntur^ciufdcm  obliqui  tranfuus . 

'  ( )  I.  T.  A  1'  I  \-  M. 

EX  hoc  hjhtturfi'.,' ul^  f.uuUj  raii  irinfnms,  i  tlchfi^mi,  in^ 
,  cidtntti  ltntt,n(du»n  tfse  cemmunti  ftiJrtnts  tllimi  ,(fr 
ftngi4lorMm,>jut  cUuad  dtcuntur ,  mnt*  fUn4  frofofiti  fslidi,  fcd 
ttum.fiper  taltm tnctUtnitnnxttndttur pUr,mm,ifst<tnmn. 
nesficTionti  iU:iti,  ^  finguljrum,  tjux cclU£i*  dnuraut :  Omnct 
iitetfUntfi^U'*, ; uius cffffiu ttricicf funt citr.munes ftffit~ 
tici  fUnt  eiuficm  figurt,  ^  effftors.m  tdngenttum  titOi  fUidu 
mtm  matum  fUrtum  dtfigntt  in  ftjnc  fec4r,te  rtitdm  iintdm,  ftr 
tnjit»  A  fMrictum  in  tnctdtt,tt  ,tjutd  rtprritur  tu  tUd  rtda  Unrd, 

A    2  <ir  tdio 
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eJ-  ^^fJ?  idempkpautn  e^commvm  f£iio  tun:  mtipUriU  &  f^- 
«7 incidentis,  lum  vnius  earum  ,  duur;t»r  emhes  IthCA  dats 
figUfAf^UnA  (ttatamnproiiHuld»  vihasincic.etes fecdre  pefsint) 
&  eirtjfiein  inctdentis. 


iV. 

SI  interalrerum  extremorum  pundorum  pro- 
pcfitjeredsElinea?,  5/  fingula  pund3,quie  fi- 
A\\  ^'.onul  colieda  dicuncur  omnia  punda  re(Si, 
vel  eiufdem  cbliqui  tranfitus  eiufdem  ,  fumamus 
interiacentes  lineasj  dicantur  ift^  fimul  eoUc  (^ae: 
Omnes  abfcilf^E  propofita?  lineic,  quas(etia  li  noo 
<xpnmatui)  vocari  fuppqnemus  rt€t'\  tranfiius,  ii 
-punda  finr  redi  tranfitusy/eleiufdeobliquj  tran- 
fuus,  fi  punda  fint  eiufdem  objiqui  tranfitus» 

V. 

REdJs liriere  vero  in  antecedetis  deflnitiV 
nispropofita  linea  intereadem  puncSa,, 
&  celifquum  exticmorum  interiacentcs,. 
dicentur :  Refiduaromnium  abfciflTarum  propofi- 
t«  linc^  rec^i  rranfitus ,  fi  punda  fint  rc(fli  tranfr- 
tns,  vel  eiufdem  obliqui  tranfitus,  fi  fumpta  pua» 
<9;a  fint  eiufiJeoi  obiiqui  tranfitus. 

C  O  R  O  L  L  A  R  I  V  M, 

T_T  'nciuittetcud:h€tAhlct(h  i»  proximts  dcfimttomtus  pts^ 
A  k  fof.u UmA  vtfponjere  vr.am  , x  rtjidpts.  ua  zt  tot fwt  if 
l'.  cjUAdicuntuf  te(tdH^,mr.tur„  diufs^u  pppoft^  hnta ,  tjttot 
m*>iftA  dtenntHr  etstfitm  m,,es  aO/ct/s.t,/we  niitjiye  ctnfacrH 
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tytTiMcent  tvttr  rtUqHum  txtnwiMm  etu[iem  purulum ,  c>  r«  • 
tl,m,!Uf  ,ma4,  tnur  qut,  6^  t^trcn,Hm pmo  dMum ,  t^ttrtA^ 
ttutimnesthftfs*. 

VI. 

SI  proqualibctcarum,  qu.t  dicuntur  omncs 
abfciir*  propola.T  rcdy  iincic,  .pfa  propofT- 
u  linea,  (lue  eidcm  a?qualis,  fcmeJ  atfumpta 
inteliig3tur,i(ta?limulcoljtc1idiccntur:  Maxi- 
mx  omnium  abfcilfarum  propofit»  lineg,vcl  fub- 
intelligentur  fcmpcr  elfe  omnium ,  ctiam  fi  dicc- 
rcntur  folummoJo :  Maximacabfcilfarum. 

o  L  l  ..  M. 

ErfV/.^vM/r.-  ■srr;::us,^a.,.e 
-v^Vommum  .c'.nt,df,f,.r.4m 
e»tlthtt tbf^x TtfnnAtt  vrtd m^t.x ima* S.tJ/t  mtxtmter^ritim 

'""^  rr  ^ltntdlttetuxt  ,,iwitiijmrefiti0i4(mnium 

^^^^''^^''^''^"/fus-tdt/t  prt 
iK4mm4xt'  -'i^tfemptr 

\S  4^  UWftlS. 

VIL 

SI  cailibet  omnium  abfciflirum  propofir^  re- 
^la:  linc^adiuncla  inrclljgatijr  alia  rc(f>a  li- 
r>ca  cuidam  arqiialis,  comporua?  cxomnibus 
abrci(Tis,&  adiun(f>isjimulcoilcd:a:diccrur:Om- 
iies  abfcilTae  propofitas  linca?  admnda  tali,ncmp^ 
adiuncfli  illa,cui,quae  admngijrur^funr  a^qualcs: 
£  vcro  ficrcc  hsec  adiun(iJio  rcfiduis  >  vcl  maximi» 


C  E  O  M  E  T  R  I  ^ 
«mnium  abfcinaru,  parifer  cficerenrur;  f?efido«, 
Maximxomnjumabfci/raru  adiuriaa  eademj 
xedli  femper,  vel  eiufdem  obliqui  tran/itus. 

A.  VIM. 

PRopnilta  ^uacunqj  plana  figura ,  &  in  ra^ 
duda  vrcunq;  rc^aa  linea  vfqjadambitum 
hincindc  terminata  ,  fi  ipfa  rcda  Jinca  de- 
fcriberequamcuq,-figuramplanam  intclligatur, 
iion  txiftciitem  in  plano  propofirip  figur^,  ac  de- 
indereliqux  earumjquc^e  dicuntur  omncs  Jinc« 
propofit^  figurjE,  fumpt^  rcguJa  iam  duda  jfnea 
(&  nai  trai.firus fi  defcripra  figura  fit  ercda  pla- 
no  propofita,  vci  eiufdem  obliqui  tranfirus,  fi  illi 
fitinclinata  ,eiu.snenipctranfitus,quifit  in  tali 

incJinatione)defcribcreintdIigarriffiguraspIa- 
nas  fimiles ,  ac fimiliter  pcfitas ,  ^^•quidifiantes 
primodefcnpt^,  ita  vt  omncs  dcfcribentes  fint 
defcriptar um  figurarum  line^ ,  vel  latera  homo- 
Joga  j  omncs  defcript^  figura?  fimul  fumpt^  dice- 
tur;  Omncsfigurieplanarfimilcs  ralis  propofit^ 
figura»,  fumpt^  rcguJa  earu  vna,  vel  regula  etiam 
ipfa  Iinea,veJIateredefcnbentei  vtfidcfcnW 
hgur^  efrentquadrata,hje  dicerentur.  Omnia 
quadrata  talis  propofite  figur^,  t^el  fi  elfent  trian- 
gula^quilateradicerentur.  Omnia  triangula. 
^quilateraeiu/dcm^.  ^ 
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B. 


Sol,dum,cuiusonincsJcrcripr.Tfic,„ra,nmiles.- 
funtomnu  phna^dicerur :  Sol.dum  fimil.uc  ^<s^ 
nitumex  pronof.ta  fi^ura  iuxta  cadem  rcgul.^Ti,' 
Juxca  quam  lumpta:  omncs  BgvtxlmAci 
tucrunt,qus.giiurexh>r]s  propodris.vt  fic -c- 
nerantur, dicentur  abfq;  alio  addito:  Solida  fimi- 
larta  gcn.ca  ex  propofitis  figuns  iuxra  regulas 
omnium  fimilium  figurarum,qu:cipforueu3danc 

omnjaplana,propofi(afautcmfigur^,corundcni 
gennricts  figurg  vocabuncur. 

C. 

Oim  ver6  duarum  genitricium  vrcirnq;  f{rn. 
Tarumomncsdclcripjfig.jrj  nedum  fimiicscn.r, 

quxrepcrrenturin  earu.n  vnaquaque,fi.-d  ctiam 
quae lanr  vnius,  inuen.ecur  fimilcs  omnibus  fi<»u- 
tis hm.Iibus alterius propofir^  fi^urc ,  Fuerint  au- 
rcm  in  vtroque  folido  figurx  cque  elcuarg  fupcr 
pranagenirriciumfigura.um^tuncfolida  gcnita 
cx  propofitis  figuris luxra  rcgulas C3s,quc funt  re- 
gul?  omnium  fim.l.um  fi^^urarum  carundem  pro- 
polirarum  genirricium  figurarum,d(centur  folid» 
»ntcr  fe,  vel ad  inuicem  fimilaria,  gcnira  ex  d-rtis 
figuris  juxca  dia^s  regulas,vcl  intcirigentur  fcm- 
per  efle  inter  fe,ftu  ad  inuiccm  fimilaria,ricet  hoc 
non  cxprimatur,quotiefcunqicontrarium  ahquii 
Don  ad.jciatur, 

D. 

Cumauccmduasfiguras  ineodcm  pFarro  ha- 


m 


Caro.Pu* 
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buerimiis  in  eadem  aUimdine  exiftentes,  re^aan- 
gulafub  fingulis  earum ,  qu?  dicuntofomnes  li- 
iiea?  voius  propofitarum  figurarum ,  &  jlJis  in  di- 
redum  refpondetibus  inaliafigura  fimulfiimpta 
ficvocabimus,  nemp^  Kedangula  fijbeifdemfi- 
guris,regula  eadem^qu^  eftomnium  fumptarum 
liiiearum  regula^, 

E. 

Cum  vero  propofitarumfigurarum  altera  fue- 
rit  parallclogrammum,cuius  bafis^iuxta  quam  al- 
titudofumitur,fitrumptaproregula,di<aa  rcdan- 
gula  vocabuntur  etiam :  Omnia  rcdangula  reli- 
quf  figurf  ^que  alta  ac  eorum  vnum_.. 

A  P  P  E  N  D  I  X 

Pro  antccedcntium  Definitionum  explicatione. 

pofft^  ungemes  rutcu^q^  du&^  ,  EO,  BC,  mttU 

duA  pUna  muicem  paraUeU ,  ^fucrum  quod  tranftt  per,- 
kO,ex.  rr,oueatur  rerfus pUnum  per,  BC^femptr  tUi 
^utMfians,  donu  tUt  cmgru^t ,,gitur  communes feflto. 
n,s  tdi,  mot.  ftuefl.enuypUnt,  fiaur^,  aBC^  qu^ 
w  toto  rmtu  fimt.ftmuUoUtcU  Irne  rvocantur  •  ()m- 
mslmca  figut^^AeC,  quarum-.^Lqu^  fint tpfryhW 
PF>  -BCfumpt^  reguU  earu  n^r.a,  ^t,  BC.  re6ii  tr^yil 
jttus  cumpUna  paralieU  neie  fecunt  figur.m  ,^BC, 
i^iufd,m  obuqm  mnfim.  >  cum  iHam  obU^ti^cfk^nt , 

€tUS 
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iias/ctlUtt  trdfj/i'  g 

tus,  qui  tn  tdlt  tn- 

€lm4ttone  fit, 
Intellt^smtts  nSc 

•ABC  .«Jftfoltdii, 

«mus  dH6  oppnJtt4 

pl4»a  ttngenttAj 

ftnt,  quA  tr*nfeunt  per,  EO,  BC,  mouegtur  atitemad. 

httcpUnum^per,  EO,  extenfum,fetft$spUnu  ptr,  BC, 
femper  tUt  AqutdiflTu,  igitur  hums pUnt  moti,fiuefluen' 

tt  r  conceot^  in  Joltdo  ,  ABC,  figurx ,  ^«<r  i„  toto  metu 
flert  mtelligurjtur ,  rvoco :  Omnu  pUna  foltdt ,  ot^BC, 
fumptd  reguU  eorum  '-uno,  qutrum  aliqua  reprxfentart 
pojfunt  pUnA,  LH,  PF,  'BC. 

yiterms  du£  rtflM  Imet,  ON,  E  H^occurrant  pUr.is' 
per,  EO^  "BC ,  trsnfeuntibus  t*m  dtflts  tn  pun&ts,0,Ni 

E,M.  quarum,  ON,  perpedictiUriter,  EM,  ^vero  obli. 
^ue  lUis  i,,ctd*t ,  punf/d  tgitur,  qu^  f,*it  communtsft. 
ffiones  omnium  pUnorum  foltdt,  tATCprouuchrum, 
fi  opusJtt,(^  rca^,  ON^^vccamur  ipfrtts  omma  punB^ 
reclitranfuus,  qutrum  atiquafunt pt4nfi4,H,l,N,qu£ 
tnter  ipfa,  ^  txtremum pur.R^tm,  0,  conitmntur,  r^t 
ipf<e,  OH,  01, 0N,dicunturabfciffx,qu4i  intereadtrru 
puK  cli ,     altudtxtremum ,  quod  efl,  /V,  contmentur, 
rvt  tpft,  m.  NH,  NO,  refidux  omntum  abjajfartu  tot 
xqutles  ifft,  0:A(,  qmot  Junt  omnts  abfi(Jk,Jtue  refdu€ 
omnium  dbfciJftrii^Oj^dicuntur  maxm<e  Abfctffarum» 
ftuc  ommum  abfctjfarum,  ON,  qutbus  f,  adtungatur  alt- 
qua  rccia  linea,  dtcuntur  abfcjjie,  rtfduA.fue  rnaxwne 


huio*. 


Def.Tert. 
huius. 

buiut. 
ref  Qai. 
bu>ui. 

Pff  Snt» 
buiu*. 


ui. 


m 
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<i  ^iunSi^  fa/i  twea  >  omnesqmdefn  re^t  tranfitus  In  rt^ 
£Ia,  ONy  tfh  EM^  njeradtcuntur  eiufdern  cUiqut  tfiiff'^ 
fitusy  epus  nempe^^  qut  it)  tJt  tmlwattone  fit^ 

Dicttur  autemtn  CoYoll\  Defn\  3*  eadem  puuSIa  re^ 
£lt  tranfitus^fue  obuqut.ficrt  tum  ah  cmnibus  planis 
fropofttijoltdt,  rut y.xA''BC ytu  ab  omntbus Itnets  pi/ani 
per  eafitm  irjetdtnfes  txtenfi,  ^t  €X\g.^lamy^uad  tran^ 
fitpeTy  tO\  BCy  quod cp^tdem  ettam  tranftAt  per  tpfas^ 
ONy  BMy  tderr^n^pUnum^  quodtnfoltdum^  ABCpny^ 
duat  fpguram  y  LHy  in figura plana ,  A^C.productt  re^ 
fiam^LHy  inreQayOC^CypurMumyH.tny  kM.ve^ 
rofmifium  T\  quod tranftt ,HL, produfla.f^  tdio  di. 
co  punSia  HX,poffe  dtci  ettam  effeda  a  rcfia,  TH, 
ftc  ornraa punSia  reftt  trarfttus  qu£  nempe  funt  )nyONy. 
nedum  fiert  a  dMts  ptants  para/Jtlts ,  fedettam  a  /tnets 
paraLe/ts  figur^,  n  W^^produS£is  f  opus fity  tdem  tntel^ 
Itgetn  rtfia,  LM.cuit^somntapunila  dtcuntur  etufdem 
^b/iqut  trar^fttusyetushempe,  qut  tn  ta/t  tnc/tnationefit^ 

Pro  tntelitgentta  Defin^  S.Jupponatur  tn  figura  p/a^ 
napropofitay  A^C,  rtcunqy  rcfiay  hC,qu(t  defcrtbat  fi^ 
guramplaha,  BC,  t/tuatam  fuper^ /iX^Cyftngu/x aMem 
kni^  quit  dtcuntur  cmnes  /inti^  figura. ,  AbC,ft.mpt^ 
repu/ay  EC,  refft  tranfitus  ,fi  figura,  ^C.fitercEla  fi^ 
gune,  AhC,  rzjel  etujdem  oUtqui  tranfitus  (qutnempc 
in  inc/tnattoyie  dtfcrtptit  figur^ad p/anumy  vA^^C.fityfi 
fil^ray  BL\fit  tnc/tnata  adfiguram^  A^C,)  dtfcrtl>ert 
tnte/ltganturfigutas  ptanas  fimt/es,fimt/tter  prfitas.O^ 
^qutdtliantistpfifigura^  ,  BC  ,  tta^t  defcrtbentes  fint 
defcnptarumfiiHramltm^,  rvel  /atera  bmo/oga ,  qu^ 


Tt 


A.  Dcf.  I. 
Jbuiu«. 
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FjLH ,  $ft£  igttur 
omncs  fimul  fumpt^ 
nfocantury  omnes  fi* 
gura  ftmdes  ipfius 
figur^  ,  A  HC  y  fum^ 
pt^  re^uUfij^urd,  BCy^elJtned  aut  Utere,  BC. 

Soltdum  ,<utus  om>ies  dtcl^e  fi^ur^c  fimiles tifius^  %A 
^C.funt  omntdpUva  dtcttur.foUdum  fimiUre  ^enitum 
ex  fi:iurd  pUnd.  ABC ytuxtAregulam  tpfdtn  figurdm^,  f.  dcM. 
rz/elltnedm,  BC,  ip/A  fie^rd ,  ABC.dpptUdtur  ^en$-  ^*'*'**' 
trtxetufiem  f^bdt ,  rjuod  effe  int^Ut^dtur  tpfum,  A^O^ 
-  St  ^ero  d  ifit  dltd  f^!urd  pldnd  ,  iuius  omnes  Itm^, 
^uiddm  teuiUfumptx  ,  defaribant  ftmiles  fi^urdS  pU^ 
nds,(^  ftmiltter  pofttds,  omnes  Tfnt  cutddm  ^qut  itjldn^ 
tts ,  ^  fimtUs  fi^jAr4t,  BC,  ^  4tque  eleudtds  fuper  pld  ^  ^^^^^ 
rid  genitrtctum  fi^urdrum.fclidd  fimiUrtd gtnttd  ex  tftts 
filurtSy  xuxid  dtClAS  re^ulds  nc/ocal;untur  rulurms  tKter 
fe^  "Zfel  ddtnutcem  ftmtUrid  ,  Itcet  cum  dictmus  .foltdoa 
fim'ldrtd  genit Atx  tdl.bus y  tdlibus  fi^i^ns  hoce^ 
itAm  ftnedlio  aidito^  tntelli^ernus  fcmp%r td^fje  tnttr fe^ 
rvel dd tnuKem  ftmdarta ,  ettdm  jt  non  txpnmdtur  ^  hoc 
•dutem  nfi  dtiter  cxplicetur. 

Pro  decUrdndiS  O.  (g^r  £•  Dtfih.  expon^ntur  duse 
fi^urxin  toiem pUno^  ^  tn  eadtm  dhttudtne^  tfu^  fint 
"BCDAyAOE  ,  fit  dutem  dltttudo  fi^^ura  ^  ABCD^ 
Jumptd  refpeSfu  tpfius  nCix  ,  CD  ,  dltttudo  fiiur^^ 
%4DEy  refptcd^i  tpfiuSy  DE^qux  tntelltga^tur  ahjcindt' 

W     z  rc 
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U  ex  (adem  pdrte  i 
communidmudmt^   


0? 


pArtes  aquales , 
fibt  in  dtrefiii  eruat, 
fint  rvero  Ambtt  com  -  ( 
tHnms  reguU  omniH 

linearum  dtSiArumfigurtrum^fS^ fit  duSlA  dlU  'Vtcttp 
eidemy  ChyparalleUy  MNyCutusportio  msnens  mfigu^ 
tay  BDyfity  MOy  ^  ««4«f»J  /»  fyurdy  ADCyfity  ON} 
reflanguU  igtturyCDEy  MONy ftr'  relttfua  reeianguU^ 

1.  qu£fub  ^uahbet  earumy^ute  dicuntur  emnes  line/figu~ 
r^y  BD,  ( reguUy  CEy  W,  CD,)  ^  iUt  m  dtreSlum  pih. 
fttain  figurayuiDEyContmentMr  (erit  autem  fempet 
aliquaetdemtn  dtreSlum»  praterquam  forte  tUiyijUM 
tanptfiguramy  rvty^B^ypoteft ,n.  in  figura^  ADE  ,  tlU 
rvice  Ituea  n>num  punfium  tantum  refponderey  'vty 
boc  tamen  reQangulum  non  computatur ,  ^»/4  mkil  tUts 
adiungtt yortt  in^uam  hac  /inearum  refpondentia  in  fi- 
guray  ADEy  eisy  inaifummtur  /»,  B O,  nam  funt  tn  es- 
dem  altttudme  fumpta  afpc^u  earundem  linearumyfuh^ 
^uibus  reSianguU  conttnentur)fimulfumpta  yocarnus: 

.  .Ki^MguUfubfiguris,  BCDAyABE. 

St  rvera  contingeret  altera  earundem  figurarum  e(fc 
f*ralIelogrammumyi^  reguUm  ommumetu/demlinea^. 
rum  ejfe  wnum  etufdem  laterumy  rvty  C  0,  refptau  ctt. 
iusfumitur  altttttdoytunc  futa  tUay^ua  ^equtdtftant  trfiy 
CDy  mpataUelogramtKOy-MDyfunt  etdewy  CD^quaUs, 
t^fi*nt  Utera  di£lorum  re^angulorum ,  tdea  dtco ,  nos 
i*^o(arefopmdum  reSlaniuUfub  his  figurtSyfU 
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tttSJtf  gpptOdre,  ntmpe-.Omnu  re^AnguU  figure,  aD 
£,  (^M  non  en  mctff^no  pdrMgr^mmu )  aque  aIu, 
*c  rvnu  eorum  .1.  rt^4nguium,COE,  attttmUms  fci. 
itcct  icqualis  tpfi,CD,prout  /tiuertt  autem  nominentur. 

POSTVLATA. 
I. 

COngruentium  planarum  figurarum  omnes 
linear,  fumpi:^  vna  carundera  vt  regula.-      '•  * 
comrouni, funt  congrucniesi  Et cogruen-  ' 
tium  folidorum  omnia  piana,fumpta  eorum  vno, 
vt  regula  communi,  funt  pantcr  congrucntia. 

11. 

Omncs  figur«  fimilcs  alicuius  figurje  plan* 
funiomnia  plana  folidi,  quod  tcrmmaturfupcr-  *  Dtf.i. 
ficie ,  in  qua iacent  pcrimctri omnium  di<aarum-, 
fin.ilium  figurarum-,. 


THEOREMA  I.  PRQPOS.  I. 


Q: 


Varumlibet  planarum  figurarum  omncs 
linca:  XLCkx  tranfitusi  &  quarumlibct  foli- 
darum  omnia  plana,funt  magnitudioes 
inicr  fe  rationem  habcntes. 

Siiit  diutplano:  vtcunq;  figurx,  EAGjGOQ^quaru  rc- 
g;i!jc, EG, GQj_vtciinqiic, fit  aiitcni  Hgiira-, EACultitiido 
ruinpta  rcfpedu,  EG,  ipf:i  ,Aft ,  &;  figiJra:,GOQ^a!titudo 
fumpta  rcfpeau,  Gq,  ipfa ,  OP .  Dico  crgo  omnes  lincas 
icdi  tranfitui  figurx,  EAG,  funiptas  cum  icguh ,  EG ,  ad 

cninc;; 
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omncsliiicasreaitra- 
fitiis  figurvr,  GO(>|^sri- 
ptas  Ciim  regula ,  GC^ 
r.uioiiem  habere.  Co- 
ftituaiuur  regula^jEG,  \  ^  f 

G^fibi  iiidiredam,  g 
.&  fiiit  totje  figurse  fu- 

p:a  ipfas  reguias  iii  e  idc  plaao)  vcl  igitur  altitudines,  Aipif, 
OP)  fu  it  sequalcs^vel  iion,^uppoaamiis  primo  ipfas  cfTc^^ 
aecjuales,  abfcindjntur  nuiic  ab  altitudinibus,       QPy  ex 
hypotcfi  a^qualib  is,  portioues  ,T9^  RP5  sequales  verfus  re- 
gulas, EG5 GQsfi crg  ) per  pundum, I^duxCiimus  rcgula?, 
EG,  parallclamj  LM^hxc  produda  tranfibit  per  pundum^ 
Rj  fier  ergo ,  LM 1  qnaeclaaditur  perimetro  figur.T,  EAG, 
yna  cx  ijs^  qua^dicunjur  omacs.liaese  figurXjEAGj&^tNS, 
c^auTa  pcriaietrofigarcT^GOSvaacx  omnibus  lincis  fgu- 
xxy  ^OQ^iimptis  omaibus  liacis  i^ip  dicii$ ,  rcgiila  ccm- 
111  jai,  EQ^&re6ti  traafitus^  vti  'fempcr  iatclligemus^  aifi 
.a  iter  cxplicetur,  ctiamfiid  aon  exprinijtur.  Qnoniara-> 
igittif fi  recaa ,  NIS ,  fit  miaor  rcdi ,  LM^,  potcft  indcfinitc 
produda  aliqiiandoiieri  maior-jfi  hocintcUigamus  fieri  de 
ca^teris  liaeis  5  qua?  ab  altitutlinibus  portioncs  abfcindunt 
aequales  verfus  regulas,  EG.  GQ,  j^atct,  quod  fiagulr^quse 
cruntin  figu-rij  GOQ^produdU  fict  nuiorcs  iis^quc^  crunt 
in  figurayEAG.fit  aut  ita  ficli  produaio  cuiufuis  omniinn 
•lineariim  fig^fra^iGOQ.  regiila^EQvvt  qiKr  illi  in  dircdum 
•cDnftmiitur  in;figara,EAG3,fit  portiociufdcm  produ(5l.r^ 
vt  ex.  g.  ita  ^fit  prodircT: SN^  v<:rfus,  ML^  vt  ipfam  pcrtra- 
fcat  peruenieas  vcrbi  gratia  vfqs  ad,     ita  vt,  LM, fit  por- 
tloipfius5TS,  pateterg05<]uodoTnnes  line.Tfi0ur.T5  EAG^ 

eruntpars'omaimTi1Jn-afi!iTifig:irrr,G0Q,fi?produ(5ta- 
rum,  &  ifi^cnmttotuai,  nam  illa:  iftis-claudcntur,  fiuc  in 
his  tofa?  reperje^ntur  .  &  aliquKl  amplins  .f.  quc>t1  de  dmni» 
bus  Unels  figura^,  GOQ ,  fic  produ<^iis  manctcxtra  figui  a, 

EAG, 
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EAG,  cotiim  autem  cft  maius  fua  partc,  crgo  cmncs  Uixc.v 
fi^iKx,GOQ>^llc  producU*  hicrunt,vt  maioi  cs  cilcitx  fuc- 
nnt  omnibiijy  Imcis  hgura^  EAGicacicra  mct liodo  (.mnc>. 
lucas  hj^urx,  EAG,  lic  pruduccmus^\  t  coaiplcdatur.  ou*^ 
ncs  lineas  figurx ,  GOCV>  iam  produaas ,  vt  diduiacll ,  ^ 

iJco  tnaioicscifllcmfiaiit^mngnitudiaciautcmracivi^m  D.fFn.  4. 
habcrc  intcr  fedicuncur , qux  multiplicata:  fc  iiiurcc»!  fu- 
pcrarc  polTunt,crgo  patct  cmmcs  lincas  figurarum^^AGj 
GOQ^^um  alt ituumcs,  A%  Ol\  fucrint  a<iiialcs,,  uucr  fe 
ratio/xmhnbcrC  j  . 

Non  lint  autcm  xqualcs^fcd  altitudo,  AlJvfir  maior  al- 
titiidine^OP,  Ck  ab,  A^,  ht  ablcufa  vcifus  >EG ,  ipf^,  C^y, 
srqualis  ipfi^  OP,  6c  pcr,  C,  duci;],  BD,  parallcl J>EG,mtel. 
ligatur  pcr,  liD,  a  hgurj,  EAG,  abkula  figura,  KAD  A  ea 
conftiiuta,\  t^HFEjita  vt  (it  in  ccdcm  p!an« .  ad  cadcm  par- 
tcmcu  figurjs>EBl)G,iquaercmanfit;  &5GOQ^exificnte^ 
HEjia  dh  cctfi  ipfi,  EQjjquod  li  adhuc  al  tiiudo,  l  X^fit  ma- 
i^rahitudi  ic/JPv^bfciivdatur  u  quaU^A  fic  scj^cr  fiat, 
&:clifponatur  hgurx  rcfiduxjN  t  caru  bjfcs  fir*t  m  dircclrm 
•  ipfi,  EQ,  L<c  figurx  conftitutx  m  codem  pIaiio,&  ad  eadcm 
pa* tem  cu  figu;  is,  EAG,GOQ^in  altiuidmibus  vcl  xqua- 
hbus^ vd  non  maiunbus  alnfjdinc , OP.  huclligatur nuc 
ducta  vtcunq;  m  figura  ,GOQ,  rc-aa  ,  NS ,  parallcla,  Gq, 
qux  erit  vna  ex  omnibus  hncts  figura  ,GOQ^regul3,CQy 
produciturq,  ita  > vt  pertrai.fcat  ocs  fic  difpcfit  js  figuras, 
vt  vfq;  1  ^  Z,  compledetur  crgo ,  SZ,  ipfas ,  LM,  \  T,  &:  fic 
quajiusomninm  Iincaru  figura>GOQ^hac  legeproducljy 
complecletur  eas^qux  dc  ipfa  mancnt  m  figuris  iam  difpo- 
litis  ergo  omncs  hnex  figurx^GOQjic  prndudx  ccmpTc- 
ilentur  omncslincas  figu»  arum  fic  difpofTtarumiCri^o  ci  ut 

iUas  fimul  fumptas>\  i  totum  ad  partcm,  nam  iHx  in  his 
rcpcricntur  ahquid  amp' lus ,  crgo  c:  unt  iUis  maicres, 
©mnes  Imexnutem  figurarum  fic  difpofitarumfinu  no  mi- 
ootcsomnibus  Uiicis  figurx,  EAG^ex  qua  dcfumptx  funt^ 

crgo 
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crgo  omncs  Vmcx  fi- 
gura^^GOQ^fic  produ- 
ctx  fiiiitjvt  cifcdf  fuc- 
riiit  m.norcs  omnibus 
lineis  figurcTjEAGjco- 
dcm  pado  oftedcmus  J£~X  E  ^ 
nos  pofTc  vicc  vcrfu_^ 
iftas  illis  etficcrc  maiorcs ,  crgo  omnes  linea?  figurnrum— 
?*^lcw '  EAG  5  GOQj^fumptcT  cum  rcgulis  vrcunqj  fuppofitis ,  cu- 
iufuis fint altitudinis  fumpt3P  iuxta  eafdcm  rcgulas^fimt 
magnitudinesinterferationcm  habcntcs,  quodfifubtcr 
rc^lam^HQ^jidhuc  elfcnt  portiones  confidcratarum  a  no- 
bis  figurarum ,  EAG  ^  GOQj^codem  modo  oftcndercmus 
omncs  lineas  earundem  fumptas  ^  cum  ijfdcm  regulis  efic 
magnitudinesrationeminter  fe  habentes^  vndcintcgra- 
rumfigurarum  omncs  linc^e  cffcnt  magnitudincs  interfc 
rationemhabcntcs,  quod  in  fig.  planis  oftcdcre  opus  crnt. 

Infigurisautemfolidisconfimiliter  proccdemus^  nam 
fi  i.n  fupcrior i  figura  intcllcxerimus,  EAG^GOQ^clfc  figu- 
ras  folidas ,  &  pro  redlis  lincis  acquidiftantibus  intellcxcri- 
mus  plana  aequidiftatia,  vt  pro  rcclis,  EG,  GQ,  p!ana .  EG, 
GQ^quibus  plana,  LM,  NS,  fint  sequidiftanter  duda/um- 
ptis  pro  regulis  planis,  EG>  GQJ jfq;  in  dircdum  fibi  con- 
ftitutis  .1.  ita  vt  laceant  rcgulx  in  eodem  plano^oft  cfdemiis 
nos  poftc  ita  produccrc  omnia  pbna  folida:  figurce ,  GOQ, 
vt  eadcm  compleftantur  omnia  p)ana  figuraCEAG^^fi  fint 
ciufdem  altitudinis  did^  figura:)  intcgra^  cxiftentis ,  vel  (fi 
non fint)  diuifx  in figuras  folidas ,  ex.  g.  FBDG ,  BAD,  fic 
difpofitas,  vt  bafcs,  fiue  rcgulaMaceant  in  codempIano,& 
ita,  vt  omnia  plana  didnrum  figurarum  folidarum,vcl  fint 
intra  oppofita  plana  didas  figuras  tangcntia  ^  vcl  nihil  co- 
rum  cxtra,  vndcomnia  plana  figuraTfoIidie,  GCQ,  fic 
produda  fiet  rotum^  &  portioncs  nb  cifdem  capt.T  in  figu- 
ra  fohdn,  EAGjintcgrn,  vel  diuifn ,  vt  didum  eft  .i.  omnia 

plana 
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plana  figiirar,EAG,ficntpars  onmiuiTi  planoriimfigursp, 
GOQ,  lic  produdoriim,  nam  hxc  illis  tota  rcpcntntur^ 
&  aliquid  ampliiisjvade  omni:^  pbna  figurx,GOQ/ic  pro- 
duda  cni.u ,  vt  etfcclj  riiu  maiora  omnibus  pbnis  ligur», 
EAG;  codcm  modo  oftciidcmus  nos  portcfic  prcducciC^ 
omnia  plana  rigurx,EAG,vt  riantmaiorn  omnibus  planis 
figura:,  GOQ>jta  produdis  &:  fic  dcincepsjergo  omnij.^ 
pla:ial'olidarumhgurnrum,EAG,GOQ,funtmagiutudi.  r.ffi..  4. 
ncs  intcr  krationem  habentcs,  quod  oftcndercopus  crat.  '^-^'^ 

S  C  H  O  L  I  V  M. 

POfsetforu  (jHts  c^rca  lunc  demdnflrdUontm  dkbitdre ,  mn^ 
rea}pefctf\ens  (j^omeio  mdefinUd  numero  Uned^vel^dns, 
^njles  efse  extfitmMn  pofsunt ,  (fUd  m  me  vocdntur ,  omnes  ItneUs 
vel omntdpUnd  tilium.vel  tdUum  figurdrum poftnt  ddtnutce^ 
comptrdn:  Pnpter  fnod  tnnuendum  mtbt  vtdetur,dum  conjlderi 
$mnes  ltueds,vel  omntMpldnd  dltcutus  fignrd.me  ni  humerum  i^. 
fdrum  compdrdre,  ^uem  tgncrdmus,fed  tdntum  msgnttudtnem, 
(jitd  ddd^udtur  ffdtto  Mb  etfdem  tsmets  occupdto,  cum  ilU  t  cgrudt, 
cjuontam  tllud  fpdttu  termints  comprehenittur,  ideo  dr  edrum 
mdgnttuio  esi  termtnts  etfdem  comprehenfd^cjudfrofter  tlli poteji 
fiert  dddiit9,vel fuhtrddto,  Ucet  numerum  edrundem  tgnoremus; 
(juod  fmffisere  dtco»  v$  tUdftnt  ddtnutcem  compMrdhUd ,  dUocfuin 
^^V>^ff^  fp*^*^  fig^rdrt^mefscnt  ddtnutcemcompdrdltUd :  Vel 
tmm  contmtiu  ».thd  dUud eH priter  tpf^tndtutfiitUM,  veldUquid 
dUud.fi nthil eftprdter  tndtuiftbtltd  ,pr$fiCiofiecru  congntts  ne^ 
quit  compdrdn ,  ne^;  fpdttum,fiue conttnuttm,  ertt  compdrdhtte^ 
cum  tllud  nthtldUudefsepondtur,  cf:um  ipfd  tudtmfibtUa  :  St  ve^ 
ru  cinnuum  eft  dltijuid ^Uud prdter  tpfd  tnttutfiktUd  .futcrtdcjHH 
eft  hjc  dttftstddUud  tntertdcere  tpfd  tn  JtutftbiUd »  hdbemuiergd 
continuum  itfsepdrdbile  tn  (juiddm ,  (jud  ccnttnuum  cofnponunt, 
toumero dihucindefinitd ,tnter  cjUdUbet  emmduo  indtutftbtU^Lj 
dquum  efl  tuftrtdcerf  dUjuidtlUus ,  cjuti  dtcium  eft  efte  dUcfutd 

C  dUud 
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i^ud  M  ifjo  eontinttopr*ter  $ndimfi(iilia,^u4  enim  r4iiet>e  itSere' 
tHr  k  medte  duirut  i  med^s  qitecf;  etterarttt»  telUretttr  i  hjc  cum 
itti  ftt  (empdrare  uei}m()tmus  tpfd  chinua.fiue  fpatia  adtnuteem, 
etim  ea,  qu*  (elUgumttr,  <ir  ftmul  collecia  com^arantur,  fcilieei, 
fudcentmuum  cemponuntffint  numereindtfimta,  ahfuraun  att- 
tem  efi  dteere  eontinua  ttrminis  comprehenfa  neu  efte  adinuicem 
eemparabilia,  erge  ahfurdum  efi  dicere  ctngeriem  mntum  linea- 
ritm,fiue  pUnerum,  duarum  (fuarumltket  figurarum  nen  efse  ad 
iuuieem  cemparahilem ,  nen  ohfiante,  ^ued^ua  eeil/guntnr,  a'tl,. 
lam  cengeriem  cempenunt  ftntnumeri  tndtfimta ,  viluti  hocnco 
eb/lat  in  centinuoYiueerge  centtnuum  ex  fndtutfibiltlius  cimfona. 
tur ,  ftue  nen ,  indtuifibHium  congmes  funt  adtnutctm  cot^'para  ■ 
tiles,  & preportienem  hahent. 

Nea  inutile  autem  mthi  vidttur  tfie  aiimaduerttre  pto  httl 
ius  eenfirmatione ,  hocpre  vero  fufpeftie ,  ^uam  plunma ,  qua  ai . 
Euciide,  Archtmede ,  &  al^s  eRenfa/unt,  a  me partterfutfie  de- 
menftrata ,  meafq-,  cencluftmes  ad  vngui  m  cus»  tlUrum  cadufto. 
ntbus  eoncerdare.quod  euidensfignum  cfitpetefi,  mt  tnprinctput 

'^'raafsumpfifse.ltcetfctamdrett/alfisprtric^p^sfophifluivers 
dliqMando  dtduct  pe/se ,  quoi  tamentn  toi .     tel  ceoclufiembus 
methoJegeemetrtca  demeuHratis  m,hi  acctdtfse  abfurdum  puta 
rtm:  Hec  tameuadde,  ueu  tanquam  prafata  veritatts  itgtiLum 
fuudamentum./edvi  nou  negligeudum,,mm)>  fummi  elptudtH. 
tium  tlitus  argumemm,  fuodfequeuttapercurreutt  ceutiuu, 
gtt,  ac  magt:  elute/cet. 

THEOREMA  IL  PROPos.  IL 

AEquafiam  planarum  flgurarum  omnes  li-. 
near funt  arquales,&  «qualium  foHdarum 
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Sint duae  xqualesplan^figura.,  ADC,  AEB,  iiifigura, 
ADC,  lit  rcgula,  AQ  vtcunque,  6c  iii  figura,  AE3,  rcaula 
vtcunqsfitjAB.  Dicoomncs  Hncas  figurx,  ADQrcgula, 
AQ  xquales  cffc  omnibus  lincis  figursp,  AEB,  regula,  AB; 
intelligatur  figuram,  AEB  ,  ita  fupcrponi  figurxfADC,  vC 
rcaulx  lint  ad  niuiccm  fuperpofit.r ,  vclut  cft,  Afi,  in,  AC, 
vcl  faltcm  a:quidiftcnt ,  vel  crgo  tota  figura  congruit  toti^ 
vcl  pars  parti,congruat  pars  parti,crgocongrucntium  ha-  Foflol 
nim  partium  omncs  lincac  crunt  paritcr  congriicntcs ,  fci-  ^^***»* 
licct  omncs  luicje ,  ADB  ,  partis  figura? ,  AEB ,  crunt  con- 
gruentcs  omnibus  lincis,  ADB^partis  figura:,  ADQfupcr- 
ponantur  adhuc  refiduap  harum  figurarum  partes^hac  lcgc 
tamen ,  vt  omncs  caru'idcm  lincx  rcgu- 
lis ,  AB,  AC, fiue rcgulafcommuni,  AB, 
vel,  AQ  fcmpcr  fitucatur  a?quidiftantcs, 
&  hoc  fcmper  fiat ,  doncc  omncs  rcfidux 
partcs  nd  inuiccm  fupcrpofitx  fucrint, 
quia  ergo  intcgrx  figurx  funt  xqualcs  c- 
runt  dictEpartcs  fupcrpofitx  inuiccni--# 
congrucntcs^crgo  Sc  corum  omncs  line^ 
crunt  paritcr  congrucntcs^mngnitudincs  autcm  cogrucn- 
tes  funt  ad  inuiccm  xqualcs,  crgo  omncs  !incx  partium  fi- 
gurx,  AEB5  fimul  fumptarum  .f.  omncs  lincx  figur.T,AEB>' 
lumpta?rcgula,  AB^crunt  arquales  (Munibus  lincis  pjrtium 
figur*,  ADC,  quibus  pra:di*flr  partcs  congrucrunt,  fimiil 
fumptarum  .i.  omnibus  lincis  figiM\r,  ADC^fiimptis^rcgu-  * 
la,  AQ  quod  in  figuris  planis  oftciulcndum  crat. 

Ita  fupcipofitis  aequaiibus  fi^uris  folidis,  ita  vt  dux  in_> 
ipfis  aiTumptx  vtcunq;  regulx  Imt  ad  inuiccm  fupcrpolitx,  • 
vcl  aequidiftantcs,S<:  rcfiduorum  ficla  icmpcr  fi:pcrpofiti<)- 
nc  ita  >  vt  omnia  e  jvu  plana  rcgulis  lam  fupcrpofitis  aqui-  • 
diftcnt,  tandcm,quia  figurx  iunt  xqualcs  dichr  partcs  crut  * 
ad  muiccm  congrucntes,  8c  confcqucntcr  intcgrx  quoquc  * 
figura:  cruntx:pgrucntcs>  crgo  carum  omnia  plana  iMmptn 

C    2  ciim 
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cum  di&ls  regulis  erunt  adinuicjem  congruentia ,  erga  & 
aqualia ,  quod  in  figuris  folidis  oftendere  quoq;  opus  era^. 


C  O  R  O  L  L  A  R  I  V  M. 


H 


Incfdtet  m  eadtm^gurM  pldna » omnts  lineas  fiimptds  (S 
ifUiddm  rtguU  tquari  omnibus  lintis  /umptis  e»m  alia^ 
qtamjregula-^r^  wfiguris  fiUdispmnia  plana  vnius fum^a  eum 
qta  Jam  reguU  aquart  omntbus  pUnis  eiufiltm,  rtguUquamit 
^fsumptai  '^"'^f  tx.g  ft£ioplanis  tylindro  aquidiBanier  axi,  qua 
^0«  .tf.  fiilimintpfrcreanturparaUtlegrmma ,&ftaottdtm  pUnis 
Co,»L  „.  "quidiftanterbafiduats,  quafemoneereantur  in  eodtm  etrtuti, 
pattt  ex  hocomniaparalUlogramma  dim  tylindri.reguU  eerntf, 
dem  vm,  efse  ajualiaommhus  circults  eiufdem,  rtguU  bafi, 

,   THEOREMA  IIL  PROPOS,  IIL 

Flgor^planshabent  interfe  eancfemratio- 
nem,quam  eorum  omnes  lincf  ioxca  qnam- 
uis  regulam  afruropra  j  Ec  figara  foJidjp, 
juam  corum  omnia  plana  iuxta  quamuis  reeu^ 
Jam  2ffumpra_., 

figuram^^eljfe  vt  ora  nes  liiic.x  figura?,A  ^ 
wxta  quainuis  regulam  airumpu-  om* 
nes  luiess  figurx,D,iuxta  quamilis  rceu-  >- 
famafTumptas  Intelliganturergo  omnes  (  B 
Ime^hgunr,  A,  &  ,D,a(rumpt^iuxta_,  >< 
qiiafda^  regulas ,  dcuidc capiantur  qnot-  t  C  ) 
ciinqifigur^  ,BC,finguI^  ^quales  fieu-  ^ 

A„ &  figurar,  D,quotcunqj.a:qua!et  fienra:,vt  F-  mmr 


al«  dcmnftrationc  figm  am,  A,  ad  figarani,-D,cfre  vt  om. 
ncs  l.nca.figurx,A,adomncs  hncasfigurx  D  tunc  cn^ 
compararecontmuum  ad  contmuuni  non  dlcf  mfi  ipf^ 
mdi  u.l.b.ha  compararc ,  fcd  cfto ,  quodhoc  llt  falfum , 
qi.od,  ctumi.  vcru  fit ,  tamcn  lcg.t.ma  rntionc  ad  hoc  pro- 
bandum  nondum  peruauifucnmus ;  n.h,Iom,nUi#  adhuc 
d,co  ip,,  ,„duu^.bd«  .f  omnc,  h..eas  ^igunv,  A,  ad  omnes 
hncas  hgt,rx,  D,  cfl-c  .t  figuram,  A,  ad  hguram,  D.  Oub- 
n.am  crgo  anumpfimus  h.>.ras ,  B ,  C,  rrngufa.  a.quafe'fr. 
gura?,  A,  &,  t,  xqualcm  hgur.r ,  D,  omncs  Hne.r  finPufaru 

A,fi:mptisiuxtadicbmrc^,lani(qi.acunq«eree«lad.ite  •  r 
omncsl.neaffincnlhi,T  '  v:«iicc  ^0^' 

fitumcxhgur.s,AlK,:,,.,,.,.^ 

cx  omnibus  hneis  figurarum,  ABC,  o.nnnnn  hncarQ  finir- 
rx,  A,  &:  idcohabcbimus  xqucmultipljcia  pr.m.r,&  tcrtiar 
vfaiivi3ru,nptai  hm.liter  oftcndcmus  compofitum  cx  ff- 
giir.s,  E,  D,  iquc  multiplcx  cfl-c  figurx,D,ac  compofitum 
cx  omn,bus  l.ncis  figurarum,  E,D,  multiplcx  cftomnium 

Imearum  hgnrx,  D,  qux  fum  xqucmult.phcia  fcoontJx ,  & 
qu.irt;c  vtcunq,  fumpta^quia  crgo  fi  multiplex primi  f.co- 
puhtum  cx  figuns ,  ABC  ,  fiipcraucnt  muhiplcx  rccund-x,. 
.l.compohtumcxfik;uris,DE,ci,.,m,m.lT  n'fv  rcrti.p 
compoiit«m  cxomnibusimcK  figuranMn.  ..pernbir 
mult.plcx  quartx compor»t«m<«r  ommhns  K,u  t^u^ 
r3rum,Uh,&h,milt,prcx  piimxfiicnt  a-qun^c nuiltipl,-  •»««• 
ofccundar,ctiammultiplcxtertijr  cnt  aK]uaIcmiuItiphci 
qi,artx,fc,!jccrricompofitum  cx  figiir.s,  ABC,  fucr.t  x- 
quale  compofico  cx  fiuutis,DE,  ctiam  conmdcm  coitipo-» 
fitoriTm  omncshncx  cruni  xqu,alcs,&:,  li  .m.iuvJ ,|M.n*S»*  DelT». 
rdco  pr.ma  ad  kcundjm  crit,  vt  tcrtia  ad  ^lfiar^am^rfcili&cc^  Q'»-  «1«^ 
figura ,  A,  ;id  figucam,  D,cril  vt  omncs  t,nc'x  fgurx ,  \ 
»d  omnes  lincas  figuraf,D,n!mprns  iuxtadarasregulai .(.  CoroH,  ,^ 
na» aMarcnnqjregula.sy(juod in  fig.plani*  crat  oltend  3tff,. 
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Vcruifl  fi  intelkxerimus,  A,  D,  eife  figuras  foIidaf^alTa- 
meutes,  Q    fiiigulas  ^quales  ipfi,  ipfi,  D,often- 

(lemus  compofitiim  ex  figuris,  ABCtam  multiplex  cfle  fir 
guras,  A,  ac  compofitum  ex  omnibus  planis  figurarum,  A, 
B,  Cj  multiplex  cft  omuium  planoru  figura?,  A,  &  fic  com- 
pofitum  ex  figuris  5  D,  E  5  tam  multiplex  eflfe  figur^ ,  D,  ac 
compofitum  cx  omiiibus  plaiiis  figurarum,  DE5  multiplex 
eft  pmuium  planorum  figur^,  D,  &  tadem  per  anteccdcii- 
tem  Propofitionem  oftendemus ,  fi  multiplex  prima?  fiipe- 
raucrit  multiplex  fecundiE  ,  ctiam  multiplex  tertia?  fii- 
peraturum  multiplcx  qiiarta? ,  &  fi  minus  ^  minus ,  vcl  fi  se- 
r.  qui.  quale,  &  aequale  fore,  ergo  prima  ad  lecundam  erit,  vt  ter- 
tia  ad  quartam/cilicet  figura  folida^A^ad  figufam  folidam^ 
D.^  erit  vt  omnia  plana,  A5  ad  omnia  plana^D^cum  quibuf- 
uis  regulis  alTumpta,  quod  &  in  figuris  folidis  oftendere^- 
opus  erat.  x 

COROLLARIVM. 

Llquet  ix  hoc,  qtisd,  vt  wuefsidmus,  quAm  rdtionem  h^hednt 
inter  ft  dud  figura  pUn^ ,  vel  filtdd ,  fu/fictet  nchts  repe^ 
^^''O  quam,  infigurtsfdsnts ,  inter /e  rattGmm  habeant  farudem 
^^nes  Itnea ,  cf » in  fguris  foltdis ,  earundem  omnia  plana  tuxtd 
quamuis  reguUm  afiumpta ,  cfuodnoua  huius  mea  Geometrta  ve^ 
i  Ittti  maxtmum  iaeio /undamentum . 

THEOREMA  IV.  PROPOS.  IV. 

SI  du«  figurs  planaf,vel  folidar,  in  eadem  alti- . 
tudine  fuerint  conftitutx ,  duftis  autem  in.. 
planis  re^is  lineis,  &  in  figuris  folidis  du(^is 
planis  vtcumqj  inter  fe  parallelis ,  quorum  refpe- 
«upr«di(ft4  fumpta  fic  altitudo,  repertum  fuerit 

du- 
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dudarum  linearum  poriioncsfiguris  pifahii;  intcr- 
ceptasjfeududorum  planorum  portioncsfiguris 
folidis  intcrceptas,  cffc  magnitudincs  proportio-^ 
nalcs,  homologis  in  cadcm  tigura  fcmpcr  cxiften- 
tibus, di(f^.^  figura?  erunt  inter  fe,  vt  vnum  quod- 
libec  corum  antecedentium,ad  fuum  confcqucns 
in  alia  figura  eidcm  corrcfpondcns. 

Siiitprimo  dua:  figiirvT  plVnx  in  cavlcm  altitudit^c  t 
ftitutjp,  CAMjCMEjm  qui- 
bns  dux  vtcunq,  rc€ta*  Ir.u^  C 
muiccm  pmallela?  ducU;  in- 
ttlngautur,  AE,  BD,  rclpc- 
6tu  qujrum  cois  altitudo  af- 


 ^  --^^-^^  A     M  E 

portioncs  hgurts  mtcrccpt^»  • 

ipfx, AM,BK,  in  fig.CAM,     ME,  RD,  in  fi-.  CMF,  rcpc^ 
riatur  autcm^vt,  AM .  ad,  vlE.  ,ta  cflV,  BR,      RD.  Dico  ff-^ 
guram, CAM,  ai  figiiram,  CME,  cfll-  vt,  AM,  ad,  ME,vcI, 
BR,ad,RD5 quoninm  aiim,  BD,  AE,  vtcumqs  dudxfunc 
iiucr  k  xquidilbntcs,  p3tcr,c]nod  quxlibct  cjrum,qi],i:  dlt 
cuntur  omncs  lincx  figurr,  CANf,  fumpr.r  rcgufa  altcr.uJ^ 
ipfarum,  AM,  BR^ad  cnm,quac  illi  indirC(ftiim  incct  in  fi^gif- 
ra,  CME, crir  vt,  BR,  ad;  RD,  vd  vr,  AM ,  nd ,  ME ,  v t  igi- 
tur,  AM,  ad,  MEvvnum.f.  nntcccdcntium  nd  vnum  confc- 
qucntium,ira  crunt  (minia  nntcccdcntia,  ncmpc  omncs  li- 
ncj?  figur.T,CAM,rcgiiln,  AM,  nd  omnia  confcqucnri  l^, 
ad  omnes  lincas  figurx,CME,  rcgula ,  ME ;  indcfinitus 
.n.  numcrus  omnuim  antcccdcntiiim  ,  &  confcqucntium, 
c\m  pro  vtrifq;hic  idcm  cfl^quicunqs  fit     hnc  n:im  figurx 
funt  in  cadcm  altitudinc,  &:  cuilibct  nntcccdcnti  in  figwr;!^ 
CAM,  nflimipto  rcfpondct  fuu  confcqucns  illiin  djicditm 
iaalij  figuraconflitutumjnoa  obftat  quiU  cmncs  lincxfi- 

§'UX, 
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gura?,  GAMjfint  c6parabiles<)mnibus  lineis  figur3c,CME, 
i.hniui.  cumadillasrationemhabeant,vtprobatum  eft,  &:ide6 
omncs  linc^  figiira:,  CAM,  regiiia,  AM,jcromnes  lineas  fi- 
guraj,  CME,  rcgula,  ME,  erunt  vt,  AM,  ad,  ME,  verum ,  vt 
omncs  line^  figiirje,  CAM,  ad  omnes  lineas  figur» ,  CME, 

j.  huiiu.  ita  fig.  CAM,  eft ad figurain,  CME  ,  ergo  figura,  CAM,  ad 
figuram,  CME,,erit  yt,  fill,  ad,  RD,  vel,  AM,  ad,  ME,quod 
in  figuris  planis  oftcndere  opus  _e: at. 

Si  verp  rupponamtis,  CAM,  CME,cnc  figuras  folidas,& 
vicc  reaarum ,  AM  ,  BR ,  ME  , RD , plana  intelligamus  fi- 
guris,  CAM,  CME,  i  itcrcepta  inuiccm  parallcla  ,  &  it.L^ 
conftituta,  vt  plana,  AM,  ME,  iaccant  in  eodcm  plano,ve- 
lutife  habeant  etiam  plana,  BR^RD^refpcau  quorum  prs- 
fata  altiudo  alTumpta  quoqjintciligatur,eadcm  methodo 
proccdentes  oftcdcmus  omma  plana  figufe,  CAM,  ad  om- 

i. hniM».  ni3  plana  figurx,  CME,  ideft  figuram  folidam,  CAM,  ad  fi- 
guram  folidam,  CME,  effc  vt  planum,  BR,  ad  pIanum,RD, 
vel  vt  planum ,  AM,  ad  planum , ME ,  quod  &  in  folidis  o- 
Itcndcrcopus  crat. 

C  O  R  O  L  L  A  R  I  V  M. 

OBigitur  ex  hoc  in  §gmspUni,,vdfoltdis,  ftm^gmtmdinu 
yj  '0mfarat*r'ntUnt*rta*,vtlfUna,fint4ttttm,tU,  au^ 
d>cunt,tromnesUnea,velomnUpUn4dul.rutnj;^„r,rum  ,dc 

tUts  qucr,  ver^ficrt.  vtvnum  amecedenttum  4d\numeor>re. 

qj''>t,um.uaefse,mn,aantecedent.4  ad  cm,U  confeauentia' 

^l»f«pr4d,auJ{gur,spUniscmnesti^ 

*lUr,us,vel,nfol,d,s  ommapUna  '^mus  adomnUpUnaalterius 

efse  vt  vnun,  antecedemium  ad  vnum  confe^uettL,  ,uxta  aul 


THEO- 
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THEORRMA  V.  PROPOS.  \. 

PArallelogramma  in  cadem  altirudinc  cxi- 
ftetia  inter  fc  funt,  vt  bafes  j  &  qua?  in  eadc 
bafi>  vt  altitudines,  vcl,  vt  latera  orqualiter 
bafibus  inclinata./. 

Siiit  parallclogramma  ciiixcunquc,  AM,  MQ  iu  cadcm 
nlf  itudinc  coftituta,  fum- 
pta  altitudiiic  uixta  bafcs,  ^  ^ 

GMjMH.  Dico  parallclo- 


grammum,  AM,  ad  paral-     Ti/   ^^^, 

lclogramm  imjMCjClfc     /  -  ./  /L  

vt5GM,ad,MH.Ducatur  HN  VPXR<: 

quaxuqs  n^tra  parallclogi anima,  AM,  MQ  parp Hcla  fpfis^ 
GM,  MH,  cuius  porti  jiics  parallclogrammis,  AM,MC,iii- 
tcrccpt.v  fint,  DFoEI.CVi'  )ni;i  crgo,DM.cft  parallclog^^am- 
mum,  ficut  EH,  crit,  DF,  ax]ua!is  ipfi ,  GM,  CV: ,  eF,  ipli, 
MH,  crit  igitur, GM,  ad,  MH,  vt,  DH,  ad  ,  HI ,  & ,  DH,  Hfj 
duclr  funt  vtcunq;  parallclx  ipfis,  GM,  MH,  crgo  parallc- 
logramma  ,  AM,  MC,  crunt  cx  gcnerc  rtgurarum  Ihcorc 
matis  antcccd.  erg6,  AM,  ad,  MC,  crit  vt ,  DE,  ad,  EI,  vcl 
vt,  GM,  ad,  NtH,qux  fuiu  corundcm  balcs.Hrc  autcm  vc- 
rificabutur  £t  fi  altitudincs  xqualcs  fucrint,vt  facilc  patct. 

Sjnt  nunc  parallclogrammn,  QP,LP,  in  cadcm  bali,NP, 
conlhtuta  ,  I>icoeadcmclfc  ,  vt  alcitudinc.  fnmptxiiixta 
barim,NP,dcmittantur  crgo,r)R,  rs,nltitudincs  in  ,  NP, 
productam,  in  punclis,  RS,  illi  occurrcntcs  ^  nifi  forrc,  TP, 
OP,  clfcnt  ipfr  altitudincs  ,  vel  intra  parallclog  nmma  in- 
cidcrcnt  baff,  NP,)  &:  i  pnndis ,  Q,  L,  illii  parallclce ,  QX^ 
LV^  in  punclis,  V,  X ,  bafi ,  NP,  incidcntcs ,  funt  igitur  pa- 
rallclogramma,  QS^,  LR ,  in  xqualibus  altitudimbus  ,  (^T, 
LO^  fumptis  luxta  barcs,TS,OR,ergoparallcIog.amma, 
QS,  LR,  crunt  inter  fc,  vt  bafcs,TS,  OR,cfl  autcm  parallc-  P''«« 
logrammum ,  QS, xqualc parallclf>grammo,  QP,  &  ,  LR,  fuVp,oi"' 

D  ipfi, 
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ipfij  LPj  ergo  parallelogramma,  QP,  LP^crunt  inter  fc,vr, 
TS^C^R^qiui:  pro  ipfislunt  altitudincs  fiimptaMUXta  bnfmi^ 
Kl\  Si  autcm  latu.sOP>  cxtcndercttinfirp^^i'  latuspPT^ideft 
latera  j  OP^  PT^  eflfent  i^qualitcr  inclinata  conrimuni  bafi> 
NP5  tunc  fumptis  pro  bafibus  ipfis^TP, OP,  habercmus  pa- 
rallelogramma  >  QP>  LP,  in  eadcnj  altitudinc  fumpta  iux- 
ta  bafes,  TP,  OP,  &  ideo  elfent^vt  ipfa: bafes.TP,  OP,  ideft 
Jlopof.'"^  vt latcrajTP^OP,  a^qualiter  bafi^  NP,  inclinata^h^KC  acitcni 
pariter  verificabuntur  etiamfi  bafis  > NP> noir  fit  comunis> 
fiiit  tamen  duce  bafes  aequalesj  qua^oftendere  Opus  cr^c. 

THEOREMA  VL  PROPOS.  VL 

Arallelogramma  habent  rationem  compo- 
fitam  ex  ratione  bafium>  &  altitudinu  lux- 
ta  eafdem  bafcs  fumptariia),  fiue  lateruni^ 

atqualiter  bafibus  inclinatorum  ^  cum  fcilicet  illa 

funtaequiangula-j* 

Sint  parallcIogramiHji  vtcurfcque,  AD^^FM. Dico  cadcm 
habere  inter  fc  rationcnT^vu 
compofitam  ex  rationibus 
ftfta.i  1.  bafiun^ y quoe  fint, CD,  GM, 
**        &  altitudm  jm  5  qiice  fint ,  B 
V5  ON>  fumptar  luxta  b<ifcs, 
CD  5  GM  >illifq;  produdis, 
fi  opus  fir^in  pundis  >  V,  N, 
occurrentes,  fuie  ex  ratione  laterum,  BD,OM/i  fint  acqui- 
angula:  Abfcindatur  a,BV,verfusV,  ipfa,XV,.Tqualis  ipfi, 
ON,.^^per,X,ducatur,XP,para!Iela,CDyfccansBD.in, 
R,  vt  fiat  paralle!ogrammima,PD,in  eadcm  altitudine  cMm 
parallclogramo,  FM.  .V  in  eadcm  bafi  cum  parallelogi anv 
Parallclograramum  crgo,  AD^ad  parallelograin- 
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mam , FM >  fumpto  mcdio  dc  fbris  parallclogrammo ,  PD,        1 1, 

habct  ratioaemcompofitam  exrationeparallclogrammi, 

AD,  ad  parallclogrammiim ,  PD^idcft  cx  rationc ,  quaha- 

bct,  B V,  ad,  VX,  \  cl,  ON,  fuic,  BD,  ad,DR,quomam, AD,  ^«ut. 

VDy  l\mt  a?quiaugiila,  idcft  cx  rationc,  BD,  ad,  OM,&  Jioc 

quoticfcunqirc,  PD^FM^iint  paritcr  xqauagula,&:  i  ifuj  cr 

cft  compofita  cx  ca,  quam  habct  parallclograniauuu,  PD, 

ad  parallclogrammum,  LM,  idcft  cx  ca ,  quam  liubct,  CP, 

ad,  GM,  erg^parallclogrammum,  AD,ad  parallclogiam-  ****** 

mnm,  FM,habct  rationcm  compofitam  cx  ca,quam  habct, 

BV, ad, ON,  qua?  funt  altituchttcs ,  vxl ctiam cx ca ,  quam 

habct>  BD,  ad, OM,  fi,  AD,  FM,  fint  a:quiangiila^  &:  cx  ca> 

quam  habct,  CD,  ad,  GM,  quod  ollcndcic  opas  crat. 

THEOREMA  VII.  PROPOS.  VII. 

PArallclogramma  ,quorum  bafcs  altitudini* 
bus,vel  lateribusa^quahtcr bifibus  fncli- 
natis,  reciprocantur,  funt  xqualia ,  &  quas 
funt ^quah'a ,  bafcs  habcnt  altitudinibus ,  vel  la- 
teribus  a:quah*tcr  bafibus  inchnatis,  rcciprocas, 

Sint  par3llclogramma,HX,AD,quorum  bafcsjVX,  BD, 
rcciproccntur  corum  altitudiiubusjCOjKZ.,  vcl  latcri- 
bus,  CD,  RX,  quoticfcunqs  fmt  xqualitcr  balibus  inciina- 
ta  .  Dico  hxcparallclogramma  cflcxqualia  s  ctcnimpa- 
rallclogrammum,  HX,  ad  parallclogrammum ,  AD,  habct 
rationcm  compofitam  cx  ca,  quam  habct,  V^X,  ad,  BD, 
RZ,  ad,  CO^  fuic,  KX,nd,  CD,cum  illa  funt  .rquianguln.cn: 
autcm,  vt,  VX,  ad,  BD,  ita,  CO,  ad,  KZ ,  vcl,  CD,  ad,  KX,  ix  antc 
cum  illa  funt  xquiangula,  crgo  parallclogrammum,HX,ad  ^^^- 
parallclogrammum ,  AD ,  habct  rationcm  cr  mpofitam  cx 
ca,  quam  habct,  CO,  ad,  RZ,  &,  KZ,  ad,  CO ,  fuic  cx  c-^., 

D    a  quam 
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quam  habct,  CES  ad,  RX ,  &, 
RX^adj  GD^qiise  eft  eadem  ei, 
qnam  habet,  CD,  ad,  CD ,  vt 
illa  eft  cadem  ci,  quamhabet, 
CO  y  ad  5  CO  5  fuiitqj  propor-  y 
tioiics  sequahtatis ,  ergo  pa- 
ralielogrammum,,  HX^  erit  a^quale  parallelogrammoj  AD^ 
Sit  iiunc  parallelogrammfi,  HX,  asquale  parallelogram- 
mo,  AD.  Dico,vt,  VX^ad^  BDjita  c{re,CO>ad,RZ,  vel, 
CDj  ad,  KX5  cum  funt  asquiangula.  Quoniam  ergo  paral- 
lclogrammum^HX,  efta^quale  parallelogrammo,  AD^erit 
ad  illu4  vt,  CO,  ad,  CO,  vel  vt,  CD,  ad,CD,  ideft  ( de  fo- 
ris  fumpto,  RZ,vel  pro  fecunda  ratione^RX^)  in  rationc.^ 
compofita  ex  ea,  quam  habet^CO,  ad,  RZ,  &  ex  ea,  quam 
habet,RZ,  ad^  CO,  vel  ex  ea,  quam  habct,  CD,  ad,  RX^&r 
RX)  ad,  CD,  vcrunijHX,  ad,  ADjhabet  cti-im  rationeni^ 
copofitamcx  ea,  quam  habet,  VX,ad,  BD,  Sc^RZ^ad^^CO, 
vel,  RX,  ad,  CD,  cum  funt  aequipngiila,crgo  dux  rntioncs, 
CO,  ad,  RZ,=&: ,  RZ,  ad,  CO,  vel,  CD,  ad,  RX,  &  ,RX ,  ad, 
CD,componunt  eandem  rnrionem,  qunm  itt^ducT.f.VX, 
ad,  BD,  &,  112.  ad,  CO,  vel,  RX ,  ad ,  CD ,  cft  aii  tcm  com- 
munis  ratio,  <]u.im  habet,  RZ,  ad,  CO,vel,  RX,  ad,  CD,er- 
go  reliqua  ratio  .f.  qujm  habet,VX,  ad,  BD,crit  eadem  ci,. 
<iuam  habet,CO,ad,  RZ,  vel^CDv-ad,  RX,  cum  Cunf  squi- 
•angula ,  ergo  Kqualia  parallcIogiLnnma  bafes  habcnt  alti- 
tudinibus ,  veHaterjbus-ajqualiterbalabus  incliaatis  rcci- 
procas,  quod  oftendere  opus  crar^ 

THHOREMA  VIII.  PROPO';.  viIL 

C  Imilia  parallelogramma  funt  in  dupla  ratione 
*^  laterum  liomologoruiru  r 

Sint  fimilia  parallclograrama.  AQ  EG.  Dico  eadcm  ef, 

feiiv 
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k  in  dupla  ratioiic  bterum  hoinolo-        ti  J> 
gorum:  Qiipniam  cnim  lunt  fmiilia  il-      /  '/ 
lafunta:quiangula,rintanguli,bCD,     /  ///  Uxm.^, 
1 GH,  xqualcs ,  &  latcra  homologa,  B  ^  Jfd/ 
C ,  FG  3  CD ,  GH ,  li  ergo  pro  balibus 
fumpfcrimus  iplas,  BC,  I  G,  cnt ,  AC ,  ad ,  EG ,  i.uioiic 
compofita  cx  ca,  quam  habct, BC,  i»d,  FG,  &  ex  ca ,  quam  «■  buiw. 
habet,  DC,  ad,  HG,  qux  cli  cadcm  ci,  quam  habct,BC,ad, 
Fvj,  vel ,  FG ,  ad  tcrtiam  proportionalcm  duarum ,  primx- 
ncmpc,  BC,  &  iccund.c,  I  G,  crg. AC,ad,EG,crit  vt,BG, 
ad  tcrtum  proportionalan  duaruni  primx,  ncinpc,  BC,& 
fcxuivd*,FG,  i  crii  in  dupla  rationc  cii,s,quam  habct,BC,  Defin.  ,^ 
ad,hU,  vcl, L.D,  ad,  GH,  quodoftcndcrc  opus  crat.  ««^ 

C  O  R  O  L  L  A  R  I  V  M. 

HtiKpdtei,  tffu  depdrMgr^mm,,  in fmperknfmt  Prfptfi. 
iitMivms  tfitnfM  fmnt .  etdfy^  de  ecrundtm  emniimt  Untts 
(nmtfmthafm^t  rtf^i.ln  *J.Hn>f,iis  ijrtttr  verifictri,  n^mtlU  fmnt,  }.  hoiiit. 
*"  'Fj^  f-tf^^letogrdmmd . 

THEOREMA        PROPOS.  I,X. 

PArallcIogrammorum  in  eadcm  altirudint-* 
exiftcntium  omnia  quadrata ,  rcguJa  bafr,  j^^,^ 

iuxtaquamaltitudofuraptaeft,funtintcr  ' 
fc,  vt  quadrata  bafiutTL,. 

Sint  igitur  parallclogrannna,  AM,  MC,in  eadcm  altitu- 
dmc.  Dico  omnia  qundi  ata  parallclogrammi,  AM,  ad  om-  a.  cef. 
nu  qnadrata  parallclograiri^MCjrcgula^GHjCfrcvtqua-  »»'»'••»  * 
draruin,  GM,  adquadratum.M^I.  Sit  iiitra  parallcln"ram- 
iTin,  AM,  MC,  ducb  vtcunquc,  DI,  parallcla  ipfi ,  GH,  cu- 
iui  portio,  DE,maiicatin,  AMj&:,tI,in,BH,  qijoiuam_j 


e.rgo,. 
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ergo>  DE  5  eft  a^qualis  ipfi ,  GM,  ^     g  C 

gur^e  autem  plaiiae  fimiles  dcfcri-   ^ 

ptae  a  lateribus^  vel  [ineis  homolo-     /    /  ^  / 
gis  sequalibus  fuiit  ^ quales5&:  idco     C    M  H 
quadratum ,  DE )  eric  3equale  qua- 
drato,  GM,&:  quadratum,  EI5  quadrato,  MH,  ergo^vt  qua- 
dratum,  GM)  ad  quadratum,  MH5  ita  erit  quadrati;m,DE, 
ad  quadratum,  EI5  &  quia  ,  DI ,  vtcuiiqj  duda  eft  parallela 
ipfi, GH, ideo,  vt  viium  ad  vnum,  ita  omuia  ad  omnia.i.vc 
quadratum,  GM,  ad  quadratum^MH^ita  erunt  omnia  qua- 
drata  parallelogrammi,  AM,  ad  omnia  quadrata  paralielo- 
grammi,  MC?  rcgula>  GH,  quod  erat  oftendendum . 

C  O  R  O  L  L  A  R  I  V  M. 

Hlncpdtets  fi  vice  qnadfatrrum  fumamus  alias  (fu^fciifiqHt 
figurasfimles,  cjtsod  eocicmfucio  oHendensustfftnes  figu^ 
ras  fimiles paraUelogrammi,  AM,  adcmnes fimilesfguras paraU 
lelogrammt,  MC,  vt  ex  g.  omnes  ctrculos  paralle/cgrammt^AMf 
ad  omnes  circ  ulos paraUekgrammi,  MC.efse  vt  fimtUsfiguras  ab 
ipfis  bafihus,  GM,  MH,  defcrtptasy  nam  figura plana, fimtics  qua- 
cunque,  v$  dtSlum  eft ,  defcripta  i  latertbus ,  vellinets  hcmolcgis 
dqualtbus  funt  aquales  j  ommbus  pariter  afiumptis  figurts  fimiU. 
ius,  regula  eadem,  GH. 

THEOREMA  X.  PROPOS.  X. 

PArallelogrammorum  in  eadem  bafi  exiften- 
tium  omnia  quadrata,  regula  ipfa  bafj/unc 
vt  altitudines,  vcl  vt  latcra,  qu^  «qualiter 
bafi  funt  inclinata,  fi  iKa  fint  «quiangula. 

Siat  parallelogramma,  AD,  BD^in  cadem  bafijCD^exi. 
fteiuiaj  qiioriim  liiit  altitudines  iuxta  bafim^  CD/umpt^^ 

AO, 
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lciogranifni,  M,,ad  umm,  q.,ad.ut, 

Varallclog  '.nvni,BD,rco„l,,Ci),cilc  sJ=7^ 

vt,  AO,  ad,  CN ,  vel  etuni  vt ,  AC ,  ad,    //fjf — 

CB,  11  parallcK.gtamma,  BD,  DA, hic-  ^  

rmt  acquiatJguia  ,  prodaca:Uurautcm,  CA^Qi,  iudcfinitc 
ad  partcs  oppc,luas,cx  quibus  hunantur  quotcimq;  partc. 
^ualcs ,  Ai ,  IH ,  aanpc  a.qt.alcs  ipli^CA,  &,  IiP,xquaJrs  • 
ipli,BC,&:  c<»mpicantur  parallclogramma ,  AM,  IK,  BQ  • 
Imu  .suur  paralklogramma, Cl\  AM,  lK,m  a'qu.-»iibus  al- 
ntiidi.ubas,  ac  bahbus,&:  idco  Hngulurum  om.iia  quadra- 
ta  rcsulisc.ldcmbal.b..s,cru.uxquaiw,c5,par,rat.or.^ 
01T111.1  quad.jta  P.nallclogrammori.m,BQ,(  O,  erunt  r 
quaaa,  rcsub,CD,.ilr.tudmcs  aurcm  panlklo  jTtnmoru, 
Ch,  AM,  IK,  luiu  xq.ialcs  ipli ,  Ac),  .V  altitudincs  parallc- 
logrammorum,  CH,BQjunt  xq.ialcs,  ncmpc  ip(sC\',hi- 
bc:.i:,s  crgo  .Tqucmultipliccsprimx^&tcrtkv.r.compoli- 
tumc.xaItuudmibusparul!elo-Mn„„„ri;m,(T,  AM  IK 
quod  tam  multiplcx  dl  jltirud'mi, ,  Ao,  quam  c«-,pohtun; 
cx  ommbus  quadratis, CF,  AM,lK,multiplcx  cft  <  m..ium 
qt.  idratorumpan-   '      unm,,  CF , &lic  compofitum  cx 
a.titu<j!n.bus p3i .lac  g  ammorum,  CE ,  B(^,  ram  multi- 
plcxcft  allitu.kus  ,C.M,  .ic  con.  H,ruum  cx  u.n.i.busqua- 
drat.s  parallclogrammorum , B^^, CE , multiplcx  cft  om- 
nuim  quad-  atorum ,  C^E  i  idcft  quam  multiplic.a  funt  ora- 

ma  quadrata  parallcl<  -  -.:,HI>,on4n,um  q„jdrat6fi,m 

parallclogramm,,AD-  ntudo  paraIlclog,amm.,HD, 
miiitiplcx  cft  altitudinis  parallcIogrammi,Ab,ruie  t:m_> 
ipla,  CH,  multiplcx  cft  ipfius ,  CA ,  dum  /unt  •rqiiiangula, 
&qnamomniaquadrata  pnral!clogr.immi;  PD ,  multipli- 
tia  fuiU  omnium  quadratonnn  pnrallcloqranimj,  BD,  tam 
alntAida  paraaelogramm.,PD,m.ilt,pl^x  cftjltirtidmis, 
CN,  vc!  tam,  P(^mu!tiplcx  eft  ipruis,CB:  Siautc;n  multi- 
p.cx  prinar  fiicnt  «<jualc  miilt.plicifccuudij  ctiam  multi. 

plcx 
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plextertice  cnt  xquale  multiplici  quartx,  fi  mauis  maiqs» 
&c  li minus  jniuus ,  uam  fi altitudo  paralklogrammi, HU» 
fuerit  Dsqualis  altitudini  parallelogrammi ,  DP ,  «i"'"^-;* 
cjuadrata ,  H  D ,  crunt  xqualia  omnibus  quadratis ,  D  1 , 
nam  parallclogramma ,  HD,  DP,  funt  m  eadcm  bali ,  CU, 
£>  jntet.  fi  jUa  ni:uor,&  hsc  maiora,  miaor  mmora,  crgo  pruna 
Quin»  ad fecundam  erit,  vt  tertia  ad  quartam,  nempe  vt  altitudo 
paralklogrammi,  AD,ad  altitudinem  paraUclogrami,D13, 
.f.  AO,  ad,  GN,  ve!,  AC,  ad,  CB,  dum  funt  squia.igula,ita 
erunt  omnia  quad:ata,  AD,  ad  omnia  quadrata ,  DL,  lunt 
crgo,  vt  altitudmes  ipforum  parallelogrammorum ,  vel,yt 
latcra  xqualiter  bafi  inclinata,cum  nempc  paraUelogram- 
ma  funt  aeqx.iangula^hctc  autem  etiam  verificareutur  li  pa- 
rallelogramma  effQntin acqualibus  bafibus ,  quod  ofte.nde- 
leopuserat, 

COROLLARIVM. 

EAdemratioat  .fivice  (jH4draferum  fidmdmus  aliai  figur^i 
fimiles,  oftcaitmus  omnesfiguras/imtlesparalkkgrammo- 
huka.'  "*  rum  in  eadtm  bafiexiiienttum  tfse,  vt  aliitudtnes ,  vd  vt  laterd 
bafi  afaaltier  incUnatai  dum  iiU(unt  aqmanguU. 

THEOREMA  XL  PROPOS.  XL 

QVorumlibet  parallelogrammorum  orania 
quadrata  regulis  duobus  quibufuis  in  eif- 
dem  aflTumptis  latcribus,  habent  inter  fe 
^  rationem  corapoficam  ex  ratione  qua- 
dratorum  di^aorum  laterum ,  &  altitudinum ,  vel 
laterum,qu2B<;um  prjedi^liis  aequaliter  inclinatur, 
fi  illa  finc  oequiangula^ . 

.Si  t 
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SintparallelogMmmavt- 

cunquc,  AD,  l'M,  i.i  q-„bMS  A  B 

regalx  cxtciu  btcra  vtciui-        /    ^  7; 

quc,CD,GM,  altitiidiiies     /  -  /fvX  ^  « 

autcin  iaxta  dicbs  rcgulas      /  /   :  /  fi 

fumj>tf,BV,ON.Dic^om-     c  d"  VG 

nu  quadrata,  AD,ad  om  ua 

qua.iraia,F\f  ,habcrc  ratio.icm  cpmpofitam  cx  ea  ,  quam 
habct  quadratum,  CD, ad qaad  atum,  GM,ic cx  ca  TI^, 
habct ,  BV  alntudo  ad  ..lt.t;.d..cm ,        Jc^ cclmTD 
ad,  O.V1,  fi  ilb  fint  arquijngula,  latcrnquc ,  BD,  oKi,  xqua 
liter  f..t  uk!  nata  cum  latcribus,  CD,  GM3  ab(undat.,l  t 
BV,  ver(\.s,  V,  .pla  ,  XV,  .quahs  ,  ON ,  ^  per ,  X,  d.  cat 
'Xl>,pa.^llcb  .pl.,  CD,(ccans,  BD,.,i,R,mtautem,Dtt 
xquahs  ip4., OM,  1.  U.n  xquiagula,  quod  foc.lc  pr.bi  i  po- 
tcll,  crit  ct.am  patallclogrammum ,  I>D ,  in  c-ade  ball  cum 
paral.clogrammo,  AD^dd  in  cadcm  altitudinccuiiibjral. 
lck>gram.no,  FM,  omn.a  crg.  quadrata  paralldocrammi, 
AD,ado,nn,a  quadrata  ,  FM ,  habcnt  rat.o.icn.  compoli-  D.Sa  «• 
tam  ex  ca,quam  habcnt  omn.a  quadrata ,  AD,ad  o,n-  '  ' 
ma  quadrata,  DP,  .i.  cx  ca,  quam  haber,  BV.  ad,  VX,  liue, 
ON,  vcl  ex  ea  ,  qu.jm  habct ,  Bi),  ad,  D!l,  fuK-,OM,  (i  iiat  Fx,„«c 
•Tquia  ig  ,la  parallclogramma,  AD,  DP^  &:c<.mponUurex 
ea  ,qu3m  habcnt  omnia  quadrata',  PD,  ad  r„u;ua  quadr.i. 
ta,  F.M,  ..  ex  ca ,  quam  habct  quadutum,  CL),  ad  quadra-  9.  hu.V. 
rT;  ,  ''''      ■  'rnra,AD,adomn,aq„adrata, 
, ' '  '  '       '  c^'  ca,'iuj,iihabcr,  BV, 

nd,  ON,  vel,  BD,  ad,OM,  cmn  lunt  xquiaDguia ,  .^;  tx  ca 
qunm  habcr  quadratum ,  CD ,  ad  qundiatun, ,  (,M ,  ofod 
oftcndcndwu  crat. 

C  O  R  O  I.  L  A  R  r  V  M . 

HInc  patet,  /i  vict  qMddrgttrnm  fumAmus  aitai  /f^*r  W^. 
naifimilts ,  (jmd  todtm  pailo  cHtndtmus  mrtes  figwas 

E  fimt 
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fimiles,  AD,  FM,  hdere  inter fe  tationim  empffitdm  ex  rdttm 

quadrAtorum,  CD,  GM,  fir  aUttudtnum ,  Bf^,  ON,  vel  Uterum, 

BD^OM,  dtjftiaitterbafihsincUnatorum ,  cum paraUtlogrammA 

funf^quiinguU. 

THEOREMA  XII.  PROPOS.  XII. 

PAralIeIogrammorum,quorum  bafiam  qua- 
drata  altitudintbus  iuxta  eafde  bafes  fum- 
ptis  rcciprocantur,  vel  latenbus  a^qualiter 
dicflis  bufibus  inclinatisi  omnia  quadrata ,  regulis 
eifdf-m  bafibus ,  funt  ^equalia  :  Et quorum  paral- 
lelog^fammorum ,regulis bafibus,omnia  quadra- 
ta  funt  ajqualia  ,bafium  quadrata  altitudinibus, 
vel  lateribus  a^qualitcr  didis  bafibus  inclinatis> 
reciprocantur. 

Sint  parallelogramraa ,  HX ,  AD,  qiioruni  bafiiim ,  VX, 
BD  j  quadtata  altitudinibus  ^ 

iuxta  ipfasbafes  fiimptis,vcl  /  

latcribii3,RX,CD,r!hfcba.  / 
fibus,VX,BD,:equaliterfint  / 
inclinata,reciprocentur.Di-    y  j^^  ~liQf 

co  omnia  quadrata  parallc- 

logrammortim,HX,  AD,  elfe  inter  fe  squalia  .  Nam  om- 
nia  quadrata,  HX , ad  omnia  quadrata ,  AD, habcnt  ratio- 
ncm  CGmpofitam  cx  ca  ,  quam  habct  quadi  atum ,  VX ,  ad 
quadratum,  BD,  .i.  ex  ca ,  quam  habct ,  CO ,  ad ,  RZ,  vcl, 
CD,  ad,  RX,  cum  funt  jequiangula ,  &  ex  ca ,  quam  habet, 
RZ,  ad,  CO,  vcJ,  RX,  ad,  CD,  qu.r  duce  rationes  coponunt 
rationcm,  CO,  ad,  CO,  vel, GD,  ad ,  CD,  qiK-e  eft  ratio  ae- 
quahtatis,  &  idco  omnia  quadrata,  HX,erunt  jequalia  om- 
nibusquadratisjAD. 

Sint 
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Sint  m|ac  omnia  qiudrnt.,, HX ,  a-qualu  omnibus  qua- 
oratis,  Ai),  rcguhs  c,idcmA'X,bD.  Dico  quad,atum,\'X. 
ad  quadratum ,  BD,  cQb  vt,  CO,  ad,  KZ ,  vci,  CD,  ad, KX 
cu  lunt  .vqu.a.gula,  ctcnim,  CO,ad,CO,  habct  rationcm 
copol.tam  cx  c quam  habct,  CO,  ad,  KZ,     RZ,  ad,CO,  DcGo., 
&  lic,  CD,  ad,  CD,  cx  ca,  quam  habct,  CD,nd,KX,i.,RX,  '  '* 
ad, CD,  quia  vcro  omnia  quadrata, HX,  funt  aqualia  om- 
nibus  quadrat.s,  AD,  idco  funt  ad  illa,  vt,  CO,  ad,  CO,vcl 
\t,v^U,ad,CD,  1.  I  I  rationccompofita  cx  rationc,  Co. 
ad,  RZ,     RZ,  ad,  CO,  vcl,  CD,  ad,  RX ,  &,  KX ,  ad,  CD 
lunt  autcm  omnia  quadrata,  HX,  ad  omnia  quadrata,  \D, 
w  rationc  compohta  cx  ca ,  quam  habct  quadratum ,  VX,  r.  «,ec 
a d  quad.  atum,  BD,  &r,  RZ,  ad,  CO,  Huc,  RX,ad,  CD^cum 
lunt  xquia;igula,idco  dux-  rationcs,  CO,  ad,KZ,&,RZ,ad, 
CO,  liuc  ahx  dua:  rationcs,  CD,  ad,  KX,&,KX,ad,CD,c6- 
ponunt  eandcm  rationcm  ,  quam  iftx  dux  .f.  ratio  quadra- 
ti,  VX,  ad  quadratum,  BD,  &,  RZ,ad,CO,vcI,RX,ad,CD, 
elt  autem  communis  ratio ,  RZ,  ad,  CO,  vcl ,  RX,  ad,  CD, 
ergoreliqaa  ratio,quam  habct  quadr3tiim,VX,ad  quadra- 
tum, BD,  crit  cadcm  rchqux,  quam  ncmpc  habvt,  CO,ad, 
KZ ,  vcl ,  CD ,  ad ,  RX ,  cum  funt  jEquiangula ,  quod  crat 
oftcndcndjni_> .  * 


COROLLARIVM. 

t  Dtm  eoiim  mt  io  de  nnimhus  fgurii  CimiUhus  ejtihufuis pant. 

UlQgT4r»mttum.  HX,  AD,  rtguUs  ijfdcm ,  FX.  SD,  ojlendi 
fcfe  exfupenon  methodt  colUgttnr. 

THEOREMA  XIU.  PROPOS.  XIIL 

Imilium  parallclrgrammoru  omnia  quadra- 
ta ,  regulis  homologis  latcribus ,  func  in  tri- 
pla  rationc  laterum  homologorum. 


S 
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fiixdiffi.      Sintfimilia  parallclogranimnjACj        m  jk 
Znj.km.  EG,quorulatcrabomologa,BC,FG,  Aj 

fuit  fumpta  pro  rcgula.  Dico  omnia_^      /  / /V 
quadrata  ^  AC ,  au  omnia  quadr.  HG,  J^t^ 
cifc  in  tripla  rationc  cius^quam  habet, 
BC,  adj FG,  Quoniam  cnim  parallclogramma  ^  AC5  EG, 
Ix  dcf.  I.  funt  fimilia^ idco  funt  a^quiangula  5  &  circa  a^quales  angu- 
Scx.i:JciD.      }^^^^^  j^^j^    proportionalia,     BC,  CD3  FG,GH,funt 
latcra  ad  inuiceir  sequaliter  inclinata  5  quorum  5  BC,  FG5 
funt  regulaej  ideo  omnia  qundrata,  AC^rcgula^BCjad  om- 
nia  quadrata  5 EG ,  regula  FG ,  funt  in  ratione  componta 
ti.  huius.  ex  rationc  quadrati  5  BC5  ad  quadratum  5  FG  ^  &  cx  ratio- 
nc,  DC,  ad,  HG^  fiue,  BC^ad,  FG,  .i.  in  ratione  compolita 
l^cfin.  T I.  cx  tribus  rationibus, BC,  ad,  FG:>  .i.babcnt  eandem  ratio- 
^         nem^qwam^iiC^aa  quartamproportionalcmduaru?  qua- 
Qu^n  eVc  ^^^^^^  P^i^^35  BC5  fccunda  eft  5  FG  5  .i.  funt  ui  tripla  rationc 
^**'^'      CIUS5  quam  habetj  BC3  adj  FG,  quod  erat  oftendcndum. 

C  O  R  O  L  L  A  R  I  V  M. 

Hlncpatet,  qmdeodem  mdo  tdem  oftendemusdeommhus 
quihufms  alijs  figfdrisfimilthus paraUelogrammotu ,  AC^ 
JtG ,  vice  quadratorum  fu^.psis,  reguhs  cifdim ,  ex  fupertonhus 
Coroilarijs  id  deducentes, 

^  /         THEOREMA  XIV.  PROPOS.  XIV. 

SI  duoparallclogrammafuerintineadem  aU 
tiiibdine  conftituta ,  omncs  figur^e  fimiles  v- 
iXl'  "^"^     ^'^^^^  fmiiles  alterius,  eiiafi 

fint  dinfimilcs  prin  6  dK^is,  regulis  hafibus,  iuxra 
quas  alcirudo  fumitur ,  crunt ,  vt  figura  defcripta 
abafiparallelogrammi  primo  didi  ad  figuram^. 
iJtfcriptam  a  bafi  paralklogrammi  fecundo  didii. 


L  I  B  E  R  IL 

Slnt  parallclogramma  m  cadcm  al- 

ticud.nccolhcuta,AE,HC.Dkoom-         r^l  / 

"cs  hgurns  finnks  parallelogrammi,  JJ       /  ,.:,,r,, 

Ah,adomncshgur.isiimncsparallc-  *^rT  / 

logrammi,  EC,  ctiamli  fut  u.mmilcs  LL—J 

pra:dia.s,cflcvtfigaradcfciiptaa,D     ^  ^ 
t, ad  figuram  dcfcnpta  ab , EF,  qu.r  fiuu  bafcs,  iuxf,  ciuas 
lumuur  dic  orum  p.,rallclosram;norum  a ItSo  f  cx  « 
omnia  quadratj,  AH  ,  ad  <.nincs  n-r-.l  c  ur-  V 
dratum,  DE, nd c.rcuU.m  J!^     p",  n  b  W^nfV' 
ipfa,  HN,  vtcunq;  parallcla,Dc%r:;;  fi^^^^^^^ 
nd  hgnram,  EF,  ,ta  cflc  figuram,  H.^J^ad  rigun uK 
qux «i;-i-'bucur  latcr.bu..,  1  iM,  DE,  .xqual.bus  funt x^ua-  U 
cs,veluti  dclcript.  a  latcnbus,MN,Er  paritcr  funt  ^qua- 
lcs,6^,dco,vtvnumadvn.mi^ficomn,.;adumn..,.f  vtfi-  ccdl  . 
gura  dcfcr.pta  \ ,  DE,  ad  figur,.m  dcfcnptam  ab,  EF  fi  c-  W 
Xi.nt  omncs  hgur..  i.m.lcs  paraIlc!ogranim.,AE,fim.lcs,i.i- 

hgurx  dcfcr.pt.v  a,  DE, ad  omncs  fiouras  i.m.Ic.  oa- 
raUebgra.iimi ,  EC,  fimilcs ,  inquam ,  ilg.L  dclc  .pu-  S, 
El,quodolkndcrcopuscvat.  r' 


COROLLARM'  M. 

TT  tneinf,^ur4Propor.  I  \.ccl(if^tn,u,tm»es  ftguras  fimiln 
A  X  P*''i^fH'^mfni.A0.4Jorn,:tsfgur4sfifKtUspgr4tl<. 
ogrammt  ,FM ,  at4m  umen  dtatmtUs  pr^dtclts .  A^iere  rMti^ 
ocm  cmpofitMm  tx  r^ttont  fi^ur4rum.^u4  i  b^hus.CD.GM.dt. 

J''f^'">"'r  .&JiluJ,„um  .vttUterum^qvMUurhMfiLustncli- 
fiJtorum  •  q 4,4  omms  fi^ur^  fimtUs,  AD.  Mdomnts  fguras  ftmi. 

l<>.FSi.d,0tmtlt,prsdtats.h.her>tr4t„ntmccn,pofitamext4.  Dcfi„ 

^^"^'"h^htntitmntsfigurMCtmtlts.An.Mdomntsfigur^srtmiUs  '  '•  ' 

fM.tdtiicomport,,mtxr4,tontii,Hr4dtfcrt'^t4i.CD.4df,bt  e,,«,  , 
ftmUcm  fguTMm  dtfcrtfum  i,  C//,  dr  ex r4tmt ,  BF,  4d,  ON,  hX!: " 

Vfl, 


38  GEOMETRI^ 
vel,  BD,  ai,  OM,  cum  funt  pdrallilogramrHd  djuUrigula  >  dr  eji 
compoftuex  rauone  omniumfigHraru^  fimiltum,  FM,  ad  omnes 
figuras  fimUesipfitn,  FM,  dtfstmdes  tamen proxime  dt£lts ,  qua 
eH  eadem  et,  (jujim  habet  fgura,  GM,fimtlts  figura ,  C /J,  ad  fi^ 
guramy  GM,  vlt.mo  defcrtptam,  dua  verorattonesfiguraX Dtad 
■•  figftra^n,  GM,  /ihfimilem ,  fjr  huiusad  figurdm ,  GMtfiktdifi^ 
milem  componunf^ationem  figurA,  CD.adfgu^am,  GM.ftbidifi 
fimtlem,    t  Jfo  haMimus  omnes figurss  (imiles  A  u,  ad  omnes 
fig^ras  fimtles  tpfius,  FM,  dtfsimiles  tamen  prAdictts  hahere  ra- 
tionem  compofitam  ex  ed,  quam  hdhes figura  ipftus,  C Z),  ad  figii* 
ram ,  GM,fihi  difstmiU  m  ^f^exea,  juan,  hahet  ,BV,ad  ,  » 
vel,  B  O,  adt  OM,  cum paralldogramma  funt  aquiar.gula.  Con • 
fimilt  rpicthodo  in  figura  Prop.  1 2*  collig(mus  cmnesparalUlcgra- 
mr,  HX,figuras  fimiles,omnihus  figuris fimilthusparalleUgram' 
mi,  Ao,  etiamfi  prstdtSlts  fir^f  dtfstmiles  ^efse  t^men  aquales  \ 
Btfi fint  ajuates,  figuras^  defcriptas  ah,  VX,  BD,  ticet  difsimi  • 
les,  attitudinihus,  CO,  BZ,  vet  tatcrihus,C  D,  RX,  bafihus  a^ua» 
liter  inctinatis,  reciproce  refpondere^ 

THEOREMA  XV.  PROPOS.  XV. 

OMnes  figura?  plan^e  fimiles  fiint  inter  fe  in 
dupla  ratione  linearum,  fiue laterum  ho- 
mologorum,  earundem  • 

A.  DEMONSTRATIONIS  SECTIO  I. 

Sint  diu^qua?ciiiiquc  figura?  plnnx  fimilcs  5  ABD,  $2A. 
Dico  cafdcm  clTc  m  djpla  rationc  lincaru,  vcl  latcrum  ho- 
mologorum^carundcm.  Ducanturipfarum  oppofita^ltan- 
gentcs ,  AK,  FM5  figurcT,  ABD5  &  ^  <^n,  ACl,  figura:,^^:s 
qua?  homologis  carum  Hncis  xquidiftcnt ,  dcinde  fint  intra 
didas  oppofitas  tangcntcs  dudcrj  KM^  Ua,  talitcr  5  vt  iWx 
fiiu  incidentcs  dJdiarum  fimiUum  figurarri3&  tangentiumj 


rr. 
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L  r  B  E  R 
nocfaaojdiuidantiir  ipfa; 
incidentcs,KM,nil,r,„i;. 
i«cr,&:  ad  candem  partcm 
vtcfiqj  i„  pi.a^^is^L^  r,pcr 
quxpucb  rmtdudxipf.r, 
BL,2r,  quarum  portiones 
ngiiris  iiitcrccptx  iint,  BE, 
Ii>,infigt:ra,ABD,6^,Z3, 
3  A,i:i  Hgura,*2  A,fumatur 
auccmcx, BL,rcda  xqua- 
lis  vtrifqj  nmuI,BE,ID,tcr- 
minans  in,KM,q,!c  lit,QL., 
&pantcr  ipHs, 2/,  3  a , dt 
fumpta  a.-qualis,Tr,tcmu- 
nans  in,  H Ll,  Sc  in  pundo, 
r,  (icq,  fiat  dc  cxtcris,  qux 
ipfis  tangcntibus  xquidi- 

ftant,  &  ma.icnt  intra  figumrum  ambitum ,  quibu-,  ncmp^ 
m cadcm  rcctitudincfumantur  rcct.v  xqualcs  in  ipfis ,  KM, 
nn,  tcrmmatx,  crunt  igitur  omnium  inucncarfi  lincarum 
rchqm  tcrmin.  m  alia  quadam  Imca  ,  qux  mcipict  m  pun- 
«o,  K,  &:  dclmct  m ,  M ,  pro  figura  ,  ABD  ,  &:  qux  mcipict 
in,n,5i  dcfinct  m,n,pro  fiaura,*2A,fint  ift.t  linc.r,KOM, 
nTa,patct igitur  figuram, KQM^cacxqualcm  ipfi,AM), 
&:  n  1  a,  ipii,  «I»2A,nam  omncs  earum  lincx  Annptxrcgu- 
JiS  FM,  Aa,funt  xqualcsquod  cx  .pfa  coftrudionc  patct; 
dicantur  autcm  iftx  conHnictioncs,  t raslatu.ncs  omniiim 
Iincarum  figurarum, ABD,  *2A,  in  figurasKQM,  nTX2, 
Jpii,KM,  nr2,adiacentcs,cffcar  rcgulis  dic^is  tangentib 
Patct  vltc,  i.is  fig  iras,  KQM,  n  fO,  clTc  fimiles,  ni  homu- 
logx figurarum,  ABD,4.2A,  quia  illx funt  fimiles)  fiuu  vt  co.oU.  „• 
incJdctes,  K.M,  nn,exdcm  aiitcm  ia  figiiras,  KQM,n  fli,  »• 
modo  dido,trans!atxfunt  (fimul  in  vnam  rcaamconiun- 
Ois,  qujc  duufa:  craat,  vcluti,  BE ,  ID,  iunax'  funt 

QL, 


G  E  O  M  E  T  R  I  ^ 


DeRiu  loi 
1.1. 


B.  SECTIO  SECVNDA. 

PRoducantur  nunc  ipfe,  KM,  nn,  iiidefinite  verfus  pu- 
aa,M,n,&  ab  ipfis  prodiiais  fiimatur  partes  oequales, 
MP,ipri,KM,&,a?.  ,ipri,nn,\'  pcr  pundajP,  &:,ducantur 
didis  tangentibus  paralle!rc,ZP,  ^«Scquoniam  ergo,  KM, 
nX2,  iiuit  incidcntes  fimiliu  figurarum,KQM,  n  If^,  ideo 
habcbimus  etiahomologas  caiudem  regulis  ipfis  inciden- 
coicl.13.  ^.^^^^       na,ducUs  ergo  cx  oppofito  tangentib.eafdem 
figuras,  KQM,  n  rxi,  paralleiis  ipiis^KP^n  S^,quar  fintjXZ, 
■0%  ^ybterinuis  transferre  omnes  lineas  figurarum  ,  KQM, 
nrn,  in  figuras  ipfis,  ZP,       adiaccntes,  translatiov 
faaa  regulis,KP,  n&,  fiant  ergo  diaKtranslationcs,vnde 
refiilt et  figura',MZP,  a^^&^qu^^  erunt  squales  ipiis,KQM, 
P''''"- .       nTXl,  &  fiibindeipfis,  ABD,  *2A,piobabimus  aute  ctiam 
^'^""^-  cafdem clfe  fimiles  (veluti  in  figiins ,  KQM ,  UTa , fachim 
eft)  &:,ZP,9i3^,  clTe  didarum  figurarum  incideatcs,  ho- 
molognr«.im  rcgalas  ipfas,  MP,    V,patet  autcm  ex  coftru- 
•  ftioneintegras  cire  in  figuris,  MZP,  n!i&,  tum  qux  a?qui- 
diftant  ipfis,  ZP,       tum  ipfis ,  MP,  HB: ,  nam  ex  prim 
traslationc  integrashnbuimu^  .qucin  figuns,KQM,n  m, 
ipfis,FM,  Ail,erant  a».quidiftantes,  &lubindcctiam  inte- 
gras,  qua?  in  figuris,  MZP,         ipfis,  ZP,  squidiftar, 
ex  fecunda  translationc  vero  intcgras  habuimus  eas ,  qua: 
ipfis,  MP,  ii&,  arquidiftant,  &  hxc  pev  conftrudionem-*, 
quaj  omnia  fcruare  opus  eft. 


C.SE- 
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NVnc  in  figuris,  MZP,  ^^^,  a  maiori  homologarum; 
M\\  aSiy  qu3c  fit,  MP,  abrciadatur,OP,x'qualu  ipli, 
ll&,&vt,MP,ad,PO,ita 
fit  quclibct  iu  hgura,MZP, 
parallcla  ipfi,  MP,  ad  cius 
portioncm ,  &:  portionum 
tcrmini  fnit  cx  vna  partc 
in  rcvibjZPjCx  alia  vcro 
in  linca  ,  ZO,  erit  crgo ,  vt 
vna  ad  vnam  .i.vt^MP,  ad, 
PO^itaomnia  adomnia, 
.f.  ita  omncs  linex  rtgur.r, 
MZP,  ad  omncs  Imcas  fi- 
gun^^  OZP,  rcgula,\tP,  &: 
idco  vt ,  MP ,  ad  ,  PO ,  vcl 
ad>  n&r ,  ita  hgura  ,  MZP, 
ad  rtguram ,  OZP,  quod  c- 
tiam  fcrua_^ . 


cofoH.  4; 

hujus. 


D.  S  E  C  T  I  O  IV. 

VLtcrius  ab  ipfis,  OP,  n^',  abfcindantur  partcs  xqun- 
lcs,  OR,  a V,  &:  pcr  pundj,  R,  Y,  ducantur  ipfis^ZP, 
.Tquidiftantcs,  SR,VY,  Sc  pcr,  S,vbi,  RS>  fccat  Uncam, 
ZO,  ducatur,  HC, apquidiftans  ipfi,  MP,  &  pci ,  Qvbi^HC, 
fccat  lincam,  ZM,  ducatur,  CN ,  parallcla  ipli ,  ZP,.lccans 
xMP,  in,  N;  cft  igitur  vr,  MP,  ad,  PO,  ita ,  CH ,  a  J ,  HS,  ppr 
confl:ru<5honcm  .i.  it.i,  NP,  aJ,  PR,  pcrmutanilo,'.  t,  MP, 
ad,  PN,  ita,  OP,  ad,  PR ,  dui idcndt > ,  vt ,  MN ,  ad,  NP,  ita, 
OR,  ad,  RP,  .1.  ita,  Cl  \\  ad,Y&:,  igitur  ipf^-,  CN>Vy,a:qui- 
diftant  rcgulis  homologarum ,  qu.v  funt ,  Zl\  ,  &:  d|iii- 
dunt  adcatidcm  partcm  fimilitcr  ipfis  incidCtcs.MPjaiV, 

F  (fi 


fimt  iiicidcnteS)  fi  vero  has  Itatueris  regulas,  ill^  eruni  in- 
cidemes)  amb^  ai.terminanrin  oppofea^U^igeatcs  v  qi« 
funt.rcgulasbimiologarumcarundcm,)  ecgo         ad, \% 
crit  vr,  Ml^  ad,  a^ic^ .i.  vt^ ZP,  ad;5^9^&:  ^.JiJ^:  fpnt ,  CN 
^ilLialej,  &5§R,  VY5  ytcunqs  du^.^e  ipfifjy  ZP, 
fta^U<Sp  ergo  yt;  ZP,  ad,  9J&r,  itaj  $R>  adyVY,  ^cgpy  t  -Xl?» 
4.hulut.   ad|?i3^5  ita  erit  hgura,  OZP,  adfiguram^  ^9^&!>  q^P^ 
rit€r  feriicLj . 

£•  SECTIO  V-  ET  VLTIMA. 

f Voniam-veroiigura, MZPi.adfiguram', O^^^j habot 
-  rationem  compolitam  ex  ratione  figurae ,  MZP^  ad 
figuram>OZP>.i.  ex  ratione^MP^ad,  a&  ex 
ratione  figiirar^  OZP^ald  figuram  5  illji&a  ,i.  ex  ratione.ip- 
fiusjZPjbad,"^^^,  ,1  ex  ratione  ipfius^MP,  ad,  Qil^-y  ideo  fi- 
gurajMZPaad  figuram  5  O.^^  yhab^bit  ration-Jmcom^o- 
Dcfui.  10.  fif ex  duabus  rationibus  ipfius, MP^  ad,  n&^  .i.duplam 
<i»*in  £J.  cius.quam  habet, MP^  ad,  n& ,  fiue,  KM,  ad>  nn^qua:  iliis 
funt  xquales,  fed  &  figura-^  ABD,  02 A,  funt  aequalcs  fign- 
risj  MZP,  XITk&iergo  figura,  ABD,  ad  figuram ,  OSA^  du- 
plam  rationem  habcbit  eius^quam  habct^KM,  ad^rn.quia 
vero^KM^&^rTa/unt  incidentes  fimiUum  figurarujABD^ 
•  4>2A,idc65  vt^  KM^  ad,        ita  erit^BeD  ^fimul  ad'5  22, 
corot  I.  3A5fimul,veIita:>BE>ad522,fiue>lD,ad5 jA^ergofigu- 
ra,  ABD^ad  figuram^  (DSA^duplam  rationem  habebit  eius,. 
quam  habet^  EF, ad,  22^  vcl, ID>  ad,  3  A,  .i.erunt  ift^ firai- 
les  figurx  in  dupla  ratione  lineahmi,  vel  laterum  homolo- 
gorum,  BEaX^^vel,  ID5  3  A> vel  atiarum  quarumcunq;  ho- 
mologarum  pra^fatis  regulis  acquidiflantium  ^.quod  oftcn- 
dcre  opus  crat» 


B  Def  10» 


\ 


L  I  B  E  R  II. 

C  O  R  O  L  L  A  R  I  V  M  I. 

Er  qBtM  JiitM  figur*  pUh4  /imiUs  ^ntnf*  funt  tftiniiipU 
rstitnt Un<4rMm,vel Uttritm  hmoUgwum^tjut tqmdiftdt 
rtgulit  vieuntj',  fumptis ,  fditt  t^fdem  efte  i»  dupU  rtmnt  ijud" 
rnmuis  homylogMriua .  (jr  duas  qnifdsm  homologms  fumptds  cM0 
qnbufdsm  rtgklis .  ifit  inter  ft .  vt  Mims  quMiJibte  du4i  homth. 
g4s,  tum  mI^s  qmbufuii  reguUs  ^fiumpias.cjuodttumm  CerMt' 
rit  Ltmm4tu  48 .  iLi^.  i .  aliundt  dtduaum  ejl, 

COROLLARIVM  IL 

VH iuerse  mfuper  mtmfeftum  eft,  fi  tret  reR^  lint4  dcinceps 
pnptrtiindles  fiertnt ,  vt  prtm4  ^ditrtt^m ,  lu  tft  figu. 
r4mpUn4m  defcrtpttm  4  prim4  Mdedm.  qu4  Hfecun  -U  defaih%. 
tur;  cf  hatuscenuerfum,  dummede  itfcrtbenits  fint fimtUum  dt- 
feript^rnm  figurdrum  lt»t4,fiue  Uttr4  bomolog4 . 

THEOREMA  XVI.  PROPOS.  XVI. 

SI  quatuor  rcifia: lincj  proportionalcs fucrinr> 
primaautem,&fccunda  fimilcs  figuraspla* 
nasdcfcripfcrint,&  tcrtia,& quarta  alias  fi- 
guras  planas  fimiles,  licct  etiam  pr^didis  difTimi- 
les  clTcnt,  ita  vt  dcfcribcntcs  fint  carum  linca?, c^cl 
latcra  homologa,  figura  primx  ad  figuram  fccun- 
crit  5  vt  figura  tcrtio?  ad  figuram  quartT.  Et  fi 
fuerint  quatuor  figur^  plana:  proportionalcs,  ita 
vtqux  funt  termini  ciufdcm  propottionis  finr  fi- 
gura:  fimiles>dcfcripra?  ab  corundcm  lineis^vcl  la- 
Xcribus  homologis ;  lincse  >  vcl  latcra  homolcga.^ 
dcfcribentia  crunt  proportionalia.^. 

1'     2  Siiu 


44  G  fi  O      E  T  Ril  A 

Sint  quatuoF  t<!dlxlidea/|)rc^Qrti(dniIe^>  ABj  CD?  FG, 
HM5  prima  vcro  5  &  fecunda  dclcribant  fig,  planas  fimiics^r 

lesfigura'splniVa55l^OGVH'NM,       /5C  /uV^ 
Ifcet  prxdiotis'  ditfimilesefientj  x.^y/^"'^^-  ^-^^ii  M-s^^n 
fmt  defcnbentessfigurarnm  ^      ,  ■  ..s  yvl^:^V&»^ 
^efcriptaniitT  Hne^|,  ^^ei  iat^ra*^  ^  :  •  /\ '  -        w  ' 


'botoologaF.-^  Dico^  AXl^advG-  /  \v\  ..^-  j-i^^i 
VD,ejOrevt,FO<5i'^^HNJ^4;Sit5^  .1  F  '  C '  ;^  M  Mv-lL^i^ 
R5  tcrtin  proportionulis  ipfaru, 

ABj  CDv^^5  ^5  tertia  prdportiorialis  ipfarutn,  EG^  HM5  cft 
igitur^  AXB5  ad,  C VD,  vt,  AB  5  nd  5  K  5 .1.  m  ratione  diipla 


ad,  HM,  vt^PG,>ad,  Iv  qnarcft,-  vt,  FOG,  ad^HW^  c^o 
^vtyAXB^ad^CVDjita  erit,  FOG,  ad.HNM* .  r.;.r  /...  «^v-* 
-  Sit  nunc  figurnryAXB^ad,  CVDoAt  i^i^nilem^vty-Fi^Gv 
ad,  HNM/ibi  fimiienT^licec  lila?  circ.iU  prauictis  diilu^iiles, 
&:eas  defcribeiitcs  fiiit  earum  linea^,  vel  Jatera  homoloaa. 

ico,- AB>  ad,  GD,  effc  vt,  FG,  adj  HM.  j  fit  3dhiiC5R,tertia- 
propoition.i.lis  ip{ariim,  AB,  CL),  &:,I,tcrtfa  proportioiia- 
lis  ipfarimi,  FG, HM,  ^ er^O:^  vt %iir3 ,  AXB  ,  ad:,  CVD, 
ita,  AB,  ad,  R,  vt  vero  ligura,FOG>ad,  HNM,  itasf  Qia^, 
I,  cft  verQ,.vt,  AXB,  ad,  CVO,  ita ,  FOG ,  44 ,  HNM ,  crgb 
vt,  AB,  a  J,  R,  iic,  FG,  ad,  IvCi^  a,utcm,,i\B,  ad,  R  jdupi^i.^ 
.rationis  ipfius,  AB^ad,  CD,&:„rGja'^;r,dupla  raVi^ms 
fius,  FG,  ad,  HM,  ergo  vtj  A'Bj  ad ,  ^lV,  {t|  5  FGj  ad',  HM, 
qiije  oftenderco|)irsefa(t» 

S  C  H  O  L  I  V  W. 

P^^op^Jitiami pmme  jUfe<iuentis  mmia  forufst  prcHxtNf 
fMtHmvaitm  LeSiort ,  qHam  deieeUtivnem  ptriet ,  v*' 
ts^mtamen ,  ^»/  hoc  vertttir,  at  taisfum  otij,  tut  toleranii*  ha^^ 
re  nejwt ,  vt  tlliHsfatis  hngm  ttf^turam  ptrcnrrtre  vdieat, 


/4m/y^^»„,  4Cfr*:ere4t.  y/  emmfr*cip^>  )  mt  d,r,rt,ur,qu, . 
but  •€(  mwm  detH.  net  ,»gemum,  4c  vtl,4r>,ss,pmiff..r,s  Je,M,„. 
ftr4t,or,ti  e,f,  d.fjiales ,  tc  Ur,g4s  tnfr^ih  qmUm  Af>,m,  vtm, 
f<*per4ndt,  pt,u,  c]'4*m  ab ,pf,s  fuper^ri  vtlm, .  P„trA,  qstkm 
tnflmrts  Propf,„me,  comrnod„.s  d,/lr,lui  ,fedt,.r„  slUmKes  ,H 
b4nc (tmfhcfnm^m  efsen,  c»nff,r4,t>r4.  t4s tmnes  fnh  h^t %r,4  \ 
^^«^'^"^'^''^'(^^''^'^'^^'^'^'«tninSicltmticeu,»,^.,  \ 
d,npigmerepl4cm,,Ht  Lecloris  mrn,  n,mii  de/irtsg^rHur-  'f)r. 

roqM4nHhtcPr»for,„ofitm»m4n„,f>cul  f^fr4ctdcn,rrcp  i  \.1 
4,ien,4fr4c,pu>ejfum  vrfunrf^M^te.Ktmmem,  qui  e^fdtm  ir^ 
te(le>»e*„,fi,efu,o.  ^y,  in  ietH  r.,n  ^grofeat.  au,j  tmtbfnu.  cuo 
4d  ^.tr^spitn^s  ,  kuchJem  Ith.fe.uo  fl^ensorum  ,n  Vrop.Ti.  " 
dtfHn.,rMfsef,rr„l,4,r,4r.gol,.  (frjnPrcp.  ■ioJtmiU^PUmKi-, 
tfst  !•  dupl^r^tH»*U,trHm bmohgori,  rftcnin Lth.  i  i.Prop  % 
Ctfcul$„fst .  vt  di4rHtlrorum  qu4dr4t4  ,  ho<  efi  w  ^upU  rjtrf,) 
dumttrorurn?  S,m,U,er  ,n  eo.quod fpea^t  4afil,d4.  qutd fu„  ,p. 
fumnAutn  Uh.  i  ^.Prop.  %.ofle„d,f,t  fimtks  Pyr^rrndtttfitirt 
trtpli  rutttnt  l^^trwr,  homol.gorwn,     tu  Prop.  i  l.fim,lt,(oms, 
&  cyUniro,  cf,t  ,n  ,r,pU  raT.ent  d,4me,rert,m  .      funt ,»  bafi. 
ku, ,  fjr  ,n  Pr>p.  1 8 .  ^phsr4s „,dtm  tfst  in  ,r,pl4  frop^rtiont  d,4. 

^  ■^"i'*'>^"^f>"*  alf,  ^nor,  dtmonflr4f,t.  t,u4d.m 
4  ufim,u.tfol,44.  vtpor„one,  Sphir^iu.  ntcnon  Spfj4ro,de4rum. 
CT  Cmo,ie4rt,mfiiurMrum,efie  tn  ,r,pl4  r^tttne  I,nt4rum,vtll4. 
ttrun»h»rr,»Ugtrum  ? pr4  huim  ctmpArattone.  cjuodtn  h,s  du4hu, 
Unsm^n  Prtpofit^mtiu,  tdi a  m  tr,  omnts.n./irHtlts  figur4s pljn^s 
,»  Pr  p.  i  j .  omntsfolid,s  ,nf.,Lfqnen„  Prop.  \  7.  ctmpreicB, 
dtrsuj,  (juei  mthercle  conJiiera„ohe  drgnum  vtdt^ur. 
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O 


Mnia  nmilia  folicfa  funt  in  trJpIa  ratione 
lincaium,vcl  laterum  hcmologorumjqu^ 
funt  in  corundem  homologis  figuris. 


A,DE- 


4  .<S  G  E  0  M  E  T  R  I  & 


A.  DEMONSTRATIONIS  SECTIO  I. 

Slnt  duo  vtcunq;  fimllia  folida,  V&,  AP.  Dico  hax  effe 
iatripla  ratioiie  linearum,  fiue  latcrum  hohiolog*)- 
rum,  qu.v;  funt  in  eorundcm  homoloqis  figuris.  Qi^in  ergb 
di(5la  folida  funt  fimilia  ,potcrunt  duci  duo  plana  oppofiti 
tangentia  in  vnoquoq;  propofitorum  folidorum  (qu.v  in_-» 
folido ,  AP,  rcprarfenrentur  pcr  ipfis ,  AH  ,  P  oo,  „i  fo. 
II.  1-  lido, V&,  pei  ipfas,V2,  &2,)  homologis  cbn»i4ciri  figikis 
cquidiftatia ,  intcr  qiice  etiaip  ducibiha  crunt  ^li^^uo  Sa- 
.  1 1.  na  Kqualitcr  ad  ipfa  ,  &  ad  caadcm  partcm  inciina'ftlT*n_» 
quibus  iacebunt  figurx,  quvx  crunt  didorum  fimijium  folt- 

dorum 


dorlim,&:  tangcntium  oppolltoriim,figiirar  incidcntcs/mt 
igitur  talia  duo  pbna,  qiiariuji,  &:  oppoiitorum  planoriim 
eangcntmm  la  loUdo,  Ai>,  communcs  icdioncs ,  HL,  OC), 
G, Cn:  fohdi,Vcs ,  25,  2  8,in  his autcm  pljnis  lintc.rum  in"-  - 
cidcntcs  hgurar, H  oo,  2, ,       j..,,,         ^g^,^.^^ ^^  ^^^ 

&  tangcntur  a  didis  commumbiis  lcctioiubus ,  qux  crunt  ' 
Imcarumhomologarmn  carundcm  ctiamrcg„lx,fintca-  b  crfia 
runvincKicntcsvttunq;inicrcardcmduclx,LG,j5,&\  1:^. 
cxtcndantur  inter  dicb  oppofita  tangcntia  \  tcuno j  plan^  ' 
cildcm  xquidiftantia,  altitudincs  prr.pohcorum  falidcirnm 
refpeau  diclorumtangcntium  fumptas  iimilitcr  adcadcm 
parf«mdiuidcntia,fit  igitur  vnius  ductorum  planorufon-  ' 
ccpta  utfohdo,  Al>, figura, l}C,di.fdcm  autcm,  \:  figurr 
H  00,  compiums  fcctio,OX ,  quod  ctiam  ftxet  incidtTucin 
figu  ar, H, iviiiar  cft,  LG,  in, V;  paritcr  aitcrius  piani  con- 
ccpta  in  folido,  V&.-,  figura  fit ,  nn  ,idcm  vero  planum  fc- 
cct  fignram,  Zz,  in  rccla ,  <I>A,    incidcntcm  en  lJ.cm  figu- 
TXy  ncmpc  iplam,  3  8,in  punc't<i,  4,  igitur  figurx,  liQnxi, 
crunt  dujc  hgurarum  homologarum  lohdorum ,  AP,  V&' 
&',OX,«I'A,(arumincidc:itcs,&,LG,  3J8,crunt  fimihtcj 
diuife  m  puchs,  E,  4,  nam  ct.am  altitudincs  propofitorum  v«J.r 
fimihum  loi.dorum  funt  iimihtcr  diuifx  ad  caJcm  partcm  Jlc« 
fubmtcliigc,  fi  igitur  a  punctis, O, *,duxcrjmus  tangentes 
figuras,BC,  na^crunt  ilU'rcguhjhqmologariim  carun- 
dcm  ^  ■  irumpjrallcl,r,vtlprorcgulisalijvumcti3maf- 
■iun,.  ,    ..ajnt,&;qu.T  .1  pui.cti^ ,  X,  A, diiccntur  pra-di<ais* 
parallebeocairrctcifdcni  figuris,&:jllascx  oppolito  prc- 
«liaarum  conti  igcnt,  itj  vt  habcamus  ( fi  &  iftx  duc^T  in- 
tcllig.intur,quaffint  ,XC,  Afl,)oppofitastangcntes  fia.j- 
r^, liCqua?crunt,B(), CXy6c  hgura',  na,qiijpcrunr,n*, 
{lA ,  nccnon  pro  rcg^ilis  hoinologarum  cartuidcnT  habcri 
poteriint;  vcl  iakur  figur.v,BC,na,adiaccnt  fuis  incidcn- 
tibiis,  OX,«A,  tctx  ad  candcm  partcm,&  intcrius  intt^rae 
«uflciues,  vel  non,  fi  fic  £i<aum  cr  it,  quod  voIumus,fi  noa 

tranf- 
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traasferatur  omnes  linea?  figurarum,  BQ  nn^rcgulis  eitf- 
dem  tangentibus,  in  figuras  ipfis,  OX,  OA,  adiacentes,  pro 
vt  in  Prop.  15.  effeftum  eft, hinc  autem  rcfultantes  figurre 
fint,  OZX:>OrA^  qnx  per  talem  conftruCtionem  ad  eand^Ai 
partem  incidentium,  &  interius  integra?  nobis  proueniuf, 
SimiliterfiintelIigamusdLi6ta  alia  duo  plana  praedi^lis 
quidiftantia,  quae  folida  propofita  ita  fecent,  vt  fiant  in  ip- 
fis  non  vnica  in  fingulis  figura,  fcd  plures ,  ex.  g,  in  folido, 
AP,  figura?,  R,  I,  &  in,  figurx ,  9?,  N ,  eadem  autem  fc- 
cent  figuras  incidentcs  in  redis,  S,Y,  &  recfas,  LG,  3  8,  in 
pundis  5  dummodo  hxc  plana  pariter  fcceht  altitu- 
dines  di^as  propofitorum  folidorum  fimiliter  adeandcm 

par- 
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partcm^  crimt  figurxi  RJ^binxfimilcs,  &  fimilitcr  pofita?,  i  Def lij 
nc  figura^  %  Nj  A\  h  <niiilis  ipli,  N,     R,  ipfi,  5^s&:lincarri 
homologarum  carundcm  rcgulx  ip(i.s,CX,  n A,  scquidifta- 
buiir,  ipfa?  niitcm  rcdx,  S^Y,  jS^     crunt  carudcm  incidcii- 
tcs  3  vt,  Ss  jS,  ipfirum^     IJi,  &:  V,     ipfinim,  I,  N5  fi  igitur 
figura^  R,    lv*5  Nj  non  adiaccnt  fuis  incidcntibus,  transfc- 
rantur  fingularum  omncs  linca',rcgula  fcmpcr^pro  figuris,  Vlieidi: 
RI>  ipfa,  CX  5  &:  pro  figuris ,  R?,  N,  ipfi ,  n  A  ,  in  figui as  ad- 
inccntcs  lincis  homologis  figurarum ,  H  oo,  22,  vt  fint  no-  hui^t,  '^^ 
bis  inucntx  figurx,  S ^  V,  ^  5  ^  ,  qu.r  ndiaccant  homologis 
lincis  figurarum  incidcntiiim  ,     00, 22  :  Si  igitur  candcm 

mcthodam  fcrucmus  in  cn?tcris  figuris ,  qu.-e  ex  fcdionc  3 

planoriim  tangcntibus  xquidiftatium  in  didis  folidis  pro- 
ducuntur,  cransfcrcntcs  ncmpc  omncs  cniu  lincas  homo- 
logas,  rcgulis  fcmpcr  ipfis,  CX ,  CIA  ,  in  figuras  ndiaccntcs 
lincis  homologis  figurnrum  incidcntium ,  H,  00  ^  ^qua: 
rcpcricntur  totx  ad  cnndcm  partcm ,  &  intcnus  intcarn:, 
tandcm  nobis  crunt  compnrata  duo  fohda  ^quxprxdictis 
fimilibus  foHdis  arquabunturjCa  ncmpc,  quorum  omncs  i.huiQlj 
prxdictj:  ndiaccftcs  figurr  erunt  omnia  plnnn,nam  hxom- 
ncs  adinccntcs  crunt  xqualcs  omnibus  Iiomologis  figuris  ♦ 
diclorum  fimilium  folidorum ,  qua rum  omnes  linca?  in  ip- 
fas  figuras  adiacentcs  modo  dido  translata?  funt,  fint  hxc 
folidn,  HZ     2r  2,  igitur,  AP,  crit  xqunlc  ipfi ,  HZ  Scj 
ipti^  22 .  Scd  &:  h.rc  folidn  , HZ  ^>      2,  crunt  intcr  fc 
fimilij,nam  figurx  plnnxin cifdcm  cnptx^xquidiftantcs  Dcfin.u; 
didlis  tnngcntibus  plnnis ,  &  nliitudmcs  refpc<ftu  di(5torum  ^ 
tangcntium  fumptns  fimihter  ^  &  ad  candcm  partcm  diui- 
dcntesjfuntintcrfcfimilcs^Scinipfis  lincarum  homolo- 
gnrum  rcgulx  omncs  vni  cuid.im  xquidiftnnt ,  illi  ncmpc, 
qua  rcguln  translntioncs  fadx  funi,&:carudcm  figurarum 
fimilium  incidcntcs  funt  lincxhomologxduarum  plana- 
xumfmiilium  figuraruuijnempcjH     Szjxqualitcr  ad  fi- 

G  guras 
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guras  adincentcs3&  ad  candcm  partcm  inclinatarum,  qua- 
rum  regula?  funt  communes  fcdtiones  oppofitorum  tagcii- 
tium  planorum,  nccuon  planorum  earundem  figuraruWUi^ 
incidentiumj  nempe,  HU  32^  quod  lerua  • 

B.  S  E  C  T  I  O  IL 

NVnc  quin  figurse  iam  di£lx  adinccnces  homologis  li- 
neis  figuraribH  22^  plunficari  polTuntjqUcT  func 
in  eodem  phino,  vtiappnretin  figuris,S)  YjyS,  A,  qua?cuni 
fmt  in  eodcm  plano^  funt  tamc  duse  figurj?>  idco  vt  ex  dua- 
bus  fiat  vna  tantum^  ndhuc  omnium  hnearum  hnrum  adia- 
centium  figuraruin  aham  translationcm  reguhs  5  HL3  23» 
faciemus  s  ducantur  ergo  per  y^{:\s  5  LG,  385  duoplnniu^r  y 
quorum&oppofitorum  planorum  tagcntiumcommunes 
fc^aionesfint  lpfa?5  3  li'^  ifjLQjGTjCumipfiSj  32,8  2> 
LHjG^^angulosaequales  continentes agnnturduc^ 
cx  oppofito  tangentcs  figuras  y  OZX5  ^TA  5  pnrallela:  ipfis^ 
0X5  ^^Ay  quaefiut  ipfa^^ZF:,  ryyproductcrcumrchquis  tnn- 
gent ibus  oppofitis,  OX>  ^I^A,  donec  occuirant  planis  ^  LT» 
3  vt  in  pundisj  Ey  4, 7,  iundis  rcdis  lineis  ^  EF  y  47. 
^^.  VEde.  Qyi^  ergo ,  DE ,  a?quidiftnt  ipfi,  00  G,  EF,  ipfr,  GT,  an- 
gulus,  DEF5  cequntur  angulo  y  of  GT^  &  eadcm  rntii>n^_ji 
anguhisj  6475  probabitursequnlis  iplT,  28  M  ,  viideyqtiia> 
^  GT>cTquntur  ipfi  >  28  «f^  angulus,  FED,  crit  a^qualis  an- 
gulo,  j^6y  &  cum fit  5  vt  5  0X5  ad,  ^A,  vel  vt  y  OEy  nd,  4^4^ 
Coral  X.  ^^"^^^^  ^ ^^^^^^  ^^^^^ incidentes  fimilium  plaiintum  fi- 
lu  ■'^^*  g^^^^^^J^^^^^^^^Ho^.S^.velvt.XE^nd.A^.itn.HF.ad.^^/mt 
autenij  XE  ^  A4 ,  comprehcnfe  inter  cafdcm  extremitntes 
reaarum  5  EF,  47y&  pcrimctrumfigurarum  5  OZIX  5  ^TA^ 
enfdcm  tangentcs,crgo,EF,  47,  erunt  incidcntcs  fimiliuni 
figurarumoOZX.^^FA^&oppofitarum  tiingentium>OE> 
IFi  4^4,  r^.  SiiUiliter  fificproducantur  oppofirx  tnngen^ 
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tcs  figararum,S,  Y,  /3a,  qiMru  diKxincidant  ipfis,  LG,  38, 
vt  in,  K>  '3  rcliqiix  vcro  i:i  piinctis,  «ji  M,  planis,  LT>  3 
occurrantjiunctis^K      10  ij, oftcnJcmus  paritcr  ipfas, 
K  M-,     »J->  cflc  incidcntes  limiliiim  hgurarum,  Y,  A>  vel  fi-  j^.  i.  |j 
miluim^S,  /3,    oppolitarum  tangentium  cxtrcmaru  5  qux 
adpunc^ajKi45&:5  *3  ■J^tcrmiuancur .  Siigitur  transfc-    yide  $4 
ramus  omncs  lincas  cum  tigurarum,  S,  Yj  tum,  /3,  A5  rcgu-        A.  ^ 
lis  cifdcmtangcntibus,  vcllcmpcrrcgulis  ipfis  5OE ,  ^>4,  hii?tti/^* 
prius  compofitis  illis,  qux  fibi  in  dirccttim  erunt>  tum  in  fi- 
guris  5  S,  ^l',  tum  >  /3a  ,  vt  cx  illis  fiat  vnica  compofita  rcda 
Imc.i,  prxdictis  in  dircc"tum  pofita  in  figura  adiaccntCjqua- 
lisfitji?  <^,xqu.ilis  .f.  compofitjB  cx  hisjquibus  adiaccnt 
fii^Turwr,       Sc^MK,  xqualis  compofit.r  cx  his,quibus  adi.i- 
cent  b^jurx,Sj  Y^  tadcm  habcbimiis  figuras  adiaccntcs  ip- 
fis  incidcntibns  .f.  MK  «J,  9  «f  13  in  quibus  plurcs  figurx, 
S>  Y>in  vnam,NlK      ^c,     Ajiii  vnnm,^     M,collcctx  c- 
runt.  Si  igitur  hoc  h.u  v\  cxtcris  figiiris,  qux  in  foiidis,  HZ 
00,  ^iri-i  ipfis  tangentibus  planis  xquidiftant ,  tandcm  ha- 
bcbimas  duo  folidi,  qux  fint,  LDl-G,  3 ^87,  xqualia  duo- 
bus  folidis,HZ<>o,  2^2,  fcu  duobus,  AP^VSc^LDGF,  ncm- 
pc  ipfi,  Al\     3  6^7,  ipfi5V&.';  u^un  omnia  corum  plan.L^-5  j.hulia. 
rcgulis  oppofitis  tanL^cntibus  planis ,  funt  intcr  fc  xqualia 
cx  conflruclionc .  Scd  8c  hxc  folida  ,  LDGF  53687,  dico 
cffe  intcr  fc  fimilia:  Cum  .n.  prcfnis  oppofitis  tangcntibus 
planis  'qiix  funt  ctiam  oppofita  tagcntia  plana  folidoriim, 
LDGF,  5687,  incidant  quoquc  duoplanajLT,  3,  «J,  ad 
cundcm  angulum  cx  cadcm  partc  funt  .n.  prima  plan  i^,,  16. 1. 1; 
HG5  23,  oppofitis  nngcntibus  planis  xquc,  &:  ad  candcm 
partcm,inclimta,  3c  nng.ili,TG  «f,  »J  S2  ,xqualcs  mccr 
fc,  nccnon  angu'i ,  LG  ©o,  3S viuic  ctKUU  fccundj  pLuu 
^idcadcmtangcntii  pl.itu  funt  ad cundcm  angulum  cxca-  ^e.lu 
<icm  partc  incUuaca  .  Sint  vcro  figurx  cx  planis  oppofitis 
tanc^cntibus  parallcUs^  altitudincfquc  ipforumfolidorum, 
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EDGF,  3  6%i,  fimiliter  ad'  caivdcm  partem  diuidenolMis, 
conceptas  (vt  probatum  cft)  intcr  fe  t^ilcs  „vt ipfa:  ,.DEF  ' 
^47,nccnon ,  MK  m,^     m,  &  carundcm  linca- 

rum  homologarum  rcgula:  duabus  quibufdam ,  nempc  ip. 
fis,  OE,  f  4,  aequidiftantcs,  &  caru  incidcntcs  ipfr,EF,  -7, 
nccnon„K  u,  m,  qu^:  omnes  incidcntes  iacent  in  plnno. 
fimil.um  figurarum,LFG,  378,  &funt  carum  homolocav 
:equidiftantcs  ipfis,LQ,3  LS commumbus  fcaion.bus i^la! 
norum  mcidcntnun  figurarum,  UX,,37S,&  opp,:.fitorum> 
tangentuim,^quarum  qmdcm  iig^Lirarumplana  funt  ad  pla-. 
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na  tangcnu.1 ,  vt  diaum  cft,  a-quc  ad  canacm  y.u  tcm  incVv- 
nata,  &:cum  ipU,  mquam,fioma,LrG,  37«,  lir.t  Tm  cs 
mtcr  lc,  nam  cx.g.  cft,  Er,  ad,  47,  vt,  UE,  ad,  D^,  idcft  ^  t,  *  ''cf.o. 
,  ad ,  3S  ,  qux  djuiduut  Imiiijter  ad  candcm  partcm  ip-  ' 
,  V^»  Uiuod  ctiam  dc  ca tcris  probabitur;  Ci:  cum  an- 
siuli,Lor,  38  ij,lintctum  a-qualcs  fupcrius  didis  conlc-  i6.lu 
Sucntcr,  &  J,s,qua'Ld>-i .  Pcop.  2d.  (.llci.f;,  lunt,  idco,  lu- 
Suam,C^,plahgura',Li-G,378,&ipiafoUda,LDGF,36  Bcfin 
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^Cj^  V  .^-"-'^  >  Li-^^-^Li  Oji^  .ihtuiigcnnbuspa-  ^^»'^"' 

rallchs  pl.n.j,s  m  riginas, LDE, EM  , .MGK , LtF, 
IvG  L4,ciysconditJc>n»s  dniidantur,  vt  cuiuru,  paril-  P°n  "op- 
lclx  jph,  Lg,  .n  c.ldcn.  duaa-  portio  in  vnaquaqi  djdbrum     1,«  L 
hgurarum  inicg;  .1  l.t,  liuc  cnim  ficri  potcft .  Similitcr  au-  depcdi.e. 
tcm  fccb,  58,  jn  puncUi,  4,  ,0^ ,  t,  LG,  .n,  E^  K ,  pcr  caquc 
tradudjsplaius  oppol.tis  tant:cnt.bus  paraUciis ,  ac  iliu.- 
dent.bus  figuras ,  368 ,  378 ,  in  hgiuas ,  3<;4 ,  6  1«,  9  10  3, 
?      4      n  to  3,t:icjl^  cx  lin.jlitudinc  c.\.  g.  ip(a7u,LljE, 
.  .  4,  olicndcmus  cti.un  p.iraliclarum  ipfi,  58,  in,  ^d^,  m- 
tcrccptas  portioncs  intcg, as  cUc ,    fic  in  catcjs  ad  nuu- 
ccm  hnuljbus  figuns.  Ponamus  dcindcfcoriim  duo  folida, 
LDEF,  3^47,q..a- cu,LE,  34,partibus  pioportional.bi  s, 
LG,  38,  ablcmduiuiir, circa  qua:dnplex  calus  dari  potcft,, 
pcioreft^cunj  cxtcnfis planis  folidj  hcantibus,  iplilque,. 
347,  LEF»parallclis,concept3ei.i  foiidis  figurxluiirhujuf- 
m(;ds  cx.  g.  rn^,Qv.\l,  vt  par>llclarum  cifdcm ,  34,  LE, 
m  ipl.s  figucis.ducibiliunico!iccpt.i'  ptn  tioncs  intcgra-  lia- 
beantur,  tic  fic  oftaidctur (vt  (it  in  fcquct.bus  J^cajonibus) 
hxc  iblida  eftc  jji  tripls  cati.  ,iic  iprarum,LEr  34.  Poftcrior 
«afus  critj^aiin  diiix  hand  jutcj^ijc  frcnnt,  a<  umc  opus  c- 

an. 
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i-^^Tui^*  ^'^^^^*'^^^^*^  translationem  adhibere,  nempeomncs  diclns 
plo^l^aa.  paL'allelariim  portionestransferre  infigiiras  adiacetesre- 
dis lineis  iam  dictis  parallelis  planis  in  bafibnsjt^^y?  DEF, 
hniuf.  defignatis,  regulisj  LE,  34,  fient  .n.  duofolida  cms  condi- 
tionis  5  qiiam  fert  prior  cafus ,  &  praE^fnis  aequalia  ^  cum  ijs 
commiines  habcaccs  figuras  planas  ipfis  345^5  contermi- 
nantes,  immo  Sc  inter  (c  fimilia ,  cum,  LDF,  3  ^47?  fint  in- 
ter  fe  fimilia,  vt  facile  oftendi  poteft.  Sint  nunc  diix  figur^ 
plan;^  quxcumquc  jQ^M,  nr^^in  folidis  ,  3457,  LDEF, 
conceptae,  ipfifque,  347,  LEFjparalleL-e/imiliter  fecantes, 
645  DE5  in ,  n &  alix dux ,  RSP ,  BVG ,  parallelc^  5  <?473 
DEF5  ac  fimiliterfecantes,  j^^LEjin^SjV,  occurrctcfquc, 
QYM5  rn^,  in,  RsA,  A A,  erunt  autem     RS,  BV5  fimilitcr 
(cdide  iriy     li,  vnde  cum,  RSP,  GVB,  fint  fimilcs,  erit,  A A, 
A  Dcf.io.  ad,  Ap^,  vr,  RS5  ad,  BV,  .i.  vt,  rn,  ad         ex  quo ,  ac  reli- 
quis  codirionibus  fimilium  planarum  figiirarum  ficilc  dc- 
ducibilibusjcocludemus,  rn^^^QYM,  elfe  fimilcsj&con- 
fequenter  etiam  fimiles  illas ,  in  quas  fit  omnium  ipfarum 
linearumdicla  translatio5&ficinca:teris5  vnde  nondiili- 
culter  oftendcmiis  folida  pofthanc  tcrtiam  translationcm 
confurgentia,  fccla  parallclis,  6^7^,  DEF,  planis  5  concipe- 
re  fimilcs  figuras  planas  5  eas  ncmpe  ^  qua!  fimiliter  fecant, 
345  LE5  feu  akitudincs  ,  &c.  ficut  ex  fimilitudinc  figurarfi, 
RSP5  BVG,  dedaximus,  m^,  QYM,  cflc  fimilcs .  His  au- 
tem  pri^-oftcnfis  'qure  ad  prolixitatcm  cuirandam  Leaoris 
induftri^jcum  vcra  fint  ^cnucleanda  rclinquuntur)  rcs  ad 
ftatum  prioris  cafiis  deduda  erit  5  oftendctur  .n.  vt  in  fe- 
quentibuSjfoHda,  3(5475LDEF5poft  translationem  cffe- 
€t:h  ciXc  in  tripla  rationc  infarum,  34.5  LE  5  cx  quo  colligc- 
mus  folida  5  3^47  5  LDEF,  antc  translationcm  cxiftcntia, 
hviiif.   qua?  funt  illis  cqualiajpariter  elfc  in  tripla  rationc  ipfirum, 
3  45  LE5  cnm  crgo  poftcrior  cafus  nd  priorem  rcducatur, 
priorcm  cxpedirc  fufficicc. 

D.SE- 
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C  I:u  igitur  ulia  lolid..  ipfa ,  3^47, LDEF,  qualh  fcrt 
prior  calui,  cxilk.uibus  .uitcm  uvrqu.nlibus  ipfiSjLE, 
34>  cx  niaiori  .^>l.uu.n, .  t  cs,  LE ,  abland.uur  xqualis  mi, 
nori  X  Oh,  ^ 
f  qualjs  ipli, 
34,hoc  f.i- 
tt^  iatclU- 
?.imiu  fr.i- 
gulas,  qu.ie 
tuni  in  li^u- 
ra,  LDE,  tu 
in  Hgura  , 
LFE ,  ipfi, 

LE,a:quidirt.mt,&;  fur.t  cxi.im  di^is  totx  intcrius  iiitc- 
grx  luniliter,  &:  ad  candcni  p.irtcmdund: ,  ac  fccarur,  LE, 
in>0,&perdiais  lccb.ncstMcafis  lincas,OD,OF,  vltc- 
nus  mtclUgantur  fugul*  ui  ligura,  Q>t  M ,  parallclx  ipfi, 
Ql ,  limiliter,  &  ad  candeni  p.n  tem  diuidi,  ac  lccatur,QY, 
in,T, &  pcr  ipl.!s  (cctiones  concipi.uur  cxtenla  linen,TIM, 
Cc  autcm  fi.u  11  cxtcrisrtgnns  ,quxin  folido,  LnFF,  ipH, 

LEI-,iquidUbnt,  mucntis  lir.e  s,qua!is  ca  iplj,'I  IM,  qua- 
tu  terniini  cruiu  in  lineis ,  Dl  0,D.\IF,  pcr  eafdcm  autetn 
Imcasdcfehabcntcsintcllignmus  cxtcnf.un  fupcrficicm, 
cuius  tcrmmi  cnint  Injcx,  l)0,OF,  FD,  vt  hnbc;nn,.s  foii- 

dum,OpEF,figuris,ODE,OEF,l)EF,&fupcrficic,DOF, 
comprcbcnfum.  Qu.niam  ergo  Iincn,  OF,  diuidit  onuics 
ipti,  LE,m  hgutn,LHF,xquidillantcs  fimiliteradcandcnT 
partcm  ,ac  duuditur ,  LF,  in,.0,  .dco,  vt  vna  ad  vnam ,  fic 
omncs  ad  omncs  .i.  vt,  LE,  ad,EO,fic  omnes  lincx  figurx,  Coroll  ^ 
LEl  ,enmtadoinneslincas fieiitx,OEF, rcguIn,LF,.i.vt, 
LE,  3d,E0,ua  figurn.La-xad  %urcm,.0El -.codcm  mo-  4.  hui„» 
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do  oftendemiis,  vt,  QY,  ad,  YT,  fic  e/fe  figurnm,  QYM,  ad 
figuram,TYM,eftautem  vt,QY,acl,  YT,1ta,LE,ad,E0, 
ergo  figura ,  LEF,  ad ,  OEF,  erit  vt,  QYM,  ad,  TYM ,  &  iic 
erit  qua:libct  aUa  figura  in  folido ,  LEi5F,  ipli ,  LEF,  a?qui- 
4.  huJw.   diftans ,  ad  eius  portionem  in  folido ,  OEDF ,  mancntem, 
crgo  vt  vna  ad  vnam,  fic  omncs  ad  omnes.i.vt  fignr3,LEF, 
.      ad  figuram,  OEF,fic  omnia  plana  folidi,  LEDF,  ad  omnia  ' 
plana  folidi,  OEDF,  regula  plano,  LEF,  &  ita  folidum,  LE 
DF,ad  foIidum,OEDF,  eft  a  utem  figura,  LEF,  ad  fi  euram, 
OEF,  vt,  LE,  ad,  EO,  vel  ad ,  34,  crgo  folidum,  LEDF,  ad 
fohdum,  OEDF,  erit  vt,  LE,  ad,  34,  quod  paritcr  fcrua. 

E.  S  E  C  T  I  O  V. 

DVcaturnunc  inrrn  folidum ,  OEDF ,  quodcunq;  ph- 
num  ipfi ,  DEF ,  a;quidiftans ,  quod  in  eo  producat 
figuram,  CNX,  qnx  fecet  figuram,  ODE,  in  rc<aa,  CN,  Ik, 
OFE,  in  rcdla,  NX,  &  fupcrficiem,  ODF,in  linca,CX,fecet 
autem  &  Iineas ,  DO,  in,  C,  OE,  in,  N,  Sc ,  OF,  in,  X,  fnm- 
Ixter  in  f.)Iido ,  3  547 ,  fit  eadcm  figura ,  RSP,  qox  ab  ipfi, 
34,abfcindat,  35,jequaIemipfi,ON,  vltcrius  perpunaa, 
C,  X,  ducancur,  BH,  GXl,  paraMx ipfi ,  LE ,  &  occurren- 
tes  lincis,  DL,  LU,  in,  B,  G5  &  redis,  DE,  EF,  in,  H,ri,de~ 
mde  a  pundto ,  B ,  defcruiat  nobis ,  vt  duda ,  BV,  panllela 
»«T.*c.  ipfi,  DE,  fiue,  CN,  nccnon  iunda,  VG,  quia  crao ;  Nx,  eft 
paraIelaipfi,F.l,&,Xa,ipfi,NE,eri^Xn,.^q,:ali;i^^^^^ 
AS"^"^' '  ^^'  '^^'  ^-^'  '  HC,  idcft  vt ,  VE 

a'- n  ' '^'T'' ' 9^ ' ' ' ' , ad , EO , oui.i_^ 
eft  ilh  parallela , & fccatur  a linca  ,OF,  m  ,  X ,  cv^o  '  G« 
ad,  nx  crit  vt ,  VE , ad ,  EN ,  fimt  autem,  ax,  EN  'uner 
fc^cjuales.ergo  &' ,Gr2,VE,erunt  a:quaies,&fuut  pa- 
ralleLr  ergo  ejam  eas  iungentes,VG,  Efl,  erunt  xquales, 
^  parallclx .  Sumatur  nunc intra  hneam ,  CX ,  vtcunquc 

pun- 
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pu'.ic>um,l,pcr 
quod  ipfijLE, 
parallela  duca- 
tur,  AK,  qux  fu- 
pcrttcici,LDF, 
|>ccurratia,A,8c 
plano,  DEF,ia, 
K,  quia  crgo,  A 

K,iquidilbtip-  '       >v  K*^;^  F»t{.i,. 

fi,  LE,  poterit   t'M»r 

pe  ,  AK,pI.i  uim 
duci.TrqniJifta;u  plnno,LF.F,fit  iua^m  idem,quoJ  pHiK, 
quod  adh-.ic  lccct  hgura,  LDE,..i  re^a,QV,  DEF,  iu  rcda, 
YM,  Inpcrficicm,  LDF,  in  liiiea,QM,rupc.  ficicm,  ODF,  in 
hnea,  TM,  &  figuram,  CMX,  in  rccb,  ZI,  fecct  autcm,QY, 
ipfam,  BV,  in  pjnct;,,  li,  &  ifigjtur,  AR,  crit  cr^  ),ZI,i^, 
Yh:,arquidiftans,cft3Utcmcti.im,  AfC,  .rquid.aas  ip(i,QY, 
crgo,  YI,  crit  p., . a llclogramm um ,  &  idc6, 1 K,  crit  xo u .1 1 1$ 
ipli,  ZY,  Sc  qui.,,  AK,  ad,  KI,c(l  vt,QY,  ad,  YT,  .i.  vt',  BH,  H,<f.f^m 
ad,  HC,  .1.  vr,  RjY,  ad,  YZ,  crit,  AK,  ac',  KI,  vt,9jV,ad, YZ. 
funt  vcro,  K,  ZY,  a?quales ,  crgo  &  ,  AK,  R-Y,  crunt  .rqua- 
lcs^  Junt  parallclr,qui.iambofunt  parallcl.r  cidcm,LE, 
ergo  casiungcntc$,quxfunt,  HtA,  'i  K,crunt  xqiia!c.s,& 
parallela: ,  cft  autcm ,  YK ,  parallcla  ipll,  Fft,  &,  En,  ipX 
VG,ergo,  9t.A,critparallcla  ipfi,\'G.  .Similitcr  autcm  p:  o- 
ccdcmiis  m  rcliquis,  qux  pcr  punda  liiicx,CX,ipll,LR,(iu- 
cuiuur  afquicliftantcs^doiicc  occurrant  fupcrficici , LDF, 
&  planojDEFjharum  autcm  pntct  nihil  cxtra  fupcrficicm, 
LDF^maticrc^cx  iam  clidis,n'U  crgo  omnium  carnm  tcr- 
mini  cx  vna  partc  in  lincn,  BAG,cx  alia  in  linca,HKn,vc- 
luti  crgo  oftcnfum  cft,  Alii^cifc  parallclam  ipfi,GV,fic  oftc- 
dcmus  reliquas,  qua?  iungunt  pundn^quibus  iam  dudtxoc- 
currunt  lincx,  BG,cum  pundis,  in  quibus  plana  pcrd.ftas 
lincas  diicb,  ipfi,  LEF,  xquidiftantia,  fccant  ipfam,BV,  ef- 

H  fcipfi. 
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fc  ipfijVGj  parallelas  crgo  omnes  eruiit  i:i  eodcin  pfano,ni 
co  .f.  quod  tranfit  per,  BV5  VG^.  omnes  .11.  ditte  paralleict 
tranfcunt  pcr  pundk  rcdx  \'mcx  5  BV,  funt  igitur  di6tn  QC^ 
curfuuni  punda  >  &  in  fupcrficic^  LDF>  &c  iii  plano  ^  BVG^ 
crunt  ergo  m  eorullicommunifccHoiic  ,  liuca  ei^goj  BAG/J 
cft  communis  fqd:iq  planiper  >  BV)  VG,  tranfeimtis  fu-c^ 
pcrficiei  >  LDF,  hitbemus  ergo  folidum ,  Ba^iii  cuius  am-fy 
bicnte  fiiperficic  funt  dux  figiirx  ^btnx  iniirccm  parallela'/: 
BVG,  HEn,  in  quarum  circuitu  fumptis  vtciiuque  duobus. 
pundis,  V>E,  &  iundta^  VE,  csetcra:  iungctes qnxlibet  alia> 
duo  punaa  carundcm  circuitus  cidcm  fcmpcr,  VE-j^paral-' 
15cfim.rr  1^^^  repcrtc^  fiint  acqTiiales  Vcrgo,  BA,  enfc-cylindi  icus'>  cu- 
foriilJr       m''^^-^  bafcs  ipfa:>  BVG,  HEOy  lioc^ut c";foc:iC4?r  pla- 
no  eifdejn  oppoficis'bajlbus.iequidiftante*,<^oncmpe,.qu6d 
CoroL ir,  producit  figuram,CNXoCi.^go>GNX>erit ^qualis  ipfi,BVGi 
quod  cum  a !ijs  adliiic  fcriui_^  .  - 


q: 


E.  S  E  C  T  I  O  VI. 

Via  vero, LE,  ad, EO, eft  vr,,EH, ad,  HC, .('.  v t,  \ 
ad,EN,permutando,&  diuidendo,  LV,  ad,VF,erit 
vr,  ON, ad, NE,  .1.  vt,  3  5,  ad>  5  4,  crgo  ,  LE,  3  4, 
liint  limiliter  ad  cr.dem  partcm  dutira:  a  flguris,  BVG,RSP 
1»  Jiffin.  ergo  funt  ipfx  fiaurap  inter  fc  Imiilcs^qup.!  nm  latera  homo- 
««il.u«   loga  ipfr,.VG,  SP^  Hnex  liomologi'  figurarum  f  m ilii;m,  L 
FE,  3  7  4,  quarnm  incidentes  funt  ip/lv:,  LF,  3  4  ,vnde  eft, 
EF,  ad,  4  7,  vt,  LE,  ad,  3     .{.  vf,  VG,  ad,  SP,  funt  vero  fil 
gurarjDEF,  d  4  7,quia  fimiles,in  dupln  rationeipfnru,EF, 
1»  antec.   4  7,  &  ipfar,  BVG,  RSP,  in  dupla  rationc  ipfi rum  ,  VG,  SP, 
ergo  vt  figura,DEF,ad  figuram,  ^47,  ifa  erit  figura^BVc! 
vel,  CNX,  eidem  cequalrs  ad  figuram,RSP.  Quoniam  vera 
lolid.i,LEpF,  3  (?  4  7,  funt  fimi!ia,vt  ficile  oftcndi  pcteft, 
&  eorum  figur.-eincidcntes,  &  oppofitorrm  planorum  tan- 
gentium  vquorum  cx  vna  parte  duo  funt  ipfa  ,647,  DEF,). 

funt 
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funt  figur«,LE 
f>3  4  7vl^iarum 

ll\cx  llcljcil- 

tcs,LR,3  4^idca 

f  4  7^TqmdilH- 
ti^i^qii^e  fimilitcr 
ad  ca  idcm  pnr- 
tem  diuidiiat  iii- 
cidcces,  LE,  3  4, 
diuidimt  ctiam 

akitiidincsdicliriimfolidoriimrcfpcvau  diaorum  taacn- 
tiumfumptasfimilitcr  ad  candcm  pnrtcm  vhocdico  quo- 
tiefcunquc,  non  contingat ,  LE,  34 ,  dfc  pcrpcndicularcs 
ipfis,  DEF,  6  4  7>  tuiic  cnim  fiunt  cxdcm  incidcntes  alti- 
tudticb  didorum  lolidorum  )  cum  igitur ,  vi ,  LE ,  ad,  3  4^ 
.i.  ad ,  EO,  ita  fit  altitudo  folidi ,  LEDF ,  tum  nd  nbfciil^im 
altitudincm  pcr  planum  tangcns  in ,  O, ipfi , DEF,  .vquidi- 
ftans  .i.  ad  altitudincm  folidi,  OEDF>  tum  ad  altit  udincm 
folidi,  3  4  ^  7>idc6  folida  >  O  E  D  F,  3  4  7,  crunt  m  ca dcm  - 
altitudinc  fumpta  icfpcaa  bafium ,  DEF>  ^  4  7,  &:  plan.u^ 
ipfis  bafibus  .Tquidiftantla  partcs  xqualcs  ab  »pfis,  OE,  '3  4^ 
abfcindentia,etiam  ab  eorum  altitudmibusabfcindct  par- 
tcsa?quilcs,oftcndnniis  autcm  figuras^qux  abipfis,OE> 
3  4>  abfcmdunt  pnrccs  xqualcs ,  clfc  proportionalcs ,  crgo 
infolidis,OEDF,  346  7,  in  cadcm  altitudinccxiftcncibus 
fumpta  refpcau  bafium,  DEF,  6  4  7,figurap,qu.r  ab  cifdcm 
^'titudinibus  vtcunq;  abfcindunt  partcs  ^qualcs,fiuH  fcm- 
per ,  vt  ipfrbafcs  ,ergo  vt  vna  ad  vnam,  fic  omncs  adom- 
ncs,  &  fic  foHda  ad  folida  .f.  vc  bafis,  DEF,  ad  bafim,  ^47,  4.buigs. 
ita  crii  folidum,  OEDF,  ad  folidum,  3  4  6  7,  cft  auc ,  DEF, 
ad,    4  7  5  in  rationc  dupla  cius^  quam  habct ,  EF^  3^,47,  Ei fotea' 
,i.  inratione  compofita  cx  duabus  rationibus  ipfius  ,  EF, 
ad,  4  7>  vcl  ipfiusj  LE5  ad,  3  4,  crgo  folidum,ODEr,ad  fo-  mfi  i.n 

H    2  lulum, 
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lidum,  5  y^habebit  ratioiicm  compofitam  ex  cJuabuJ 
rationibus  ipfiusj  LE,  ad,  3  4,  quod  etiam  fcrua. 

G.    S  E  C  T  I  O  VII. 

SI  igitur  inter  folida,  LEDF,  3  4  ^  75  niedium  fumamus 
  folidum,  OEDF^  habebit  folidum^LEDF,  ad  folidum, 

3  4  ^  75  roncm  copofitam  ex  rationc  folidi^LEDFjad  foli- 
dujOEDF^  .if.cx  ratio^eipfuis^LE^idj  j  ^^&ex  rationefo- 
Udi^OEDF,  ad  folidfum,  3  4  ^  75  .i.compoiitam  ex  duabus 
^  rationibus  ipfuis,  LE,  ad,  3  4,igitur  foHdcimjLEDFj  ad  fo- 
lidum,  3  4  (5  jjh.ibebit  rationcm  compofitam  ex  tnbus  ra- 
tioaibus-ipruis,.LE5ad,  3  ^^.i.triplam  rationcm  habebit 
^Ekm^  euis,  quam  habct,  LE,  ad,  3  4,  quia  vcro,  LE,  3  4/unt  ho- 
mologa?  partcs'mtegrarum  incidcntium,  LG,  3  S^qua:  funt 
in  prima  huius  Propof  figura  >  idco  his  frullis  ibidcm  con- 
fpedis  iam  oftenfum  erit  fruftUjLEDF^ad  frullum,  3  4  6  75 
tiiplam  rationem  habere  eius  y  quam  babct  5  LE ,  ad ,  3  4,. 
.1.  LG^ad,  3.8. 


H.  SECTIO  Vin.  ET  VLT, 
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Odcm  modn  fumptis  alijs  diiobus  frufiis,  D.  '4,  6  >J,  o- 
I  ftendcmiis  eadem  babcretriplam  rationcm"~diiariim> 
LG,  3  8,&  fimiliter  reliqua  frufta  pariter  triplam  rationem 
iic^""'  ^^t''^  duarum,  LG,  3  8,  &  vt  vnum  ad  vnum^ilc  omnia^, 
ad  ola.i.vt  fruftum,  LEDF,ad  fruftum,^  4  6  7,.ita  eife  om- 
nia  fruftjfolidi,LG,  ad  omnia  frufta  folidi,  3  8 ,  fed  fruft&v 
LEDF,  adfruftum,3  4'  ^  7>triplam  rationem  habcre  often- 
fum  eft  eius,  cjuam  habcr,  LG,  ad,  3  8,  ergo  folidum ,  LG, 
ad  fohdum,  3  8  ,  triplam  rationcm  habcbitcius ,  quam  ha- 
B.  Wui  bct,LG,  ad,  3  8,cftautcmfolidri,  LG,sequaIcfolido,AP 
W-Pof.    &,  3  8,  ipfi,  V&,  ergo  folidum,  AP,  ad,  V&-,  triplara  ratid 
ncm  habcbit  eius,  quam,  LG,  ad,  3  8,  quia  vcro ,  LG,  3  8,- 
funt mcidentes  fimilium  planarum  figurarum,  H »«,  22, 5c 

opgo- 


L  I  C  E  R  II. 
oppofitariim  tangcntium,  HL,  oo  G,  2  ^  :  8,  .cka,vt,  LG, 
ad,  3  8,  ita  cjuiu  Imcx  homologx  rigui ai fi,  H  oo,  ^j,  frm- 
pt:e  rcgulas,  HL,  23  ,  cx.  g.  ita,  OX,  nd,  <I. A ,  xttx  vci 6  funt  E.  d  ffi.. 
incidenccs  limiluim  figurarum ,  BC ,  nn ,  &  oppolitarun 
tangcntium,  BO,  CX,  n*,  ftA,  .dco ,  vt  ipf^,  OX,  *A,  ita  * 
crunt  quxhbct  homologx  figurarum,  BC,  0  li,fumptx  rc-  ^T' 
gi.Us.phs,  CX,  HA, at  fohdt.m,  AP„d,V&,tr.pl.umat,o-  i:/' 
nem  habct  c.us,  qunm,  LG,  a J,  3  8,crgo  cti.im  triplam  in- 
tionem  habcbit  cius ,  qunm ,  OX,  .id,  <»a,  Sc  confcqucutcr 
ctiamtnplam  rationcm  cius,  qunm  h.ibcbit  qua.libct  111  H- 
gura,  BC,  ipli,  CX,xquidiftans  ad  iibi  homoKu;ji  m  fipura, 
nn,  ipfi,  n  A,  .rquidiftantcm,  vcl  quilibct  in  quacunq;  fi- 
giira  um  ipli,  BC,in  folido,  AP,  .rquidinatium,  ad  fibiho- 
mulo-am  m  lolido,  V& .  Igitur  fimilia  f  .!ida  fiint  m  tripfa 
rationc  lincarum,  vcl  latcriim  homologoriim  ,  qux  funt  m 
corudcm  horaologis  figuris ,  quod  nobis  oftcndcndii  crai. 

C  O  R  O  L  L  A  R  I  V  Nt    I . 

ET  qstU  iSh[tdfimth4  [didt  o/ttnfi  fknt  tft  in  tripU  r*tt(nt 
hn'4fum  himohgirnm^m  funt  tn  htmofcgis  fignfit ,^qui' 
d*^4»tthtisopp  /ttitf/Unis  tahgentihui  vtcunj;  fumptts.tdiecld. 
titmel  tddtm  fimtlid  foUda  cfe  tn  trtpL  rdtttne  ijudrumms  ho'. 
fntlogotmmiffts  folidti  defcnftthhum ,  (jr  duas  (judfuts  hcmei 
kgas  fmmptds  iuxta  qmddam  opptfitd  tigtntta pUna,  efst  vt  duat 
iimafuts  homolegas  fumptai  i/ixta  alia  oppcftta  tangtntia pUna, 

C  O  R  O  L  L  A  R  I  V  M  11. 

VNiutrsc  tufuptr  hahttur,  ft  fmrint  ijuatutrrtnaltntditm 
tnttpt  proporticnalts,  vt  prima  ai  quarti.  ila  tftfolidum 
dtfcriptum  iprtma  ad  ftlidum  tUi  fimdt  dt  /atpiu  i  ftcunda,  tfr 
hitus  ctnutrfumi  dummoSodejctihtntet  ^tatttnta,vtiUttrA  ho- 
mi)'vg4fifnthum  fgurarum,  qus  in  tpfts  hmihg<t  vocantur 


'^i  GEOMETRI.€ 

rHEOREMA  XVlir.  PROPOS.  XVIII, 


SI  quatuorrcdtjelinef  proportionales  fuerinr, 
folidum  dtfcriptum  a  prima  ad  rolidum  fibi 
fimile  defcriprum  a  fccunda,erit,vt  foiiduni 
dcfcripcum  a  tertia  ad  fibi  fim  le  defcriprum  d 
quarta.  Er  fi  fuerint  quatuor  folida  proportiona- 
lia,quorum  quj  funt  eiufdem  proportionis  termi- 
ni  fint  fi  nilia  ,eadem  dcfcribentia  erunt  propor- 
tionaliaj  dummodo  ramen  fcmper  dcfcribenria_. 
fjnt  vel  linc^jvel  latera  homologa  figurarum,qux 
in  ipfis  homologic  vocaniur. 

Sint  ergo  qiiatuor  reilje  line:K  proportionales,  AB,  CD, 

FG,  HM,  &  flnt  ab  ipfis,  AB,  CD,  dcfcripta  limilia  folida, 

AXB,CVD,&ab,FG,H 

M,  fimilia  folicla,OFPG,  N 

HQVf,  ita  vt  diis,  AJ3,CD, 

fint  homologx  fignranicr), 

AEBY,DKC!fe,&,FG,HM, 
homolog-e  figiiraru ,  FGP, 
HMO,  qwajfigiirse  vocatur 
jn  ipfis  folidis  homolog.-e.  ^ 
Dico  hxc  folida  clfe  pro-  p  *^ 

portionaliaj  fit  duarum,  AR,  CD,  tertia  proportionalis,R, 
quarra,  S,  &  duarum,  FG,  HM  ,.tertia,  I,  qulrta,  T,  cft  iai- 
tur fohduiT,,  AXB, ad, CVD,  vt,  AB,  ad,  S,  .i.vt, FG,nd,T, 

i-OoF,  ad,HNM(T>quod  eft  propolitum. 

Sit  nunc  folidum,  AXP,  ad  fibi  fimi'c,  CVD,  vt  FOGP 
ad  fibi  fimile,  HMMQ^  fint  eadem  dcfcnbcntcs,AB,CD:  , 
lmcf,vcllateia  homologa  figurarumhonioI()oarr,\EBy, 

CKD9t, 


LIBHK  II. 
a:nik,S:,  rG.HM,duo  poiucma  dcfcr.bcntcs  fmt  I.kX 

crtu  proporc,onahs,K,  q.,u.ca,.S,.^  du.uu.u,l.G:HM^cr 
A  vr^J  AT.?  ''"S .  '"'"^•^'  -^^'^'  '•"'^l'.' 

lu,  crgo  .V,  AB,  .id,  b,  cnt  vt,  1  G,  nd,  T,  e,  aM,AB,ad,L  D 
erit  vc,  FG,  ad,  HM> quud  .  .1' cndcnduni  c. .fc.  ^"'"'^'^'^^' 

THEOREMA  Ma.  i'ivOPOS.  XIX. 

SI  in  parallclogrammo  diameter  du(fJa  fuerir 
parallclogrammum  duplu  cft  cuiufujs  trian- 
gulorumpcripramdiamcnaconaituicrum. 
Sit  jiatallclosjramiiiuiu  vtcunque,AD,i..       ,h,fta  Jij. 
mcte*-,  FC,  iplum  diuidac  i.i  triangula ,  v^Ac'  c  •  ^ 

parallclograin.iium,.Al),dt,plumcirc  ' 
c       ;  arjigulonmijl  ACCDl  jab- 
'  uir  ab,  ri),  CA,\  crlus  puiuu, 

E,  C,  partes  iqualcs,  FE,CH,\  pcr  pf.- 
Ctj,  B,  E,  parallcla-  Jpfibafi,  CI),duca- 
tiif,  LH,  BM,  incidctcs  di.nr.ctro,  TC, 
i;i  puuais  ,H ,  M }  quomam  ergo  iiL-» 
triangalis,  EHE,  CBM,  anguli.s ,  HFE ,  .tquali.  cft  anM.Jo 
ill .  co..ltcmo,  BcMA,  HEF,  ipfi,FDC,qui  eft  xqnnlis'nf,: 
gnlo  lU,  opp(,fito,rAC,qu,  tidcm  .rquatur  angi.lo,  VfBO 
laccrtor  cxtcrior,,  idco  angulus,  rEH,.Tq„nr,.r;,r.a„!o,  M 
BC,  iunt  ,g,tur  ,n  trunguHs,  l  KH,  MBC,  d„o  angi.l,  duo- 

busa,i§ul,sasqua!cs,?iJatcraillis.»diaceutiafunf;vci„aI,j, 
ncmpe,  FE,  iph ,  hC ,  crgO  rcl.qua  iatcra  crunt  a-qual/L  /,    ,  . 
J.  Ht,  ipfi,BM,c,jdcm  modo  oftcndanus  dc  c.vt^^ri^  p^trhf.  tkm. 
Wlio  Jpfi,  CD»  cas  lieinpe,  ^^ux  vcifus  punda,  FtC,  abfcin- 


uunc 


X 


^4  GEOMETRIyf 
dunt  a  latcribus ,  FD^ CA ,  partes  ^qujles ,  effe  paritcr  iii- 
ter  fc  ^qualcs  >  vclutifuiit  extrein.T,  AF,  CD,  ajquales ,  er- 
go  omnes  line^tLia.igulijCAF^fquabutur  oinnibus  !ineis 
trianguIi^FDQfumptisinvtafq;  cmnibus  Jineis  rcgula, 
l.htMai.  ergo triangnlus ,  ACF,  erit a>qualis  triangulo,  I  DC, 

ergo  duo  trianguli ,  ACF,  FDC,  .f.  paralJelog  rammum  

ADy  ent  duplum  cuiufuis  trianguloruaijACFji  CDjquod 
ofteadere  opus  erat. 


COROLLARIVM  !• 


H 


lnep4tei,  qHuunq»  dep^ralltlogrdmmit  in  Prop.  y.  6.  7. 
&  8  hmus  Ltbri  ofteaf»  funt.  eadem  de  tnanguUs  vt  ve^ 
rectptpo^ejt  in  trtaKgults  {crtdtttones  tli  appofita  repertafat- 
rtnt.  nam  in  vn»quo<j\  expofttorum  triar.gulo>um  fumptis  duobtlS 
qHihufuis  lattrthus.  feri  poteftjuh  tUis  in  eodtm  a- gul,parallelt' 
gnrnmu-n.cuiuttriangttlMm  erit  dimHtum.  Trtangula  ergo, 
q:*t  in  eadem  funt  altitudine  interfe  funt.  %t  hfes :  tt  qua 
tadem  bafi  tnter  fe  funt .  vt  altttudtnes ,  vtli  t  Utiva  aqualttet 
baftbustncbnata:  Jtemhahent  rattonem  ccmpeftam  ex  rattont 

Mfm>(^alfttuJtnum.ftueiaterumaquaitterbafibusiaeltnato- 
rum.  cumfunt  aquiangnla  ,  l,tm  Trtangula.  quorum  hafes  alti. 
tudtntbus.vetUtertbu,  aqualtterbafthut  incltnatts.  rectprocdtur 
funt  aqualiai  &  qua  funt  aqualiabafes  hahent  altttudtnthus.  vtl 

,1«.      ieturftnttlta  Trtangula  eftt  in  dupla  raticnt  lattrum  homoioz». 
rttto,  qux  tmnta  txfrafentt  Propojf. ptitdtnt,  ' 

COROLLARIVM  II. 

Q  Olligitttr  infuptr.ftfupponamu,,  CD.tftt  aqualtm  ipft.  DP. 
y^f^^^^^fe^duaamin.riangulo.FCD.pa^ailtlamL^^ 

^(MMsa.  FB.  ^froiucl., ^H.  vtrfus.AcJtinat^tinS, 

ipfam^ 


LIBER  H. 
tff*m ,  HN,  M^.jri  rtfiJuM  Mbfafs,  ,FE..f  ,tfi ,  ED,  &,  NE 

«UtmomneshHt4s,AD,rtviiU  c  n  A^.i     r  ,  i.  • 

fummMnguU,FCD,v  l  ^f;''/^  '  V-^^' W  ^  W 

ftpou^propoMntMreaM,  v.  s/fi.s,  FD,  v.cun^ne .  mMsc.mMS 
Mjfi./sMrnm  J.^Us  erse  .nsn.nn,  ai^fc.fsMrum  aufum .  veU.fi^ 

gf't4ma.l.gfnter  fnnl4drsot4ndss.  ^ 


inagn;                qiiorcuaqiic  maguitudinc   ;   ,  \ 
.c  P  ^              v.umqujmquc^vt  mjPuiti,do,V,ad  tot 
.rmiadvna         .,c,ncm-  , 
pcfit^A,  r,V,ad,Pi..,  0,vtV  I 

a<I,PvS,fimuIi„.,  :  .  V  conmtcu- 

d .  crit  pnm.i,  E,  ad  lccunu.ua,  A,  vt  tcaia, 

P,ad  qi^rram,V,rcd  ctiam  Cunncrtcndo 

qumtj,  O,  cft  3d  fccundam ,  A ,  vr  lcxta,  V 
ad  quart^m,V,crgo  compofita  cx  pnma,E, 
&qmnta,0,critadfi       '  n,A,ncum-    V  p  ^ 
pofita  ex  tcrt.a,  V,^  ^d  quartam,  V^cr^o  concr 

rcndo,  A  ^  EOj.mul  crit ,  vr,  V,  ad,  V^,  fimuC"  '  .cF, 
qu,  argu cd.  modiu  dicitur  a  mc,  Coll,gcrc,Vcu  Colli^cdo 

I  lHEb. 


liroi. 
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€6  G  E  O  M  E  T  R  l  ^ 

THEOREMA  XX.  PROPOS.  XX. 

ASfumpra  Propof.  anrcccdentis  figura ,  di- 
mifla)BM,retineatur,NE,pro  vna  erdu- 
<ais  vtcunqj  parallda  ipfj,  CD,  produda 
autem,  CD,vtcunqj  in,M,completoq5parallclo. 
grammo,  OD.  Dico  parallelogrammum ,  AM, 
adtrapczium,FCMO,  cfle  vt,  CM,ad,  MD,  fi- 
niul  cuin  i.  CD. 

Erit  eaim,  AM,  pnrallelogrammum,  vndG,MA,ad,AD„ 
erir  vr,  CM,  ad ,  CD,  AD ,  vero  ad^crianguliim ,FCD  5  eft; 
Ji«sBtcc  vr,CD,ad  1 .  CD, ergo ,  AM , 

ad  tnangulum ,  FCD  , 'di-it  vt,   yr  - 

MC,  ad  ^ .CD,cft  autcm,  AM,-     /  nL—I^I--^^  Vx. 

ad,  FM,  vt,  CM,ad,  MD,  crgo, 
5.  huiu».  coliigcndo ,  AM.,  ad;  FM,cilm 
triangulo,  FCD ,  idefl:  ad  tra- 
peziura ,  OFCM  ,.crit  vt ,  CM, 
adjMDj  Cum.  r.  DC  quod-oftendcndum  crat. 

C  O  R  O  L  L  A  R  I  V  M. 

«xe..       IV  A-  Iwtas  ptrMgramm  ,AD.  n<ruU ,  C  D ,  ((?e  a,yuj.'ef-^ 
f?>4x^ms  abfciffarum,  Fo  j  &  mKes  /weas  (rtargu/i ,  FCd  re. 
guUe*der,i^quar:onmhmabfd^,s,  fd.  Nunc  ftmclh^Lus^ 
.        cmhhet  earu^r,.  ^u^  duHntur  maxtma  abfctfarur,^ ,  Jc,jr^^ 

alfai?aadi.naa,  DM,  hac  .mem  fu.t  eMis  c^ua  h^etur 

fiE..vf^i  ad.oM,  tn.  x,fet,  Ex,      j,  ^,.;;;;; 


1-  I  B  E  R   IL  4j 
^Jn  t       "^'  '"^'"'^'     "f"'^"      ^^^'  ^"^^  "««^•^  /'«^^ 

a^'rZ    n  ^''"'  "^"'■'^  "^/"f"^  FDMiUK^ 

A?^'  •  ''^''^F^'""'» .  FCMO ,  tH  V,,  CM. 

XI J.*  *hjc,fsirum,  FD.  MitnnaM.  DM.  .Uomncs  .h(.  tfus,FD, 
*J,Hna,,  DM.  erunt  vt.CM,  consprfj,,  „,^  i  ,  i, 

f»,iUmex4Muna.,UD.c,  :  .pr<>f»fut.Une4,Co.vcLDF,  ' 

THHOREMA  XXI.  PROPOS.  XXI. 

1N  erpofita  fuperioris  Prop.  figura,  fi  produ- 
catur,  CD,     partcs,  C,  vtcunque,  vt  in,  R, 
&  complcatur  paraIlclogrammu,GC,  oftcn- 
demustrapciium,FGRC,ad  crapciium,FCMO, 
ellcvtcompofitacx,RC,&   .CD,ad  compofi- 
tamcx,MD,&  .CD. 

Njauiapciiuni,  CRGi- ,  ad ,  GI),cft  niompoilta  c::, 
A'  >x  •        -'^ '        iiirupcr,  Gl),  ad,  AM ,  clt  vt,  KD, 
\,    ^  'andcm,  AM,  ad  tmpczitim,  rCMb,ca  vt,GM, 
ad , ML> ,  ciim  ^ .  CD, ergo  cx  .rqu.iii  tra;;czinm, rGRC, 
ad  n :ipczn.m ,  rcvto ,  ait  x-t ,  RQ  ciim     CD,  ad, MD, 
cnm  . .  Dc^  qijotl  crat  dcmonarjndum. 

C  O  R  O  L  L  A  K  I  V  M'. 

Hffc patefornHesline4strapez^.FGRC,Tfgu'.4,SM,4hm.  j. h 
fl^/  //^r*!/  irapfzj ,  FCMO ,  Ttgula  (aaet/i  efst ,  vt ,  £C, 

l    2  eum 


^J'  G  E  O  M  E  T  R  I  ^ 

t»w  {  .  CD,  aJ,  MO,  €um  \  .  DC,  veluti^u 
tjleniimus  ,ft  ,CD,fit  siqaalis  ipf ,  UF,  cmnes  Itneas  ti[ap(z,p 
TC MO,  reguta,  C M,  ACjU4ri  mmbia  ahfcifsis.iffius,  FD,  a^turf_ 
lia,  DSi,  tiA  inpr<t[tnti  cfteiemus  omne,  lineas  irapez^,  FGRC, 
reguta,  RO,  aqmri  refiduis  empium  ahfcifsarum  itftus.^C ,vel, 
FD,  adtuniia,  SC  'vnde  patebu  rcftduas  ahfctfsarum  pmpefit* 
l(aex,  vi,  FD.a^imcla,  RC,  adcmnes  ahftfsas  etufdenf.adiuul 
Ba  ait  i  linea,  vt,  DM,  efse  vt  compifitttm  ex prm  i  adiurMa.cr. 

.propofttit,  C D,fiue,  FD,  tllt  a^ualts ,  ad cowp-ftum  ex  fecun-^ 
ia-adtuneta,  ,  . propcfita hm.t,  tdffi %(^n  t,  cum  -^- .  CD, vtl, 
£>  f,  dd,  MDfeurn  ^  .  CD,  vd,  DF, 

THEOREMA  XXIL  PROPOS.  XXIL 

EXpoficis  duobus  vtcunqi  parallelogrammis, 
in  eifJemq}  duais  diamer ris ,  &  duobus  vt- 
j.  ciinqj  laceribus  pro  rsgula  fumptis,  nempe 
in  vnoquoqj  eoru  vno  r  Omnia  quadrata  cuiufuis 
diaorum  parallelogrammoi u  ad  omnia  quadrata 
cuiufuis  tnagulorum  per  diamettu  in  ipfo  confti- 
tutorum,erunc  vt  omnia  quad.reliqui  parallelo- 
gramiadomoiaquadrata  cuiufuis  triangulorum 
perdiametru  in  iftodii(fta  pariterconftittuorum. 

.Si.n^c:*po(k,  vtciniq.;  parallclc.grainma,  AS,  T,/S,i,-,  ijfqi 
dua..d,a:ncrr,,EO,Z&:,regulis  iumpns,  ES,Z,5.  D.co  om 
ma  quodrata,.  AS ,  ad  omnia  quadrata  trianguli ,  OES ,  cHc 
vt  omnia  quad.ata,T^,  ad  omnia  quadrata,  S:Z5.  Si  er.i,r, 
vt  omnu  quad.  ata,TA  ad  omnia  quadrata  trianm,!,  ^.z/ 
.ta  .Km  f.ant  omaia  quadrata,AS,ad  omn,a  quad^ua  tr.an- 
feuu,  OES,  crunt  jgitur  ita  omnia  quadrata  ,  A.S  ad  maius 
fuV  ,™i';*^"^"'bus  quad,-at,s  triansul,,OES,fint  cxccf- 
ius,  vcl  dcfcaus,omnia  c^uadrata  figurx  plaucr,  da.ida- 

tiir 


t  I  B  l,  R  if 


B 


F  I 


H 


K 


E  M 


X  T\/ 

C 

/1 

/ 

'urautcmla- 

tus,OS,'bita- 
riam',  in , 

bitarium  in, 
P,K,&licde- 
i:ictps  tiat , 
ita  vt  du<ais 
per  pu:icta_^. 
duullo!iCipa- 
ralldts  ipii, 
E.S,I)K,CQ>^ 
B  P^r-v^.m 

dci  ,d  parallclogrammi.m,DS,cmi  , 

drat j  ,  icgu  j  ,  tS ,  Imt  mj.iora  .  mivibtis  f]iiadr 

fcca.u,duca.t.r  vlc^  .d  proxuii..s par.illclas  xcnU.li.  ,nc 
atcr.bus,  Ah, OS,  H>la-,  LN',  GK  ,.1M ,  cr.t  .a.tur  tr.angu! 
lo,  Ol:  :  .fcriptj  hgi.i  j  qua-dam  compofita  cx  paral- 

Icl<  ,  L\\ Ca\1\U  DS  ,  &  al,a  mfcr.pta  compofita 

..  .  .ogran.mis,.;QjK,RSita  vt  cmni;,  qi.adr.>t:u.. 
fig-:rx  c.rcumicript.v,  rcga;..,  EScxccdant  omn.a  (.i.adra^ 
ta  «'•lcriptae,rcgu!acadcm,minoriqujntir;;tc,  quam  lin» 
otr.nia  quadrata  iigur.r,  H  j  !>.im  in  parallclogrammo ,  IXS 
rect.i,HM,diJidir  -.mni.>  qiiadrata  ,  DS,  in  omnia  qujdra- 
J^^^  fi; '       rcclaoei.!j  hi.  fub, 
UM,  MR,  vclutt  punctiim,  H,  dioidit  qu.idrnn-m,DK,  in_, 
quad.  DH,  quad.  HK,&:  rcainguli.m  bis  f.ib,l)HK,  luic  cx 
a  ; .  fcq.  ab  hac  indcpcndcnte,i^  idc6  omnia  qujd.  DS,  cx- 
ccdunt  omnin  quad-ata  , HS ,  rniviibus  qn.idrat is ,  DM ,  & 
rcftangulis  b.s  fub,  1  )M,  MK,  cx.dcm  paao  oftcdcmus  (.m- 
nia  quadratj,FR,cxccdcrcomni3  quadrata ,  IR  vmnibu-; 
quadratis,  EK,    rcaangulis  bis  fub,  FK,  KQ,  &  fic  omnij 
qiiadiata ,  GQ^cxccdcrc  omnia  quadrata,  3>Q^omnibus 

qiia- 


7.0  G  E  O  M  E  T  R  I  Jl 

-q^iiadicUis  5  GN 3  cum  rej£tangiilis  bis  fub^  GN >  NPj  &:  in  fi- 
gura  circumicripta  fuperfunt  adbuc  omnia  quadrata  j  LP> 
porro  ft  hos  cxccifus  fimul  colliganius  fient  omnia  quadra- 
ta^  DSj  nam  fi  omnia  quadrata,  LPj  vel ,  ^Q^iunxcris  om- 
nibus  quadratis,  GN,  &:re(aangulis  bis  fub^GN^  NP^  ficnt 
drnnia  quadrata  yGQ^hxc  fi  lunxeris  ommbus  quadrati^, 
FiC>-^um  redangulis  bis  fub> FK^KQ^ficnt  omnia  quadra- 
ta^FRj^qUcVtaden)  fi  iunxcris.omaibus  qLpdratisjDMjCum 
i^ctSgniis  j."Tis  fubj  DM,  MR^fient  omnia  quadratajDSj  qiias 
cUmJint  minora  omnibus  quadrati$  figurx,  £1^  hinc  figura* 
circumfcripta?£)mnia  quadrata  excedunt  omnia  qundrata 
iinfcriptcvmiaori  quantitatc^qunm  fint  omnia  qiiadrata^n^* 
&:ide6  cxcediitomnia  quadrata  triangulijOESymulto  mi-' 
nori  quantitatc:  Quia  ergo  omnia  quadrataj  AS,  ad  omnia 
quadrata  trianguli)  OES^cum  omnibus  quadratis^rijerant 
vt  omnia  qiiadrata^T/?,  ad  omnia  quadrata  triaguli^  &:Z/S^ 
luncomaia  quadraraj  AS,  ad  omnia  quadrata  figura?  cir- 
cumfcript^etriangulo^OES^habebunt  maiorcm  rationem, 
quam  omnia  quadrata,       ad  omnia  quad.  triagulio  8<Z8. 

Nunc  diuidatiir  fimiliterj  &c/3^  in  puncl^is^R^^Aj^^acOSj 
m  punctis,    QJI,  &  per  punfta^  V^AX,  parallelx  ipfi ,  ZjS, 
ducuuur^IiV,  AXjSY^fecantes^&Z.inpunftis^r,  3,  6, 
per  qux  vfq;  ad  proximas  parallclas  ipfis,  lk/3j  TZ,  a?quidi- 
rtantes  ducantur ,  O^r,  A3  ,  4    vttriangulo ,  lxZ/3  ,  fit  cir^ 
cumfcripta  figura  cx parallclogrammis ,  ^Rj,  AA  5  Y.^, 
compofita.quia  ergo,  vt,  OS,  ad,  SR,  ita  eft,  ScjS,  ad,  /S2,Vt 
Jo.huiu,,  autem.OS^ad^SR.ita  funtomnia  quadrata,  AS, adomnia 
quadrata,  DS,  &  vt,       ad ,  ^2 ,  ita  funt  omnia  quadrata, 
T/S,  ad  omnia  quadrata,  Y/S,  crgo  omnia  quadrata  ,  AS  ad 
omnia  quadrata,  DS ,  funt  vt  omnia  quadrata,  7/3,  ad  om- 
nia  quadrata,  Y/3,  quia  vero  omnia  quadrata^YAnd  omnia 
quadrata,  6/3,  .i.ad  omnia  quadrata,       funt  vt  quadratii, 
Z/3,  ad  quadratum,  j^,  .i.  ad  quadratum,  62,  .i.vt  quadra- 
tum,  /3$c,  ad  quadratum,       .1.  vt  quadratum,SO,ad  qua- 

dra- 
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rfrarum^OR, 
•i.vt  quadia- 

quadratuiii  , 
HR,  idcll.vt 
om.ua-  qiia^ 
dratUjDb^ad 
omaia  qua- 
drata^FUjCr- 
gpcxxquali 
omnia  qiia- 
drata,A*^jad 
om  ua  qua- 

drata,FU>crunt;.vt  Q,naia  qu;,drata,r^,  ad-omnia  qi.adrn- 
tj,  42  :  hodcna  pid  >  ..llciacmas  oinnia  qundrjra,  M;  ad 
omnia  quadratj,  GQ^circ  vt<,m;iu  .luaJ  ata,  T^^  ad  om- 
nu  quaJiata,  U,&taadcm  om  ua  quad  ara,  AS,ad.  m- 
nia  quadrata,  LP,drc  vt  omnia  qi.adrata,  I/S,  ad  i.mnia_^ 
qi.:idrata, <b%  vndc ,  coll.gcndo ,  oronia  q»ad;  ara,  AS,  ad 
•ud. ata paraUclogrammornm, D    FH , GQ,  1  P, 

..  •  ci:ci.mrcript.v  ,crunt  vt  omnia  quadrat.1,  ad 
omni.xquadrata  parallclogrammorum  ,  <!>».•,  A4  ,  42, 
.i.ad  omnia  quadrjta  figurxcircuinfcriptx  tria<^uIo,  &:Z/3,' 
lcd  onru.i  quadrat.i,AS,ad  omnij  qu.idrata  figurar  circum- 
fcnptaetnanguIo,OES,ollcnG  flint  habcrcmaiorcm  ratio- 
ncm,  quam  oir.nia  quadrat.i,  T/S,  jd  omnia  quadratj  trian- 
guli,  &Z,^ ,  crgo  omn.a  quad. ata ,  TA  ad  cmnia  quadrata 
figur.T  circunifcriptx  triangulo ,  .S,7/3,  liabcbunt  jnai(^rcm 
rationcm,  quam  nd  omnia  qujdrara  trianguli ,  &:Z^,  cr<»o 
omnia  quadr.-»tahgura:circumrcripta:trianoulo,&.Z/S,mi- 
nora  erunt  onmibus  quadratis  trianpiIi,&Z;S,quod  dl  ab- 
f.irdum,  non  crgo  omnia  qu:idiata,  As,  ad  maius,  quam_» 
(int  omnia  ruadr.nta  ti  iangu!i,OESbabcnt  candctu  ratio- 
ncm,  qu.nni  ot.n  quad.  T/S,  adomnia  quad.  trianguli,  t:!^. 

Dico 


7^  GEOMETRIif 

Dico  autcni  neque  ad  minus  eifdem  habere  eandem  ra- 
rionem ,  iVit  enini  defedus  adhiic  omuia  quadrata  figura?, 
&  fit  circumfcripta  triangulo,  OES5  figura  ex  parailelo- 
gramm is ,  LP,  GQ^FR  ,  DS  5  &  alia  mfcripta  ex  parallelo- 
grammis,  MQ,  IR,  HS5  compofitajita  vt  omnia  quadrata_-.f 
circumfcriptae  fuperent  qmnia  quadrata  infcripta?  minori 
quatitjte,  quam  fuit  omnia  quadrat^,  O.^  ergo  omnia  qua- 
<lrata  trianguli ,  OESi ,  fiiperabut  omnia  quadrata  infcript^ 
figura^multo  minori  quatitate,  funt  autem  omnia  quadra- 
Ca^  AS5  ad  omnia  quadrata  trianguli,  OES ,  detra £lis  omni- 
-bus  quadratis ,  H ,  vt  omnia  quadrata  ,  T/S ,  ad  omnia  qua- 
drata  trianguli,  &:Zy3,  ergo  omnia  quadrata,  AS,  ad  omnia 
quadrata  infcnptje  figur^  habebunt  minorem  rationeai_. , 
quamomnia  quadrata  jTjS^adomnia  quadrata  trianguli, 
&Z/S.Diuidatur  nunc  pariter  latus,  3^/3^  m  pulidisj^^.AjS, 
fimilitcr  ac,  O.S,  diuiditur  in ,  P,  Q^R ,  &  csetera ,  vt  fupra, 
fiant.vt  habeamus  figuram  infcriptam  cx  parallelogramis, 
rAj  32,  6(3^  compofitam,  oftendemus  igitur^vt  fupra,  om- 
nia  quadinta,  ASjadomnia  quadrata  figurx  infcripta?  tria- 
gdo,  OES5  c^fe  vt  c  mnia  quadrnta  ,  T/3,ad  omnia  quadra- 
ta  figuroeinfcriptae  triangulo,  &:Z/3/untautemomnia  qua- 
drata  ,  AS ,  ad  omnia  quadrata  figur^e  infcriptae  triancrulo, 
OES5    minori  ratione,  quain  fint  omnia  quadrata^  T^,  ad 
omnia  quadrata  trianguli,&Z/9,  crgo  omma  quadrata^TA 
ad  omnia  quadrata  figura?  infcript.T  triangulo,  &ZA  erunt 
in  mmori  ratione,  quam  omnia  quadrata, T/3,  nd  omni-^ 
quadrata  trianguH ,  &Z/3 ,  crgo  figur^c  infcripta:  triangulo, 
&Z/3,  omnia  quadrnta  mniora  crunt  omnibus  quadratis 
rnanguh,  &Z/3,  quod  cft  abfurdum ,  igitur  omnia  quadn- 
ta,  AS,  non  ad  minu.squam  fint  omnia  quadrata  trianguli, 
OHS.erunt  vt  omnia  quadrata  , T^,  ad  omnia  quadrata^, 
trianguli,  8cl/3,  fcd  neq;  ad  maius ,  vt  oftcnfum  eft  ergo  ad 
ipfa  erut.vt  omnia  quadrata,T^,ad  omnia  qundratn,&Z,S. 
bi autem  comparentur  omnia  quadrata,  AS, T^.  ad  omma 

qua- 


L  I  B  E  R    II.  7j 

qiudrata  triangulorum ,  AEO,  TZ&,  codcm  modo  fict  dc 
moiiftratio,  iguur  olknlam  cft^quod  crat  dcmoftraadum, 

A.  corollarii  sectio  l 

Hfnc pdtit  (fMMcuncjue  de  mntbuj  (jUddr/itisparalUIo^r^m^ 
m.rtimutts  ^vel  tdles  conduiones  hAhemtum  in  Prcpcf. 
9*  lo.  1 1.  II.  15.  14.  huimsLthrioJienfdfuni^eademdecthni* 
bus  (fud-irdtis  trtAUgulorum,  tAnquam  de  eorundem parttbus pro^ 
ftrttonaUhus  venfi  drt,  re^uld  vno  Idtere  fuwfta,  dum  trtdnguU 
€trcd  altttudtnes,  dr  hdfes,/iue  i  bdfihus  defcrtftds  figurds,  cr  /^- 
teru  Mifmsltter  bafibus  tnchndtd ,  eafdem  obtmuertnt  condtttones 
Un  tmdtds . 

B.    S  E  C  T  I  O    r  L 


rGit9rtridng*t(cr:ir/t  tn  cdi(m  AUttudine  cxi/ienttii  opf.  nid  tjud^ 
dratd,  vel nmnes  figurdftrmles  (ftuc  fint  fimiles  ad tKUiCkm^^  9.  hQiai. 
qn^  (mnf  vtrmfq^^  trtangult  .fiue  dtJitmtUs )  erunt  zt  figura  i  bd^ 
pvus  defcrt^ta  • 


C.    S  E  C  T  I  O  IIL 


ET  fi tridnguldfuertnt  in  eddem,  vel dcjujlthus  hafihus ,  ^«m  x buiui; 
nes  figura  jtmiles ,  vtriuf^;  ad  inutcem ,  eruttt  vt  aUttudi* 
pes,  vtl  vt  latera  bafihus  aqualiter  incUnata. 

D.    S  E  C  T  I  O  IV. 

ITem  triangmtorum  0  mnid  (jua irdtd ,  fiue  omnes  fig^trd fimiUs^  ^  ^  •  ^««m? 
ettamfifint  difiimiUs,  qua  funt  vtrtufq\  trtdnguU  ,  hahehuni 
rationem  copofitam  ex  ratione  figurarum  i  bafibus  defcr  ptarum^ 
(jr  aUittidtrtum,fiucldterum  hajibus  aqudUtertncUndtortim. 


K  E.  SE 
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E  .   S  E  G  T  I  O  V. 


E 


T  trungulofum tquerumhafium  figunt aliiluJiniht tvet 
Uierihut  *quAltter  Id/ihus  ^ncltmttt  rieiprocantur ,  omnet 
tx.  hnM&  fi^ara  ,fimtlts  bafium  fguris  ^funt  squales :  Et  ftomnes  ftgarxr 
fimlet  hafium  fignrit,  (int  .tquales .  figaras  hafi  im  aLtitudiAtimVt 
vei  laterthus  a:]ualtter  htifihus  tncUnattt  rectnrocs  ref^ondehiet 
habthunf^ 

F.    S  E  C  T  I  O  VI. 


ET  tandem  fimiUum  trianguUrum  omnU  quadrara  trunt  iif 
trifla  raitone  laterum  homologorum  ,  fiste  vt  eorvm.  cubt  j 


I.  Scxti> 

Elenn  -    ^  ^         -  ■  .  m 

regulas  vero  in  fupradi£itt  fufpono  fcmper  dun  tlkrum  trtangu^ 

ia..laiiut.  lor^^  1^^^^^      ^^yj ^       .  ir^elltge  tll-.rHm  tnargnlo'. 

rumlatera  h:mologa,  Hts autem  f  quer.ttm  tr^fnfittonem  fuh^ 
iungam,tum  hutusgratta.tum  eorum,.qka:f!jHeniur^ 


THEOREMA  XXIII.  PR O PO S..  XXIII.. 

SI ,  expoffta  quacunqj  ffgura  piana , iir  ea  dir- 
catur  vteunqoe  reda  linea,  qua;  fit  fumpt^ 
pro  regula  ,.eadem  vero  in  pundo ,  vel  pun- 
d;s  diuifa ,  prout  Lib.  2.  Elem.  fupponitur  fecariy 
per  puji<aa  diuifionum  linsas  dtix^rimus  redas,  fi- 
uecuruas,  figuram  diuidcntes,  &  fcmel  tatum  fe- 
eantes  quamuis  alia  rcgiil^e  parallelam ,  fi  regula 
in  vno  pu^ndo  tantum  diuifa  fit ,  vel  toiies ,  quot 
funtpundadiuifionum  regulje  (cxceptis  tamen... 
cxtremis,  in  quibus  linearum  fedl^e  partes  in  pun- 
a:a  aliquandodegenerare  poffant.)  Quscunq;  ire 
diao  2. Lib.deraonftrantur  h^c  diuifione fuppo^ 

litd. 


L  I  B  E  R  TT.  7^ 
Citi  circi  vel  quadraca,  vel  redagula  cidcm  redx 
Lne^  applicata,  cadcm  dc  omnibus  qnadratis  di- 

figur.T5  vcl  ciufdcm  partium,  vcl  dc  rcdangu-  d.  rifr.t. 
lis  fub  ipfis  paritcr  vcrificabuntur. 

Sit  cxpollta  vtcunq;  figura  plana,  ABCD,  in  qua  di\6t.h 
BD,  rcda  linca  vtcunq^  (it  lUa  Tumpta  pro  rcgula ,  S>ccx^ 
diuifa  m  vno^  vcl  pluribus  pudisjprout 
polluLint  Prop.  a.Lib.Hlcm.  pcr  pun- 
^a  diuilionum  ducantur  lincas  fuicrc- 
<ftx,  fiuc  curuxvAECvAFLtotics  quam- 
ui5  aliam  ipli,  BD,  parallclam  in  fignra> 
BADQ  fccantcs  quotics,  BD^fcda  c(Vc 
fuppomtur ,  cxccptis  tamcn  cxtrcmis, 
vt  cx.  g.  ipfa,  Ciy  i\  qu  i  partcs^Cf,  qu« 
in  rccta,  CI ,  fcparari  dcbunfcnt  pcr  lincas ,  AEC  ,  AFI,  in 
punda,  C,  I,  partibus,  BE ,  FD,  rcfpondcntla  dcgcncrauc- 
runt .  Dicoqujecunq;  dcmonltrantur  in  linca^  BD,  circa 
cjuadrata^vcl  rcdangula,  illi,  vcl  lUiuspartibus  app!icata> 
vcnficari  dc  omnibus  quadratis  totius  iigurx,  BADQ  fiuc 
partium  ciufdcm  figur.r  pcr  dicbs  lincas  conltitutarum, 
fiucdcrcdangulisrubciuldcmpartibus.  Vt  cx.g.  qui.i  \\\ 
3.  Prop.  Lib.  2^  Elcm.  oftcndicur  rcdangulii  fub,  BD,  DF, 
rquarircdangulofub,BFD,cum  quadrato^FD,  ficdico  ViJc  d, 
vcrum  cllc  rcctangula  fub  figura  ,  ABCD ,  &  figura ,  ADI, 
a^quari  rcdangulis  fub  figuris,  ABlF,  ADIF^cum  omnibus 
quadratis  figura? ,  ADIF,  fi  cnim  aliam  vtcunq,  duxcrimus 
rcgula?,  BD,  paraUclam ,  vt  ^HC^  fccantem  Hncas,  AC\  in, 
M,     AI,  ni,     vcrum  circc(.mpci  icmus  rcdanguli  m— 
HON,xquari  rcdangulo, HNX),cu  quadrato^NOjS.  idcm 
in  cxtcris  rcgula?,  BD,  parallclis in  figura ,  ABCD ,  dudis 
rcpcricmus,crgo  vcrum  crit  rcdan^ula  illa  fimulcoUcda, 
idcft  rcdangula  fub  figura ,  ABID,  &  figura  ,  ADI ,  .Tquari  ^^^^l^ 

K     2  rcdan- 
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reaaiigiilis  fub  figuris,  ABI5  ADI  >  cum 
omnibus  quadratis  5  ADI5  quod  3.  Pro- 
pof.  2 .  Lib.  F:lem.  refpondet. 

Similiter  fi  fupponamus  5  BF,  bifaria 
fecari  in,  cui  adiungatur,  FD/uppo- 
fuenmus  etiam  lineam,  AC,  bifariam 
.f-care  quamlibcDomnium  linearum  fi- 
gurce,  ABf,  rcgula,  BD,  fupradiaarum, 
quarum  fuigulis  additur,  qux  in  direcium  manct  in  figura^ 
ADI5  Y^luti  Propof.6.  ottenditur  rednngulum,  BDF,  cum 
quadrato,  FEj  a^quari  quadrato,  ED,  ita  hic  ad  modum  fu- 
perioris  oftendcmus  redangula  fub  figura,  ABiDAsADI, 
cUm  cmnibus  quadratis  figura^.ACr^crquari  omnibus  qua- 
dratis  figura?*,  ACD,  quod  refpondet  Prop.^.eiufdem  Lib. 
Conllmilitcr reliqua  demonlirabimus^  vndeiuxta  i.Prop. 
Sccundi  Eicm.  coUiacinus, 

A.  COROLLARII  SECTIO  L 

RiadKgulafubfgara  indtmfa,  JB1D,& f»i  dwifd.ACD, 
per  Iweam,  A  t ,  aq»ari  re£la>.guhs  fub  tndtuifa,  ASll), 
&fubpartibus<iimfA,  qua.  fuat,  ACI,  AID. 

B.    S  E  C  T  I  O  IL 
^  Vxtafecundam  hahebtmus  omnia  quadrafa  figura,  ABlD.i- 
1  qi^Ari  nSlang,  fub,  AMd,  &  finguUs  farttbus,  ABl,  AID, 

I C.     S  E  C  T  I  O  IIL 
rxta  tertiatfi  iam  dt£ium  tfi  tn  Pr!)f,Jiticr,e  quidiclligamHj, 

D.    S  E  C  T  I  O  IV. 
I  rxtdcfnartamMemus  omnia  quadrata  figur/t,  ABlD,per 
1  vnicam  hneam,  AFI,  dtutfa,  aqnari  ommhtts  quadratis  fi- 
gHtarum,  ABI,AID,&  reaangults  bisfub  diclispg,ABl,AlD, 

E.SE- 
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E.  s  E  c  T  r  o  V. 
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I  f^xUcfmnumJtfufpcHJmui  Imeam.  AI,  hifMrum  dimdtrt 
*  (»»ncs  Uneas  Hgur»,  ABID,  ugHU,  BD,fmmptAS,&  tafdtm 
hntam,  AC,ntn  hif^rum  dimdtrt,  cclitgemus  rtflangula  fub  tu. 
^taUbm  p^rttbMS ,  ABC,  ACD,  cum  ommbut  quadraiu  figura» 
ACl,d,juartommhus  quadratis figura,  ABl, 

r.    S  E  C  T  I  O  VI. 
I  Fxtaftstam  quidctlligatur  lam  dtclum  tH  in  Proptflme. 

G.  S  E  C  T  I  ()    \  ir. 

IVxtaftftimam  eolUgtmus  ,fup(<,fitt,  qutdfigura,  ABID.  fe. 
ctiur  j  fiU  linta,  Al,  vtcm.que .  dun>modo eadtm  ftctt  tm. 
nes  aqutMliantti  ipfingula.  Bo.  tn  figura.  ABID.  auctas.drm 
vnt  tantu w  punJo .  colligtmus  luqu^m  omnta  quadrata  figura, 
JlBIO.&tnnia tjuadrata  fij^ura ,  A OI.  acjuart  rtiianguUs iis 
fubfiguris.  ABl D.  ADl,  voa  cum  emntbus  quadratis,  aBU 

H.  S  E  C  T  I  O  VIII. 

IVxta  »aauam,  ftfupponamus  figuram,  ABCD,  vtcXf;  feffam 
per  Untam.  aC ,[quatamtn  ftctt omnes  tpfi.  BD.aqutdifiam- 
tts  infigura.  ABC D.  duc1as.(ir  in  vm  tanium pun£Io  xti  didum 
e,y  coiUgemus  reclangula  tj^tater  fuh figuris,  ABCD,  ABC,  cum 
tmntbus  quadraiis.  ACO.  acjuari  cmmbus  (fuadratii  figura  eom. 
ftfita  ex  figura,  4SCD,  dr.  aBC.  iia  vnmnium  Imeati  figura, 
ABCD,finguUs  inteUtgatur aditfla.jua  nunc  tn figura»  aBC,tft 
(uf/i  ilU  tn  eadtm  re£litudtie, 

I.    S  E  C  T  I  O  IX. 

IV xtanmam,  fi fapponamus Untem.  AI, ftcarfemnfs aefoidi- 
HAntts  ipji,  Bj,infigiiTti,  ABID,  dHaas  htfAtii,^  hneam. 
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AC  .tafitm  hifariam  ns^  fec4fe^€olU^€mus  omma  cfuadtaU  figii^ 

rj>  ACD,  cuommhus  quAirAtis figurA,  A3    '■'upU  efseommuf» 

0lU4dr4tortimfigur£i  AID^  cum  omrasus  quadratts  fgurdp  ACU 

iutermed$<tm 


K.    S  E  C  T  I  O  X. 

Iy xtadecimam,fiff4ppcnamus,  AC,  lineaml^fariam  fecare^ 
cmnes  aqstidi^atjtes  tpft,  BD,ir»  figf^ra,  ^BI,  du£las,  dr  ^lUi 
ddd%,  quA,  tn  dtrcilum  tlcts  iacent  tn figura,Al cJltgemus  om^ 
nia  quadrarafigura,  ABCD,  di  cmmbus  quaaratts  figura,AD/t 
dupU  efk  imrftum  quadratorum  figura,  ABC,  cum  omnihus  qua* 
draiis figura,  ACD^ 

L.    S  E  C  T  I  O    XI.  \ 

IT^xta  vndecimAm ,  fi  fupponamus,  BD,  in,  £,  ita  fe£iam  efe, 
vt  reclangulum,  DBt.  fit  aqHale  quadrato^t D .quMet  au- 
$tm  aqutdtfiAnttum  tpfi,  £D,  tn  flgura,  ABCD,  talt  mpdo ,  &  ad 
tAndem  partem  dtutdatur  pcr  Uneam^  AtCpatet,  quodtttd  re- 
(fangt^i^fub  figurts,  ABCO.  ABC.aquahumur  omnthus  quadrd^ 
tts figura ,  AC  D,  regula ,  B  O,  tgitur  Itnea ,  AC,  dtutdet  juperfi. 
ciem  planam,  dB  JD,(fic  dtcere ItceatJ  fecundum  extremam,ac 
medtam  rattonem,  hacautempro  fequenttbus  accurate  memoris 
commendentur  m 

THEOREMA  XXIV.  PROPOS.  XXIV. 

EXpofito  parallelogrammo  quocunq;,in  eoq; 
duaa  diametro^  omnia  quadrata  parallelo- 
grammi  ad  omnia  quadraca  cuiufuis  trian- 
gulorum  pcrdidam  diamctrum  conftitutorum_, 
erunt  in  ratione  tripIa,vno  laiei,u  parallelcgram- 
mi  communi  regula  exiftento . 

Sit 


Pcr  I  ro- 
fol.  afitc(.r 
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Sit  parallclograinmimi,  AG  >  ia 
ro  diiCb  diameicr  5  CEyrcgula  vt- 
cunq^btus.EG.  DiCv> om.ua  qua- 
drataj  AG^cllc  trtj)la  onviuum  qua- 
cfi  atorum  tdangiili  cuiuKui),  AEC, 
liuc>CEG.  DuuJanturbifai lam  la- 
tcroft  AC5  CG,  in  punvtti.^^  li,  11, 
pcr^  B5  ipi^CG^pcrquc^Hjij^li^CA,  ^ 
parallclje  ducaiuur,  BF,  DH^  c]'jx  (*c  cuni ; 
mtcr  bifariam  fecabunt  u\  puuct  ),M.Qma  igitur  ri  figura, 
liuc  parallclogrammoj  AG,  ducitpr  linca  5  lil^  cjux  omnes 
acquuiillantes  ipli^  EG,  bifariam  fccat,  &yCE5<]ua?  cafdcm 
in  partcs  nuqualcs  diuulir,  piatcrCjiiam,  DH,  c  mnia  qua- 
drata  trianguli^  AECjCumommbus  quadratis  trianguli, 
CEG>  6t  cum  omnibus  quadraiis  duorum  triangulorum, 
CBM  ^  EMF5  dupla  crunt  omnium  quadratorum^  Ar,  licct 
cium,  DH,pcr  lincam,  CE>  fu  non  bifaiiam  duMLijnihil  ta- 
mcnboc  obilat  noftropropofuo^nam  ikiplijDH^contni- 
git,\Tlutiijs,quae  in^qualitcr  fccantur  ^quadratum  fccia- 
rum  partium  ^  fcilicct  quadrata ,  DM,  MH,  dupla  cUc  qua- 
d  atorum  dimidjx^ ncmjK  quadrati,DM3&  ciu^^qiL^  iiucr 
fcdioncs  intcnjcitur,  qua:  hic  nulla  cltj  cum  dua:  fccantcs, 
BF,  CE^vniantur  in  pun^fiojM:  Sunt  autcm  omnia  quadra- 
ta  triangiili,  AEC,xqualia  omnibus  quad^-atis  trianguli, 
CEG,quia  fuiit  triangula  m  xqualibus  bafibu.SyEG,  AC,  Ex  b.  vci 
&  cadcm  altitudinc  Iicct  cucrsc  pofua,  tS^  idco  cnnua  qua-  ^  ^ 
drata  trianguli,CEG,funt^quaha  omnibus  quadratis^AFj  huiuii 
cum  omnibus  quadratis  triangulonnu,  CBM>  MEF.  Qiio- 
niam  vero^omnia  quadrata  t; !  ':JiMC\funr  xquah:u^ 
omaibus  quadratis  trianguli,  v  . .  <Munia  vero  qnadrata 
CrianguU,  CEG>  ad  omnia  quadrata  trwnguli  ^CMH,  funt 
iu  tiiplaratioiie,cius,qu3U^  habcrjGQ  ad^C^H^quc-v  cil  du- 
pla.i.i:>ratione  odlupla,  &  hoc^quia  triai^ulajCEG^CMH-, 
^ont  funiha  5  idco  omnia  quadrata  5  CEGj  ciunt  odlupKu.*' 

cm- 
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omniiim  qiiadratorum ,  CMH>  5^ 
quadaipla  omnium  quadratorum, 
CMH,  ^  c!,  CBM,     MEF,  funt  a  u- 
tem  omaia  quadrata  trianguli,  CE 
G5  iEqualia  omnibus  quadratis^AF, 
cumomnibus  quadratistriangulo- 
rum ,  CBM ,  MEF ,  crgo  ha:c  erunt 
quadrupla  omnium  quadratorum 
triangulorum,  CBM,  MEF^  &  diuidcndo  omnia  quadrata, 
AF5  eru;it  illorum  tripla^  funt  autem  omnia  quadrata^^G, 
ad  omnia  quadrata,  AF,  vt  quadratumjGE^ad  quadratum, 
EF5  .i.quadrupla.i.vt  i2.ad  3.  &omnia  quadrata,  AF/unt 
omnium  quadratorum  triangiilonim  5  BMC  5  MEF,  tripla, 
crgo  omnia  quadrata  ,  AG ,  crunt  duodecupla  omniuiu-^ 
quadratorum  triangulorum,  BMC,  MEF:>&:  funt  ad  omnia 
quadrata  3  AF,  vt  12.  ad  3.  ergo  omnia  quadrata  ,  AG,  ad 
omnia  quadrata^  AF,  cu  omnibns  quadratis  triangulorum, 
CBM,  MEF  5  erunt  vt  1 2.  ad  4. funt  autem  omnia  quadra- 
ta,  AF^cum  omnibus  quadratis  triangulorum^CBMjMEF, 
xqualia  omnibus  quadraris  trianguli  5  CEG,  vel,  AEC,  vt 
oftenfum  eft^ergo  omnia  quadrata^AG,  ad  omnia  quadra- 
ta  trianguli,  CEG,  vel,  AEC ,  funt  vt  1 2 .  ad  4,  .i.  funt  eo- 
rum  tripla,  quod  oftendendum  erat . 

C  O  R  O  L  L  A  R  I  V  M . 

H/ nc  pAiet.fi ducdmus  htra pafAUelogfdmmum,  AG,  at^ui^ 
dt(iantemipft,  eG,  vtcuncjue.  EVjecantem.Ct.  m,  T, 
BF,  in,  S,  (fuod  veluti  oftenitmus ,  RV ,  aquari  vni  maxinia^ 
rum  abfctftaru,  CG,  dum,  tG.  efl  acjualis  tpft,  GCMa  nunc  often^ 
demus  quadratum.  RV .  aquari  quadrato  vmus  maxtmarum  ab. 
fciiUrum.  CG,& quadratu,  TV,  aquari  quaarato  vnius  omnium 
4bfcif?arum,  CG.idefl quadrato,  VC;  quadratum  vero.RT.aqua. 
ri  quadrato  vnius  rejtduarum  ommum  dfctfatumfiGMefi  qua^ 

dratQ^ 
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dr4t$»  VS^  indt  conc/nJemfts  omnia  (jn^irdtA ,  AG,  reg^Uy  EC, 
4C9i$4rt  ifidadrdiis  rHdxtrnd^um  dbfctfsMrum  bCG  omma  q  V4- 
dt4t4,  tridngulti  CEG,  Jtqstdfi  quMirdtts  ommnm  dhfctfsdru,  CG, 

omy$tdqH2drdtd  trt4*t^ttrt,AEC,  dijttdri  qttddrdtts  refidMJrrtm 
$mnittm dbfcifsdrttm  ^CG.Cr  re^tAngttld  fnb  trtdngfids ,  AbC ^ 
CEG,  dqi4drt  rectdn^nlts  fnh  ommktts  dhfctfsts,  reftdttisemmu 
dhfcifidrttm^  CG,  itd  fnmpris,  vt  qnoiuts  rectdngt^ltim  tntelltgd'^ 
eur  vnd  dbfctfsdrtsm ,  Cr  einsttftlud :  ^nde  vduti  ^ftedftiUS 
emnld  quddrdtd,  4G,trtfl2  efse  omntum  q^iddrdtorum  tridnguli, 
CE3,  veltridngult,  C^E,  ex  qntpdtet  trtptd  ettdm  efsc  rtcia^u* 
lorumbts  fuhtrtdn^ults»  AEC.CEG,  (furtt  emmomniaq-iddrdtd, 
AG,  dqudltd  omntbus  qudirdtts  trid^guUrum,  AEC,CtG,dr  re  d 
{idngu(ts  bis  fub  eif  Um  trtdntrulisj  ttd  dftpdreht  qUdJrdtJ  m  txi* 
tmdrum  dhfctfsdrum ,  CG ,  trtpU  efse  qudJrdt  ru  ^t  ommu  dhfif 
fdrnm ,  vcl  '^Udirdtorum  rt(i iu  trum  o -nfttu^  dhfctfsdru^n ,  CG^ 

trtfldttidmefse  rectdrtgutorwn  fnb  dtclis  omnthus  dhfctfts, 
reftdutfqybts  fumptis  ^fexcuplivero  eorundem  rectdnguforurrui 
femelfumftorum,funtdUtem  mvctmd dbfctfsdrum,dbftfst,(<r  V 
teftJudreflttrdnfitus  ft  dngulus,  EGC ,  fit  reilus  .veletfsjdcm^  ^ 
phlt  jui  tr.t^*f:tus,  ft  tll^  non  ftt  ^ry^ft  'us  re(hts. 

THnOREMA  XXV.  IMxUPOS.  XXV. 

SI  indiicbus  parallelrgramisfumprls  duobus 
latcribus  pro  baribus,&:  rcguliS;  ipfa  parallc- 
logramma  fucrinc  in  cadcm  altitudinc  fum- 
pta  rcfpcdu  didarum  bafiumi  in  eiKicm  autcni_, 
baribus,& altitudinc  fucrint  alix duae  plana? ligu- 
rne  ita  fe  habcntcs,  vt  fi  ducatur  vtcunq;  parallda 
didis  bafibii8(quaf  in  dircdtim  fint  conHiturar)rc- 
(fta  Iinca,ciufdcm  poriioncs  didis  paralielogram- 
inis,&  figuns  intcrccpta!,vc!  ab  cifJem  dcftripr.a: 
plan^e  figurac,  fint  proportionalcs,  homologis  cxi- 
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ftentibus,  qux  funt  in  paralbJiogrammis ,  &  paTi- 
ter  qux  funt  in  figurisjio  ijCdem  bafibus,&  altiru- 
dine  cum  illis  conftitutis,  didaru  parallelogram* 
morum,ac  figurarum  omneslinear, fi  linc^,  i^el 
omnesfiguriepIan^fimiles,fi  ift^  coraparentur 
(fimilesin  quamexiftetibus>qu2Bfuntin  vnaqua- 
^uefigura)  eruntproportionales. 

Si  it  parallclogramma  ,  AE,  ED,  i,i  bafibiis,  CE,  EF,  irt 
direaum  wcentibus,  &  in  eadcm  altituduic  refpeau  dicta- 
Eum  baiium  conftituta ,  AE» 
ED,  fit  autc  regula,  CE,  vel,, 
EF,  &  in  cifdem  tanquam  iii 
fcailbus,  &  cadcra  altitudine 
fum  paraUerogrammis,  AE, 
ED,  iint  i^gurx ,  BCE ,  BEF, 
eiufmodi  ,  vt  fi  duxerimus 
vtcunq;  ipfi,  CF,paralklam,, 
vf,MQ,cuit!s  pf/rtiones  interceptre  parallefogrammisAF, 
ED,  finr,  MO,OQ^"^  intcrccpta;  figuris  llnt,  IQ,  QP,  icpe- 
r.amu5 ,  MO  ad ,  Ol,  cffe  vt,  QO ,  ad,  OP.  Dico  omncs  li- 
aeas,  Ab ,  ad  omncs  Hneas  figur^ ,  BCE ,  eirc  vt  omncs  IL- 
nea-^BF^ad  omncs  lineas  figura:,BEF,fi  yero  vice  lincarum 
Gomparctur  nb  eifdcm  dcfcript.r  figurx ,  fimilibus  exiften-' 
«ibus,  qu^ab  ommbus  lineis  vniufcuntfq-  propofiran 
figurarum  defcribuntur ,  cuius  defcribentes  fint  carum  li 

l»us,  AE,  ad  omnes  figuras  fimiles  figur.-e,  BCE,  eire  vt  om- 
ne,  figuras  fimilcs  ipfius,  BF,ad  omnes  figuras  fimUcs  fieu- 

CF  V^a''M.r'''T'i^T^'''""'l"''^"'^^  eftparallcla  ipfi, 
^t  MO   d^2;     ""b:"-?^ '    '  ''P'  permutando  efir: 

ad.OP,  &  fic  ofteadcm«s,,vt,CE,  ad,EF,ita  effc-  quasHbet 
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alias  diias  ia  figuris,  BCE,  BEF>  cxiftcntcs  ipfi , CF,  paral- 
Idas  3  &:  \  t  viu  ad  vnam  fic  (  mnia  ad  omnia  .i.  vt,  Ch,  ad,  Coroii.  4 
EF,  ita  om  ics  Uacx  figurx ,  BCE,  adomncs  lincas  figurx, 
BEF,  vt  autcm ,  CE ,  nd ,  EF,  ita  funt  omncs  lincx ,  AE,  ad 
omncs  lineaSjED,  crgo  omncs  lincx^AEjad  omncs  lincas, 
ED ,  crunt  vt  omncs  lincjc  figura: ,  BCE ,  ad  omncs  lincas 
figuro:,  BEF. 

bi  vero  yice  lincarum  fumamus  dcfcriptas,vt  diclum  cft, 
ab  cifdcm  figuras,  cx.  g.  fi,  vt  quadrat  um,  MO,ad  tnangu- 
lum  cxquilaterum ,  cuius  latus ,  lO,  ita  rcpcriamus  cllc  cir- 
culum, cuius  diamctcr,OQ^id  polygonu,cuius latusjOQ, 
omnium  autaii  lincarum,  AE,  lingula:  dcfcnbant  quadra- 
ta )  &  omaium  lincarum  figura: ,  BCE .  fingulx  dcfcriba nt 
iriangula  crquilatcra,&:  omnium  lincarum,  BF,  fingulx  dc- 
fcribant  circulos,  &:  figurx,  BEF,  finguUr  dcfcnbant  poly- 
gona  prxdido  fimilia,  ita  vt  qua:incadc  figura  funt  linco?, 
vel  latcra  dcfcribcntia  fint  hom^Moga  ,  cnt  vt  quadratum, 
MO,  permutando,  ad  circulum,  OC^ta  triangulum  a:qui- 
latcrum,  lO,  ad  polygonum ,  OP,  quia  vcro  ,  MO,  xquatur 
ipfi,  CE,  ^fvi^OQ^ipli, EF,  idco  quadratum,  MO,  xquatur 
quadrato,CE,&circulus,0(T>j:irculo,EF,&:idc6,vt  qua-  xj.l.r. 
dratum ^ CE>ad  circiilum ,  El,  ita  crit  triangulum;rquila- 
tcrum^IO,  adpolygonum,  Ol^,  vnde,  quia,MQjj.  tcunquc 
du  Aa  cft  parallcla  ipli,  CF,  concludcmus  omnia  quadrata, 
AE,  adonv.icscirculos,  BF|Cflc,vt  omnia  triangula  arqui-  fi  4  km 
latcra  figurx,  BCE,  ad omnia  polygona  vni  fimilia  figurar, 
BEF,&:  pcrmutando  omnia  quadrata,  AEjad  omnia  t:  ian- 
gula  xquilatera  figura^  BCF,  clfc,  vt  omncs  circulijBF,  ad 
omnia  polygona  vni  fimilia  figurx^  BEF. 

Eodemmodo  fict dcmonftratio,fi  vicc  ifiarum  alixaf- 
fumantur  figurxplanx^quarum  poflunt  ctiam,qux  funt 
duarum  figurarum  cffc  fimilcs ,  vt  fi  compnrcntur  omnia_^ 
quad  ata  parallclog  ammorum  ,  AE,  El)  •>  ^:  omnia  trian- 
gub  xquilatera  figurarum ,  BCE,  BEF,  vcl  fi  comparcntur 
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omnh  quadrata5AE3&:  figu- 
rsejBCEA  omnia  triangula 
;3squilatera  5  BF,  &  figurae  5  B 
EF  5  poteft  etiam  eire  omniu 
quatuor  figurarum  omncs 
figuras  e{fe  limilesj  vt  fic6« 
pareiitur  omiiia  quadrati__j  J  E 
eorundemjvel  omnes  citcu- 

li  5  &c.  patet  autcm  hic  dcmonftrationem  currcre  quoticf- 
cunq;  ca  ^  quas  comparantur  funt  ciuldem  gcneris  A.  vcl  Ji- 
neaf^^vel  fuperficicsj  fi  vero  contmg  t magnitudines  diuerli 
gencris  camparari ,  vt  ii  conipararcntur  omncs  linea?,  AE^ 
&  figurae^  BCE5&  omnia  quadrata^BFjxk  figurae^EEFjtunc 
quia  aperrautata  ratione  non  poifumus  argumentari^  cum 
lincamfupcrficiei  comparare.fit  abfiirdnm ,  ideo  dcmon- 
IVratiapro  his  non  currit  3  quapropter  aliudTheorema  pra 
bcc  fubiunsemus 

THEOREMA  XXVI.  x^ROPOS.  XXVI. 

N  eadcm  antecedentis  Prop.figura  ficom- 
parentur  magnitudines  diuerfi  gencris,  ad- 
huc  comparat^  magnitudines  erunt  propor- 
Jionales. 

Comparc;n-':rex.  g.  omiies  linca;,  AE,  rGgiiIa,CE,aa 
omncs  liiie:,s  figur.T,  BC:E,  &  omnia  qiuuirata,  BF,  regula, 

EF,adomm.i  qifadrata%na',BEF,ua  vtduda  vtcunque 
jpfi,  CF,  para  llcla ,  MQ  ,  rcperiamus  ,  MO ,  ad ,  OI ,  elle  vt 
qiiadrarum ,  QO  ,.nd  quadratum,  OP.  Dico  adhuc  omnes 
hncas,  AE,  ad  omncs  liircas  figura: ,  BCE ,  cffe  vt  omni:i_, 
quadrata,  BF,  ad  omnia  quadrata  %urx,BEFi  ponarur  fe- 
orfim  parallclogrammum,  AE,fimul  ciim  figura,ECE,fed, 
nc  fiat  confiifio,  fiut  fub  ampliori  forma,  S<  in  ipfis  t  aquaai 

ia 
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in  bafibus  confti- 
tuti  intcllignntur 
duo  cylindrici  rc- 
tti  ^FE^ncmpc  iii 
bali,AEA'5  DGE, 
m  bali  figura,i3C 
EjScincadcm  alti- 
tudinc5quoruui--> 
quod  inliltic  ipfij 
AE>cft  parallclc- 
pipedum,  vt  facil^ 
oftcndctur  5  intcl- 
ligatur  nuc  paral- 
lclcpipcdum ,  rE, 

fccari  vtcunqucplano  i-^u.,  Cih  3  .LH^uiC.i  ^i  -u  ^  picuuicctiir 
ergo  c\  h.ic  l'cdiv)nc  in  i^Mo  parallclogi  jmmiim  rcctangu-  ^^^^j,  ^ 
lum  5  quod  ht,  KO ,  codcm  autcm  plano  hat  ui cylindrico,  L  1. 
DGE,rea.ingulum ,  LO ,  fict  autcm  &:  m  hoc cyUndnco 
rcaanguUim ,  quia  didum  planum  ducitur  pcr  latcra  bali, 
BCE,  rcctc  mrulcntia^cum  ducntur  xquidiltantcr  ipli^Ol^ 
quod  ducitur  pcr  latcr.b  GC,  St^  crit  crgo  rcdanguU^bKO, 
vmmi  cx  ijs^quatrdicutur  omnia-plana  parallclcpipcdi,  l  Ey 
rcgula,  GE,  &  rcclangulum,  LO, crit  vnum  cx  ijs ,  qu.v  di- 
cuntur  omnia  plann  cyUndnci,  GDE,  i  cgula  ,  GE,  qua:  rc 
clangula  crunt  jrqucalta ,  ac  rcc^anguUnn ,  GE,  omnia  igi- 
tur  plana  parnllclepipcdi,  FE,  1  rcgub,  GE, )  lunc  omni.i_, 
rec^angula  aequcaUa ,  ac,  GE^ipluis  parallclogrnmmi,  AE, 
(rcguln,  CE,)  &:  omnia  pUma  cyHndrici^GOE,  funt  omiua  g.  Dcftg. 
lec^tangula  figura',BCEvrquiangulaAxqucaltn,ac  ipfum,  huiQi. 
^  GE,rc2ula  eadem,  CE:  Sccenrur  nunc  dicli  cylindrici  pla- 
nis  bafibus  ^quidiftantibus ,  ficnt  crgo  communcs  corum 
fciftioncs  fimilcs,&:  sequalcs  bnfibus,  lit  in  paiallelcpipcdo,  coiol.n, 
FE/produela,NP,S:incyUndrico,Gl)E,productafigura5 
HQP,  crit  crgo  vt,  Atp  ad  figuram,  IJCE,  Jta  5  NP,  ad  figu- 

ram. 
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ram,HQP,&  ita-  etiam  quxlibct  alia^  figiirse  in  ipfis  per  pla- 
na ffquidillantcr balibus  eofdcm  lccantia  produOa' ,  &  vt 
Ex  Cot.4.  viia  ad  vnam,  ficomnes  ad  omnes  .i.vt,  AE,  ad  figtiramJ*, 
C13E,  ita  omnia  plana  parallelepipcdi,  FE,  regula  ,  AE,  ad 
omaia  plana  cylindrici,  GDE,  rcgula  eadem  bafi ,  funt  au- 
hui«"  *        '""'"^  P^^'^^  parallelcpipcdi,  l^£,  regula ,  AE,  arqualia 
omnibus  eiufdcm  planis ,  regala  ,  GE,  quse  funt  omnia  rc- 
K.  Def.  8.  aangula  ipfuis,  AE,  regula,  CE,  jequealta,  ac  ipfum,GF,& 
om.iia  plana  cyUndrici,  GDF,  cgula  bafi,CBE,funt  «qua- 
tx  cor  r.  lia  ommbus  ciufdcm  planis ,  ^egula  ,  GE,  qux  &  ipfa  funt 
omma  reaangula  figura-,  CBE,  rcgiila,CE,sqi;bIta,ac  ip- 
fum,  GE,  ergo  omnia  reda  igula  ipfius,  AE,  regula,  CEiX- 
quealta,  ac  ipfum,  GE ,  ad  omiiia  redangula  figur.T,  CBE, 
regula,  CE,  xquealta,  ac  ipfum,  GE,  erunt  vt,  AE,ad  figu- 
j.  bu.us.  ram,  BCE,  .f.  vt  omnes  li;ie«,  AE,  ad  omnes  lineas ,  BCE, 
regula,  CE,  quod  ferua. 

Confpiciatur  nunc  figura  Theorematis  anteced  in  qua 
diximus,  MO,  ad,  01 ,  efle  vt  quadratum , QO,  ad  quadra- 
tum,OP.  Dicoomnesliaeas,AE,adc.mnes  lincasfigur^, 
BCE,  regula,  CE,  elTe  vt  omnia  quadrata,  BF,  ad  omnii^, 
quadrata  fignrce,  BEF,  quia  enim,  vt,  MO,  ad,  OT,ita  (fvm. 
pta  quauis communi altitudine, ncmp^ ex.g.  a!titudin<L^ 

conftitutorum  parallelepipcdorum,  q  tuT  eft,  SF,kcaangu- 
lum  fub,  MO,  &,  SE,  ad  rea.mgulum  fub,  lO,  SE,  idc6  fvt 
reaangulum  fi.b,  MO,  SE,  ad  reaanaulum  fub,  10,  SE  ita 
cnt  quadratum  OQ,  nd  quadratu,  OP,  funt  autem  hx  ma- 
gnitudines  c.udlcm  generis,  nempe  omncs  fuperficies,  cr- 
go  omma  redangula  ipfius ,  AE,  regula  ,  CE,  xqublta  ,  ac 
vnum  corum,  ncmp^>,  vt  reaangulum  fub,  CE,  ES,  ad  om- 
n.a  rcaangula  figurx,  BCE,  rcgula  eadem  ,  CE,  xqnhka 
ac  vnum  corum ,  vt,  GE ,  erunt  vt  omnia  quadrata  BF,  J 
o.jjn,a  quadrata  figur^,BEF,omnia  vcro  reaangula  ipfius; 
AE,  ^quealta ,  ac  vnuiTi  eorum ,  vt,  GE ,  ad  o.r nia  reaan- 
gula  figura,  BCE,  a.qucalta ,  .c  ipfum ,  GE,  funt  vt  omnes 

liaca? 


£x  antcc. 
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liiicx  ipfius  5  AE  3  ud 
omiics  lincas  figurf) 
IiCE>regiila,Ct5  cr- 
go  omncs  linca,  AE> 
adomncs  lincas  tigu 
rx^BCE,rcguUi,CE> 
crunt  vt  omma  qua- 
drata,  Bl',  ad  omnia 
^adi  ata  hgura: ,  BE 
funt  ergo  propor- 
tionalcs  ,  licct  linc 
magnitudincs  diucr- 
fi  gcneris ,  ncmpe  li- 
nca?,  &  fuperlicics^ 
^uod  olleadcre  opus  crat 


C  O  R  O  L  L  A  R  I  V  M  K 

H!p9c  t^ttur  pfimg  hAhttuf^fi  fuinnt pdrdlUlo^f49nmttfn,($* 
fi^urd pUnd  iH  iddcm  hdft ,  dltttudtne  ,  feguU  fitmptM 
hdjt,  ommM  rtcljngmld pdrdilcUgra^Mt  M^tte  dUd  dd omnid  re^/dtfm 
gnU  t/ltnj  figttfd  tcfM}  dltd  dc  prditcid ,  efse  vt  dtiium  pdralleh^ 
grdmmum  dddtJdm  fg^rmm.^uo ipdtmt^dum  oHettfum  ejiom^ 
M4  recidn7uU  tpfius  ,  Ac,  dttttu  itnts ,  St,  ddomntd  re6iangul4 
fgurd,  B-^B^Aititudims  cit4fdem,SE,efse  vt,At,dd figurd,BCEw 

C  O  R  O  L  L  A  R  I  V  M  IL 

Hibctuf  fecundo  cylindricos  in  eddem  dltitudine  exiflenter 
efse  tnter  vt  hdfcs,  cjuod  de  cdterts,  z  elutt  de  fuprddi* 
{its,  ft,  € O£,'0fiendetur,  ^udmuts  dltter  ctidm  td dltunae  if>jr0 
colhgetur^ 


m 
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COROLLARIVM  IIL 


H 


Ahttuv  terttt ,  fi  ntinfmt  in  fupradtSlit  daobits  Theorem4' 
tibus  expofitA  duo p«ralltlogramma,  ^  duafigura,  ftd v- 
num  t antum,  f*r  vnafigura  in  eadtm  bafi,  (ir  altitudtae  cum  ipfo» 
euius  bafi pofita^ro  regula,  <jr fftmpto  vtcun^'y  punfio  in  vno  latt- 
rum  bafi in/iflenttum,pertji  ipfum  bafi  du£la  ^araUela,  reperiatut 
eam ,  qua  intercipttur  paraUelogrammo  ad  e«m ,  qua  intercipitur 
figura ,  ve( figurasfmtles  ab  ipfis  defcriptas ,  tancjuam  homologit 
lineis ,  vel  lattrihus ,  efe  vt  vnam  ex  maximis  ahfcifsarum  latt' 
ris ,  in  quo  fumptum  eli  punSium ,  ad abfctfsam per  du£lam  bafi 
acfuidtfiantem ,  velvt  iHas  adiur.aa  quadam  reila  Itnea ,  vel  v$ 
iftarum  figuras  fimiles  ab  tpfts  tdjuam  li»ets ,  veltaiertbus  homo- 
hgis  dtfcrtptas ,  ita  vtfigura  defrtptx  a  fingults  earsm ,  qua  di- 
cuntur  omnes  ItneaparalUlogrammt,  &  dtdl^t figura,  fint  fimtles» 
vtpariter,  qua  dtfcrihuntur  a  fingults  e.irum ,  qua  dicuntur  ma- 
xtmt  abfctfsaru,  vel  abfafsa  diclt  latcris.  quod  adhuc  diBa  ma^ 
gnitttdtnes  cotltciacrunt  propormnales:  f^ttx.g,fiin  7  heorema- 
tis  antecedentis  figurahibearnas  tanium  paraHdogrammu,  BF, 
&ineiufdembafi,  EF,  (ir  eademaltttudtne  ,figuram  ,  BbF,  & 
fumpto  in  vnolaterum,  BF,  DF.  vtcunq;  t^uniio.  0,& per,0,dm- 
iia,  O^paralleUtpfi.  EF,  reperiamus.;^,  ad,  OP,  cfss  vt.EB, 
ad,  BO,  velfiguras  ftmtles  def  riptas  ah.  O^  OP,  tanqua  Imtts, 
vellaterihus  homologis ,  vt  tx.  g.  q^adr^tum.  Qo,  adquadraiH, 
OP,tfsevt,tB.ad,BO,vefvt,aB,aituneiaq:iadam  Unca  ad, 
SO.  adtun^a  eadcm.  vcl  vt  ab  ifits  defcnpt.is fimtles  fg-tras.  di- 
co  colUaas  magriiiudines .  qu  t  comparantur  efse  proportionales ; 
Namfiipfi,  BE,  tntelhgaiur ait>>tcaiun paralUloTrammum  AE» 
cuiusbaftsfit.  CE,  tn  dtreiium  tpfi.  tF.  conHttuta.&.CE.aaua^ 
Its  ipft,  tB.  tunc  omncs  linea ,  AE,  regula,  Ct.funt  ^ctualesma- 
SSus:  f '^"      'M*"-.  BE.  vtprobatum  :/i.  ^  em,  es  abfafsa  aqua^ 

i(''">''^bHslinetstrianguli.BCF.fifitiunau,BC.(qu.fectt,MO, 
w.X,)  vndt  vict  earum  qut  dicuntrtr  maxtm^  abfcifsarum,vel 
abfcifsatpfius,  BE,  rtfie  ftmem,i,omms  UneAs.  AE,&tridgu(i, 

BCE, 


'^'?^F'^*g'>*t»i>nt,rcnr,i,<,.d,n,s.collHU^^^^^^ 
'"Mg-HtMi,nn,m^ord,m,.^Un^,cm  coUaUu^u  .>../^Vi.. 

fUch»,.  ,Jj  dce  fi,  A,j,J,ne  f,n,  re}j,.  f,„c  ZJr^em- 

'^^'<i''''r,r,(ijns:Hocan,emCmUr,umf,,c.^^^^ 
fnU„er,eud»m  eH.  sc  memm»  ^UUg^nu.f.m)  cmJ^nd^dnm,^ 
<''/^^^f''i''»po>>,f,m,,d,m>,>.,^r,t,ones,,n^u4mexf^ 
rt/iudwfus  „»f^^cn„um  L,l,  rum  l,  c7,o4e-f4C,ii  (trrf/tthUti,' 

THEOREMA  XWn.  PK01>0,s/x.XV!I,  ^ 

SI  duo  trapexia  fuerinr  in  cadem  bah,  fiimpto 
vno  laterum  arquidilbntmm  pro bafi ,  &rc- 
gola  V  &  fuerint  ctiam  in  eadcm  altifudir.O 
rcfpecau  illiusbafis,&Iatcra  bafi  paraWtla  fu^rinc 
aquaha,  trapezia  erun t  arqualia,  &  omnia  eorua- 
dcmquadfauefUQt^quaha..  \ 

M  ■  Sint 
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Sint  diio  trapezia,  AERBjABDjin  eadem  hafi>  AB>qu« 
Ct  fLimpta  pro  regula^cuiqs  latera,  ER>  IDjlmt  paraUela>& 
iater  fcaequalia.  Dicotrape- 

zia  elfc  ;3equalia,  !k  omnia  eo-  ^  ^ 

rundem  quadiata  'eife  aequa- 
lia.Prodaca^iturj  AE,  BRjdo- 
nec  fibi  occurrat,  vtin^O,  &, 
Al,  BD5  doaec  fimul  incidar, 
vt  ia,  X5&  iungaturjOX^quia 
crgo,  ER5  parallela  eft  ipfi.,  A 

Iti  ^iff. I      ^^"^^^  triangulavAOB, EO 
ScIti^Eic*  Rrfiuiiliaj  &  eadem  ratione  fimilia  erunt.triangula.,  AXB, 
•cnt.      IXD5  ergo  vt^  ABjvad)  ERivel  ad,  ID5  iHi  aequalcir  jita  erit, 
.     BO3  ad,  OR,  vt  autem,  AB,  ad,  ID,  it  a  cft,  BX,     ^XD,  er- 
*  BO,  ad,  OPo  ita  eft,  BX,  ad,  XD,  ergo.OX^  parallela 

^ft  ipCi>  ED.  Ducarur  iatra  trapezia  parallela  ipii^  AB,  vt- 
cuaqvie ,  VC,  feca  ns  ^  X  A ,  in>$^  OB  5  ia  5  fuat  igitur 
triangula,  AOB5  VOT^iimilia^^x:  pariterfui^jC^milia  trian* 
giila,  AXBf  SXQ  crgo,  AB,  a4VT,  a  it  vt^  SO,  ad^,  OT^^J. 
vt,  BX,  ad,  XQ  (qiua  9  VC,  parallela  cft  ipfi  5  AB,  &  confc- 
quenrer  ipfi^ OX,)  .i.  vt,  Aj^, ad,  SC 5  ergo ,  VT^SC^ eriint 
a^qualcs ,  &  corum  quadrata  pariter  a^qualia  5  fic  autem  dc 
CiEtCFis  ipfi,  AB,  parallclis  idcm  oftendctur,  ergo  oiTines  li- 
nc;r  trapezij,  AERB ,  erunt  a?quales  omnibus  llRcis  trapc- 
2ij>  AlDB^regula,  AB^  &  confequeater  rpC\  trapezia  crunt 
aequalia  y  &  omnia  eorundcm  quadrata  paritcr  sequali.u^, 
quod  oftenderc  opus  erat. 

.THEORTIMA^XXVn^  ^ROPOS.  XXVIII. 

SI para»e!ogrammom>6c  rapeziom habuerint 
comft)tinem  balim  vnum  a^quidiftantiumJaf^ 
terum  trapeii;,quad  fit  fumptum  prorcgu- 
la  5  Omnia  quadrata  paralklogrammi  ad  omni^ 
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quadrata  trapeiij  erunt,  vtquadratom  cl;<a,ba. 
(is  ad  rcaangulum  fub  parallelis  lateribus  trapc- 
z.j,cum  -f.quadrati  difFerentiar  diaorum  iacerura 
aqmdiftantiuttu,.  «.w.um 

laterun.  a.quid,,bntnnn  altcrum,vt,  BQ  fic  cimmS^^^^^^^ 
fis  .pfi  &  cr:,pez.o,  &:  rcgula.  Dico  ergo  omnia  quadrata. 
AC,ad  oni:ua  quadrata  trapezijjBCO^efTc  vt  quidratum 
BCadrcaangulumfub,BClO,vna  * 
cum  r.quadrati  diffcrctix  ipfarum,  TP 
BCIO.  Sumatur  i:i,'DA,  ipfa,  ED,  x-  ' 
qualis  ipfi,  lO,  &  iugjtur,  BE,  &pcr, 
E, ipfis , AB ,  DC, parallcla  ducatur, 
EM :  Omnia  ergo  quadrata  trapczij, 
EBCD,  per  li.icam  ,  EM ,  diutduntur 
in  omiiia  quadrara  trianguli,  EBM,&: 
inoni.iin  quadrata,  MD,  A:in  rcafigula  fub  triagulo,EBM, 
hCbis  fumptn,  ad  horu  crgo  fingula  comparcmus  om- 
nia  quadrnta,  AC .  Igitur  omnia  qundrat.i,  AC,  ad  omnia  » 
<iuadrjt.i,  CI-,  fiint  vt  quadratum^BCad  quadratum,CM 
quodlerua  .  Infupcrom:i.n  qundr.nta,  ACadomnia  qua! 
drata,  AM, funt  vt  quadratum,  CB,  ad  quadratu,  BM,itcm  ' 
©mniaquadrafn,AM,funttripla  omniumquadratoruni,^  M.U.w, 
tnjnguh,EBM,  .i.  funt  ad  illa ,  vt  qundratum,  BM,  ad  t. 
quadr3ti,BM,crg.:>,cx  a-qu3li,omnia  quadrat3,ACnd  om* 
nia  quadr.ntatrianguli,EB.M,cruntvr,BC3d  v.quadra- 
H,BM,quodpariterfcrua.  Tandcm omnia  qundratn, AC,  i4.i>uiM 
ad  reclangula  fub,  AM  ,  MP,  crunt  vt  qundrntum  ,BC  ad 
redangulum,  BMC,  reamgula  vcr()  fub,  AM  ,  MD,  ad  rc 
aangula  fub  triangulo,  HBM  ,  &  fub,  MD,  funt  vt,  AM,  ad  Corolf, 
triangulum,EBM ,  'quia  illa  funt  omnia  rcaangula  paral- 
lelogrnmmt,  AM,?<:  trianguli,  EBM,  xquc  alta,  altitudinis. 
ncmpcafqualis  ipfi,MCftiinpta  regula,  BM,)  .i.dupla  i.vt 


A  r 

foll  t,. 


n  G  E  O  M  E  :T  R  I  ^ 

,rcaajig'ilum,  BMC,  ad  ciufdejTJ  dimidium,  ergo,  ex  a^qua- 
li,  oniaia  ciuadwtp,ACj?d  re^aagula  fub  triaugulo^niiM, 
82  fjib,  N4D,  eruiit  vt  quadraium,  BC^  ad  dimidium  redan- 
^■lUjB  vlC,  ad  cadfem  vcro  bis  (umj)ta  eruiit,vt  qiiadratuni, 
liC,  ad  rech  i^^alum,  BMC,  crgo ,  coUigeado,  omnia  qui- 
drata,  AC, ad omnia  quadrata ,  EC,  ad  om  .ia  quadrata_j 
trianguli,  E«M,Sc'  ad  recbngula  bis  fi.b  taar.gulo,EbM,& 
lub,  EC, erunt  vt  quadratum,  BC,ad  quadrati.m  CM,cum 
recb  igiiio,CMB,  &  t.  quadrati,  BM,  kdrcaangulum,  B 
MCcam  qua  Jrato,MCconficit  rett.i.igiilu  iub,  BC, CM, 
eigo  oiT>  ua^quadiata  >  AC ,  ad  (jm.ua  quadiaia  trianguli, 
EBM,  paraUelogrammi,  MDyic  rectangula  bis  fub  eiidem, 
K  hu  •i-a<i''^'"^«-»T«d.Mta  trapezij,EDC  ^,.i.adom:iia  qua- 
drata  tra^iezij,  lBC:o,  (quia,  lO,  ED,  funt  xquales )  crunt, 
ant«  vt  quadi-at um,  BC,  ad  rcda ngulum  fub  > BC ,  CM ,  .i.  fub, 
BC  E^),  vcl,  10,  vna  cum  ,  .  quadrati ,  BM ,  qus  cft  d iiTe- 
rcntia  parallclaram, BC, ED,  fiue, BCIO, ipfius  tr apezij, 
IBCO,  quod  oftcndere  opus  erat. 

COROLLARIVM. 

PAtetauttmftifft.  ME,  aJitirgamM,  in  dire&um.lF.  4<ftt^ 
Umtpti,  MC,  (^iJfifpponaMu,,  BM.  4<f  ',ar,  ip'i,ME,  facit. 
k»seprobaripo^e  »mma  cfuadrata ,  ^c,  a^uart  qua<faits  maxi^ 
mar»mabf:tl?arum  ,pfi„s.  ME,ad,u„aa,  kF,(ir  cmrtatfuadrtt. 
ta  traf<zf,  FBCo.  ^^u^rt  ^uadratis  ommum  abfctfiarum .ME 
4dtm6ta.  tF.nam  ,x  gratta  dMcia  ip(i ,  SC.paralUlavtcun^ 
^»^.yR.<lu»fuet^EB,tn.S,&,EM,tn,  T .patet.auod ,VT, 
*Ha.paltstpft.ME.6;TR,^d:unei*,  t.F,dr  ideo  tota ,  F  B. 
tfualu  tm.MF;/imtluer,  U .  e/f  af.aitj  ipft,  r t.  &.TR,ad.t,n. 
Qa,  EF  vttdepatet,  SR,  a^ttart  compoft^ex.  T B  ,vna  ahf»^^ 
Pttr».& adtunaa:  Con/rm:ltttrmsaterisfac7a  dfmAnhrationc^ 
fropof,t*.mnflende^us  j  pmbttpartter  cfttauratA  ma^ttm^, 
9tm  ai^lafsATHm  ffo^ofiuna^lmu  vn^/itu,  E^,  ttdittnSit^ 

5*^ 


c 
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tmn^tA  tdJem .  efie  vt  cfMAir^tMm  vnims  rMJumt,i  .ih/ctfs4tum 
*  i,mncl4 14K»  diii4  .i.vi^v^drArwH  (cmpo/if.t  ex prefclitM.&  nd. 
tmras,  44  recl4f.gmlmm/mb  hsr  ampo/ua,  &  fmh  4'JiuK£i4.  xni^ 
cum  7.  ^*Jir4.'.  differe^u»  hm.uscm  o(,tt .  <fr  4a,mr.cl4  .f  vt 
<J'44ir4$>,'n  MF.4jreCl..gHlmmfml,.Mf,Ft.  xr,4  cm  ^.cjms. 
drMti,  &M.^m4  etl  aifftrciu  e^rmndem.dr  eft  et frcf»/,t4  ime*^ 

T  H  E O  R  E  M  A  XXIX.  P  K  O  P  O  XXIX. 

Viufcu.jquc  puallclogrammi  omnia  qua- 
drata  fi  g  ilu  vno  larcrtim  ad  omnia  quo. 
drataciufdcm  rtgulaalccro  lateromcum 
prardido  angulum  contincntium,  cruQt  vt  prima 
regula  aJ  rvCundam_,« 

Sit  c^n6  Jcimq;  parjlIc!ogramimim,  AD.  Dico  omni.i_* 
qiij  J.ata  ei.ifdcm,  rc^uU,  Oit^cXa  vt,CD,ad,  DB:  Omnu 
ciiini  quad-ata  ,  AD,  iC- 

gula,CD,adom.U3  qua-  A  B 

dratj,AD,rcgula,l»B, 
hibcc  rationcm  c  mpo-  / 

ritamcxej,quam  habct      ^  ^  ««.fcuiM; 

quadrar  ;m,CD,icJqua- 

drat  im,  DB,^c  *x  C3,.]unm  h,nbcr,BD,  ad,  DC,  (qula,BD. 
a:qualitcr  i.Klhutur  bafi  ,  CD,  ac,  CD,  ipfi bail, UB,  iiam 
funtcirca  cu.idem  jaguhimA  .i.  e.^t  c.i,quamhjbt'tqu3d.a-  ,  htiiM. 
tum,BD,aaxca»ngMlum  'ub,  BD,DC,du3c  autcm  ratio- 
nc^,  acmp&  quad.ati,  CD,  3  J  quadratnm,  BD,".-  quadrati, 
BD,ad-cflj  tg.,1nmrub,BD,DC,compomint  ra^ioncm  niffin 
quadrat.,  O^  .rJ  -ecH^uUim  fub,  BD, Dr,qux  cft  cjdc  m 
ri,  fpi.-imhjbcr,CD,a(l,DB,crgo  onviia  quaJ.-ata,  AD, 
r  cgula,  CL\  ad  omuia  «juadraia  ciufdcui,  AD,  rctjila,T.?i}^ 

ciuuc 


>  '  5  h». 
iui. 
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erunt  vt,  CD,  prima  rcgula  ad,  DB>fecundam,quodoficn- 

dere  opus  crat . 

COROLLARIVM. 

H/  nepatetfft  iuag4mut,CB:m»i4  quadr4ta  ttiaguli,  CBD^ 
rtgula,  CD,adomntaquadrata  trtarigvlteii$Jdtm,regit- 
,  ia,  DB,  efse  vt,  CD,f>rimam  reguta  m  ad,  i  B,fccundam,  ttavt^ 
omma  ijuadrata  triat,guUrstm  tn  eadtm  haft,  (jr  altHudtnt  cuttL^ 
faraHelegrammis confittutorum  funt  omnium  quadratorum  dtiit- 
rumparaUelegrawmoram  fubtrifla  ,fumfto  (ommutH  idtere  frt 
imriii;  regula,  vt frohMum  efi. 

THEOREMA  XXX.  PROPOS.  XXX. 

SI  intra  parallelogrammum  agatur  a  pundlo 
bafis  lateribus  oppofitis  parallela,  &  conftt- 
tutorum  hinc  parallelogrammoru  vnius  du- 
catur  diameter;  Redangula  fub  fa<ais  parallelo- 
grammis  ad  reiaangula  fub  traperio,&  triangulo 
in  toto  parallelogrammo  perdidam  diametrum 
conftitutis,  regula  bafi ,  habebunt  eandcm  ratic 
reni ,  quam  bafis  parallelogrammi ,  in  quo  non.. 
duciturdiameteradcompofitam  ex  '  .eiufdenu., 
&    bafis  alterius :  Redangula  vero  fub  toto  pa- 
f  allelogrammo ,  &  fub  eo ,  in  quo  ducitur  diame- 
ter,ad  rc<aangulafubdi(aotrapezio,&fub  trian- 
gulo,  qui  eft  trapezij  portio,  erunt  vt  bafis  totius 
parallelogrammi  ad  compofitam  ex  1.  bafispa- 
rallelogrammi ,  in  quo  non  ducitur  diatiieter ,  & 
ex  f  •  bafis  alcerius, 

Sit 


/ 
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Sk  ergo  parallclograminum , 
AF,  la  bait,  Di-^qux  (it  regul  •  \ 

i  itra  qaam  llimptiiiu  (it  pu.l  nn, 
E,  &  per,  E,  iplis,  AD,  Cl-,ad  l 
parallela  ,  BE,  ducatur  autcm  iii 
^^^"■utro  parailelogrammorum, 
AE,  EQvr  ii,  EC,diamctcr,EC. 
Dicocig  )rccia.igiila  fub,  AE,  H 

Qad  rectaiig  ila  fub  trapczi .,  ADEC,  &  triangulo,  CEF, 
cUc  vt,  DE,adcompolitam  cx     DE,  iii  i-.  EE  .  Rcclan- 
guia  cuHn  (ub  trapczio,  ADEC,  diuif  >  pcr  Imcam ,  BE,  &  ,c,  A.  c, 
lub  tria  igiilojCEi  ,iiiduiilo»f  qua.uur  rccbnai-lis  fiib,AE 
&  waugulo, CEF,  vcl  cna.gulo ,  bEC,  .S:  reaanm.lis  fub 
r  ^  '"^"§"'^'  CEl-\'iuac  patct  rcchugula 

fub,AE,Ey,aJreclingularub,AE,.\:t.iaagulo,BCE,cf.  corolL 
le  vt,  Bi-,  id  tna.igulum ,  iitC,  .i.  dupla  .i.    ,  DE ,  ad  -i-.  •>»•'»». 
D£,q.i  >dreru  i_^.  ** 

Itcin  rc.b  ig  ila  fub ,  AE ,  EC ,  ad  omnia  qun  drata ,  BF, 
fu.w  vt  re.V,  igUlum ,  DEF,  ad  quhd.-3tum  ,  EP,  .i.  vt,  DE,  ,4.  hui,^ 
ad,  b>-,  ).n  iia  ve.o  quadrata,  B;-,  fn:u  fexcvipla  rcaiii..u-  . 
lor..m  rab  tna  ig  lUs  BEC,  CEl^  ...  lu.it  nd  .'.la,  vt,ElV  J  l^'^:: 
T.c..rfJ?iniEr,ei:g>  ex  «quali,  rcJrail  t  ,1.,  f„b,  AE,EC 
ad  le.b  ig  i'a  lub  tna  ig.ilis,  BEC,  CEF,  crunt  vr,  Dh,  ad 

bF,  eadcm  vcra  ad  LCjlvigtila  fub ,  AE ,  .Sc  trtangulo, 
B£C  (uie,  CEF,  uftc  ifa  fa.it  clfc,  vt,  1  )E,  ad  f .  DE,ergn, 
coltigefid  ,,,-eaa.igu!a  fub,AE,EC,ad.ecb!iguIa  fub,AE, 
&  tri  »:ig.|lo,  CEF,  ^  fub  triangulo,  BEQ  8d  eodeiT.,CEF, 
j.  aJ  rc^b-i ji'a  fub  t  apczio,  ADEC,  tria  igulo ,  Ciir,  pc»  4  c. 
cru.uvt,D£i,aaci.np.)htamtx  •-.DE,&:  .  EI",  qux  cA  ^otnh^ 
Thtroremati;  p,  una  pars  . 

Dico  vlterius  rcaangula  fub,  AF,  FT?,  ndredlinguta  fub 
tranczio,  ADEQ  'k  triang  ilo,Bi:Q  c:lc  vr,  DF,  .id  com- 
poiitam  cx  f .  DE,  ic  r .  EF;  ret^iiiguta  .,1.  f.b,  AlM-h,,ad; 
rcain^ulafub> AH,EC,fuiu vuccbnguluiu,DFE,ad rc-  i^i^^ 
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f  hiifus.  aangiilii,  DEF,  .i.  vt,  FD^  ad,  DE^reclangiila  ver6tlibv*fe> 
EC5  ad  rectaagula  fub,  Afc>  &  trianguio,  BEQ  ftmt  vt,  BF, 

coron^i-  ad tnangulum,  BEQ  .i.  d  ipla  .i.  vt,  DE,  ad  f .  ipfuis,  DE, 
^*"**  ergo,  ex  xquali  reolaiTgula  fub,  AF,  FB ,  ad  re6langula  fiib, 
AE5  &  triagulo,  BEC,  cru:it  vr,  FD,  ad  1  .DE^quod  lerua. 

rhJi^"'*  ^^^^^^  rcclangula  fub,  AF,  FB,  ad  omnia  quadrata ,  BF,  funt  < 
iiuius.  vt  redangulunl,  DFE,  ad  quadratam,  FE,  .i.vt,  DF^ad^FE: 
Omnia  vero  quad  atn,  BF,  fiint  tripla  omniu  quadratoruin 
trianguli,  BEC^  .i.  funt  vt.FE^ad  f  .FE^crgo  ex  aequali  rc- 
iStangala  fub  >  AFj  FB,  ad  omnia  quadrata  trianguli ,  BEC, 
func  vt,  DF5  ad  f .  FE^  crant  autcm  cadcm  ad  rectanguLu^ 
fub,  AE,  &  triangulo,  BEC,  vt^  DF^  ad  ~ .  DE^  ergo^  colli- 
gendo5.re61:angula  fub)  AF,  FB^  ad  redlangula  fub,  AE,  fl^ 
triangulo,  BEC^vna  cuomnibus  quadratis  trianguli^BEC) 
.i.  ad  rcclangula  fub  trapezio,  ADEC,  &  triangulo ,  BEC> 

fo7f \bu^  erunt  vt,  DF,  ad  compofitam  ex  f.  DE,  &  f .  BF  5  quse  eft 

itts.  '    "Theorematis  fecunda  pars;>hxcautem  erantdemonllrada.^ 

C  O  R  O  L  L  A  R  I  V  M. 

COlligimus  autem  exhoc  Themmate  reiiaf^gHU  ft^bmdyi^ 
mis  abfctfsaYum  propoftta  Itnea  ^  adiunclis  eifdem  tot  vni 
Cfiidam  acft^alibtts,  ad reclangula  fuh  um^nhus  abfafsisttufdem^ 
adinnSia  iam  dicla  ltnea,&  fub  rtftiuis  abfctfsarum  (iHfiem,  ef 
fc  v$ adiuncia  ad comp  fuam  ex  adiur.Gia ,  &  -i,'propoff$a  /|. 
n^a,  (jr  hoc  rx  primapMrte  huius  Tbmematts,  ttdm,  vt  a/tbt  tfie^ 
dimus.ft ftipponamustpft,BP.,adtur,gire£iam,hM ,  aquAiemipp. 

&i  B£,  efse  aqu4em  tpft  EF,  or/wes itnea  trapfz.^^  ADtC^ 
erunt  acfualesommiui  abfafsts  t%fttis^B£^  (qua  fit propfftu/meaj 
adiunaa  tarnen ,  EA/,     otr^ms  /inca  trianguit ,  CBF  (ttiteiltg^ 
fc^mper  regutam >  t) F  )  ei u  *  aquaics reftJms  omnium  abfctfsarum 
propoftta  tinea,  BE,  item  omnes Itnca ,  Ab ,  erunt  aquales  ^s ,  ({ua^ 
\4dtunguntur maximis abfct/sarum^  BE, nam earum  ftnguia funt> 
a^uaics  t^fi,  DE,  vei^  EM^    omncs  linia  ^  £C^  maxtmts  al^fctf 

farum 


.  B  E  R  .  IT.  i 
/krtm,  MEtf^if,,  ^^mjlts  ermnt,  vnitp4t«t  j>,  c.fcf(tum.  Ex  f<f 
€i,nd4  wto  f4ttt  itttfmUt  t4t,t»e  (UligtmHireaungitU  fnb  ms. 
ifmtt4bfa(i4rttmfrci>rji,tlmt.  vt,  BE ^^diunaaqn^d^m ,  vt, 
£M,  &fm(,  m4xmu 4hfctjUtuttHfdem prof>ofu4,  Bt,  4x  rr<f7rf«. 
g^*fHl'tmr.thHs  4bfitfits  ,fmm^ts  vetfHs.E,  cufdem,  ftcp^ft^, 
BB,  4dtittta4.  &fMb  ttfdtm  tmntbnt  4hfttfi,s  fro^J,t4.  £E» 
tpe  vt  etmpoftt*  ex  fropiftt^ .  &  ^died^ ./  vt,  BM.  ^dcorupofu 
t»m  ex  X.  ddiei^fx,  f04  tfi,  ME.  &  r.frtfofit^,  jtt4  eff,  BE, 

THEOREMA  XXXI.  PROPOS.  XXXI. 

EXpofifa  Propofit.antcccdcntis  figura,&  in- 
tra  parallelas,  AC,  DF^eifdcm  Jequidiftan- 
terduda  re<fla  line3,HO,quxfccer,BE,in, 
M,  &,  CE,  in,  N,oftendemus,rcgula  eadcm,DF, 
redanguia  fub  paraHcIogrammis,AO,OB,ad  re- 
^angula  fubtrapcrijs,HACN,MBCN  ,cflevt 
teftangulum ,  HOM  ,  ad  rcdangulum  fub,  HO, 
MN,cumrc<5^angulo  fub  compcfita  cx  '  .HM, 
&  i.NO,&fub,NO. 

Rcda;igiila  cnim  fiib  parallclogrammis,  AO,  OB,  ad  rc- 
6angu!afubparallelogrimis, 
AM,  MCfuiit  vt  rr  ■ 


'.im, 
iMO, 
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rcaangula  vcro  fubjAMAIQ 
ad  rcaangula  fub  parallclo-  ^ 
grammo,AM,&  trapczio,BM 
NQAmc  vtjBO.jdtrapcziu, 
BMNQ  .1.  vr,  MO,  nd ,  MN, 
cum  r.  NO,vcl  vtrc<fbngu- 
lum,  HMO,ad  rCifbngulu  fub, 

HM,  tk  fub  compofua  cx,  MN,  &  -^.  NO,  crgo,  cy  ^tcirali, 

N  icaan- 


Coroll.  T.' 
16.  baiat» 

se.  buiut. 
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reaaugufa  fub, AOjOBydd  reaanguh  fitfeVAMi^&t^ape- 
ziOi  BMNC ,  funt  vt  re6iifngulitfn ,  HOM  i  ad  reaangtilufn 
fab,  HM,  &  compofita  ex,  MN^  &     NO,  (Jnod  rcrnav '  ■ 

14.  huioi.  -  infuper  rei^agula  fub,  AO,  OB,  ad  omnia  qaadrata,OB> 
funt  vt  re(5langulun>,  HOMjad  quadratum  ,0M,  &  otnrtia 

*t  biu  I.  ^"^^'"^^^>^2'^*^o™''i^<l"adratatrape4iji  BMNC)fBnrvt 
(jiiadratun>,  OM,'ad  rcdangulum,  OMN,tuni  t  iqaadra ti, 
NOi^^^go,  c*  a-qua^f  «•aangulls  fubi  AO,  &B'yS^oimiii:J 
quadrata  trapezij,  BMNC,  funt  vt  rcdangulum,  HOM,ad 
rcaangolfij.OMN,  tmi.-v.  qtiadi^ti-,  NO,  oftenlVfmit  au- 
tcm  rcaangula  ftib»,  AO,  OB,ad  redangula  fub,AM,&:  tra- 
.  pez*i0,  BMN<3>cllt  A-tiroaaogaUnT^it^Mi  aji  re!ii«f4"*f?fi 
{ub,  HM,  If^ompofita  c5Ji'M^»/^  "i^f  NP>^igp2^^^'§'i' 
d^,  recbng\jl:^  ^hvi\0,GB,a.d  tf  aangu!ju/ub;  AM,*-'*- 

^lxihl  P^KWpiC,  cu'm  omnifiU  quafj-ratisyiurclcmyrai.c^ij^ 

iuy  MCft  .id  rc£bnguta-(ub  traj^eiijs,  AtwC,  fiMNe^erirnt'H 
r^aanguluiii,  HOM,  adVcdanguhmt  fubj-WMiSi-^tdrtp^Tft 
«a  cx',  MN';1&' 4  .NOrvna  cuW  roc^a^ignlq  fuIxyOiilj&^Ail^ 
&  i-n  S^^Ji^t  ati*iNOj,tr.a<iagjaiim  ^  irtf^yfub^lrlfr;,  S,:<4onv 
j>9ftta  cx,MNg  & ^>JO,.diuiditui| ^ji  re.^ingi!j;} Ji,b,H^i 
&,  MH  &  Hib,  HM,^  i .  I^6,fvVgp  itjn^eVil  i"cd'%u  huxi 
fub,  HM,  MN ,  cum  rcaangulo  fiib,  OM  ;MN',1lct  veaa-fr- 

ile»!"'''  g"l"ni  f»btota,HO, &: i>b,MN,&: remancbit  rcaagullim 

hib , HM ,  &  Aib -f.  NO,  ciira  T.  quadrati ,>^0 ,.4defL curo 
f'  »>«"«».  rcaangulo  fub,  N0,&  .  NO,cft autcm  rcaia!i^ukin%l*ll$^ 
HM,  &  -!: .  NO-,  xquale  rcaa^igulc  fiib  ir-  HM,K:  fHb,NOl 
hc5c  crgp  (i  runxci  is  vca.mgi46  fub^NO,;^:  f..  NO,  confi^ 
cicimis  reaangurum  liib  compofita  cx.  -t .  HM, &,  r  .  NO» 
&fub,NO,totumioicurconfequens  iam  diaum  diuiftim 
cft  inhxc  duo  reaangHla,ncnip^  vnura  fub,HO,MN,ahud 
fub  compofitn  ex  ^ .  HM,  &  f .  NO^^  fub,  NO;  ad  hjec  er- 
go  fimulfumpta  reaangulum,HOM,  crit  vt  rcaagula  fiib^ 
AO,OB,ad  rcaangula  fub  trape/.ijs,AHNC,BMNC,qaod 
oltenden4um  erat« 

CO- 
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A       I  ^  E  R  11. 

H7«  iU4mf4tef.fi fnppoffdmms,  FE,  e/se  dqmiUmtpJs, 
^  dtreamm  ddtuncldm  tpf^m,  Bz.fmm4mm\ 

tdmen  cmm.EZ,  ipf^m,  E  A/,  ex  (fmttms  cottficidmms,  HZ.aditsu. 
Shm  mdximfs  4hfcifs4rmm ,  vel^b  •  ^ 
Yciftis  tpftms ,  B}i^,propofit4  vtcpkql f 
ft«^i<,  (]modf4ctl}(ffttfr<ientmHthnes  'y^fZ^ 
pifdj  f^rmJteiogfdmmi ,  /10,  dfitdri    /  ' 
fttijctntis  dtfctfsdri,  BM.  4dmttii4,  D 

omttes  ltmt4S ,B0,4(jm4rt  m^- 
Xitstu  4hfctfs4rmm  ,  ^.V ,  4dtmnff4,  f 
M_E,  ^Ammcs  itncds  tr^ptzij,  AHN 
Ct  d^mdfi omttibms  ^hfctffts ,E ,4d. 

4b[cifm  ,p!,us,  BMi  sdtuntlu,  MK.  cjmfum  txempl„m  ps,tr«_, 
fcftasn  reaa.  HO  ,n  jua .  HO.  a,,.,,.,^  ip/, ,  F.Z.  ffr.  HK.  ,ffi, 
MZ,      MN,  ,p/S.  ME,  jf„4r,  ^''ttmf^prMsficnttlU^t.vt 
/tmptr  CMs.,6tt  ^fsmmft^smparaUtUgrammt.  AO,  rtptr,a,„r fibi 
f^dtsrtfptmdtnstmrtUa,  BZ.&fic  cmi,it,afs„mp,M,„,r4pt, 
zys  ,am  d,Si,s,  rtptr,4tur  ,11,  Mqudu  corrtfptrsdtn,  ,n  rtila.  BZ. 
fW  cni  vMt  AbfcfsMrum,  BM,  »d,u„cU,  MZ,  vtl.  ME,e4  ntm, 
pc^ui  ,e, m,nstur  adtdtmpunclm. ptr  ,fm,d  trsnfi,  tM,qu4  *^mi ■ 
diltAt  iffi.  3F,  dr  cum  tdiem  cmpdrata  ,Ut  rtptrttur  s^jmtis,  (fie 
sMftm  tmstUigt  imetttris.cum  d\c,mus  cmnts  Uneas  dUcutms  fi. 
girM.  fu4  (fifsrAlHgrsmmmm,  vtl  tr4pt\tum,  vtl  trtsnq^mlum 
dq^t  amnibms  dbftfsts.  vel  '»4ximi,.  velrtfiduis  emnii  ^hfnf 
fsrtim  iUcuttis  itne* ,  ^dtunau,  velmon  4dimnfi»  4Uqu4  Umtt^.) 
Rt[iAngul4  ergi  fuh  msxtmt,  dhfetfsArun.,  BM,  ^dtuncls .  MZ, 
drfui,  maxtmts  ^hfctfsarum,  BM,  4dimnci4  .ME,4d reiianq^uU 
fmb»mnthMS4hfc,fH,.  B\l,4itmmcl4,  Mz  &  fmhomntbms ahfctf 
fs,  BM,  4dtmn{l4.  Ma,  erut,  vt red^ngmiurv  fmh,HO,OM ,,dtfi 
,fib,  tB,ME,4d  rtdangmtum  fub,  HO.MS,  cumreiiagmk 
ubcmpcfitatx  r.  HM,&  ^,JiO,& fmb.KO.tdtfi sdrtaam^ 

N    a  gulmm 


V 


ioo  GEOMETRI^ 

THEOREMA  XXXH.  PROPOS.  XXXn.' 

Xpofita  adhucantecedentisTheorematis  fi« 
gura, fi  ipfi,  EF, acl  pundum,F,!ungatur  ia 
dirc(Su  quaedam  re<3:a  hnea,  vt,  FS,  &cocn'r 
pleatur  parallelogrammum ,  FK ,  regula  fumpta, 
DS, olkndcmus  redangula  fub,  AE ,  ER,  ad  re- 
«^angula  fub  trapezijs,  ADEQCESR^eiTe  vt  re- 
<aangulum,DES,ad  rc(fta§ulum  fub,  DE,&com- 
pofita  ex,  SF ,  &  i.  FE,  vna  cum  rciflangulo  fub, 
.EF,.&,compofita  ex  i-,  EF,  &  -^.  FS. 

Rccta:^gu'a  cnim  liib,  AE,  EK,ad  reaangula  fitb,  AE,& 

S!'bIu,M''^P^"^'  ^^^^^ '  ^^'"^  ^'^'     '    trapezium,  CESR,  .i.  vt, 
■ESjad,SF,cum  -r.  FE,  .i.  fumpta,  DE,a.mmuni  altitudl- 

rtlir  '«lang-.iliim,  DES,  ad  rcttangulum  fub,  DE,  &  fub 

conjpolita  cx,  SF,  &  ir-  FE,  quod  ferua.  •■ 
Infupcr  rcdangula  fub,  AE,  ER ,  ad  rcaangula  fub  , BP, 

i4.Iioiu».  FRjfunt  vtre«aangulum,DES, 
ad  rctbngulum,  EFS;  item  re- 

(aagulaft;b,hF,FR,adre(aan.     .  -* — — 

-gula  frb  tiiagulo,  BEC,  "ii  tra-   /  / /      j  > 
3oJ»umfc  pezio,  CESR  ,  funt  vt , FS,  ad  /  L     L  ! 

compofitam  ex  x.  SF,  &  t.  F  ^ 

E,  .i.  fumpta,  EF,  commuui  al- 

.titu<ljnc,  vt  reda!3gulum,EFS, 
5.kii;«s.  ad  reaangnlufub, EF, &  com- 

pofira  ex    .  EF,  &  -^.  FS, er- 

go  cx!a.qualirc«2angula  fub,  AE,ER  ,ad  re^aaflgUla  fub 

trian£ulo,BEQ  &  trapezicbCESR,crunt  vt  re^aangulurn. 


X  I  B  E  R   rt  ,ot 
r>ES,  ad  reaaiigulum  fub ,  EF ,  &  compofita  cx    EF,  Sc 
i^.FSjcranc  autemeadem  reaatfgub  fttb,  AE,ER,adre- 
aangula  lub,  AE,  &  trapczio»  CtSK,vridem  rcdagnlum, 
DfcS,  ad  rcaangulum  fub,  DE ,    compofita  cx ,  SF,  & 
FE,  ergo,  oolligendo,  rccbiigula  fub,  AE,ER,ad  rcchngli-    '  .g 
la  fub>  AE,-Si  trapczio,  CESK, ik  fub  triangulo,  BEC, flt 
eodcm  trapczio,  CHSR,  .i.ad  iccbngub  fub  trapczic>,AD  p„  . 
EC,  &  trapC7.»o,  CESR,  crunt  vt  rcc^mgulimi,DES  ad  rc  «ol  ^i.bm- 
aa  igulum  ti.b,  DE,  Ci:  compofita  cx,Sr,&:  i.FE,viu  cum 
rccla4\gnloliib,EF>&coropofita  cx  fiEF,  .FS,quod 
cilcndcfc  opus  crat. 

COROLLARIVM. 

QFVwVw  v<r),fifuffinMmms.PB,  tf!e  4<i»4!em iffl,  EB.fd. 
ttle  mido  t  fiuio  oUetatmm,  tmnesUness  irsf.zij.  ADE  l^J^J"' 
•  C.  sifusri  ffltdms  ommum  shfcifs^rS  BF.fumfiis  ver- 
fiu,  E.titmnaA.  tmneslimeds sranzif.r t!>R.t<fnMrt»m- 
mius  sifcifas.  h  B.  sdimmaa  rcila  lined  aifaMii  iffi,  fs,  sid  fu». 
{imm,  B.  qmt  fit,  BV,  &  tmnes  iime/u ,  aE,  Atfmdrt  tti  dtjmMiu 
Mdsmr. a*  2c,  ijmet  fm»i  emne,  ahfafst,BE.& tmnts  lintds.ER, 
MijtSMH  maxtmis MhfifsArum,  tB,Mismna4.  By,tdtt  reclmmgm^ 
Ufttb  tfiis  ermmt  etnm  tcfmmlim  rtasngmlts  fmb  dtai,  ir*fet^s.& 
fdr4lleUgrammi$,vnde  frtftfiid  vicmn/f,  tweM,  FZ,  edtj;  vtd^- 
/eam  tn  dmttms fmnat,,  B,  t.fstehit  retHgmU  fmkstt  4qm*l,bmt, 
2  E,  ftit  funi  ornnet  ^bftifit ,  fime  m4Xim4  MbfafsMrmm ,  £B,  & 
fuh  m*mtmts  4hf(if,4rmm,  EB,  4dimi>a4,  B^'.  Mdrea^rguta  fui  , 
fffidmis  tmnimm  MbfcifiMrmm,  Bt,  MdtmnaM,  kl.^fmh cmmi ms  i 
Mbftfit,,  tB.Mdimna^,  Bf^,  efievt  rea^ngmLum  ,  Dk^  .4Jrt^ 
nsngmtmmfmh.  Ot,& eemft(it4ex,  SF,& fe,vo4camre^ 
£i4ngMlo  M.EF.&cvrnftftuex  -^.EF.dr-.  FS.u.zt  reass». 
gmlmm,  2  c  tjmtd  eil  i  nmm  rea^ngmiormm  m^xtmii  Mijmmkunt, 
^drtaMrsgmiumfu'..  ZE,& fmbcomftfttMex.y B,  i .  BE,V94 
m nii*»S.»ltjHb,  tB,d- (mftfitM e,t  i.£B,(^i,  tl'', regm- 

Idm 


E 


Um  MUm  hicpmttr  fii/>ptnt  $p/<m ,  DS,  &  0^/t{paif\>  rtfiitut 

*}hu  ntft4Uud,dtC4tttr  vdrc^lti  liei^imjdf^ 

XxSml  '  '  W(^''^^'*^*'**''nht'*P*.nwfmrmtriaArtgeila,eHmdt09itit^ 
nit  dt  hts  alUttts ,  ,^ ,0;.  ;  i,r 

THEORE.Mi]L  XXJcm.  PRpPOS.  XXXIIl'  " 

Xpolins  duab^s.vtcunqj  figuris  planis ,  fijia 
earum  vnaquaqjfumpta  vccumqj  regula_,i 
vtomnia  quadrata  earumdem  figurarum-, 
fumpta  iuxta  didas  regulas,  ita  eruhf  folida  qus- 
cumqj  ad  inuicem  fimilaria  ex  eifdem  figu-tiis^^- 
nitaiuxtaeardemregulas.  ^  V 

.^-<''' 

•  Sint  duae  vtciiiiqiic  figura:  plana?,  ABC,  DEF,  in  quibu^ 
dflJe  vtcunq?  lint  fomptiK  rcgiila»,  BC,  EF,,rccl::B  linesr.  Di- 
<r«-igitur,  vc  omnia  qti  i drata  figura'-,  A8C,\rcgula,  BGi-ad 
Viae  B  •omnta  quadrat3  figur2E,DEF,rcgula,EF,*ita  cfleJoiidum 
£iM."'''  quodcunq;  gemtuni  ex  figura  ,  ABC,iii»t.>  recru_ 

lam,  BC,  ad  fibi  runilare  genitum  ex  fi§ur.^,10iiF,  luxra^pd- 
gulam ,  EF.  Ducatur  in  altera  dicinrum  fiijurAiiMn ,  vt'ii^ 
DEF,  vtcuniq-,rcgala»,EFvpafalIc».-  •    -  ,      y^y     .  .  ,^ 
■!a,HM,qaiaergoquadratahabc/it,  q 
«.  «r  if,  interfedoplaim  ratioiieiu  latctnm,:  /'^^■«AmA 
kuiu*.      ^  quibus  defcribiitur ,  idco  quadsa-*  ■,  g  [        TE'^^  • 

tum,  EF,  ad  quadratiun,  HM,  habc-    ^  \  '/  \~\ 

bitduplamratio;nemeius,quam  Ua-  V 
feet,  EF,  ad,  HM,fed  etia  ni  alia:  duip 
»f .  fcBiu».  quiECumqi  figura:  plana»  funilcs  ab  eifdem  tanquam  lincis, 
.vellateribushomologis  carumdcn)  dcCcripta;  liabent  dh- 
•plam  rationerh  carimidcm,ergo,vt  quadcatum,EF,a.d  qii%- 

dra- 


t  B  E  R  th 


ad  Imiilcm  fibi  deici  ipt.m  X^JM,  itt,  vti"  HM^ 
adfigurit, ptxd  a«Tim  cm ;k  HM 'i  '^.^"^^-^""^'  "M, 

ciiinq,  dckriptam  ab,  hf,(ic  criint  on>iua  nnadrat ,  €putx' 
Dfcf ,  rcgu  3,  hF,  ad  omnc.  rig..ra.s  i.n.^.^n,f^^ 
DEF,  rcgcJi  cadcn. ,  fiF,  1,0^,!«  ddcrnitx  ab 

vt  autcm  qn.-,drutumaiF,ad  fi.uram  dcfcriptTab  FI  ir-: 

^bomologr^  vt  Mrtcm  qu..ara» nm  ,       ^d'(l.nira,n  dc 

ABU4-i.u»«quamd.fcrr        ,  i^C.cl ,Sd  4 

«W^W««^b!{i>r*,AjK.,crunr,^,omni.,  qt,.tdrat3  figurj, 

DEF,  rcguUs.prad,.^.,iiC,  tF,  crgo  pc,mm.nd.,vt\m- 

.  vi*l««i»wq»a<frnr.,figwra-,DEF, 

Z      c  '  ■  '**»''"<I«J?*"^<T5fig<i»*,  ABC,aJ 

n«fi",  ^".-1.  >.  P-^^'^%--'nhi:quuvcr6om. 
ncsfigurxhrh,!<;5'aKc,duj:fij?uripI.n:r  rcguJa  m.adaW 

ptx,A,ntoiT,n,aplanarc,lid,,quoddic.tm  fi,Jarc,&:cc-  .  j;.  « 
nitum  cx  r.',  r,,,,,)^,^,  t^d^^nl  rcrt.bm,  idco,  vt om,Tcs  '-1'" 
Ugurxnm..    ,,.xci,nv7-  i'-  (u..figurx.,MO,rcou]a,BO  Pofluhr, 
ad  omncs6guras.fim.     ^      fi«ur;t,DEF,  rcg,rb,  EF,  fi,  '  J^;::' 
ipn^^s  inqua;n^r*a,a^  ^,,,,  ^,^^^^^^  fignrx, AjiC 

rcgub,  BC,.ad  om,i,.,  quadrat.-,  figur.v,DEF,rcgu!a,EF,  ,ta 
cruiuomnjaplanafolidifmniaris  cwufcumqjlcmri  cxfiw 


sura,. 
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giir^,  /VBQ  iuxta  rcgubiiViBQad  omma  f laii^  Jfolidi  Ciini^ 
lad^rgcirticx  figura^^DEF,  iiixta  rcgiiIam>EF>'vtautcpa^ 
httius.  omiiia  p'aaa  diiorufn  folidorfi  fic  &  ipfa  folida>ergo  etiam 
foljda  furalaria  gcnita  cx  figDris,  ABC^  DEF>  (qtia^  funt  li- 
tujlaiia  ad  iauicem^quia  omncs  figurf  fuuiles  figura^jABQ 
f  iia  cttam  fuuilcs  omujbus  figuris  fimilibus  figuca?  >  DEF^) 
iUjXtatcgulas, )BC.,EF>.crpmt  ad  iauicem,vt  omiiia  qua? 
dratacarjmdcmfigararuai  cifdcm  regulis fuaipcajCjiiod 
erat  oileudeadiijxu- # . 

C  O  R  O  L  L  A  R  I  V  M  I» 

X .  X  pfirtt  duMS  ({Udfcumqi  ^gurMS,  (juod  vt  i^oa  ad  altAfn^  Um 
irmt  omrtcs  fgara  if(tus ,  a  b7m  fimtles  tm  dtfcftftarum  ad  ors^ 
nesfiguras  eiufdem/tmiles  aher$  defcriptarum  $Ma  cmnia plattM 
f4tat  fimtliaris gemtitti»ABC,iuxta  regulam,  BCj  f/tmiltttfj  exi- 
Bentibus  eiufdif^  fg^ris  vni  dcfnriftafum)  ad  omnia  flana  foUdi 
fimilartsgenitiex  eadem  figmraiuxtaeandtn9feguiavt(huiusfi'- 
rnilibus  extfientibus figutts  alteri  defcrtptapttm)$defi  $ta  eruni 
filtda  fimtlarta  gemtisex  eadem  figura  y  yfBC^tuxta  fcmmumm 
regulamy  BC^  nm  tamen/imiUrta  adtnuuem ,  fed ,  tjuarum  cns^ 
niapUna  funt  omncs figt^ra  fmtles  etufde,  a  BC^  fimtles  inquam^ 
quafunt  vntus  dtiiorum foUdorum  vnt  defcftpsarum  Bc.fgu^ 
tarnm^^quafunt  altertusJimdesaUen  defriptaru ftgurarum^ 

C  O  R  O  L  L  A  R  I  V  M  II. 

VN de  folida  fimiUriay  fednon  adinuicem .  gpnita  ex.  g.  }fU 
g^^^h  ABCy  D£f,  itixta  rtguUs,  BCy  EFy  qua  duas  figu. 
' v^  jf    raspUnas  dtfstmiles  defcrtpftrtnt,  ^utbus fint ftmtlesfigura,  qua 
dtcuntur  omntaplana  dt£Iorum ftmtUrtumfottdorum,  erut  ad  in^ 
utcrm ,  vt  ipfa  figur^  dtfstmiles  defcrtpta  ab  ipftSy  BC,  EFy  nantj 
feitattm  ftmtUre  gcmsum  ex  ,DEF,  tuxsa  reguUm,  EF,  ad  /tbi 

fim^ 


I  B  E  R  TI.  toj 
fim)l4fe^fmitum  ex  S^4r4 ,  ^BC,  r»  v.'<*  ftgul^m .  SC.  mt  vi  f- 
Z^rMitf.rmM  4*,  kF.4if,htf,m,Urr.  iigur*md({u,fUfH  l  SC. 
«/r«r/Wf i**  hHjimUArt  genui  rx  fig0r4 ,  ABC,  imxt4  ttguUm, 
BC.4dfiU  immfim,l4re .  {e^rjf/jh .gem„m*rjexe4<^em.fi  mri^ 
tmxt4t4',dem  ,egm'4m ,  BO.  rr„  vtf^mr^  ^{<„f,4i ,  tC'.J.m,^ 
Its  dtfcr,ft4  4b.  EF.  4dfii4r4^  fil,,  d,l?,m,Um  defcrtputn  4*  t4, 
titm.  BC,  ( jM;l,m,  figmu,  d,fi,r,„Uhu,  f,n,  f,m,U,  f.(_ur. .  fU4  dt^ 
cuvtur  )mui4pl4„4ftl,dorumf,m,\4r,umgem„itum  tx  e^dtmfi. 
gurj.  /fsr,  ,uxt4  eemm„mm  rtguLm .  BC.Jerge.  ex  4^U4U  f«- 
ftd„m,7mj4rtgem,tmmtxfigur4.  DbF.  4d foUium (imtUrt.ftd 
mnfbi.gtn^um  txfigmrj,  4BC.  (g(m„4tn;eUfg« ,uxt4tee,uf4,, 
F.F,  BC.)  tn,  vtfigufA dtfnptu 4h.  EF.  (u,  fura  fimUe,  "figur^ 
hm,m,  foUdt.ud  figur.m  d,fcr,pt4m  4.  BC.fr4<Uci*  d,fi,m,Um, 
«m,fmutfimdeifigur4f,Ud,  ex .  SAZ.gemt,  tuxtu  rtguUm  ,  BQ. 

THEOREMA  XXXIV.  PROPOS.  XXXlV. 

SOlida  fimilana  gcnita  cx  parallclogrammis 
iuxta  regulam  vnum  corumdcm  latcffi ,  funt 
-  cylindrici  j  &  folida  fimilaria  gcnita  cx  tria- 
gulis  iuxta  regulam  vnum  coru  Jcm  latcrum,runt 
conici ,  quorum  bafcs  crunt  figur*  a  regulis  dc- 
fcript.T,&  latcra,eorudcm  parallclogrammorum, 
vel  triangulorum  iatera  rcgulis  infiftentia . 

Sxt  crgo  expofitum  quodciimqj  parallclogrammu ,  AC» 
&tria:igiilum,  FGH  ,in  quibus  pro  rcgulis  tiimautur  Intc- 
ra ,  BC ,  GH  .  Dico  foli Jum  qiiodcumq,  liiiul jrc  gcnitum 
cx  pirjllclog  amm:>,  AC,  (iuxta  rcgulam,  BC,)  cllccylm- 
dricum,  cuius  b.iils  erit  a,  BC,  dcfcripta  figura,  &  latiis,  v- 
trum  lis  ipf  jru,  AB,  LC,  latcrum  rcgula-,BC,mfiftcntiumi 
Et  gcnitum  cx  triangulo,rGH,iuxta  rcgulam,GH,clIcco- 
nicuii»,  cuius bafis  cm  a ,  GH,  dcfcripta  ngura  ,  &  laius  \ • 

O  trum- 
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crumuis  daorum,FG,FH,  regulie,  GH,  i  iriflentium.  .D«- 
{cribantiu-  a  regulis,  liC,  GH,  ngura;  vtGunq;  pl jna-,  JiCEy 
GHP,  asqualitcr  incUnat.e  plaiui,AQl'GH,dt:uide  per  cir« 
cuitum  tigurcc,  BCE,  feratur  iatUb,Aj3,cuilit  aequale  latus, 
EX,quodq;  puncto,  A,deicrjbatcucuitum  figurK,AXLj^ 
pcr  circuitiun  iigurx,  GHP,ieratur  vtrumuis  latcrumaFG^ 
FH  ,radciialrcp,ojiudu 
veriiis.figi  li  ij  GHl^  cu- 
iiis  portio  iacer  ,  F,  & 
punclumyP,  fit,  FP,  eiit 
crgp  folidfr  quod  clau- 
dituc  iuperncie  cyliu- 
ft«  defr  j.  drici  y  defcripta;  lat,er«, 
AB,  ic  duabus  figuris,A 
LX,.,BCErCylindncus  5 
&  quddclaiidicurfuptr- 

ficieconicadernipta  altero  latcrum,FG,FH,indcfinit^ 
.     pcod^vlp  ,-&figLirarf(^I-Mf>,  erit  coniars.  Dico  autcAxfoIi- 
duw  .iiini4^re  |cnitum  cx ,  ACviuxta  regulam,  ,rBC,  cuius 
omnia  pjaiK\|;nt  omr.csfigura;  ipuus,  ACfuniles  figur*,- 
BCE,  efic  Kunc  cyirndlicum ,  ACH,nam  qudibet  eariim, 

A  dff  i.  qti£E  dicuntur  omncs figur:^flmilcs  parallebgi-ammi ,  AC,. 

},u.us,     regula,  BC,  imifiles  ini}iKmrfigura?,BCE,cft  ctiam  rtmilitcr 
PffitCJ  *?.cvBCfe;,defcripta.Iatecc;hi3mologo  ipli  yBC,  idi' 
tur  eins  Ecrinict        .^n  luperfic^ 

Jatcrc,  AB ,  fi  c.iini  aUquid  cius  eflct  intia ,  vel  cxtra  illam ' 
Inpcrficiem,  a iiqtnd  eitis  cflct  intra  ,  vel  extra  commuRem 
fc^tionemtalis  aaumpto?  figurcr ,  &  niperficiercvlmdriox, . 
tahs^autcwcoiTimunis  ft-aio  efirpcrimctcr  figuraeVimilis, 
imnhier  pofit;^:,  ac,BCE,(quiafic-yHndric«s'planofece. 

Co,d„.  ^i'rbafi-^quidiftantcconceptafigura.critfimilisU^i^nVili^' 
terpo  itavac  bails)  ergo  haberemus  duns  fi^ui^is  nt^  ecdcm^ 

coroi      latcrejiomologo  defcriptas,fimi]es  cqnale5;s..fitr,rt.ter  po^  ^ 
tuas,  & noB conaruentes ,  (juod  eft  abfuidum , cdAgrtieli»-- 

igitur,, 
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«gitiir ,  erit  crgo  alTumpta  figura        cft  vna  «.ir.mi ,  tu,x. 
dicuatur  pmncs  figurx  p.iraUclogranuni,  AC ,  finiilcs  lUi, 
^  a^t,  rcgula,  BC,    cft  vuum  corum,qux  dicuutuf  cn*Vj j 
dpUiU  lohdi  iimilaris  gc;-uti  cx,  AC,  luxta  rcgulam,  BC,  c- 
fit»  mquam ,  affumpta  hgura  ajaui  vnuin  corum ,  qux  di- 
.^uiKur  oninia  planacyUudrici,  ACE,  rcgula ,  liCE,  quiul 
«twratlccxterisfimiii  modo  Qlkudctur  ,«rgo  folidum  li- 
nubregcmtumcx-,  AC,uixta  k   V  -,RC,.vcvlindricus, 
ACE,habcbuntcftnnia  plana  (t.    .   ,;,Ct,allumpt.j  com- 
tnunij,crgo  folidunti  funilarc  gcnitum  cx,  AC,  iu.xta  rcau- 
lam,  BQcrit  idcmcylindrico,  ACF,cuiusbafiscft  figuq, 
BCE,  v5c  latus  altcrum  latcrum ,  AB,  LC  Sinulitcc  c^lci^- 
dcraus  folidumrimilarc  gautum  cx,tivng;iIo,FGI '  i  : 
rcgulam,  GH^cffc  idcm  conic^,rGHr,t uus  btus  . 
laterum,  FG,  FH,  &:  b.ifis  cll  figur3,Cl-IP,  coarumii  vialii- 
pradiclr  proccdenrcs,  qua:  craiit  dcmonrttanda .  t 


COROLLARIVM  I. 


turr, .  X  trian^uh,  FG  H,  conutfiHt  refli,  Gutffdtru  ;  f,  ver6  d 

flnrMftnt  rtflilmrt,   x,  AC ,  ent  pr.fma  ,rx,FCll  ,  aut.rn 

fy^rnif,  fiucrtSa,fikr  j  . :  c£tcra  auttm  n  rn  nt  communi  rjoc^n- 
''i^piliiifmitarta^ematxeififftg.tuxtartiuUttintelligt  BC,CH, 


C  O  R  O  ' 


II. 


f  intratriangutum,  fGH  ducanrus  iplt  Oil,  p.n.7Uetr.tijZ'tci<ii^;, 
^idfit,  DI,jl>f.iiidens  itrian^ulo,  FCH.ttop  ■^i  im,  DH  pjlen- 
iemnt  eodem  modo ,  quofupra ,  fotidum  fimitaie gentiitm  tx  tapt^  »^ 
DH,  tuxta  re'^utjm,CU,  effrfuH  tn  fotidi  fimilaris genititx  tti.}tfgu  '  b  defi 
/d,  FCH,iux[aeindtmrtguta  n,td  flf'U(ium  contci,  FGH  f>,  li.conif  l-i. 
cumftgura  defcripta  d,  CH,  tft  (irculus  ,  v  lf.uflum  pyr'omidit  ri  ^4t, 
fiutfcaltn*,  cum  ilta  tfifigHra  icdilinta,  qutt  fjnti  Q2tnitntur. 


O 


co- 
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.dnicm  patet  vtce  verfa  i  ft  qHiuis  cylindmus ,  vel  ccnkus  >  vel 
_    ettis  f  ufimn  i  tntelligatur  fecar*  ptrlatcra  i  df  tlto  fUno  feeante 
I.  f.     ^oneepiamtnfeflofottdnfigitrameffegrriitriceinearrirhdem  per  defcfi' 
r     Cor.  ptionemftmitumft^urarumti&^tpfatljefoltiafimilaria  g'nnaeittif 
*  demfigHri^  genit>iu<JHs  tuxtarc^uUs  comunes  feffijms  plcwoyumfc' 

caniium,^  bijiumi qu<tfiguragenitrices  tncyiiniricis crunt  parAUtt^ 
g*am  n4  in  corticis  trfangu- 
Cof  6  I  I.  U^(^  in  fruflis  comcts  trap^' 
%i^\^gnurveri4mefl(f4odli' 
bct  f  Liium^ltmihfc  genitum 
ex  parallclogrammo  tuxta  re* 
gulan  vnum  Uterum  effe  cy- 
lindrtcum,  &  gfwtu  rx  trum 
gu  0  tMxta  reg:tlam  Vhi  U 
ierum  ejjeconi  U ,  extrci 
fex^ioefft  fujium  cmnttm  ; 
€Sr  Vicc  verfa,  tfamlibet  ly^ 

it^ndrHmefJefoMwiftrntlaregenttumex-paYaUelogrammo  it^pfo  p^o^ 
dudaper  pLnum  pei  tatera  du^um^genuum  tnquam  luxta  (otnmuntm 
^^M^^nietiis^&t^fif  c^^^  effe  fo  idum 

fimdare  gemtum  extyiangHlo  h  eqdem  pyodum  pei  traieaion  rn  plahi 
pcr  tatera,  gemtum,  tnquamtuxtacommunem  ftffipncm  eiks  »  cr  hafis 
itm  comct',^  cfuodlibet  f  ujiumi^icum  tfjefolidumfmtlart  g  nHum 
t^irapci^toinipfoproduffaper  trateawncmplanirer  tattraetuf  (fn^. 
thgenitumtnquamtuxta  regutam  communem  faoiem  t.Hs,&  vntut 
baUum  'iufdcm  i  Siue  ergo,  exp^ftto  taraUelogrammof^  tr  agulo  tn- 
tel  ex.rts  tuxta  dtf  Umus,  dcfrtbt  ontncs  ft^^uras  ftmt.es  ets  g.^  de 
f^rthunUirdbafib4isdtaiparatlclogyamr,a,  C^  trtangul^  fucortct^ 
pcrtsrfftcrfltdum,cuiu^sslUfuntOi,,t,i^ptana',  ftue  tfstcltexens  latur 
*  dtatpar4lehgyammi,vUty^anguU  tnd fiutifroiuaHmreuolrst  ptr 
cmuttw.r.  \tgu^a^HmXbaf\husd^f^ttptarum,vttyaheas  foUdum  dtff^ 
fupnfi.te  dc/crtpta,  &ba^,  t^/ baftut^s  compu/,enfum ,  idem  Vtrvqut 
modf^ubic^ouenitfoiiut,,  poccflautcmpytor  z  ocartgeneratio  foltdorufm 
per  dcfcaptionempg,^^^^^^  paf?rr;i^  autcm^gentrattofot.do^um  per 
rcii  tutt^mem  fafia,  qu^  ma,om  diluctdat.oms gratiaim  avi  ofui,  vt  ex 
Aoi  dxcl^ati^hcalt^uatncr^auat,  i^ilurimn  ctiam  uiijjs  vtramc^ige^ 
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A.  GOiiOLL.VRII  IV.  GENErAlIS 
S  H  C  T  l  O  I. 

l<Ufnbtt^e<imlc'nf^i$o,t  •         cr,r^,u,  h^ij^,,^/ j  , 

»■,»„.11  .  j  '  '"*'*' "■*'^^fJoli<{a  tmila>$artnita 

umatuicnktjjjHmtntcs.  i  ^ 


7x 
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1    G  W .        .  i         n^^^^^  ^^^^^^  ^ 

firinif  fiu^(fi4am  in  bafibus  cQfififiete 
iy^  niritof  ,        ,  BH  ,q  iOfUffi  tMcf4 

foi^a (imiiana genu4  ex  pjf^Utio^rAfm  , 

fms,^M,MC,ikXtaregt,Us  C\r,  M H .  i^stur  ernnt  yvt  omnu  qua^  aVr 

ii»,iem  re^utti  ej\ef,^G,\t.  ^Hji^ntit^cmonmaeortiqu:^ 
dr4ca,  vt  quadsar^b.riH  n.  0.\/,  MH,  rg,  .yii^nct,  ^M.MC^e^uft     ,  . 
9f1*i^raeahartHm,GM,MH,  i.vc  ftj^urMltmites,  GlMK^,  MiH  ^ 
flUHf  LyUjfUi  ift  tadtm  ^Uindiae ttfnUibui  Uijbus  iniiihnics 
/uiu.vtipfabjfcs. 


7" 


roroll.  f, 


c.  s  E  c  T  I  o  iir.     .  \ ; 

1  ■>{  7Vo;r.  I  o.  cmr^mlktr pottdentistm^^rrmis,  cyiUnJricts  iafi^ 
M   dem^  veUjuilAH  t,  m  fimtl,b.,s  ba(,b;s  iO',l>ficntes  effcvt 
dats^ vti  vt  Uetasfmtttr to, u^uUmlMfiiM  indinata. 

D>SB 


*I9  GEOMETRI^ 

D.  S  E  '  C  T  I  O  IV.  ■ 

IN  Tropof ,11.  deducmus  cylindricos  similibut  basihHsinsiftenta 
Ijabere  mterfe  rattonem  compositam  ex  ratme  basium ,  ^  akitit- 
4imm,  vel  lattrum  ^ualittr  diCits  bastbus  tncltnatorum. 

E.  S  E  C  T  I  O 

Trop,  1 4,  coVigemus  eylivdricos,  quorum stmiles  bafes  altitu- 
dinibustvel  latertbus  dqualiter  bastbus  tncltnatis  reciproii  refpon- 
^ttt,  effe  xquates-.crcylindrtcos  aqualest  similibus  basibus  insifientes, 
^afes  baberealtttudinibus ,  vel  lateyibus  «qualtter  bastbus  inclinatis. 
jteciproiai, 

^        >  S  E  C  Tl  O  VT. 

ITvj.  Vrop.  \^  habebimussimilescy!ind>icos  effeiH  tripla  ratione 
laterum  homologorum,  "        -  • 

•p  X  Vrop.t^,  colligimHs  sip^^l&icyttatMciinfimnftasibMs^if. 

s,mtltbus,.adbuc  pr^di&as^paffhiHes  de  ipsis  vtrifi.  ar, ;  tn  tfuihus 
**«*'n  non  numerantur  iimUesXyltndrUt,  cum  omte^t  tofdm  Imiles 
Wafcshabere.  >,  f\:   t  y 

H.  s  E  C  T'i  o  'mn^ 

In^-Pr^.p.  4  3.  h,he*riH>h  eUsfiguraJoiid,  simiUridgenita  exva2 
raUehgrmmis,lii,  T0,,uxtdregulas,  ES.  Zff  randrmrationtm 
inben  ad  folida  stmllaria  gemtaex  tri4ngulit,0ES,& zB:idtll  i  iiH».- 
'iftcotgenitoseK.^S^ldadcomcosnenncsextriangul.s,  OES 
eandem  rationem  habere ,  vnde .  cum  comci  sint  partes  prop^rmnule', 
cylindrtcorumin  '^dm  aUitudine  c^^^^^^^  ^  ^ 

cyUndncsinhutusCorm.  teflionihus  i.     ^.y.  ^,.^  coHcaaful 
f»dm&proconicisime[utmcolltaartcipitmus.  '  ™»»  • 


I.SE. 


L  I  B  E  R  ir.. 

I.  & >E  CT  I  O  IX. 

Ihf  yrop.i^.bAcmHsqHmcmnq;tyliiulucum  cffettiplumcomu^ 

fi^rtvys,^Eitnh4s$,DUEf  ,,ncadcm  '       T  /1 

ahtcmbasi^  &  alfitkdinc  sit  conicus,  OBE^ 
fic  tamtn  bast  msijicns ,  vt  duilo  pUnopcr 
^ffdUuUhf  ^nfcM  pcf  Utcra  lyltt^ 

^''fci,  ^E^iL          -  ukClum  talc  pUnHm% 

^*^f^tAtincOHUOtDBE,tfianguiUiDB^Et 
€>•;«  tyl  adruQ,  r  -rammnm^ 
^EiiruniigitHr^^E.^  .  .  />^<*.5,i)S£,. 
gtmcttccifigurscorumdcmfduQritnh  fuj 
/ttmlanaadinkKc^Vo.anryr ,  ffemtami-t^^   .  u  . 


Undruus.AE,y,fUscruc.,,a,  UBE  conf.^u<nrrtf,fu7eZ7.i 

K.    SECTIO  X. 

\ .  t        n  -« .  <  • 

I  >C  ^7'b*hcmu,fol:Jx4dMkuentr.miUrh Sfnitktxtt^t^ 
tu^nc  cou     .  .  .  ^  .  ..  „,  ,  ba/csfinr  ^funlcs ,  gemta,  ,„^unm,  > 

2S  ^  f /  d'f^f.fUa  'Mct,bus  „acrum  trapc^,crut^^ 

S^MiStJn:ib.ii,tffedqiia!u.  ^ 

<S  E  C.T..K.O  XT. 
J7i  T^op.  , 8.  h,b»ur cy>,nir,cuminca1rn.  b.f,,^  aUituiln*  cun » 

mof^ 


vit         '    G  E  O  M  E  T  R  I  ^ 

in oppofttis  ffufii  conid bafih^O  vt  quadratum  tn  lims  iiffa4  hm^- 

logarum  ad  reaagutuntfuh  diBis  bomohgn  vaa  cum  y  •  quadrati  dtf- 

fitmaiaearumd^mfyomologdrunr*  SiKy 

UndrUuSfUCtin  ba^t  figHraq^acumn;  pfa- 

IMi  BC|  in  eadcm  autem  bafiy  ^  alcuudinc 

fitfrufli  coiici,EBCl%  ftc  tam^nfckibcns^ 

VtduSlo  plano  perlatera  ty'indtiti  y^C^ 

idem prafeat per laterafrufti comci,  BEIC^ 

ftt  autem  duSnm  taie  planum  >  quodfuiai 

ificyUHdrtco,  ^C,  paraUclogrammumy  AC.  &  infruiio,  BElCttrape- 

-^um,  BEIC  erunt  tgUur  ftB^  BC^tlJinex  oppo  itarumbastumffU- 
pirol.ii  jj,  bomjlQg^.  &  qutj  tylindricusy  .AC,  tn  f  iidum  fimtlarege^ 
Cproll  i.  nitumex.  JtC.uxtarcguLm^BCi&frnftum  EBHyeiifoUdumprM^ 
14.  huw  'dtaJsimiUtregeritiimex  trapc^i) ,  EBCltf^nt  ^iuum  h^ijo  tiu  simh 
S I  ^iaiut  24jr;4^  z/t  omma  tOr  i  m  m  quadrata ,  ^  owm^  quadraia  ,  v/i C>  rrguU^ 

BJ:^adomniaq*i:iiratutr.pe%ii  EBClyrrguUtadtmfunt.vtqi^airx- 

tum,  BC.  airta^^}gt^luf/!f^b.  BC,  El.znacum  r.qtiadraudijfcren- 

itx eartimdtm,  e^gc ^yllndrtcu ^ ,  ^C, aif  uflvm  .onKum,EBCU& ai 

quoJui^  altud  in  caUun  basi.^  altttud  ne  cum  hnc  tonflitu  u  (juomam 
K  huius  ^xislft  buic aqi4  lU )  rit  t^r  qucLiratum  ,BC^ad  redangftlum  f^b ,  BC^ 
corgcn.  ^i^^„^acum  \  •  ji^^Uratt  dfc^en:^  eammJem^BC,  Ely  qusfnnt  dua^ 

rumoppostiarumbastumi  £/>  BCyhnmolog^  vtiurt^qi  fHmpt^  nam  pla^ 

_  ,  numeadem  fvlidi  ficans  duiium  tfi  vicurnqtit  iduintiMo  Ptreorum- 
Corolxi.  j     ,  r  * 

li  dcmlateratranjcat. 


H 


M.    S  E  C  T  I  O  XIU 

tnc  patet  si  tn  ^^dem  basi^  BC^  figt*ra  yfuerit  ccnicus ,  &  eadem 
altitudine  cumftifia,  fdeji  cum  cy  tndrtco,  ^C^^ti.  sit  conicusf 

Cot  ^"cn*  ^^f  *  ^**^^  '^'^  ^^'^  tj^indfkty  ^C  ,  &  tdto  adfrununh  f  BCl,  cnt 
8^°'  ^t  quadratit  BCi  ad  rHnnghlum  fuby  BC.  EUvnacum  -r^quadrA 
ti  differentt^i  EC^  C/,  idth  totum  qundtatum,  BC  ^  ad  rcSangulum 
fub,  £C,  eSr  tiiplay  Elyvnai^^mtotoquadratodtffertmiA  earudem^BC^ 
EL  Fide  igiturquam  sit  am^lior  hjtc  demottjlratio  t  qua  aiij  ojlende» 
funt  cyUndrum  ejfe  triplum  ionit&prifma  piramidis  m  eadem  bafi^^ 
alriiuUine  cum  ipfo  conjiut^  ,  nam  ad  tot  varia  folida  hdcfe  cxt^ndiff 
qttotfunt  Jig  ^rarum  phna  tt  Variatmes,  qnA  nuUo  ajfignato  coaraan^ 
tur  numuo,  cutus  mQdiUemQ.iJiraticnii  Vntuerfalitatem  tn  alijs  ftgum 

quop 


L  I  B  E  R   II.  1,3 
fi^qii  hif^HiTum  ionfidtrandis  froftqHemHr  ^  vt  ampliHs  infrit 

N.    S  E  C  T  I  O  XIII. 

IX  Tnp.  19.  eittj  drolUrii  tandem  edocemnr  folida  fmiUrU 
genua  ex  paraUelogfammi^  vel  tnan^Hlo  eodem,  tuxta  duas  re^n- 
las  Utira  Mnguium  contmentia  yide^l  cyH  idruoi  ab  eodem  paralltb- 
grammo  ,  tonicos  ab  eodem  triangulo gtmtos ,  luxta  dtStus  reguUsp 
fffi  tntirfe^  vt  eafdem  reguUs* 

THEOREMA  XXXV.  PROPOS.  XXW. 

PArallcIcpipedum  fub  bafi  rcftangulo  quo- 
dam,  akicudmc  autcm  quadam  rcdi  Imca 
arquarurparallclepipedis  fubbafi  codcm^ 
recaanguloj&fubquotcumqj  p3rtibus,in  qaas  al- 
titudo  vrcumq;dmidi  potcft.  Ec  fi  rcaani^ulum, 
quod  eft  bafis ,  intclJigarur  vtcumq;  diuifum  in^ 
quotcumq;  rc^Sangula,  didum  parallclcpipcduai 
fquatur  parallclcpipcdis  fub  fingulisparcibus  al- 
titudinis,  &  fingulis  partibus  bafis* 


Sit parallclcpipcdumrcdingjlum,  AP,cuiiis  b.ifis  rc- 
fiangulunijTH^fjpponatur  pro  nuiiciiidiuifa,&:altitu- 
do,  DT^diuifa  vtcumquc  in  quutcumqucpartcs,  DS,ST. 
Dico  parallclcpiprdum,  AP,.vqi)nri  parallclcpipcdis  fiib, 
DS  5  TH ,  6c  fiib  >S  i , TH .  Ducatur  pcr^S,  pla.ium  xqui- 
dif^ansbafi,TH,quod  iico  producct  rcci.ing.ilnm,  \  t,  ^^,^1 
SG,  (ixvit  igitur,  AM,  NP,  pirallclcpipcdli,     AM,  cll  fub,  ' 
DS,  SG,  vcl,  TH,  ^quia,  SG,  TH,  funt  figiirj:  fimilcs ,  ^^,^, 
qualcs)  NP,  vcr6fub5ST,TH,contiiictur,c(l  autcmpn-'^ 
iallclcpipcduiii|  AP>contcntuin  fub,  DT>TH  ,a'qu.i'r^  p;,, 

P  nl. 


114  G  E  O  M  E  T  K  I  iff 

rallelcpipedis,  i\M,  NP^  fuis  parrtfbktsr  fiimil  ftrfnptisVOrgd» 
parallclcpipedum  fub  5  DT,  TH  >aecjuatur  parallele^cdil» 
fub,  DS/rH,  &  fub,  ST,a  H. 

Sit  lumc  bafis^THjditiifa  vtcumq;  in  quotcumq^  reilan- 
gula^TVyVP.  Dico  parallclepipeduuifub^DT^THjiequa^i 
paralielcpipcdis  fubyDS  y  TVy 
lub,DS,VP,fab  yST,TV,& 
fub  yST,  VP.  Ducanwr  per  re- 
dnmjQVyplanum  aequidiftans 
pb nis  5  DX5  FH  5  quod  produ- 
cat  in  parallelcpipcdoyAP^ re- 
ftangulum^EVyin  parallelcpi-^ 
pcd' jAM,  rcdangulum  5  fcO> 
&in  parallelepipcdo  yNPjre- 
dangulum, RV,  pcr  planu  igi- 
tur,  EVydiuiduntur  parallele- 
pipcdn ,  AM,  NP5  in  parallcpi- 
pcda,  AR,  BM,NQ,OP,  eft  au- 
tcm  totum  parallelcpipedum, 
AP5  ^qualc  parallelcpipcdis^A 
R,  BMyNQ,  OP,&:  cft  paralle- 
lcpipcdiimyAR,  fuby DS,  SO,  ideft  fub,  DS^TV^  &:  pariille- 
lcpipcdum,  BM5  fub,  ER,  RG,  hoc  cft  ftib^  DS,  QH ,  &  pa-- 
rallclepipcdum,  NQ,cft  fub,  ST,  TV,  &: ,  OP,  cft  fub  .  RQ,, 
€^H,  hoc  cft  fub,  ST,  QH,  ergo  parallcIcpipcdum,AP,ideft: 
fubrDT,TH,eft  a^quale  parallclcpipcdis  fub ,  DS,  &S  TV,. 
&  fubvDS,  VP,  &  fub,  ST,  TV,  &:  fub,  ST,  QH,  idcft  paral- 
lelcpipcdis  fub  Imgulis  pa^t;bus  altitudinis,&:  fingulis  par- 
ribus  bafis  contcut  is .. 


S  C  H  O  L  I  V  M.. 
OHfheri  4utemp4fallelephed$iw  voco  M  trihtis  reffheii^  A 


L  I  B  E  R   11.  II j 

^iaum  d^gulam  con  nttuuntjiuefuh  earum  (jUduis.  p4rM. 
grdmm$rtci4ngHlofuh  reUcfuts  dudbus ittdVi  ,€um  duopMralle- 
Up:pedum  fu^talt  re^A  Uncd ,  &  tilt  reclAngulo  ,  fiue  fub  tMta 
trthus  reclts  Uncts ,  tnteiligam  tllud  pdrdUelepipedum  hAbete  an^ 
g^lttm  foLtium  rtclts  AnguLts  CQnittutum  ,v€luti  tntftts  /  hecre. 
nsdttbus  tpfum  dfsumo»  tgttur  p4tet  nos  ex  trtius  reilts  paralLcLc . 
ftpedum  contwentthus  (jusmlibct  pofse  pro  dLtuudtne  fumere ,  f}r 
teiidngulum  fub  rcLiquts  duatus  pro  bj(u 

THEOREMA  XXXVI.  PROPOS.  XXXVI. 

SI  rcfti  linca  in  vno  pundo  fcda  fit  vtcumq;, 
parallelepipcdLJm  fub  toti  Jinea ,  &  quadra- 
to  vnius  fadarum  partium  erir  jqualc  paral- 
Jclepipedofub  tali  parte,  &rcdangulo  totiusin 
talempartem  dud^e.  Jdemautcm  paralldcpipe- 
-dum  fub  totaj&  talis  partis  quadrato,  erit  arqualc 
parallelcpipcdo  fub  reliqu3,&  quadrato  talispar- 
iis,  vnacura  cubo  eiufdcmpartis. 

Sit  crgo  rcda  linca,  AQvtcumq;  fcda  in,  B.dico  paral- 
lclcpipcdiim  fub,  AC ,  Sj  quadrato,  CB  5  a?4uari  parallclc- 
pipcdo  fub,  liC ,     rcJtangulo  ,  BCA, 

h  )C  autcm  patct      fupcriori  Scho-     ^  ?  5 

lio,n.imparallclcpjpcdum  fub,  AQ  & 
quadrato,  CB>  coutinctur  fub  tribus  his  rC(5lis  lincis,  ncra- 
pe,  AC,  &:  duabus,  CB  ,     idco  idcm  cont nictur  fub  ^  CB, 
&  rCs^iangulo,  ACB ,  fuic  cft  xqualc  contcntu  fub  5  BC  5  & 
rcdangulo,  ACB. 

Dico  infupcr parallclcpipcdum  fub ,  AC, &: qundrntn, 
CB,  cTquari  parallclcpipcdo  fub,  AB,  tk  quadrato,  CB^vna 
cum  cubo ,  CB ,  quod  pntct  nam  pnrallclcpipcdum  fub  di-  1«%«. 
lufa  altitudmc,  AQ  &c  indiaifa  bali,  ncmpc  quadrato^CB, 

P    2  a^qua- 


ji^  GEOMETRI^ 

xqiiatur  parallclcpipedis  fub  partibus  fingulis5&:  bafi 5  fci- 
liccc  fub,  AB,&:  quadrato^  BCA  fub,BQ&  quadrato^BC, 
idcft  cuboj  BC)  quod  erat  oflcudeadum.  * 

THEOREMA  XXXVII.  PROPOS.  XXXVH. 

SI  re^a  linea  in  vno  pun^o  fe^aa  fit  vtcumqj, 
cubus  tocius  i^quabitur  parallelepipedis  fub 
parcibus5&  quadraco  eiufdem,  Idem  etiam 
erit  a?quale  parallclcpipedis  fub  tota ,  &  partibus 
quadraci  coiius  per  talem  diuifionem  fadis,ideft 
parallelepipedisfub  tota,&quadratisparcium)6c 
redangulo  fub  partibus  bis  contento» 

Sit  recta  liaea,  AC,  vtcufiiqs  fecla  in,  B>  dica  cubu, AC, 
a^quari  pjrallelcpipedis  fubpartibuS)  ABj^BC^ii:  quadiato 
totiiis,  quod  patet  nani  cubu5  5  AC,  ideft 
jt.hMks  parallelepipcdumfubdiuifa^AC^&indi-    ^       ^  ^ 
uifa  bafi  quadrato>^ AC>cft  arquale  paral- 
lclcpipedis  fub  partibusj  AB,  BC?  eiufdem ,  AC^  diuifa'  y  8z 
fub  cadem  bafi  quadrato^  AC.- 

Dicoctii^m  cubum,  AC5  a?quari  parallclcpipcdls  fub, 
AC5  &  quadratoj  AB,  quadrat05BC5&  rcctangulo  bi^  fub> 
ABC5  nam  cubus,  AC^ideft  parallelcpipedum  fub  indiuifa 
altitudine, AC^ft:  diiu{a  bafi  in  dicaa  quattuor  fpati^^a-qua- 
tur  parallclcprpcdis  fub  cadem  indiuifi  altitudine  y  AC,  & 
fub  didis  bafis  partibus^  ncmpe  fi.bquadrato,  AB5  quadra- 
t05  BC5  Sc  rcaangulo  bis  fub^  ABC^quod  erat  oftcndcndiT^ 

CORQLLARIVM. 
JL  J  gislis  pmtbus  ipfius.  AC,  &fwguUs  fmtbus  auadrm^ 

-     -  THEO 
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IHHOREMA  XXXVIII.  PROP.  XXXVIIl. 


SI  teai  linea  io  vnopunao  Tcda  fit  vtcumq;, 
cubus  tocius  rcquatur  cubis  partiC ,  vna  cum 
parallelcpipedisterlub  qualibct  partium,& 
quadracoreliqua;.  Vcl  a:quaturcubis  partiu  vna 
cum  tribusparaUdcpipedis,fub  tota,  &eiufde£n 
parcibuscontentis. 

Sit  tc^3  linca,AC,vtciimq;  fcaa     piiii^i:  >,  B.  Dico  cu- 
biim,AC,xquanciibis,AB,BC,  &  p.irallclcpipcdis  tci  fub, 
AB,  &  quacbato,  BC,  &  tcr  l*uli,BC, 
&:qii3diato,  AB.  Nam  parallclcpi-      A       B  C 
pcdum  fiib ,  AC ,  &  quadrato ,  AC,       '  *     '       e,  co.oi. 

(qui  c(t  cubus,  AC, )  atquatur  parallelcpipcdisfub  finf  ulis  « 
partibus  ipfius,  AC,  &:  fub  fingulis  partibus  quadrati,  AC, 
ab  h\c"diuj6<^uc  proucnifnbtis,  idcft  parallclcpipctlo  fi  b, 
ABj  ;^.(jujt'  u    AB,  <iui  clUubii. ,  Ml ,  itcin  fi,b ,  Al3, 
uadpto,  .,n  fub,  Al^>,    rc.a.nguK,,Aj;.(^,^s,  itkft 

ib,  eB,!&.'  quadrato^BA^bis Uimpto,hjbcmtis  crgo  vnimi  j<<  huiM 
Cnbiitn^  AB,  vnum parallclcpipcdiim  fiib,  vdint(\  P"* 

BQ&duo'".^  v.'\  <.  -,iadrJt(»,BA;traufc.inni>  niinc  nd 

jli.im  part^         ,  -,u  crgo  piirallclcpipcda  fub,BC, 

&  quadrato ,  BC,  idcft  vnus  cubus ,  BC ,  itani  fub ,  CB,  & 
quadrato,  AB,  &:  tandcm  fub,  CB  &;  rcdangulo,'CBA,bi-;, 
idcftfub,AB,8i 

pnrallclcpipcda  prjunbiis  mxcri.shabcbis  cubiim,  AB,  cu-  P***  ^« 
bum,  BC,  parallclcpipcdum  tcr  fub,  AB,  »:<iu;idrato,  BC, 
&  tcr lub,  BC5&  quadi^to,  BA,quibus  .rqualc  crit  parallc- 
lcpipcdum  rub,CA,&:qund:nto,c:A,idcfl  ciibusCA. 
Qu/aTCro  parallclr  vM-rln  fub.  Cli,  quadratc^,  BA,  idcft 
fiibj  AB5&  rcctjnu  ;Ccum  parallclcpipcdo  fub,^^ 
&  qundraco,  BCyidcllfub,  CBA'  rcaaagUlo,  ABQafqwa. 

P    3  tur. 
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turj  cx  3  5 .  huiusj  parallelcpipedo  fub  tot  AC,  &  re(5tan- 
gulo  fub  partibns,  Ab,  BC ,  ideo  didla  fex  parallelepipeda 
tnbus  fub  tota;^  AC,^  pittibtts^ft^fdems^,  BCiaeq.u.tfi^ 
cxuntj  quod  ckinoaftirjre  pxopc^Cmiu  fuitv- 


-1  r 


s  c  H  6  M 

»1  i  V  V 


fiomrn  Lth,  tdeo nt mnrti M.tiipif  LtStir , 

'^io  eifiem  altcjitAneio  Propofitiones  offendi  ris  mnnthilprc- 
^>ii<irts\qaini(tptrhartGpojlertor€mptrtimfinfstm^d^ 
f.i>  cu  m  tiLi  exprioriparie  tunc  dedu£i£.fitertnt,  efuod foUrU  Cee» 
metr^  haud  diff  cile  trtt  ta  illts  proptfimruhus  aoimaduerttre ,  *» 
qmbiss  h4!tc  vtderU  itdh,heru   \.     ■ ■ 

TtiEOREM  A  XXXIX..  PROP..  XXXIX,- 

Sr  reaia  linea  bifariam,  &:non  bifariam  fe<^aL^ 
fuerit,  paraHelepipedum  fub  medietate  pro- 
pofita:lineai,& fub  re<aangplo  in^qualibus 
partibuscontento  ,cum  parallelepipedo  fub  ea- 
dem  medietate,&fub  quadratofeaionibus  inter- 
medi^,  apquabitur  cubo  eiufdem  medietatis  pro- 
pofit»  linea» . 

SitTcaa  liiica,  AE ,  bifariam  diuifa  iiv,  F,  noii  bifatiaw 
111 Dico  parallelepipednm  fub,  BE,&  redaugulo,  ACE. 
vna  cum  parallelepipcdo  fub, 
BE,  &:liib  quadrata,BC,cubo        A       B  CE 
eiufdem,BE,  a-qua!e  clTei  Nara  * — ■  — — ^ 

fet«di  ^^'^'^^;^§»l"m,A€E,cumquadrato,BC,quadrato,BE  cft 
tui..    ^quale  vt  autem  reaangulum,  ACE,  ciun  quadrato  .BQ 

>ld4"adratum,BE,Ka(fumptacommu«ukuuda!r:Bfe^^ 


l-  I  h  R  IL  „^ 
parallclcpipcaum  lub,  BE,  rccbngirio,  ACH,cVfiib,HF, 
&quadrato,  liC,  ad  p.)i  ;.Hclepipcdiini  Aib,  BH,  .\  cinudra- 
to, BE,idclt  ad  cubum,HH,crg.>  p.ir;iliclcpipcdum  «iil>,HB,. 
&1ul>rcc\»ngula,  ACE,  vna  tum  paralk  lc.iipedo  fub  ca- 
*em,  EB,  li.b  quadrato,  BC,  cut  xoiwlc  cubu,EB,<iuudj 
©Iteiidendum  crat. 


S 


THEOREMA  XL.  PROPOS.  XL.. 

l  re<aa  linca  bifai  laui  HOa  fik:rit,&  illi  in  di- 
rc(3um  aciiunda  quxuis  rc(fJa  lincaj  paralle- 
'  Icpipedum  fut)  compdfita  ex  dimidia  propo- 
fita:,&exadiun(f^a  linea,  &  fub  rc<fiangulo  fub 
compofira  ex  rora ,  &adiun(5l3 ,  &  fub  adjundii_  , 
vna  cum  parallclcpipcdo  fiib  compofita  cx  cadern 
propofitar  mcdictate,  &  ex  adiun(f^a ,  &  fub  qua- 
drato  eiufdem  medietatis,.Tquabiturcubo  cora- 
pofitse  cx  dK^a  medictatc,  &  adiiMi<fla_,  ^ 

.       ;         ,ca  propt,frt jV/:K,  bU"jhJ}ff ipj  Ji,  diuifj,  aii 
in    ■       u  lu  aiJiiuKla  vtcuuKiuc, CE.  Dicofiaralielq>i- 
gc:  .K  1.  b, BE,  8£rc<.4nngul(),AEC,  viiacumpar.illckpi- 
f  cdo  f:ib,  BE  y qu.idrnt(),  BC,.fquari\-i:i)o  ipfiu.<r',r>E. 
TS'an>r<»a«insi,U:m,  AECciiit^qiadi^dtc^jCBiXquntur  qui^  g 
"«Ir      '        rurifumpraamiivuoialtitudiiTc,BE,)p4ra1-  Eitm. 
lcl<.^  ,j         aib,BH,&rcaangiilo,  AtPjvnacvnipyrjl-  ,  buiw. 
lclcpipcdo  fi,b,  BH„  &  quadr  jt. .,  BC ,  .Tqnnbitur  pnrnliclc- 
.pipcdo  fob,  B£,  «cquadrato, EE,  fdcft  cubo,  BH,qiiod  crat 
©ftcndcndiinx-^ . 

C  O  R  O  L  L  A  R  r  \-  M . 

EX  methido  in  fnpericrtbus  demtnftraitomhus  4elf>ihienmtil 
mftHum  eff  nttjimttitcr  esurM  Pr»fo(itttnes fectinthEle. 
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fnenmum  dcmon/lrdre fofse^  tn  qmbu^  l$nc4 ftit^in  vno$vttfUi^ 
fibus  funStis  con/ideratur » 4d pdralUUUpipeds  udermifddfictn- 
fes^namfi  ft^fer  fpAtiainilltsconftdtrAtainteUtgsnturccnftttui 
4cfk}  aUaparalltUptptda ,  trunt  illa ,  vt  ipfe  iafej.propftrea^ud 
fbt  dt  bafihus  dtmonfirant^r,  dt paralUUptptdts  aqu}  aUts  tifdtm 
hafibus  inftfltntihus  rtiie  coiligtpofsuntt  qua  ob  elarifasem^tirfr^ 
.(cUitatcm  i  mt  rtlinquuntur. 

THEOREMA  XLI.  PROPOS.  XLI. 

Arallelepipedum,quo4iub  trlbus  reiilisli- 
neis  proportionalibus  cbotinetur ^  icquale 
eft  cui>o  mediaj  ^  • ,   -  ^ 

.,  jHaeqinanife'ftaeft,  najiahabebiwtbafes  jpfis  altjtudin^ 
j.ecig^rocas.,  qiio4  cxiaiii  wiJJj/sijfalius  o/k.i>dijtjUfjyiid<^^ 
cimo  Eicmentorym  Prop.  35. 

- :. :  y.MEOR EM A  XXJ I.  PROPOS.  XLII. 

DAta  feaatmea  terminata,  vrcumque  wii 
■pUD<aodiuira,pofl[ibile  eft  ipfam  ad  alte- 
;ram,eiufdempartium  itaproducere,  vt 
cubus  compofirx  ex  propofita  linea ,  &  adiunda, 
ficaqualis  cubo propofirjc  linese,  firoul  cum  cubo 
compofitx  ex  adieiia ,  &  illi  conterminante  por. 
tionefcdselinea?.  -r 

Sit  data  reaa  linea,  AC,  terminata^diuifaqj  vtcumq;  ia 
pundlo,  B ,  oftendendum  eft  polTibile  ellc  ipfam  ita  produ- 
cerc ad alteram  illius  partium,vt  ad,  Q  vt  cubus  compofi- 
t^  cx,  AQ&adieaa,rit  ajqualis  cubo,AQcum  cubo  com- 
pofits  ex  eadem  adicda,  &  cx,  BQ  portione,  AQadieaa; 
contermm.uue.  Produ.c;^tur  crgo,  CA,  ad  partcs,  A,  vi  in, 

N,ita 
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fiat  dcindc^vt,  NB^ad.BQita 


Hi^i  qiiodjNB/it  tripln^BA,  ^ 


q.iadratum,  BQ  jd  quadracu  .^..^^J^  9-  ? 

rcclx  lii\cx,M,fcoi  iim  pohtx:   F  K 

Vltcrius  cxpouatur  recb^EF, 

arqualis  comporitx'  cx,  AQ  CB,  cui  npplicctur  rcaagulum 
Kqualcquadrato,M>cxccdcnsfigura  qundratn^cuius  latus  if  ^ct.Ji 
fit  5 1  il^  p:oducatur  aMtcm,  AC ,  vcrlus ,  C,  vt  iu ,  D  ^  k.\_^ 
ncmpc,  VI,  CD,  lit .vqualis,  1  H.  Dico  cubum  tocius,  AD> 
sequari  duobus  cubis,  AC,  BD.  Cum  ,n.  rit,vt,NB,ad,BC, 
ita  quadratum,  BC,  ad  quadratum,  M ,  idco  parallclcpipc- 
duni  iubaltuudii\c> AB/oux cll  v. pixdicla:  altitudi-is, 
NB,  &4undrnto>NIvTquabiturtcrtixpaiticiibi,BC.Qnp.  n  Cor^ 
ninm  vcro  quadratum,  M,  .^quatur  rcctangulo ,  EHF,  idcft 
rccbngulo  lub  compolita  cx ,  AD ,  BC  >  &  fub,  CD,  idco 
parallclcpipcdiim  h.b  altitudinc,  AB,&barircctai^uIolub 
compolita  c^:,  AD,  BC,    Uib,  DC^  xquabitur  tcrux  pnrti 
cubi,  BC,  nddatur  communc  paraliclcpipcdum  riib,BQ8d 
bnti  rcwb.igul  >,  BDC,  ait  cx  vna  paric  lv)c  parallclcpipc- 
dum  cum    .cubi,B<:7,cx  alia  vcro  hxc  fummn;  fcilicct  pa- 
rallclcpipcdumfubt  AB,&:iub  rcctangulo  f  ibcompofira 
cx,  AD,  BC,  &:  fub,  DQvna  cum  parallclcpipcdo  fub,BC, 
&  rccbngulo  ,  BDC ,  quar  quidcm  fummn  cilicit  parnllclc- 
pipcdum  fub ,  AC,  *c  rcaangulo,  ADC,  imi  .n.  hnbcmus 
parallclcpipcdum  fub,  AB,&:rcctnngul(KADC,&:  fub,AB> 
&  rcdangulo,  BCD,  .i.  fub,BCrS:  rcc^agulo  fi^b,  AB,CD> 
cui  fi  iunxcris  parallclepipcdum  fub,  BC,&:  rccHgulo  fub, 
BD,  DCt  componctur  parallcIcjMpcdum  fub,  BC,Sc  re(ft5- 
guio,  ADQ  quod  additum  pnrnllclcpipcdo  fub,  AB,8:  co- 
dcm  rcdangulo ,  ADC ,  componct  pnrnllclcpipcdum  fub^  ^ j.  Eam5. 
AC,  &  rcdangulo ,  ADC ,  quod  quidcm  xqualc  ci it  nltcri 
fummxpra^didtx,  ncpcparnllclcpipcdo  fub,BC,&rcctan- 
gulo  fub,  BD ,  DC ,  vt>a  ci  m  V •  <^i»bi .  BC ,  crgo  &:  corum 
tfiph  *rqualia  cruat  X  parallclcpipcdum  tcr  fub)AC:,&:  rc« 
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tiul'  <^langiilo5  ADQfeu  ter  fub,  redagulojACDjSequs^ 
bitur  parallelepipcdo  ter  fubj  BQ  &  reaangulo,  BDQfeu 
tcr  fub^BD,  &  reaangulo5BCD5Cum  crbo  ,  BC^additis 
vero  communibus  cubis  5  AC5  CD  5  fict  parallelepipedum 

i8  huius.  terfub,  ADAre^tangulojACDjCiuncubisjAQCD^ideft 
totus  cubus ,  AD5  cequalis  parallelepipedo  ter  fub  ^  BD,  &C 

j8.  huius.  redtangulo,  BCD,  cum  cubis,  BC5CD5  (quse  integrant  cu- 
bum,  BDo)  &  cum  cubo,  AC^  eft  igitur  cubus,  ADja^qualii 
.duobuscubisj  ACjBD.  Polfibile  eft  ergo  facere^quo^ 
propofitum  fuit,. 

C  O  R  O  L  L  A  R  I  V  M. 

EX  hoc  mAnifeilum  eR.  fi,  AC.fit  latui  dati  cuhiydr fit  ettam 
data  redalmea,  vt,  AB,  rntnor,  ACpofsMe  efst  tnuentrt 
duos  cubos,  vtj  A  D,  DBjtta  vt  eorum  dtfferentia  ftt  aqtialti  ctih 
dato,  AC,  f^  Uterum  cubtcorum ,  A  O,  DB,fciltcet,  AB ,  faritat 
dtff ^rentiaftt  data,     , w.  cuhus,  AC,  ^tfualis  dt^a  cuhcp  ii,  aD, 
£>B»  dtff ^rentta,  vt  tflenfum  tft.  €um  vero  fmslta  fultda  ^uacu^ 
fint  in  trtpla  rattone  linearum^ftM  laterum  homotogorum  eorum^ 
4em,  ideo  erunt ,  vf  cuhi  ipfarum  Itnearum  ,f  u  Uterum  homplo* 
gorum,  (jr  tdeo  eandem  rattcnem.  quam  hahcM  cuhus,  AD.ad  cH^ 
Mm,  DB,  hahehitex.g.  Icofaedrum  defcrtptum  utere,AD.  ad 
Jcofaedrum  defcrtptum  Utere ,  BD,  prAdi.£}o  horr^olcgo ,  d;-  vtcu 
hus,  AD.adcuhum,  4C,  ttaerst  icof^diu,  AD.ad Jcofaedrum, 
AC,  necnoncolLigendo,  vtcuhus,  AD.  adctihcs,  AC,  BD,  itaeris 
Jcofaedrum,  Ao,  adlcofaedrA.  AC.BD,  ergo  icofaedrum,  AD, 
dquahiturlcofaedf  ts.  AC,  BD.&  fuperahtt  Icofaedrum^BDjco. 
faedro.  AC.  ergofidatumfnfsctlcofedrum.  AC,^,  AB.  re6ia 
Itnca  tpfius  Utere  mi?2or,ncr,  dtsfimsltter^ac  tn  csthts  tnueta  efsent 
JcofaedrA  .AD,DB,  cjuorum  dtfferer^tta  efet  a^ualts  dato  Jco^ 
faedro ,  ^C,  necnon  eorumdem  Uterum  homotogorum  dffcrentid 
AquaUs  data  re^^  Itnea.  AB,  Stc  ettam  data  6phxra  Orbtm  data 
^rasftttet,  mtnms  tamcntLlttts  ftmtdtamctro,  aquaUmposfihtlc^ 

ertt 
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S  C  H  O  L  l  V  M. 

b^rurncMptn  ef,ei  rtcmfendum .  fnc  e.s  .dtungefe  pUcme.  pL 

yombus,mfMlor.  non p^fu^ Jinc dtfferentes .  cufnfuUmnes 
'^'""^''y  i  5 .  vuf.us compend,of.  aeaua.f.n, ;  auodoUm 
mec,rc,  Propofi,,ones  Secund.  tUn,.  i  pf,„„  1]  , 

fr^^h,.fse  mem,u,.  eas  omnes  ex  pr.m.  ccmpcnd.of.sfn.i  demon^ 
^«do.uci,4m  fofim,d»m,& PM,r,mU4u,Mm /ccfst  4ni^ 
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GEOMETRI^ 

CAVALERIJ. 

LIBER  TERTIVS. 
In  qao  dc  Circulo,  &  EII,pfi,  ac  Solidis  ab  ciC« 
dcmgcnitis,  traditurdoarina. 

THEOREMA  I.  PROPOS.  I. 

M  N I A  quadrata  portioni** 
Circuli,  vel  Ellipfis,  ad  om- 
nia  quadrata  parallclogra- 
mi  in  cadcm  bafi ,  &  altita- 
dinecumporiioncconftitu- 
ti,rcguIabafi,crunt,vtcom- 
pofita  ex  fcxta  parte  axis, 
vcl  diamctri  eiufdcm ,  &  dimidia  rcliqua;  portio- 
nis,  ad axim ,  vel  diametrum  rcliqua?  pcrtionis? 
Eadcm  vero  ad  omnia  quadrata  trianguli  in  ijf- 
dem  exiftentis  erunt,vt  compofita  ex  dimidia  to- 
tius, &reiiquae  portionis  axi,vcl  diametro,ad 
txim.  vcl  diamctrum  rcliquic  poriionis. 

A  SIT 
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S IT'  circulus^vel  ellipfis,  ED 

RP^cuiusaxiSiVeldiamcter^ERj  . 

ad  quem  ordiiiatim  applicctur>  /^/^XT^M 

DP>  abfcindeiis  vtcumque  por-  ^ 

tionem:>  DEP^qua:  fumatur  quo- 

quepro  regala,  &  cctrum  fit^  A5 

ac^rjJleJigc^miiiumjFPjin  ea- 

dcm  bafi^  DP^  cum  portionc  5  & 

eadem  altitudinc  5  fint  autenL-i 

primo  y  DF:,  PH  5  latera  paralle- 

logrammij  FP^^arallelalipfijER: 

Dicoergoomniaquadrata  por- 

tiqnis  vDEPjadomnia  quadra-. 

ta  paralielogrammi  ^  FPi  effcj  vt 

compofita  ex  fexta  parte^  EB,& 

dimidia,  BR ,  ad  ipfam^  BR .  I>u-. 

matur  ergo  intra  >  EB  >  vtcumq; 

pundhim  >  C  5  &  per^  Cy  ducatur 

ipfi  y  pP>  parallela  5  CM ,  Jecans . 

cliruam  crrculi  y  vel  ellipfis  y  ED 

RP)  in>Ni  Eft  igituT  Cfuadrafjm^ 

BP,  vel  5  MC,  ad  quadratfr,  CN> 

vjcreaangwlum,  RBE^ad  rea^a- 

giaum,  RCEs  eft  aufcm.EP,  parallelogrammiim  in  cadem 

baW&:  altitudinc,  eum  femiportione,  EBP,  regufa  eft  ipfa 

bafe, GM,  duda  vtcumq;  parallcla  ipfi  bafl ,  repertuq- 
eft qnadr.^tum,  CM,  ad  quadratum,  CN,  clTe  vt  reftanPu. 
lum,  RBE.  ad  redangulum,  RCE,  ergo magnitudmes  ho^ 
nfm  quativor  orchnum  er.unt  propoitiouales  .f  omnia^ 
quadrara  parallcIogrammi.EP,  magnitudines  primiar^i- 
nis  coUeaa^,  luxta  pr  imam,nemp^  nixta  qua  dratum^CM: 
ad  ^^»^^M"^di3tafemiportionis,EBP,magnitudm 
cti  ndi  ordmi.  coIle6bas ,  iuxta  fecundam  .f  Lxta  cruacfra. 
f  ut^  CN  ,  crunt  vtreOan-ula  fub  maximis  abfciffarum., 

EE,, 
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EB,  &  fub  aduinais,  BR ,  mngnitudincs  tmij  ordinistol^ 
■i^cLv,  luxtn  tc,  tiam.|.n.xt.-,  rcanngi.lum,  KBE,  ad  rca-in- 
gu»a  lub  omnlbus  abicKns ,  EB,  &  rdidiiis  cirundcm ,  .Yd- 
luncta,  BR,  (rcdi,  vcl  obliqm  triufttus  fupradidis  cxiftcit- 
tibus)  qi..r  funt  m.ignitudincs  qmrti  ordinis  collca.t,iux- 
lu  quart;,m.(.  mxt.,  rca.ingulum,  RCEjquon.am  vcrore^ 
ctangula  fub  maximis  abfolTa.  u,  HB,  &:  fub  adiundis^BR, 
ad  rcdangula  fub  omnibus  .ibfciifis ,  EB,  adninaa ,  BR,  & 
lubcarum  rcftdui>,funt  vt,BR,adcomp<,ntam  cx  dmndia,  Ccolj 
BR,  &  fcxta  partc,  EB,  crgo  conucrtcndo  omnia  quadrata  ' ' 
femiportionisBEP,  ad  oinnta  quadrata  parallclogrammi, 
EP,  vcl  iftorum  quadruplj  .f.  omnia  quadrata  portionis,  «•  I  i. 
DEP,ad  omnia  quadrat.i  parallclogrammi,  FP,crunt  vt 
compodta  ex  f ,  BE,&  t,  BR,  ad  candcm,  BR;  Iitncantitr 
nunc,  DE,  EP.  ^ 

Dico  vlterius  omni.i  quadrata  portionis ,  EDP,  ad  om- 
nia  quadrata  trianguli,  DEP,  elTc  vt  compoftta  cx  dimidia 
tonus,  ER,  &  ipfj,  BR,  adeandcm,  BR.  Oim  entm  oftenV 
derimusomnia  quadrat.i  parallelogrammi ,  FP,  ad  omnia 
Jiiadrata  portionis ,  DEP,  cfll-  vt ,  BR ,  ad  compoftt  ,m  cx 
-r,BR,  &  -r,  BE,ide6omnia  quadrata  trianguli,DEP,cr!  »4.1. ». 

fint  t,  cmnium  quadratorum  paral!clogrammi,FP,crunt 
ad  omnia  quadrata  portionis,  DEP,  vt  t , RB,  ad  compo- 
fitam cx  t, RB, t, BE,ideft  vt  tota,RB,;id  compofitam 
cx  -r,RB,  &:  t,  BE,  fcd  t,RB,  .f.  |,  RB,cum  t>  BE,con- 
ftituunt  t,  intcgrx,  ER,  fcilicct  t,  ciufdcm,ER,qua:  idc6 
cuin  t,  ipfius,  BR,  .f.  cum,  BR,  ad  ipfam,  BR,  crit,vt  om- 
nia  quadrata  'conucrtcndo }  portionis ,  DEP,  ad  omnia_, 
quadruta  trianguli,  DEP. 

•  Quoniain  vcr6,  fi  in  parallclogrammi ,  vcl  trianguli  di-  ».  f. ». 
<ai,  bafi,  DP,  fit  para  llclogrammum,  vcl  triangulum ,    in  per  b.c». 
cadcm  aJtitudinc,omni.]  quadtatj  didorfi  paralldogram-  »»•!•». 
morum  inter  fc  a?quantur ,  Qcwt  criim  omnia  quadrata_., 
trianguIorum,rcgulacofundcm  bafi,idc6  oftcnfiim  eft 

A    2  omnia 
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omnia  quadrata  portionis,DEPjaciomnia  quadrata  pi- 
rallelogrammi  in  eadem  bafi ,  &  altitudine  cum  ipfa  coa- 
ftituti  cfTe,  vt  compofita  ex  t,  BE,  &  -ir,  BR  ,  ad eandem, 
"BR ,  ad  omnia  vcro  quadrata  trianguii  in  ijfdcm  pofiti ,  vt 
compofita  ex ,  BR ,  &:  dmiidia ,  RE ,  ad  ipfam ,  BR ,  quod 
oftendere  opus  erat, 

COROLLARIVM. 

HINC  jtatet infigurd, in qua hfts pordsm conjiituni ptr 
centrum  eireuli,  vtl  eUtpfi$  tran/eat  ,qiioniam  emnticj 
qf*Adr4tapar4llelogrami,Fp,admni4  tfuadrata  porttonis,  DEP, 
funtvt,  AR,adctpofitamtx  l,  AR,  (jr  -r,  AEjctlictt  iv  AR, 
9Uia,EA^en  aquatiiipf$,AR,^,AR,4utim.d-  ^,AH,cor,fiitutii 
"*  » t^tl T.  ipput,  AR,  iiib  omnia  quadrata paraUtUgtatnmi, FP, 
tpeaiomntaquadrataportionis,  DEP,  vt,  AR,  ad  t>  AR,  idtfi 
t^t  ttrundem  ftxquialttra  i  quia  vtro  omnta  quadrata  trtat-gtt^ 
U ,  DEP,  funt  -f.  omnium  quadratorum  parailtUgrammi ,  fp, 
ideo  omnia  quadrata trianguli,  DtP,  adsmnia  quadrataportith 
ms,pEP,funt  vt\,ad%,(^  conuertendo  cmnta  quadtata  per^ 
$ims,  DEP,fu»t  dupU  omntum  quadr^tarum  irtanguU,  uEP, 
&  fupfexquialterAomnium  quadratorum  paralltitgrammi,  fP, 
dummodo  tn  eadem  bafi,  &  aliitudtnt  eum  psrticne fint  conRittt^ 
M  paralUlogrammum,  &  trtangulum ,  vt paulo  fupra  in  £nt  df> 
mnilrationis  fubtunximin. 

TOEOREMA  IL  PROPOS.  IL 

SI  a  circnlo,  vcl  ellrpfi  per  lineam  ad  eorum-* 
axim,  vel  diametrum  ordinatim  applicatam 
vtcunq;  portfo  abfcindatur,fit  autem  paral- 
Jelogramum  n  eadem  akitudine  cum  ml  pof- 
t»one,  fed  in  bafi  «(juali  fccundse  diametro,&  re- 


pih  bafis  ipfius  portionis;  Omnia  quadrata  diAi 
parallelogrammi  ad  omnia  quadrata  did«  poN 
tionis  erunr,  vt  rc^angulum  fub  dimidia  eiufdem 
axis,  vel  diamctri,  &  fub  eiufdem  dimidi»  tripla, 
ad  rcaangulu  fub  axi,  vel  diametro  abfcirfa!  por- 
tionis,&  fub  compofita  ex  axe,vcl  diamctro  reli- 
qu£  portionis,&  dimidia  totius  axis,vcl  diametrf. 

Sn  'git'"^iiculus,vclclliphs,BVOR,ciu$axis,vcl 
diametcr ,  BO ,  ordiiiatim  ad  jp- 

fum  npplicata ,  VR,  vtcumq;  ab- 
fcindeus  portionem,VBR,rit  ve- 
ro  fccunda  dijmetcr,CF,&'  pro- 
d.i«5b,  VR,  ita  vt,  PN,  lit  n:qualis 
ipl»,  CF,S.',  PM,  ipri,CA,ui  bnli, 
PNj&altjtudi  ic  portionisVB 
R-.  fit  p.iralIclogr.immum,DN,&: 
circa  axim,  vcl  diamctrum,  Bi\f. 
Dicoergoomma  quadrata  p.-)r3llc!ogMfflmi,DN,reguIj, 
VR,  nd  omnia  quadrat.i  portionis ,  VBR  ,  eflc  vt  rcctana;u. 
lum  fub,  BA,&  tripla,  AO,  ad  rcitanguUim  fub,BM,3c  fub 
compofita  cx,  MO,OA ;  lung.intur,  VB,  PB ;  Omnia  ergo 
quadrata  fcmiportionis,BCVM,ad  omnia  quadrata  triaa- 
guli,  BVM,  funt  vt,  AO,  OM,  ad,  Oi\f,  .i.  fumnta,  BM,  c6-  la  «ai. 
muni  altitudinc,  vt  rcamgiilu  fub,  BM, MOA,  d<f  reaan-  f.I  ». 
giilum,  BMO,  omnij  auf cm  qundrata  triartguli ,  BVM,  ad 
cmnia  quadrat.i  triangiili,  BPM,  funt  vt  quadratum,  VM,  c«; 
adquadr3tum,PM,vcl  nd  quadrjtum ,  CA, .:.  vtrcdai^ 
guliiir, OMB ,  ad  rca.mgulum ,  OAB ,  Crgo  cx  xquali ,  &  l' ' 
conucrtcndo  cmnia  quadrata  trianguli,BPM,ad  (.mntj.^  ««wS'* 
quadrata  fcmiportionis,BVM,  crunt  vt  rcannfjuIu,BAO', 
ad  rc(ilnnguhim  fub,  BM,  &,  MOA,  &  antcccdcntium  trt- 
pb  X  onini.i  (juadrata  parallclogrammi,  DM,  ad  omniuj»  ^ 


6  geometri^ 

quackatafemiportionisi  BVMtivcl  omaia  quadrajapatal- 
lelograijAini,i>N)ad9miua  «jua^iata  portionis,VBR>  erifT 
Vt  redtanguium.  Ajb,  BA ,  &tfipla ,  AO,  ad  rcaanguluai-. 
iiibjBJVl,  3:,  M6A',  quodverum  clTc  oftcndetur ,  vt  ui  aft- 
tece^cnte,  ctjam  fi  parallelogrammum,  DN,  non  fit  circa 
axiro,  tcI  diaraetrum,  BM,  vnde  patet,  &c. 

THEOREMA  III.  PROPOS.  III. 

SI  intra  circulum,  vel  ellipfim,  du«  ad  axim^, 
vel  diametrum  ordinatim  applicentur  tt^x 
lines/it  autem  paralleIogrammum,&  trian- 
gulum  in  eadem  alcitudine  cum  portione  inter 
appbeatas  conclufa ,  fed  in  bafi  alrera  applicata- 
1  u :  Omnia  quadrata  didi  parallelogrami  ad  om- 
niaquadrata  concluficportionis  (regulabafi)  e- 
runt,  vt  reiiiagulum  fub  partibus  axis,  vel  diame- 
%p  per  bafim  conftitutis  ad  rcdiangulum  fub  ab- 
/ciffa  per  bafim  ab  extremitate  axis,  vel  diaraetri, 
&  fub  compofita  ex  medietate  portionis  axis ,  vel 
diametri  eifdem  applicatis  intermedise,  &  abfciC- 
fa  per  aliamapplicatam  abeiufdem  extremitate, 
yna  cum  re^SanguIo  fub  eadem  jntermedia,&fub 
compofita  ex-r»eiufdem,  &T.abfcifl2e  perean- 
dem  applicatam  ab  eiufdem  extremitate:  Omnia 
vero  quadrata  inclufse  portionis  ad  omnia  qua- 
drata  didi  trianguli  erunt,  vt  re^aangulum  fub 
compofita  ex  abfcifiJis  ab  axi,vel  diametro  per  or- 
dinatim  applicatas  verfus  terminu,cui  bafis  pro- 
pinquior  cft ,  &  fub  fexquialtera  abfijilfx  ab  alio 

ex- 


t  I  »  E  t  iUti  ^  t 
«iremtt  pct  applicatam^  qua?  non  cft  bafis,  vnt^ 
cUmredangulo  fubhuius  reliqua,&fubdupla^ 
ibfciffx  per  bafim  ab  extremo,  cui  ipfa  bafis  pro- 
pinquior  eft,  ad  rcftangulum  fub  partibus  axis> 
vcl  diametri  per  bafim  conftitutis. 

SIT  crgo  circiilus,  vcl  ellip/Is,  ACDF^  cetrum,  O,  a  xis> 
Tcl  diamctcr,  AD,  dux  ad  ipfjm  ordinatim  applicatir  fuu^ 
1S>  CF>intercipfcntcs  poitioncm,  IQ^S/it  autem  parallc- 

^  ^Him,  BF,  in  bafi  vtrauis  applicatarum ,  vt  in>CF, 

iSc  v  ..a  maltitudinccumfcullo^ClSF^hcctiamnuaccircn 
axim  5  vcl  diamctrum  ,  MR,  rcgula  vcro,  CF  s  Dico  crgo 
omnia  quadrata  parallclogrammi^B 

ad  omnia  quadrnta  portionis,  ICF 
S, cfTc  vt  rc^fVangulum^DRAjadrc- 
dtmgulum  fub^  DR^&c  fub  compofita 
cK^j  RM,  &  cx,  M  A  y  vna  cu  reitau- 
giilo  1uIhRM,&:  fub  compofita  ex  -ir, 
RM,  &     M A .  Sumatur  in,  MR,  vt- 
cinK];  puiidjm/I\pcr  quod  a:^atur 
ipfi,CF,parjllcla^TX5  fccans  curuam,SF,  in,V,  eritcrgo 
€jii:Kiratum,RF,  vcl  quadratum^TV^ad  quadratum  ,7X, 
Tt  redan  -  '     .  DRA-^ad  rccbngulu,  DTA;  &:quoniam> 
MI\  cft  p^ .  .< . )y;rammum  ni  ca dcm  bafi, RF^  &  altitudN' 
nccum  femiportione,  MRFXS,     TX,  ducta  fiiit  vtcnnq; 
parallcla  ipfi, RF,  rcpcrtumq;  cft  quadratum^TV,  ad  qiia- 
dmrum,TX,  effc  vt  redangulum,  DR  A:>  ad  rcclangulum^ 
DTA.  ^  'nf^rudis  quntuor  m:i^nitudinumordinibus^vt  in 
amcc^        7  cocludcmus  omnia  tjundrata  parallelo^ram' 
mi-,  MF, ad  omnia  quadrara  fcmiportionis ,  MKES  cflc  vt 
re<ftanguIa,DRA,tor,quotfun5Gmnesabfci(Cripffus,MK\ 
ad  rcvfbngufa  fub  rcfiduisomnuun  .ibfcifiarU)MR-,av!:na> 
Ai,Rn.  5.  fubcmnibusabrciflis,MU,adiundln-,MA- qi:ia 
YCro,  D  Ajduiifa  cft  vtcuqi  la  duubus  pun^^bs^SaM^rcctati-i» 


gula  fub,t>RA,  tot ,  qu&t  funt  omncs  abfciCfa;,  RM,  ad  r«- 
aanguh  fub  rcfiduis  omnium  abfcifTarum ,  MR,  adumCta, 

Cow.  j».        &  fub  omnibus  abfciflfis ,  MR ,  adiunda ,  MA,  funt  vC 

^  "  redlangulum,  DUM  rcaangulum  fub,  DR,  &  fub  com- 
pofita  ex  T ,  RMs  &,  MA,  vna  cum  rcftangulo  fub,  RM, 
fub  compofita  ex  f ,  RM,  &  MA,  crgo  omnia  quadra- 
»'>i  ta  parallelogrammi,  MF,  ad  omnia  quadrata  lemiportio- 
nis,  MRFS,  vel  omnia  quadrata  paralklogrammi ,  BF,  ad 
omnia  quadruta  portionis ,  ICFS,  erunt  vt  redangulum, 
DRA,  ad  rcaanguUun  fub,  DR,  &  fub  copofita  ex  MK, 
&  ex,  MA,  vna  cum  reaangulo  fub,  RM.  3i  fub  compolita 
C«T,RM,&T.MA: 

lungantur  nuncCM,  MF.  Dico  infupcr  omnia  q"3dra- 
ta  portionis,  ICFS,  ad  omnia  quadrata  trtanguli,  MCF,ef- 
fe  vt  reaangulum  fub  compofita  cx,  MD,  DR,  &  fub  fex- 
quialtera,  MA,  vna  cimi  reaangulo  fub  copofita  cx,  MD, 
&  dupla,  DR,  &  fUb  MR,  ad  rcda  ngulum ,  DR  A  j  om- 
nia  .n.  quadi-ata  parallelogrammi,  BF,  ad  omnia  quadrata 
portionis ,  ICFS ,  oftenfa  funt  elTc  vt  rcdangulum ,  DRA, 
ad  reaangulum  fub,  DR,  &  fub  copofita  cx  t  >  RM,  &  cx, 
MA,  vna  cum  rcaangulo  fub,  RM,&:  fub  compofita  cx  t, 
RM,  &  -tj  MA,  ergo  eorum  tertia  pars  adeadcm  confe- 
qucntia  erunt  vt  tertia  pars  rcaanguli,  DRA ,  ad  eadem^ 
confcquentia  reaangula  .f.vt  integrum  reaangulum,D 
RA,  ad  illa  reaangula  tripUcata,  rcaangulum  autcm  fub, 
DR,&fubcompofita  cx-i-,RM,&,MA,  diuiditur  inre- 

,.». tkm,  aangula  fub,  DR,  &  4r,  RM,  &  fub,  DR,  MA,  triplice- 
tur  rcaangulum  fub ,  DR,  &:     RM,  fit  rcaangulum  fub 

i.».tle»  tripla,DR,&:fubT-->RM,cuifiacldatur  reaangulum  fi  b, 
MR,  &  i-,  RM,  fit  rcaangulum  fub  copofita  ex  tripla,RD, 
&  cx,  RM,  S.  fub  compofita  cx,  MD,  &  dupla  ,  RD,  &  fub 
'i  ,  RM,  quod  fcrua:  Rcmancnt  rcaangula  adhuc  fub,  DR, 

»•  ••  »•  MA,  &  fub,  MR,  &  -ir,  MA,  triplicanda  ,  quod  fic  fiet  j  rc- 
aangulumfubjDRjMAjacquatur  tcaaugulo  fub  dupla, 

DR, 
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DR,  &:  cui  fi  addatur  rcvflaagnlum  fiib  t,  MA^  6c 

(ub,  MH5  liet  vccbiigulum  fub  MA.,  &  fub  compofitx^ 
cx>  MR,  &:  dupla,  RD^  .f  fub  copofita  cx,  MD^  DR,  quod 
tripUcatum  hi  rcciangulum  fub  compofita  cx>MD,  DR, 
&fubfcxc|uultcra,  MA,  quod  fimul  cum  rc£lai^gulo  fuU 
compofita  CX5  MD^  Sc dupla,  DR,& fub MR^ad  rc6bn- 
gulumjDRA^conuertcndo,  habcbit  caujcm  rationcni-»> 
<)uam  omnia  quadrata  portioms,  lCFS,adomnia  quaJra- 
ta  trianguli,  CMF3  quodctiam  vcrificabitur^  fidiclum  prr- 
raUclogrnmmumjS: triangulunv, fmt  quidcm  in cadc  bafi 
cum  portionc,  fcd  non  circa  cundcm  axim,vcl  diamctrum 
cum  cadcm  portione,  vt  fupra  paccrc  potell  m  antcccdcu  - 
tibus,  quod  crat  ortcndcndum, 

THEOREMA  IV-  PROPOS.  IV, 


IN  eadem  antecedentis  figura  fi  parallclogra- 
mumfitquidem  in  eadem  altitudinc  cunu# 
portione ,  fed  in  bafi  xquali  fccundx  diamc- 
tro;  omnia  quadrata  diO:'\  parallclogtami  ad  om- 
nia  quadrata  didlx  portionis  erut  ^vt  quadratuni 
axis,vel  diametri  eorudcm  ad  cadem  confcquea- 
tia  rcaanguh)  rctenta  cadcm  rcgula. 

.  .ExpDn2itar<lcnuAa  itcccdcntis  figura ,  &:  producaturir 
CF,i^a  vtjVX^fit  aecju.iU^  fccttiidae 
diametro  >  qux  fit ,  EH  >    >  VR, 

ccqualis^RX, '  '^K,balifitcon- 
ftrusft:!'!^'^  '^^  .immiim,GX, 
ih  alr.  ^  clirrt  portio- 

IGKS,  fit  ctiam  circa  caiulcflUi 
axmr    '  '  ^ ^'T- 
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dr^ita  parallelogrammi  y  GRy^  omnia  quadrata  p^rallCf 
9.  \  1.      logrammi'^  BR5  ( regulaj  CF5 )  (vnt  vt  quadra tumj  VRt  a4 
&c?u(df m  ^^*^^^^^"^^'^' CR,  .f.vt  rcdungulumj AOD^vcl  quadratum^ 
UhQUo!^  AO,  adredangulum,  DRA,  omnia  autan  quadrataparal^ 
lclogi  ammi>BR,ad  omnia  quadrata  femiportioni5>ICRM> 
funtvt.redanguUuiijDRAjadre^ftangulumfubiDR-j&fi^b 
compofita  ex  -^5RM>&cx>  MA>  vna  cum  redangulofubi 
Ix  ifliec.  RMj  & fub  cx)m J)olita  ex  i-.>  RM5  &  ^  >  M A^  crga cx  a? qua- 
li omnia  quadrata  piirallelogrammi 5  GR5 ad pmiiia  qua^ 
drata  femiportionis  5 ICRM  y  vel  omnia  quadrata  parille*' 
logrammij  GXj  adomnia  quadrata  portionisjlCEiberunt 
vt  qiiadratum,  AO5  ad  rcdangulum  fub,  DR  5  &  fub  com* 
pofita  ex  ~5  RM5  &  ex^  MA^vna  cum  rcchngiil^fub^RM^ 
cofof i^'  ^  ^"^  compofita  cx  -^^  RM^  &  ~,  MA  ;  quod  ctiam  patct, 
I.  ll^      fi  parallclo^rammum^  GX,  non  fit  circa axiiti,.vel  diame- 
trum:>  MRj  quod  erat  oftendcndutxu  . 


Sl  i»cif€wic^^  ducahtufconiugitj 
xes^v^y^^  corundf  ni 

.  wt  tamq^^^inbafipaTallelogram^ 
ca  eundem  axim,  vel  diametrum  cum  circuIo>veI 
cllipfi,  circa  qbem  fit  etiam  triangulusifed  in  bafi 
©ppofita  bafi  parallelogrammi  Jumaturautcmin 
di^a  axi,  vel  diametro  vtcunq^  pundlu.per  xjuod 
ba/ibusdi(aisagaturparallela ;  quadratum  eiut 
dem  parallel^  trianguli  lateribus  interceptx  ac- 
quabitur  reliquo  quadrati  eius ,  qux  intercipitur 
lateribus  paral)elagrami,demptoquadratoeius> 
qu«  intracirculum;  vel  ellipfim  concludeiur^ 


» ^ 


Sit 


A 


H 
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It  cipculus,  vcl  cllipfis,  BDHF^eius  contugati  axes^vd 
diamctn^  BH,  DF,iii  altcra  autcm 
C^ruilH  vt  in,  DF,tnnquam  iu  bafi, 
Sccirca  axim,vcl  dijmctrum,  BE, 
fit  parallclogrammum»  AF,  circa 
cundcm  vcro  >  fcd  i\\  bafi,  AC,  fit 
triaagulum,  AEC,  fumatur  autciu 
ia>  BE,  vtcuaquc  punclum,  Mipcr 
quod  ipfi ,  D  F,  a  ga  t  ur  pa  r  a  UcIi^m 
VR,  fccauscuruim,  DBF,  in,  T,  I, 
&:  btcra  trijnguli,  AEC,  in,S>  N.  Dico  crgo  quadratum» 
SN,  a?quari  rcliquo  quadrati ,  \K ,  dcmpto  quadrato,  T 1. 
Namrcdangulum,HEB,  adrcdanguJuiHMB^cft  vt  qua- 
dratum,  FE,  \  cl  quadratum,  RM,  ad  quadrntum,  IM,crgo 
pcr  conucrfioncm  rationis  rcdangulum,  HEB,  .i.  quadra- 
tum,  B&>ad  quadratum,  ME>  ^uod  cft  cxcclfiis  rcilangu- 
li,HEB,  fupcr  rcclangulum,  HMB>)  cnt  vt  quadratu,RM> 
a  J  fui  rcliquum,  dcmpto  qujdrato,  MI,  fcd  vt  quadratum» 
BE^  ad  quadratum,  E\l,  ita  quadratfi,  BC,  .i.quadratum, 
MR>  ad  qiiadratimi,  MN,  quia  triangula,  BEC,MEN>funt 
aequiangula  j  crgo  qu.idrntum,  BC,  .1.  qujdratum,  MR,  nd 
quadratiim,  MN,  crit  vt  idcm  quadratum,  MR,  nd  fui  rcli- 
quum,  dcmpto  qundrnto,  MI,  &:  corum  qundrupb  .f.  qua- 
dratu,  SN,  a?qunbirur  rcliquo  quadrati,  VR,  dnnpto  qua- 
ikat<>5T  I,  qnod  cr^ '      ndcndmn . 


C  O  R  O  L  L  A  R  I  V  M. 


,  Atffc  fa$€t,cjU0jomm4C)Uddrdtd  trtdngali,  AECt  (u^ 
^guld,  D FJ  d^rtdntur  reli(]Uo  omnium  tjuddrdtofum 
fdUeliffsmmi,  AF,  demptit  ommhus  efuddrdtis  femiiirculi » vA 
fimkttffts,  DBF;  &  dudhus  vtcutBCfi  duaisifft»  DF,  pdrdtlitis^ 
vt,  XGp  yjtppdtet,  quodomnid  quddtdtd  trdftz^^»  TSh  9e»  dqusi^ 

B    1  hut^- 
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lmwi$ifftf$dfip  ommmH^4df4$ofum  pAralUldgfaM^  dif»^ 
f$iiommbfis^n4dr4tu poriionhfemicirctltt  .  vel  ftnHtflipfts  i$t* 
UfiZ L,T!, eonel$$f4 :  ^ia vero ofienfa ejlratio  omriium qna» 
etratoruht  cmnfnis  pafalUUgrammoru  in  aUitttdine  eJdemetttm 
2*.  «t  it.  p-,rtimbus,  bafi4$ttcmaqstali  fecundadiametro,  adomnia  qosa* 
drata  tfapeTiortim,  vcJtrian^uiort^min  yfdcm  exffitKtium^  hint 
mihjfifia  efi  ratio  eorundefn  ad  di£ia  feftdua,    confequenter  ad 
omniaquadfata  portionum  femicircuU^  vei  fcmieUtffis  ^  DBF, 
diCtis pafdUeUsinterpofttafufn,vt  ext^.  $$6tM  erit  rdttOi  fudfk  ba!^' 
bent  omnta  quadrata paralieUgrammi,  XA,  dd  onmia  quadrataJ 
portionis,  ZTIL ,  (jr fic  in  reit(}uis .  ^ta  vefo  omnia  quadratto 
T Cof  II.  frianguU^  AEC,  ad mnia  quadrata  trtanguti ,  SEN,funt  in  tri^ 
■  fia^atione  ipfius ,  BE,  dd^  BMMeo  etiam  patcbit.  ijuodemnia^ 

tjuadrdta  pafatlelogfammi,  aF\  dmptis  omnihus  quaafatts  /5'- 
micirculi  ^vel  femteitipfis,  DiF^  ad  omnia  quadr^ta  paraUeth' 
grammi,  VF,  demptts  omntbus  quadratis  fiufii ,  7  DFB,finf  /» 
iripla  raticne ipfius ,BE,ad,lM, idefi,  v$  culus  ,BE,ad  cu^ 
lmm,hM. 

THEOREMA  VL  PROPOS.  VL 

SI  in  circolo ,  vel  elljpri  ad  axim ,  vel  diamc 
trum  eiufdciTiordinacim  applicetur  vccBiiKf' 
'  que  reda  linea ,  qu;e  fumatur  pro/egula;^  i 
Omnia  quadrata  eiufdem  ad  omnia  quadrata  al- 
terutrius  portionis.per  cam  conftituta? ,  erunt  vc 
paralielepipedum  fiib  quadrato  totius  axis,  vcl 
fliametri ,  alritudine  eiufdem  dimidia  ,  ad  paral- 
lelepipedum  fub  quadrato  alTumpr^  portionis, 
altitudine  autcra  linea  compofita  ex  reliqu».^^ 
tiomsaxr,  vel diamerro,& dimidia  torius :  Ve*e4^ 
lunt ,  vt  cubus  totius  axis ,  vel  diametri  ad  paraU 


\ 


L  I  B  E  R  III. 
lelcpipedum  fub  quadrato  aflumptx  portionis 
axis,  vcl  diamctri,  &  fub  altitudine  linea  compo^ 
fita  ex  tripla  axis>  vel  diamctri  rcliqua^portionis, 
fcnji?  pubo  axjs,  vel  diamctri  reliqusc  portionis. 

Sitcirculiis,  vcl  cllipiis,  ABCD^cuius  nxis ,  vel  diamc- 
tcr  >  AC  y  cciitrtun  ^  O ,  &  ordiiia tim  vt- 
cuaq^  nd  ipfam  applicatn.BD^conftitucs 
duas  portioncs,  BAD,  BCD,  qu.Tquoci3 
Tit  rcgub.  Dico  ergoomnia  qundrat  L^ 
circuU,  vcl  cllipfis-j  ABCD,  ad  omniu^ 
quadrata  portionis  ,  BAD,  cx  dunbus 
portionibiis,  BAD,  BCDvul  libitfi  fum- 
ptar^eflcjvt  parallclcpipcdum  fub  bafi 
quadrato,  AQ  alritudmc,  CO ,  vcl ,  CX ,  qux  fit  .TquaTi^, 
CO>&  illj  in dircctum  conftituta,ad  paralldcpipcclum  fub 
bafi  quadrato ,  AE ,  altitudmc ,  EX,  vcl  vt  cubus ,  AC,  nd 
parnllclcpipcclumfubbafiquadrnto,AHviltitudinctripl:i. 
EC,  cuir  cubo>  AE;  iuigaiuur,  BA,  AD,  BC ,  CD :  Om- 
nia  crgo  quadratn  p  ^riionis  ^BCD^  ad  omnfa  quadratu^^ 
pottiorti^,  BAD^  habcnt  raTic>ncm  copofitnm  cx  cn,qunm  Drff:  tu 
habcnt  i;aiiU3  quadratn  portionis,  BCT),  ndomnia  qna- 
drau  trrnngui!,  BCD^  &:  cx  ca  ,  quam  hnbcnt  hax  nd  om- 
nia  qiKidrjta  trungiili  ,DAD,  5c  cx  rarioAc  iftorft  nd  otrr- 
nia  cjuad:atapo<rtioni>,BAD:  Omnin  vcro  qu  tdrara  por-  i.t»i«#» 
t  !  '  *    rCD,  adomnia  quadrata  trinng^ili,  BCD,funt  vt 
c     ^    M  cx,OA,  AE,  jd,  AE:  Omnin  itcmqnaclrar.i^,  feffC.cs^ 
trianguh^ BCD,  ad omnia  qnadr.ita  f riangiilj,BAD,Cquia  '^**' * 
triarijjulafuni  iiicadcm  bafi ,  BD,  )hmt  vt,CF,acI>EA : 
Omnia  dcniq;quadr.itn  trinngu!i,BADiad  oonnij  qiTadt-n- 
ta  portionrs ,  BAD,  funt  vt ,  tC,  ad  comp< )finm  cx  ,  FC,  i.  hiFni 
COs  harum  autcm  trium  ratirmum  cr^mponcnt ium  rntio- 
ncm fnpr adiclim iJIa>quamhabct, CF, ad, FA, &,CF,id',  i^l  u 
ECO:^  comrponit  rationchi  qnadrati  jCE^  *id  rcd.uicuTum 

fub. 
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fub,  AEy  fub»ECO,  ha^bem,!)?  ergo  illas  t;rcs  rstiottcs.  iit 
has  duas  rcfolu^as  X  ia  cam,  quam  habet  quadratum,l^C| 
ad  rtftanguluin  fub,  AE,  &  ECO ,  '&cin  cam ,  quam  bubet 
compofita  ex,  OA,  AE,ad,AE-:  ratio  autcm  quadrati^ECi 
ad  rcda  nguKim  fub ,  AE,  & ,  ECO ,  &  ratio  ipfiils  ,1^^ 
lumpt.^  pro  r.kitudincad,  AE,  paritcr  pro  altitudinc  fum- 
ro.4.Gen,  P''^'^^'  compoautu rationcm  parallelepipcdifub  bafi  qua^ 
j+.Jt.  *  «li^atOjCEialtitudiaeautem^EAOjadparailepipedu  fub 
bafi  quadrato,  AE,  altitudinc  autem,  ECO,  quod  ferua. 

DupUceiitur  nunc  horum  parallclcpipcdorum  altitudi- 
nes,  omnia  crgo  quadrata  portionis,BCD,ad  omnia  qua- 
drata  portionis ,  B  A  D,  erunt  vt  parallclepipedum  fub 
quadrato,  EC,  altitudinc  vero  dupla ,  EA,  d  jpla  ,  AO, 
qu«  efl:,  AC,  ad  parallclcpipedum  fub  bafi  quadrato',, 
jj  J  t.  '^,^'3^^^^"^»'^edupIa,EC,&dapIa,CO,qa2:eft,ACjpa- 
rallelepipedum.autcm  fub  quadrato,  CE,  &  fub  compofi- 
ta  ex  dupla ,  AE ,  & ,  AC ,  a?quatur  paraliclcpipedis  fub 
quadrato ,  CE ,  fiib ,  AE  ,  bis ,  vna  ci;m  parallclepipe- 
1*.«  do fub,  AC,  & f,b quadrato ,  CE ,  ideft  vna  cum  paralle- 
lepipedo  fub,  AE,  adhuc  femc!,  &  fub  quadrato,  EC,  cum 
cubo,EC,qu^fimul  cumpra:diais  conficiunt  parallele- 
pipediuT,  tcr  fub,  AE,  &  fub  quadrato ,  EC,  cum  cubo  io. 

Jr  i"r  ^^^''^^"'"^  parallclepipedum fub  aua- 
drato  AE,  &  fub  compofita  ex,  CA,  &  dupln,  CE,jequari 
parallelcp,pcd,s  ter  fub,  CE,&  fub  quadrato,EA,cum  cu- 
bo,  t A,  ergo  omma  quadrata  portionis ,  BCD,  ad  omnit 
quadrata  portionis ,  BAD  ,  erunt  vt  parallelepipedum  tcr 
fub  quadrato,  CE ,  altitudinc,  EA,  cL  cubo,  CF ,  ad  p'' 
raneIepipcdumterfubquadrato,AE,ahKudme,EC,cSm 

vtparaUcIcpjedumterfub  altitudine,  AE, &ouadrato, 

tMrrn  >l^-^u'  ^''"'f  P^allelepipedo  ter  fub  aU" 
titudine,  CE,  &  lub  quadrato,  EA,  cum  cubo,  EA ,  ad  pa- 

rallc- 
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cubo,  Ah,.lb  autcm  l.mt.l  fumpta  conficiunt  cubum,AC,  1« 
c  §n  om.a3  ^undrata  circul.,  vcl clUpfis ,  ABCD,  nd om 

raUc  ep.pcdu.n  fub  bal.  quadrato,  AE ,  altitud.nc  lincJl 

mi^U  tcrm.nts)  omn.a  q„adrt.t.i  circuli ,  vcl  cllipr.s,  AB 
^l>^:.dOm.ijj  t|u.idfata  portionis,BAD,cninrvrpanllc- 
'  ' '  ^l"->drato,AC,alt.tud.nc,CO,vcl,CX, 
u  r  ■  ■  -^,"^»i>»5  AC,)3d  paraUclepipcdiim fiib  »"C 

Ivai.  quadrnto, Ah,r.!titud.nc,EX,  (quo:  cft dmi.d.a  alntu-  \* 
dm.  !,  fubbafiquadrato,.AE-,altin.d.ncd«-  ■ 


r  ■'1''"'  patctcfgo,qu6dom. 

^-  Y  "  ^  ^  'i"''>'-^R<^r>>:'c!omni3qtiadr3t.ipor- 
tio.us,B.Ap,crant  vt  par..llclcpipcdum  f  ;b  b..fi  q„adrato, 
AC  altitudiac,  C^',.,d  parallclcpipcdum  fub  bafi  quadr.i- 
to,  AE, alt.ti.d.nc,  EX,vcl  vt  probauimus)  vt  cubus,AC, 
ad  parallelcp.pcdum  fub  bafi  quadrato,  AE,  altirud..K  I.- 
nen<ompofit<,  cx  dup!a,  EC,  &  cx,  AC,  .i.  ad  parallclcpi. 
pedum  fub  baf.  quadrato,  AE ,  altitudinc  tripla,  EC,  cum 
cubi,  AE,  qnx  crant  dcno.iftranda^ . 

C  O  R  O  L  L  A  R  I  V  M . 

HfNC  eti4mp4tetf4rti$»$j,  BCD, mnid ifU4irals/t4»mi 
ntM  cfifh^itfortKmts,  B4D,e^t  vtf4it4lUl(f>tpt4itm  fni 
(ft4drti»,CE,4lttiulne Mttm,  EA0,44 parslltlffiftdttm 
fttbh4/i,fU4ir4t»,  AE,  4titlt$itin  4Mltm,  EC0,f4ttttrge  fi  ar- 
t»/itj.  V<lellt^fij^r4fft,c4t4m44etrum4xim,  vtUt^melrttm, 
$B  dm4spwti$Htt  vtttinr)  dim4ai»tmr ,  tfmstf;  fmm^tmr  pr$  rtgmU, 
^mpd n$44  etti  r4li$  $m»i»m  mm44rii$rmm  vtrtmfqme  ttrtmit  ii^ 


THEO- 
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,  ,.i;heorema.  vil  propos.  vij. 

I  in  circulo,  vel  ellipfi  du« ad eundem  axiiit, 
vel  diametrum  ordinatim  applicenturre<aa: 
linex  j  Omnia  quadrata  vnius  portionis  (re* 
gula  bafi)  ad  omnia  quadrata  alterius  portionM 
erunt ,  vt  parallelepipedum  fub  bafi  quadrato  a- 
xis,vel  diametri  illius,&fub  compofita  exaxf, 
vel  diametro  reliqu«  portionis,&  dimidia  totius, 
ad  parallelepipedum  fub  bafi  quadratoaxis,  vel 
diametri  alterius  pbrtionis ,  &fubcompofita  ex 
axi ,  vel  diametro  reliquae  portionis ,  &  dimidia^ 
totius. 

SIT  circulus,  veleUipfis,  ACND,  cuius  axis,yeldiamc- 
ter  >  AN ,  ceatium ,  O ,  duae  ad  ipfian  vt- 
cuiiqs  ordinatim  applicatL^fint,  BF,  CD-. 
fu  autcsn  produda,  AN,i!i,X,ita  vt,XN, 


fit  xciualiSjNO;  rcgula  vero  altcrutra  ap- 

plicataru,  vt,  CD.Dicc  ergo  omnia  qiia- 

drata  portionis,  B AT,  ad  omnia  quadra- 

ra  portionis,CAD,  elie^vt  pnrallelepipc- 

duiTj  fub  bafi  quadratoi  AE ,  aititudinc  autem,  E>t,'nlpa- 

rallelepipcdiim  fub  bafi  quadrato ,  AM ,  altitudine,  MX. 
Nam  oninia  quadrau  portionis,BAF,  ad  omnia  q.iadrati 
S«  >aK«.  circuli ,  vcl  elliplis,  ACND,  funt  vt  parallelcpipcdum  fub' 
bafi  quadrato,  AE,  altitudinc,  EX,  ad  parallclcpioedu  fub 
baiJ  quadrato,  AN,  altitudinc,  NX ,  itcnvomnia  quad^nta" 
circiili,  vel  cllipfb,  ACND,  ad  omnia  quadrata  porcionis,- 
£»W  CAD,amtvtparallelcpipedum  fub  bafi  quadrato,AN, 
altitudme,  NX,ad  parallelepipcdu  fub  bafi  quadrato,  AM, 
3  .tituduie,MX,ergo  ex  a.'quali  omnia  quadrato  portionis, 
'i"'  BAF, 
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BAF,  ad  omnia  quadrnta  portionis,  CAD,  crunt  vt  p:!ral- 
lclcpipcdiim  Uib  bali  qiuidrato,  AE,altitudiiic,EX,ad  pa- 
Tallclcpipcdum  fub  bali  quadrato ,  AM,  altitudiac,MX, 
ijuodcrat  ollciidcadum . 

PROBLEMA  1.  PROPOS.  m 

ADato  circulo,  vel  ellipfi  portionetn  ab- 
fcindcre  pcr  lineam  ad  eiufdem  axim,vel 
diametrum  ordinatim  applicatami  cuius 
omnia  quadrata  ad  omnia  quadrata  trianguli  ia 
eadem  bafi,  &  altitudinc  cum  ipfa  portione ,  ha- 
beant  rationcm  datam  j  oportet  autem  hanc  cfTe 
maiorem  fcxquialtera  ,exiftcntc  rcgula  ipfaor- 
dinatimapplicata^. 

Sit  circuluj,  vcl  cllipfis, ADME,  nxis,vcl  diamc- 
ter ,  AM , ccntrum ,  F,  oportct  jgitur  ad  ipfum  axim ,  vcl 
diamctrum,  liucam  orditiatim  applicarc ,  qua? ib  ipfo  cir- 
culo ,  vcl  cllipfi  abfciudat,  portioncm ,  cums  omnia  qua- 
drata  ( rcgula  ipfa  applicnta  )  ad  omnia  quadratj  trunguU 
in  cadcm bafi ,  &  altitudinc  cum  ipfa  hnbcant  rationcau. 
datnmshanc  dico  prius  oportcrc  cflfe  marorcm  fcxquialtc- 
ra,  nam  cuiuslibci  abfciffo:  portionis  (vt  oftcnfum  cft)om- 
nia  quadrata  adomnia  qundra- 
la  trianguli  in  cadem  bafi ,  &  2U 
tittidinc  cum  ipfa  funt ,  vt  com- 
pofita  cx  dimidia  totius  axis, 
vcl  diamctri,        diamctro  rc- 
liquf  portionis,  ad  axim^vcl  dia 
jnctrum  rcIiqu^p6rtionis,&  di- 
uidcndocxcdTus  omnium  qua- 
dratorum  di(5la?portioni$  fupcr 
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pmiiia  quadrara  didi  triaiiguli ,  ad  omwia  quadrat?*  didti 
Crianguli^sfit  vt  dimidia  totius  axis,vci diametn  ad-axim, 
vel  dumctru  reUqucT  portipiiis  5  opprtet  crgo,  quod  di6la 
ratio  diuifa  fit  maior  ea^quamhabet,  FMjad^MA^quse  1:6- 
poneiido  cuadit  fcxquiakera  :  fit  ergo  data  ratio  5  quana^ 
habct  5  BH  y  ad,  NR  jTOaiqr  fexquialter5,5  &:  abfcindatur, 
HS5  a^qualis  ipfi ,  NR,  Sc  fiat  ^  vt^  BS^  ad,  SH  5  ita,  FM5  ad, 
IV^O,  .&  ducatur  per^  pj  ipfa,  DEoid  a  Kunjv^l  diametrum, 
AM  y  oidiiiatim  applicata  ^  &iungantur  5  DA  3  AE ;  <^o- 
niam  ergo,  vt,  BS^  ad,  SH^  ita  eftj  FM5  ad,  MO^  coponen- 
flo,  BH,  aA,  HS,  v^U  NR,  crit,  vt^  FM  >  MO^  nd,  MO,  func 
^utem  omiiia  quadrata  poftioiiife^  DAE^  (regulaj  DE^)  ad 
hxihiu    omiiia  qu^drata^  trianguii,  DAE»' FMutMOi  a<J>  MO5  & 
ideo  fuutt  ad ea  iii  ratiaiie  data^  ifi  ea  fci|icet>qfiam  i^bet, 
BJ^^  ^td,  NR,  quod  efficere  bpus  erat, 

THEOREMA  vni.  PROPOS.  IX. 

OMnia  quadrata  circuli,  vel  ellipfis,  regula 
altero  axium ,  vel  diamctrorum ,  ad  om- 
nia  quadrata  einrdem ,  regula  reliquo  a- 
xium,vel  diametrorum,erunt,  vt  dicSus  primus 
axis,  vel  diaract€r>  ad  di^lum  fecundura  axim^vel 
fiiametrunu3« 

Sit  circulus^vel  cIIlpfisjMPCF, 
cuiiTs  axes^vcl  cliamerri  coiiiuga- 

quadrata  cfeculi  5  vcl  ^llipiSs^MP 
CF  3  tegula  5  MC ,  adomnia  qua- 
drata  eiufdeiili  ^  rcgula  y  PF  j^elfe, 
vtj  MCiad^PFj  ducantur  per  pu- 

^-^  • '  luxn. 
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lu,  vcl  dUpfiin,  MPCF,  c[ux  fint,  AN>  ND,  DH,HA,  con- 

ftituciites  parallclograminii,  AD,  circulo ,  vel  ellipli,  MP 

Cf  5  circumfcriptum ,  cuiiis  latera  paraflcla  fnit  iplis,  PF> 

MC> axibusj  vcl  diamctris  coniugntis :  Omnia  crgo  qun- 

drata  cifculi,  vcl  ciliplis,  MPCF,  icgula,  MQkuu  fubfex-  iox.  2. 1. r. 

quialtera  omnium  quadratorum  parallclogrammi,  AD?  Cotol/.  1. 

icgula  cadem,MQomnia  vcroquadrata  ciufdcmcircu-  '"""'^* 

li,  velclUpfis ,  regula,  PF,  funt  fublcxquialtcra  omniufn- 

ijuadratorum  parallclogr.wimi,  Al) ,  rcgula  cadcm ,  PF, 

crgo  omnia  quadratacircuU ,  vcl  clhpfis ,  MPCF ,  rcgula^ 

MC,  ad  omnia  quadrata  ciufdcm  rcgula  ,  PF,  crut,  vt  om- 

nia  quadrata  parallclogrammi ,  AD,  rcgula ,  MC,  ad  om- 

nia  quadratn  ciufdcm,  rcgnln,  PF,  fcd  omnia  quadrata  pa-  ^9*  u 

raUclogrammi,  AD,  rcguIa^MC,  ad  omnia  quadrata  cuif- 

dem,  regula,  PF,funr,vt,  MCvid,  PF,ergo  omnia  quadra- 

ta  circuU,  vel  ellipfis,  MPCF,  rcgula,  MC,  ad  omnia  qua- 

dra ta  ciufdcm  ^  rcgula  ,  PF,  crunt  5  vt ,  MC5  ad  PFj  quod 

oftcndcrcoportcb.it. 

C  O  R  O  L  L  A  R  I  V  M. 

HiNC  fdftt.p  dJ,  MC,  PF,ordin4UmdpplicentMr  re^d 
Uwtd partioaes  ahfctndetes  4  ds&o  ctrculo,  velelltfft,  qt4§^ 
ntjm  ofienf4  efl  r4tio  ommttm  qHddr^tcrum  dhfctfiA porttonts^  re^  6.  hniLi. 
guU  h4ft,  4domnt4i]n4dr4t4  ctrctili,  velelltpfis,  MPCF,(^  item 
0iief4eflr4ttO0mmkmift94dr4fortsmctrcoth,vfle/irp/fs,  MPCFg  Ex  aatec. 
re<rtil4  4(tero  4xmm  ,  vel dtimttrorum,  4domni4  qn4dr4t4  eit$f 
dem,  reguld  reltcftio  4xi,  vtldt4metro ,  &  denicj,  oftenf^  eR  ratio 
omntttm  qn^dratornm  etufdem  circitlt,vel elltpfts,  4d  omnia  tjnd^ 
drsit4 portioms per  alt4m  crdin^um  4ppltcatum  ^hfctfA ,  rtgttld^  hulutl 
bafs  dsila  porttonts ,  cfnod tdeo  nct4  ertt  ratto  cmntum  cfU4drato- 
rtom  du4rHm  portsonnm  per  dtiJas  4ppltC4t4s  ahfctj^arum,  regto^ 
Its  dt^arum porttonum  baftbus,  quod»  c. 
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THEOREMA  IX.  PROPOS.  X. 

SI  circulusy  &  ellipfis ,  vel  dvx  ellipfes  fuerint 
circa  eundcm  axim,  vel  diametru,  illi  crunt 
inter  fe,  vt  eorum  fecudi  axes>vel  diametri. 

Sint  circuliiS5&  cUipfiSjVcl  dnx  clliplcs,  AFVT^AGVS» 
circa  cundom  axim ,  vcl  diamctrum>  AV>  fuit  vero  fcG.un- 
di  axesj  vel  diamctri,  FT^>  GS^  Dico circulu^  vd  cUiprmi, 
AFVT,  ad  circulum,  vclellipfim,  AGVS,  effc,  vt>  FT>  ad, 
GS  3  diix  igjitur,  DA,  DF>  tangen- 
tcs  cafdcm  in  tcrminis  coniugata-      JD   C  A 


grammum^  DH,  eft  in  eadcm  bafi5&:  altitudine  cum  fcmi- 
portione^  AFHsfumatur  vtcunq-  in,  AH^)  pui-kaimi,  O^  & 
per  ipfum  ducatur  ipfi,  FT^  par  allcla^OE,  fecans  curuam^ 
AG,  10,  N>  CG5  in,  I,  curuam ,  AF,  in ,  M ,  &  ^  DF,  in  ^  E. 

if  4o.».i.  Igitur  quadratum,  FH,  ad  quadiatum,  MO^ent  vt  redan. 

thoul  g^»l^™>  VHA,  ad  redanguIum.VOA,  .1.  vt  quadratu,GH5 
ad  quadratum,  NO5  crgc^  quadratum^FHjvel  quadratum, 

14.  l  EO,  ad  quadratum,  MO  ,  crit  vt  quadra tu  ^  10,  ad  quadra- 
tum,  ON.ergo,  EO,ad,  OM^erit  vt,  10,  ad,ON,cft  autem, 
EO,  duAa  vtcuq^parallcIajFT,  &  funt  parallclograijima, 
DH,  CH5  in  ijfdcm  bafibus altitudinibus  cum  lemipor- 

CoFoll.  j.  tionibus ,  AFH,  AGH ,  crgo  omncs  linc.F  parallclograni- 
mi,  DFI^ad  omnes  Imcas  femiportionis,  FAH^crut \t  om- 
ncs  linex  parallelogrammijCH^ad  omnci^  Imcas  fcmipor- 

tionis. 
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tioiiis,  AGH ,  crgo  paFallclograaimumj  DH,  ad  lcmipor-  i 
tionciUj  AFH,  cnt  vt  paraUclogrammu^  Cy,  ad  fcmipor- 
tioiKni,  AGH,  crgo ,  pcrmiit ando,  DH5 ad ,  CH,  pnrallc- 
logrammum  cnt^vt  fcniiportio,  ArH>  ad  fcmiportioncmj 
AGH,  crgo  vt^DH,  nd,  CH,  .f.vt  baliSjFHjad  bafim^HGj  j 
vel  vt,Fr>  ad>  GS  >  ita  crit  lcniiportio,  AFH  ,  ad  fcmipor- 
tioncm,  AGH,vclfic  corum  quadrupla.f  ita  crit  circulus, 
vcl  cl!i^>lis,  Al-VT,  ad  circulu>vcl  clhpfinijAGVSj^ld^Ac. 

COROLLARIVM. 

H!  t$i4W  hdhetur  ,  ^i^cnum tjuddratum,  10,  idcjUA-^ 
drdiur/i»  OMm  iji  (juadrdium,  JO,  dd  cfuddrdium,  ON, 
tacirco  9  qu$dcod{m  fdclo ,  tuxtd  7 h,  dnteiedens,  contluderc^ 
fifiumus  omnta  q%ddratd,  UH,  dd omnid  cj'iddrdtd,  C&^  efe,vt 
omntdifuddfdtM  ftmiportionts^  AFH,  dd  omnid  cjUddrdtd  femt* 
fifttOKts,  AjH,  ^tl -ut omntd quddrdtd ctfcult ,vel elltffis ,  AFV 
Tiddcmhti  .juidrdtd  (irculi,veleUtp/is,Auy  S,fuKt  dutem  cw- 
ntj  ijuddrafd parallclogrdmmt»  DH ,  dd omrsid  quddrdtd pdfdllt*  9 
logrdmmt,  CH,  tt  ijUddrdtum ,  PH^  ddcjuddrdtum  ,  CH»  hdle^ 
tftr  e'go  tKCfka,  cjucdomtotd  (juddrdtd  ctrcu/t,  vilelltpfis,AFyj , 
dd  omntd  (fUdirdtd  circu\t,vel  tUtffis,  AGVS,  funt  vt  quddrdtu, 
FH ,dd(juddrdtum,  HG.vel vt  cfuddfdtum,  FT,  ddcfuddratuff*, 
CS, ./  fuiot  vt  quddrdtd  /4  cundorursi  dxtum,  vel  dtdmetrorum. 

THEOREMA  X.  PROPOS.  XL 

C'  Irculus ,  vcl  cllipfis  ad  quemlibet  circulu, 
vel  elliprim  habcc  eandcm  ratione,quam 
rc(JJagulum  fub  ipfius  coniugatis  axibus, 
veldiametris,  ad  rcdangulum  fub  irtiusconiu- 
gatis  axibus ,  vcl  diametris>  «que  tamcn  diame- 
tris  ad  inuiccm  inclinaiis  • 

Sit 


Ix  aoicc, 
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Sircircuius;  ABGD5  cuius  axes  coiuga  ti  lintjACBD, 
ct!ti'um,  Oj  dudis  vero  per  pun- 
da,  A,C,parallclisip{i,  BD,FL, 
QG,  &  per  punaa  B,D,parallc- 
is  ipfi,AC,LG,rQ^vtfit,FG, 
reaangulucirculo,ABCD,cir-  B 
cumrcriptum,rit,STVl,  quilibet 
circulus,  vel  ellipfis,  cuircdan- 
gulum,ER,  fit  circumfcriptum, 
hcibens  latcra-  parallcla  coiuga- 
tis  axibu5,  SV, T L  Dico circu- 
lum,  ABCD,  ad  ellipfem,STVI, 
clfe  vr  redangiilum,  FG,  ad  re- 
aanguIum,ER;  producatur,SV, 
\\\\\c  inde ,  ita  vt ,  NK,  fit  «qua- 
lis,OA,&,NM,ipfi,OC,&:  circa, 
KM,TI,axes  intelligatur,KT, 
MI,  ellipfis,  vel circuius,  &  pro- 
dadis  tangentibus,  TE,  IR,vt  occurrant  ipfis,  HK,  MP,fit 
reaanguhim,HP,circumfcnptum  ipfi,  KTMI,  cUipfi,  vel 
circula,  habens  latera  coniugatis  axibus,  K  M,  T I,  paral- 
lela :  Eft  crgo  vt  redangulum,  FG,  ad  rcdaogulum  ,  HP,s^ 
ita  circulus,  ABCD,  ad  circulum,vel  elJipfim,KTMT,quia 
f  !nt  ambocirca,  AC,  KM,  axes  a^quales  j  itcm  paralldo-  • 
grammiun,HP,ad  paral!elogrammum,ER,eft  vt  cuculus, 
vcl  cihplis  \  KTMI ,  ad  circuluiin ,  vel  elUpfim,  SfVl  croo 
cx  .^quah  rcaanguh;m ,  FG,  ad  re&nguhim  ,  ER,  cnt  vt 
cu;culus,  ABCD,  ad  circulunV,  vcl  cIIiplinTi  STVI        '  • 

FG,  paralJdogrammi;m,  oportet  autcm  fumcrc in  clhpfi 
Sl ,  VI,  conmgar.s  d.amtttos,  SV,TI,  ita  vt  .rquaiifet  fni^ 
nchnatx.ac  ipfx,  AQ  BD,  tunc.n.circumfcripta  naralle- 
logramma ,  l.ctt  non  fint  rcibngub  ,  tam cn  iunt  a-qui- 


angu- 
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angi,la,vndc  xquianouhnii  crit  parallcIogramm.,Hl  Mpli, 
FG,  M  cLliplcs ,  ABCI),  KTNTl ,  crunt  circa,  AC:,  KM,^.. 
<\u2\cs  dianutros,  ita  vt  li  fiipcrponcrctur  ad  inuiccm  itH 
elhpics,  vt,  KM,  clTct  m,  ACipin,!" I, cnlt  in,  BI),.\:  ulco 
eodcm  modo  oftendcmusvt  lupira  dlipfcs,ABCD,  STVI, 
cflcmterfe,  vt  parallclogramma  lUis  circumfcripta,  FG, 
bR,6cqma  lUa  limt  .Tquiangula  habcbunt  rationem  cx  r!i- 

tionelatcriimc         -  ,  fcdctiam  paraHclogramm  d 

rcaangulahibc:   .ibushjbcntrationcm. 

mjmexrationccorunclcmlatcrum,crgoclhpfis,. .,  V  . 
ad  clhpfim,  STVI,  crit  vt  parallclogrammum ,  FG,  ad  pa- 
rallclogranuDu,  ER ,  fibi  jcquian^uhim vt  rtcbneulnm 
fub,l  L,LG,vcifub,DD,AC*duiv  •  .   .  '  ■ 
fub,  ri,M',djamctris,patctiiiKui  .  .  ..  ..i, 

ABCD,  ad  cicculum,  vcl  cliipfim,  STVI,  eilc  vt  rccrangu! 
kim  liib axibus ,  vcl  d.amctri^,  AC,BD,adrectangiihim 
fnb  axibus ,  vd  diamctris ,  SV,  T I,  qua?  diamctri  a-quc  ad 
inuiccm  mchnantur,  quod  oftciulcrc  < .mis  <  ,i? . 

COROLLARIVM  I. 

H/  A'  C  trgo  tolltzitur,  qiiid (fHMndt  circnlus  cmf4r4tnr  «d 
(tfcitlum,  Ult  futii  tnttr  fe,  ii ri£idngu{a  fub  ttrum 
h»s ./.  vt  ^itd^rdta  4xtum,  cr  *dto funt tn  dffU rationt  axtum^  , 
futt  distntiroritm ,  ijuaude  vtro  circuluj  tomfaratfir  adtftffim, 
erit  4d  tilttm,  vtfut  4XU  cfutidraium  4ci  rt^iamgtdum.fub  axt^ 
tUtpJis.  Ofnttjue,fi lUtffu  cornp4r(tiir  ad tlitpfim.  trttadtKum, 
wreaangulumfukaxiktis  illiifs  adreeiangulfim  fubaxtlus^U 
terius ,  vtl vt  re£l4r.guUm  fub  di^mttris  (contugatts  feirper  /«- 
ttili^e ,  ntftaitui ddiaiur)  uftus  ^drtftangulutA  ftcb  dtamttrii 
4ttrtHs,^it4  VJpradscti  atfu^iittr  aa  initictm  funf.  itifUn4ta;^vti 
t4ndttr>,  vt  p4ralltlogr4mm4  tllts  circumfcri^t4 ,  ^uoruin  f^feTA 
fiut  pr4dtc7is  diamttltijpardlfetd,  ^ttaidto^t  a^mangula,vm'» 
mer/ktiter  tgtturpradiUa  /unt  iter /t,  vr farAiUUgrdm^  rtfi^iil 

fltl4. 
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guU^tel  dtiuiAngMU  Ults  circnmfcrtptdi  VndeitUm  hahittif 
^ardHetogrammM  reSlanguU  ilUt  circumfcriptd  e^e,  vtfdrdUeU' 
grdmma  (tquidttguUpariterillts  circumfcrtpta. 

A  COROLL.  IL  A.  SECTIO  L 

HmC  vlteriui  colUgitur ,  quodqsiacuntji  de  bimsfMrdUe^ 
Ugrdmmisoflenfd  funiin  Thtorem.  5*  t.^A.  Uh.t.prd^ 
fuppofttis  conditionibus  $Utc  eonfiderdsis  circa  eorum  bdfes ,  &  al^ 
eisudines,  velcirea  eorum  Utera,  eadem  &  dt  elltpfikus  verific 
buntur  eafdem  couditiones  in  proprjs  axibus ,  vel  dtameiris  ha^ 
bentibus;  nam  hispofitis  paralUlcgramma  tffis  circumfcriptd ,  & 
difUidnguU  habetoo  iu  fuis  Uteribus,vei  in  bafi,  &  aditudine  euf^ 
dem  condstiones,  vndeficuti  dilid  conclufioues  feijuuntur  propd^ 
ralldogrammis  circumfcriptis ,  ita  etiam  vcrificasotur  pr$  infcrim 
ptis  elUpfibus,  adquas  dsilAparalUUgramK:^  h^lent  eafdem  rd^ 
ti.  buiai.  tionest  vt  probatum  e/i ,  qua  igtiur  hsc  non  funt  pro  etlipfitus  dd 
inuicem  comparatis  oftenfa,per fupracitata  T  heoremdta  fuppUto* 
tHttpro  circulis  autem  hoc  tansum  habemus,  quod  fint,  vt  corum 
dxium,  vel  (fi  mauis  dicere)  dUmetrorum  juadrata^  rson  alia^s^t 
circd  eofdem  variatio  contingit. 

^  B.    S  E  C  T  I  O  IL 


c 


Olliguntur  ergo  hac  d^  linis  ellipfibus  .fquod  tjua  funt  circd 
edudem  diametrum,  funt  vt  reUqud  fecundd  didmetri. 


C.    S  E  C  T  I  O  III. 

y^cuitfy  tllipfes  hdent  ratmtm  ex  4xih0f,vel<iUmtnt 
tjvitigatist  iqtt4liter  nd  intsifm  i»eliiiatif,  ctmfcfitam, 

SE- 


LIBER  III. 
O.   S  E  C  T  I  O  IV. 
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ELUffes  hihtmei  dxts,  vtl  Jtamttm  emugdtds,  tjUd  dju.u 
Itterpini  mcltHMtt,  rtaproc}  rtfptndcntts,  funt  aijMalui 
&  Aqndts,  c"  hAhtnt  Mxts,  vtldttmttrQS  ddtnutctm^ 

tfHdlUer  tmeltnMM,  tsfdem  h»btnt  rtcifroci  rtfpondentts. 

E.    S  E  C  T  I  O  V. 

/ mtltt  tinpfts  fnnt  in  dupU  rdtiane  fmwum  Mxium ,  vtl  dta- 
mttrtrum  htmttogarum,  vtl  vt  terundtm  quadr*t4» 

X.    S  E  C  T  I  O  VI. 


S 


E 


PRo  circults  4uttm(vt  fmprA  dtclum  tfi)hte  tdntum  hdtiur» 
qutifsnt  vt  distmttnrum  qudJrdtd,  vtlitt  dupU  rdtme^ 
didmetrcrmm ;  nequt  illts  a!i4  vdriaiio  ctntingit,  ficutt  tlliffibui 
tsmptttrt  tx  fuftrtortbus  comftrtum  tf}. 

THEOREMA  XI.  PROPOS.  XII. 

QVajcunqjde  omnibus  quadratis  parallc- 
logrammorum ,  appofitas ibi  c6ditione$ 
babeniium,oftcnfa  funtin  Thcpr.9.10. 
1, 1. 1 2. 13.  iib,  i.cadcm  dc  omjiibus 
quadfatiscirculorum,  vcl  cllipfiu  illis  infcrjpccvi 
rum  (regulain  vtrirqucalteroaxium,vcl.dianie-« 
trorum  coniugatarum)  vcrificabuntur. 

;r  P.itcch^c>prop6ficio>namonvJiJ  c|unJr.ua  li.  euloi  iim, 
Tc!  clHpluiin  (rcgub  alttro  axiiun^vcl  cli:m>ctrorum:l*UiU  i 
Aibfcxqiifakcra  orhniiim  iiiiadcatoru  parMlclogrammo- 
riim,  i]rvubus  ial*cnbmuur>  litcra  habctuinidjctisnxibus, 

D  vc] 
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vel  diametris  parallela-;  hiikntibtis  a'utem  illisappofitas 
ibi  coiiditiones  iii  fuis  latcribus,  cxdem  adfunt  in  axibus, 
vcl  diametris  circulorum  j  vcl  ellipfium ,  quibus  circlit^i- 
fcribuntur,  &  e  contra  ;  &  ideo  concluliones ,  qus  colk- 
axfunt  pro  illis  in  didis  Theor.  ctiam  pro  ommbus  qua- 
dratis  cireulorum ,  vel  elHplium  UUs  infcriptorum ,  vt  de- 
monftrati?  recipi  poflunt ,  cum  linl  corum  psUtes  propor- 
tionales ,  ijfdcnuegulis  pra  omnibus  quadratis  circulo- 
rum,velellipfium,&:pro  omnibus  quadratis parallclo- 
grammorum  illiscircumfcriptorumjaiirumptis,  quod,l<>:c. 

THEOREMA  XII.  PROPOS,  XIII, 

SI  circulutn ,  vel  elli  pfirn  duse  red^e  lineae  in-* 
terminisconiugatarum  diametrorum  teti' 
gerinc  inter  fe  conuenientes,  eifdemdia- 
metris  d[iQ:\s ;  Omnia  quadrata  conftituti  pa- 
rallelogrammi  ad  omnia  quadrata  trilinei  a  di- 
&is  tangentibus ,  &  ab  inclufa  curua  compre- 
henfi,regulaalteradiametrorum  ,erunt  vt  di- 
^iim  parallelogrammum  ad  fui  rcliquum,  dem- 
pto  quadrante  circult  ,  vel  ellipfis  iam  didse» 
quod  infcribitUF*prjtdi(ao  parallelogrammo  ,fi- 
mul  cum  excelfu  di^ai  quadrantis  fuper  duas 
rertiasiamdiiiii  parallelogrammi,  qus  ratio  erit 
proxime,vt2  i.ad  2. 

Sit  circiilus,  vel  ellipfis,  ABCD,  cuiv«  diametri  coniu- 
pata-,  AC,BD,  in  quorum  tcrminis,  C,D,dita:  redte  lincae 
ipfum  tangcntes  intcr  fc  coucniant  in<)V.  Dico  ergo(fum- 
pta  vcgiila  qualibct  diametrorum,vt,  BD,)  quod  omnj 
quadrata  parallelogrammi ,  OV,  ad.  omnia  quadrata  triU 

r.ci. 
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nci,  DC\^duabus  tn  ngcutibus,DV, 
VC,  &:  ab  i)s  iiiclufa  curua,  DC,  c6- 
prchch  fuiu,vt  idcin  parallclogram. 
mum,  OV,ad  fui  rcliquum  dcmptoB 
quadrantc,OC:D,ciiculi,vcl  cllipfis, 
ABCD,  limul  cu  co  fpatio,quo  idcm 
quadra ns  cxccdit  duas  tcrtus  pural- 
lclogrammi,  OV.  Sumatur  intra,  O 
C,  vtcunq;  pundum,  E,&:  pcr,  E,  ducatur  ipfi,  BD,pnraU 
lcla ,  EF,  lccans  curuam,  DC,  iii,  I.  Omnia  crgo  quadi  ata 
paraUclogrammi,OV,adrcdangula  fub  parallclog;am- 
mo,  OV,  &  fcmiportionc ,  OCD ,  funt  vt  parallcloe:  am- 


'g:am-  ^^'^^^  r. 

mum,OV,adcandcm  fcmiportioncm,OCD s  fcd  cidun  roVo-V,. 
adomnia  quadrata  rcmiportionis,OCD,funtfcxqnia'tc-  ^"'"^' 
ra,  crgo  ad  rcfiduum  crunt  vt  parallclogrammum,OV.  pd 
rcfiduum  fcmiportionis,OCD,  dcmptis  ab  ca  f .  parallc- 
logrammi,  OV,  quarum  idcm  parallclogrammum,OV,cft 
fcxquialtcrum;rcfiduum  autcm  rcaangulorum  fub  pnral- 
lclogrammo,  OV,&  fcmiportionc,  OCD,  dcmptis  omni- 
bus  quadratis  fcmiportionis,OCD,funt  rcaangulafub 
fcmiportionc,  OCD,&:  triIinco,CDV,  nam  vcluti  in,EF, 
dud.i,  \^cunq;  quadratum,  EI^  dctrac%  a  rcd.ingulo  fub, 
lE,  EF,  rclinquit  rccbngulnm  fiib,  EI,IF,ita  m  cxtcris  fc- 
quitur:  &:illis  fimul  collcdis  fcquitur  ctiam,  quod  dctra-  J»»-  «^''^* 
dis  omnibus  quadratis  fcmiportioni;  ,OCD,i  rcclangu-  u'^^.^**^' 
lis  fub  parallclogrammo,  OV,  &  fcmiportionc,  OCD,  rc 
linquantur  rcdangnlj  fub  fcmiportionc ,OCD,  &:  trili- 
nco,  DCV,  ad  hxc  igitur,  qux  funt  didum  rcfiduum,om- 
nia  quadrata  parallclogrammi  ,OV,Crunt  vt  parallclo- 
grammum,OV,ad  rcfiduum  fcmiportionis,OCD,ab ca 
dcmpti^»  -r-  par.illclogrammi,OV;  cadcm  jutcm  omniLL^ 
quadrnta  parallclogrammi ,  OV,  nd  rcdnngula  fub  paral- 
lclogrammo,  OV,&:fcmiportionc,OCD,.i.adomniti_,  FerC  ij. 
quaJratafcmiportionis,OCl),  vnn  cum  rcCtanguIis  fub 

D    z  fcnn- 
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femiportione,  OCD,  &  trilineo,  CVD,  funt  vt  parallclo- 
grammumj  OV5  ad  femipoitioncm,  OCD5  vt  paiilo  fnpr^ 
in  hac  demonftratione  oftendimus,  ergo,  coUigcdo,  om- 
nia  quadrata^parallelogrammijOV?  ad  omnia  quadrar.-^ 
femiportionis^OCD^.vna  cum  re6langulis  bis  fubfemi- 
portionc ,  OCD,  &  trilineo,  CVD,  fumptis ,  erunc  vt  pa- 
rallelogrammum^OV^  ad  femiportionem^  OCD^vn;!  cum 
exceffu  5  quo  dida  femiportio,  OCD^  cxcedit  7-.  paralie- 
logrammi,  OV5  ergo,  per  conuerfionem  rationis  :>omnia 
Pef  15  ij.  quadrata  parallelogrammi ,  OV,  ad  omnia  quadrata  trili- 
^  nei^DCV^qu^E  rcmanent  detradis  omnibus.quadratis  fe- 

miportionis,  OCD  ^  vna  cum  redangulis  iub  illa  5  &:  fub 
trilineo,  DCV?  bis  fumptis  5  ab  omnibus  quadratis  parai- 
lelogrammij  OV3  (veluti  detrado  quadrato,  EI,  vna  cum 
rc£tangulo  bis  fub,  EIj  IF5  remanct  quadratu,  IFr'  ad  om- 
nia  quadrata  .trilinei^DCVjCrunt  vt  parallelogrammumj 
OV5  ad  refiduum,  detraila  femiportione,  OCD5  vna  cum 
excelfu^quo  ipfa  fuperatduas  teitias  parallclogrammi, 
OV5  dido  parallelogrammo^  OV. 

Eft  vero  parallelogrammum,  OV^  ad  di^flum  fpatiuai-i 
rcfiduum  proxime,  vt  2 1.  ad  2.  nam  fifupponanius  paral- 
lclogrammum  5  OV5  effe  2 1 .  erit  femiportio  5  OCD  5  ea- 
ji. knioi.  rumdem  partium  proxime  1 6.  eft  .n.  ad eam,  ficut  re- 
dangulum^quod  effct  circulo,  vcl  ellipfi,  ABCD^circiim- 
fcriptum^habens  latera  ipfis,  AC^BDjaxibus  parallela^ 
ndeundemcirculum:>  velellipfim  .i.  vt  i^.  ad  i  i.proxi- 
me  5  vt  oftendit  Archimedes  lib.  de  Dunenfione  Circuli, 
eft.n.  vt  14.  ad  11.ita21.ad  i(5^.  rurfusdu.-etcrtisepa- 
rallelogrammi.OV^  lunt  14.  femiportio  vero,  OCD^quoe 
^  eftproximei6r.exceditT.paralIcIogrammi,OV>.f  14. 
pcr  2i-.fi crgofemiportioni.OCD^quseeft ^pxime  v&\. 
i?unxerimus  exccffum  ciufdcm  femiportionis  fuper  -^.pa- 
rallelogrammi,  OV^  .i.  2  ir.  fiet  totum  confcqucns  proxi- 
me  if?.  hocfi  dctrahatur  a  toto  parallclogrammo  ,OV> 

quod 
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quoa  ea  1 1 .  rcUaquciuiir  2 .  crit  cigo  paialLeK)OT,.miufi, 
OV, a4hoc  rciiJiium  proNirn^sv^  2  i.ad  i.  vuflc'^.  .viim^ 
qucjdrata  parallclogrammi ,  OV,  ad  omni,i  quad, 
nei,DCV,cruut  proximc  vt  2i.  ad^.qiioi  ^rat.oltciii 


«f-  C  O  R  O  L  LrA  R  I  V  M. 

H/ NC  f*tn,[ints  f>r*cue  faAmus.,(}uiMmioncm  hd- 
hcMHt  omnU  qmJr^idpdralUUgrammi,  OF,  adtmniiUJ 
q»*ir4ti  trtlfift .  DCF,  quia  etum  f  trntis,  qnAm  rationtm  fjA- 
h/drn  omnid  ^MddrAti^D.dd  otr.ntd  (jHddrAtd  ftnif  brtims, 
OC  D,  fttfmns  ettdm.  (jusm  rationem  hAbttnt  eddtm  jdrtddn- 
guU  /Mb  fttnipirttene,  OCD ,  cr  trilweo,  DCr,  tu  fumftd ,  ^ 
tt<m Ht}$trtt rtw AdeAdtm ftrr,cl  fumpta,(]mifi,it„^MMrtm.  Pf r  c 
n:kus quddrttis  femtportttnu»  OCD,  ctmponmur  rcffdngu/a^  '-^- 
fMbptrdUtLgrdrnm^  OV ,  6^ femiptrttcae ,  OCD,    fitt  ntta  r4. 
mttmmum  qMtidrdtorum,  OF,  ddrriianrnU  fub pArdile/egram- 
«w-  Of .  dr  femtportitne.  OCD.  ijMd  efi  eddem  et.tjudm  htbtt pa  cor 0!! 
rdUtltgrsmmnm.  or,  di  femtporttontm .  OCD,  dr  idio  hsc  trit      '•  * 
no-.d.  fiiMt  etum  erit  netd  rdtio pdrdlltlogrJmi  cneu!»,  vel  eUipfi, 
A3ZD,  circumfriptt .  fd':cr,tit  Idterd  ptrdUtUipfis,  AC,BD, 
ai eundemctrcMlum.velttl.pfim.  ARCD,^-  hinc  hdbtrttur cit' 
(mU  qudirdtMrd\Heo  quxretidum  tft.qudm  rditonem  hdtdi pr*. 
cise  omntd  quddrdtd ,  OF,  dd  tmtna  quMdrdtd  triliKti  ,C  DF, 
fitfd  httcuff;  net  dlijt,  nee  mthi  cmpertum  efie ptluit, 

THEORF.M  \  XTIL  PROPOS.  XIV. 

SI  circa  parallclogrammi  redanguli  quodli- 
bct  latcrum,tamquam  circa  diamctrum  in- 
tegrorum,  fcmicirculus,  vcl  fcmicllipfis ,  c- 
tiam  ipfo  non  exiftcntc  rc<ilangulo,dcfcripii  fuc- 
rinr'jcircumfercDtia  autcm  circuli,  vcl  curua_, 

clli- 


30  GEOMETRI^ 
ellipfisnon  pertingat,  neque  fecet  oppofituttL. 
prscdido Iatus,fic  autemregula  parallelogram- 
mi  bafis :  Omnia  quadrata  didi  parallelogram- 
ini  ad omnia quadrata  figur3e,qu2  reliquis  tri- 
bus  parallelogrammi  lateribus  (dempto  eo,quod 
pro  axi  fijmptum  eft)  &  curoa  circuli,  vel  ellipfis 
continetur,  erunt  proxime ,  vt  bafis  eiufdem  pa- 
rallelogrammi  ad  fui  reliquum ,  demptis  abta^ 
4-i . redse linejc, quse fit  arqualis dimidi»  fecun- 
dx  diametri  prxdidi  circuli,vel  ellipfis,  fimnl  cu 
exce(fu,quodi(ai  ^i.excedunt  >  .terti«  propor- 
tionalis  duarum  ,  quarum  prima  eftdida  bafis, 
fecunda  autem  dida  fecunda:  diametri  dimidia. 

Sit  parallelogrammum ,  F  D ,  &  circa  latus ,  F  B ,  vt- 
cunque  tamquam  circa  diametrum  ( intelligc  aiitem-i 
femper  diametrum  hic ,  &  in  fequentibus,  vt  etl  nomcn_» 
commune  diametro,&  axi)  integri  fit  defcriptus  femicir- 
culus,  vel  femiellipris,FQB,  cuius  curua,  FQB,  neq;  tan- 
gat ,  neq;  fecct  latus,  ZD,  oppofitum  lateri,FB,  biforiam 
autem  diuifa, FB,  in,  A,  & per,  A,  ipll,  BD,bafi  duda  pa- 
rallcla,  AP, fccctur  a  curua,  FQB,vtcunq;  in,  Q;  crit  aut, 
AQ^dimidia  fecundae  axis  circul»,  vcl  cllipfis,  cuius  cen- 
trum,  A;  ducatur  infuper  pet,  Q^  ipfi,  FB,  parallela,HC, 
jT  i  Cea.  qwae  tanget  circulum  didum  >  vel  ellipfim  ,  &  erit,  BC,  x- 
qualis  ipfi,  AQ ;  fiat  dcindc,  vt,DB, ad, BC,  ita,BC,  ad, 
BI,&fumatur,BK,  qua?  fit  -f  5  BI 5  &:  BE  5  quce  fit  -7-  -J: .  ip- 
fiusy  CB ,  &5  EVj  (\ux  fit  acqualis  ipfi  ^  ER,  rcgula  vcr6  fit, 
BD .  Dico  ergo  omnia  quadrata  parallclogramnii ,  FD^ 
acl  omnia  quadrata  figurcT^qu^  comprchenditur  tnbus  la- 
tcnbufJ,  FZ{,  IDy  DB3  &  curua,  FQBi  elTc.vt^BD.jd^DV, 
proxunc .  Omnia  ai.  quadrata  parallelogrammi,  FD,  ad 
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reclai\giih  fub  parallclogrnmo,  FD  F 
&:  lcmicircub ,  vcl  fcmiclhpfi,  FQB , 
funt  vt  parallclogrammum, VD^ad 
cundcm  fcmicirciilum,  vcl  fcmicllip- 
fim,FQB  5  quia  vcroparallclogram- 
mum,  H),  ad  p.^rallclognimmum>  F 
Qcavt^DB^adjBQ  &:itcm  paral- 
lclogrjmmiim,  FC-,nd  fcmicirculumi 
vCi  fcmicIlipfim,FQB  )Cft  proximc  vt  14.  ad  i  i.idcft  vt, 
CByad,  BEjCrgocx  xqunliparallclogrammuip,  FDjadfc- 
micirculum,  vcl  fcmiclUpfim,  FQB5  cnt  vt,  DB,  ad,  BE>  &c 
idco  omnia  quadrata  parallclogrammi,  FD^  adrcciangula 
fiib  parallclogrammo,  FD,  fcmicirculo ,  vclfcmicllipfi, 
FQB^  erunt  vt,  DB,  ad,  BE,  .1.  fumpta  ,  DB,  couinumi  al-  ^*''  *• 
titudinc  crunt ,  vt  cjuadratum  ,  DB  j  ad  rcctangulum  fub, 
DB,BE,quodferua_.'  . 

Aducrtc  nunc  ,quod  i  Cctaiigiua  luo  ^\uaiiclug,  anMno, 
FI^  ^  ii:  fcmicirculo ,  vcl  fcmicllipfi ,  FQB,  duuduntur  pcr 
cutnam,  F-QB, \n  rcclangiila  fub  quadrilmco ,  FQBDZ,  &  ^ 
fcmicirculo,  vcl  fcmiclli')fi,  FQB,  &  in  omnia  quadrata  fc-  ** 
miCLculi,  vcl  fcmicllipli    I  QB ,  vidcndum  crgo  nunc  cft, 
quam  rationcm  habcant  Dmnia  quadratajFD^  adomnix^ 
ouadrata  fcmicirculi^vtl  fcmicllipfis^rQH^quod  fic  patct^ 
omnia  quadrata,FI), ad  omnia  quadratajFC,  funt  \  t  qua-  iilc^^eni 
drat  UK1 5  DB,  ad  quadrat nm  ^  BC  y  .1.  ad  rcclangulum  fub^  potcft  cx 
DB5  BI5  nam  trcs,  DB:  BC.  BI,  funt  cotinuc  proporriona - 
lcs  ^omnia  itcm  qradrata  ,  FCo  ^  nmii  m  quadratornmfc- 
micirculi  ^  vc!  fcmic!Iip(is,  FQB^  funt  fcxquialtcra  .i.  funt 
vt  rcftangultm,  DBI,  ad  rc<f^angulum,  DBR,  quiajBRj  cft 
']  ^  Bh  crgo  cx  arquali  omnia  quadrara^  FD,ad  omnla  qua- 
di  ata  fcmicirculi,  vcl  kmicllipfiM  FQB ,  funt  vt  quadratu, 
DB,  ad  rc^langulum  fub,  DB,BR,  omnia  autcm  quadraraj 
Fl\  ad  rci^angula  fub,  FD,  &  fcmicirculo,vcl  fcmicllipfij 
FQBo  crant  vt  idcm  quadratuna^  DB5  ad  rccbngulum  fub, 

DB, 
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DBjBE^ergo  omnia  quadrata^FD,  H  Z 

ad  redaugula  fub  femicirculo^  vcl  fe- 
miellipfi,  FQB5  &fub  quadrilineo^  F 
QBDZ,  erunt  vt  idem  quadratum^  D  A 
B5  ad  redangiilum  fub5DB5&5  RE^ad 
eadem  vero  bis  fumpta  >  vt  idem  qiia- 
dratum,  DB5  ad  re6langulu  fub>  DB,  B 
&RV)quia  vero  omnia  quadrata^F  ^"^^  y 

D^  ad  omnia  quadrata  femicirculi ,  vel  femiellipfis^  FQB  i 
funt  vt  quadratum^  DB5  ad  rcdangulum  fub  !>  DB5  BR5  ^r-» 
go  coUigendo  omnia  quadiatn,  FD.,ad  omnia  quadrata  fe^ 
micirculi ,  vel  fcmielUpfis,  FQB ,  vna  cum  redangulis  fub 
feniicirculo^velfemicIlipr^FQB^^&.quadrilinco^FQBpZ, 
bis  fumptis  5  crunt  vt  quadratum ,  DB  5  ad  rcdangula  lub, 
DB,  BR>DB,  RV,  .i.  ad  reaangulum  fub,  DB,  BVs  quia^ 
vcro  fi  ab  oninibus  quadratis,  rD^fubtraxeris  omnia  qua- 
drata  fcmicirculi  y  vel  lemiellipfis  ^  FQB  5  vna  cum  redan- 
galis  bis  fub  eodem  femicirculo  >  vel  fcmiellipfi  5  FQB^  & 
ttt  D.ij»  fub  qUadriHneo, FQBDZyremanent  omnia  qundrata  qua- 
^**'  drilinei,  FQBDZ-)  ideo^per  conuerfioncm  rationis^omnia 
quadrataparallclogiammijFD^adomnia  quadrata  quadri- 
5*  ^*'  linei,  FQBDZ  ^crunt  vr  quadratum,  BD  5  ad  rcaangulum 
fubj  BD^  DV5  .i.  vt,  BD5  ad ,  DV5  quod  tantum  proxinie 
vcrificatur ,  ndn  .n.  parallclogrammum ,  FC  >  ad  fGmicir- 
c,ulum,vcIfemiellipfim,FQBycftpra:cise>vt  i^.ad  ii.fcd 
tantum  proximc,  idco,  &c.  » M 

Dcfiderariminctantum  vidccirr  inhac  dcmonftratio- 
^  ne,quodprobcturpun(aum,R,non  Kicntificari  pundo^E, 
fcd  cadcre  intcr,  BE,  quod  fic  facilcpntct  vcum  .n.  oftcn- 
fumfitomnia  quadrata,  FD,  adrcctinauia  fub^parallelo- 
grammo,  FD,  &  femicirculor'vcl  fcmiellipfi,  FQB.  cirevt 
quadratum,  DB,  ndreaangurum  fub,  DB,  BE,  infiipe^o- 
Ucnfum  fit  omnin  quadrnta,  F D,nd  omni^  quadrata  femr- 
ciiculi ,  vcl fcmicllipfK,  FQB,  cfTc  vt  quadratum  y  DB,  ad 

rcctm- 
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icaaiigulum  fub,  DB,  BR  >  quomam  reaangula  fubi  Tjj^ 
&  fcmicirculo>vel  fcmicllipfi,  FQB^  funt  maxora  oiT^mbu^ 
quadratis  fcmicirculi ,  vcl  fcmiclUplis  ,  FQB,  idco  etum^ 
rc<ibngulu  lub,  DB,  BE>  fcmpcr  maius  cft  rcdangulo  fub, 
DB,  BU,&  idco  pundum,  R,femper  cadct  mtcr  pundlum, 
B,  &  pundum,  quocunqs  dcmdccadat  pundhim,!,  vn- 
de  patct,  SlC.   ,  ^•^u 

Similitcr,  quia  omnia  quadr:rta  fcmicirculi ,  vel  fcmicl- 
liplis,  FQB,vna  cum  rcdangulis  fub  codcm,&:  fub  quaclri- 
linco,  FQBDZ,  bis  fumptis^minora  funt  omn.bus  quadm- 
tis,  FD,  idco,  BV,  compofita  cx  tribus,BR,RE,EV,  minor 
cft  ipfa,  BD ,  nam,  DB,  ad,  BV^  cft ,  vt  omnia  quadrat  .l-.-, 
FD,adcompofitum  cx  omnibus  quadratis  fcmicirculi,\  d 
femicllipfis,  FQB,3c  ex  rc*5languUs  fub  codcm,&:  fub  qua- 
drilincojFQBDi,  bis  fumptisjvndc  omnia  clare  patciu, 

COROLLARIVM. 

H/NC  bdhtiur $mmd (^utdrMts, FD,  dJrelicfui fni.  dm- 
ftti  ommhni  qusdrdUt  ^mAdriUmti ,  F^DZ,  tJSc,  vt, 

THEOREMA  XIV.  PROPOS.  XV. 

SI  circulo,  vel  ellipfi  circumfcribatur  paralle« 
logranimum,  habcbit  latera  eorundem  dia» 
metris  parallelaj  fumpto  autem  quolibet  la- 
ceium  proregula,  omnia  quadrata  didii  paralle- 
logrammi  redanguli,  ad  omnia  quadrata  circuli, 
vcl  ellipfis  infcripti ,  vna  cum  re<^angulis  bis  fub 
eode  circulo,  &  duobus  trilineis  cuilibct  laterUfn 
adiacencibus,  quae  non  fuerunt  fumpta  pro  regu- 

E  la. 
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la,enint,vt  didium  parallelogfamnriiitt  zddidum 
circulurBjVeleUipfiin...  r-iyj 

Sit  circulusi,  vel.ellipfis,iytBEG,cuius  ccntrura,  A,  pt*r 
c[uodtrarifedtdiametri,ME,BGi  ■ 
dudis  autejntangentifeus  ciccu- 
lum,  vel  ellipfim  iii  pUiiC:.c'i,  M,B, 
E,  G,  doneccocurrani?,  ftt  cidcin '  • 
cxrcumfcriptum  parallelogram- 
mum,  HF,  quod  habebit  ldtera_j 
parallela  ipfis  axibus j  ME,BG,fit ' 
autem  regula  vtcimque,DF/DU 
co  ergo  omiiia  quadrat^  parnllc- 
logrammijHF,  ad  oivmia  quadrata  circuli,vcl  ellipfis, MB 
EG,vna  cum  reaan|:ulis  bis  fub  eodem  eircu]o,\el  clUpii, 
MBEG,  &  fub  trilineis,  MGN,  GFE ,  adiacentibus  lateri, 
NF,  famptovtcunqiie  ex'duobus ,  HD,  NF,  qux  iion  funt 
regula , effe vt  parallelogrammum , HF, ad circuluinj vel 
cllipfim  ,"MBEG  *  Omf»ia  .mquadrata  parallelo^  nijim^ 
Hf  , funt  fexquiakera  omni.um-quadfatorum  circuU^  vd 
ellipfjs,  MBEG,&  ideo  funt  ad  illa,vt  paraUelogrammiiro, 
HF,  ad  fuiipfuis  duas  tertias,  quod  feru:^^, . 

Qtiomam  verpomni^  quadrata  paranclogrammi ,  AF, 
adreibngula  fiib  eodem,  &  fub  fcmiportione,  AEG,  funt 
%m?^^mmW-'H'  ^'^>i^miportionem ,  AEG,  ea- 

^^imth  h. ■ffmt  vepanilldogrammum,  AF,  ad  fui  ip- 
fifii  ^^-.  IgftHi-eadan  adVtliqua  .(.  ad  rec^ingula  fub  feKii- 
fOma^tj  AE<3,  &  trilineo,GEF,  erunt  vt  parallclogram- 
>Bt!?bMo^f^x/:cfli(m,,qfK>  femiportio,  AEG,  exc^^dk  t' 
F«llc^^Sram^i>  A,F,oti^ni^  autc  quadrata,  BhCnnt  qual 

«J,  ad  rcdangtila  fiil>fC!hip6rtione ,  AfiG ,  5c  triiineo,  G 
tF,t?rhii<  vt^quater  parallelogt-Limmim^Ar^acf  dianm  tM- 

cclTuin 
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ceflilm  .i;  viparaUclogr.-imtntim^HF^ad  didhim  CJceeffum, 
&conrequciKibusquadriipliC3tiSv9mniiquadrata  pacal- 
lelogrammi,liF>adrcdangula  quatcr  lubfcmiportioac, 
trilineo,  GEF^  .i.  ad  redangula  bis  fub  portione, 
BEG5  trihnco^  GEF,  erunt  vt>  HF^  ad  dictum  cxcclfum 
quatcr  fumptum,quia  cnim,  AEvcIl  diamctcr  bituiam  di- 
uidit  in  portionc,  BEG,  omncs  ipli,  DF>  a:quidiftantc$  j  &c 
idco  rcctagula  quatcr  fub  fcmiportionc,  AEG,  &:  trilinco, 
GEF,  fiunt  rcdangula  bisfubportionc^  BBG ,  & briliaeo, 
GEF^omniacrgo  quadrata  parallclograirmi>BF,adre- 
dangula  bis  fuhportionc,  BEG,  trilinco,  GEF5  *cl  eo- 
rum  dupLa  .(.  omnu  quadrata  paraUclogrammi,HE,ndrc- 
dangula  h\s  fub  circulo^vcl  cUiph^  MBEGA  fub  tnUncis, 
MGN,  GEF^crunt  vt  paraUclogramwum,HF,ad  quatuor 
exceffus  fcmiportioniSvAEG/uper  dAas  tcrtias  parallclo- 
oriimmi ,  AF,  .i.  ad  exccffum  circuli ,  vcl  cUipfis ,  MBEG, 
ftiperr  .  'Vlogrami,  HF,crant  autcm  omnia  quadra- 
ta-paralL ^  iumj,HF,  adomnu  quadrata  circul],vcl  cl- 
lipfis,  MBEG ,  yt  idcm  parallclogra^Viium ,  UF,  adr.fui 
ipfius,  crgo  omnia  quadrata  parallcTogrammi,  HF^adonv 
nia  qu-idrata  circuU,vcl  cUipfis,  NtBEG,  fimul  cum  rcclair- 
guhs  bis  fub  eodcm  circulo ,  vc!  clhpfi •,  MBEG,  &:  fub  tri- 
lincis ,  MNG,  GVE ,  erunt  vt  parallelogrammunY,  HF,  ad 
/ui  ipfnt5  -i".  vna  cum  exctflu  circuHS  vcl  eUipfis ,  MBEG, 
fupcr  c^fdemdMas,tcitus.i.capt  yt  parallclogramnuim, 
HFv^d  Circidum>v9l  cUipfim,  \l3EG,qn •  k!  crnt  oftcndcn^ 

dum.        .      '  A  L  I  T  E  R. 

OmiYia  quadrata,BF,  ad rcAangula  lub,  BF,&  lub  por- 
ti5iie,-BEG,funtvt,RF,ndportioncm,BEG,rcaangula   coroii  i. 
vcro  fi.b portionc,  BEG,8^  parnllelogrnmmo,  BF,  diuiJu-  '^^'^^ 
tur  in  reaangula  fub,  BEG,  & ,  BDE^  ti  ihnco  ,1.  fub  mh-  1 
neo,  GEF,  &  fub,  BEG,  &  trihnco,  GEF,  &fub ,  BEG,  &c 
cadem  portionc,  BEG,  .i.  in  omnin  quadrata  portionis,  B 
EG,  creo  omnu  quadrata,  BF,  ad  omnia  quadrata  portio- 
^  E    2  ^^^s 
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nis3EG,fimul  cum  rcftangalis  fub  portione,  BEG,&  tri- 
Imeo,  GE  F,  bis  fumptis,  vel  omnia  quadrata,  HF,  ;id  om- 
nia  quadrata  circuli,  vcl  cllipfis,  MBEG,  fimul  cum  reaa- 
gulis  fub  circulo ,  vcl  ellipfi,  MBEG,  &  trilincis,  MNG,  G 
FE,  bis  fumptis,  erunt  vt,  BF,  ad  portionem,  BEG,  vel  vt, 
HF,ad  circulum,vcl  ellipfim,MBEG,quod  cratoften- 
«ieadaai^ . 

THEOREMA  XV.  PROPOS.  XVI. 

SI  d  parallelogrammo  per  lineam  lateribus  pa« 
rallelam  parallelogrammum  abfcindatur, 
quod  intelligaturcirculojvel  ellipfi  circura- 
ferJptum  ,  regula  autem  fit  pdrallelogrammi  ba- 
fis:  Orania  quadrata  circufcripti  parallelogram- 
ini ,  fimul  cum  reaangulis  bis  fub  eodcm ,  &  fub 
reliquo  parallelogrammo  per  di<aaiii  parallelam^ 
conftituto,ad  omnia  quadrata  didi  circuli,vel  el- 
lipfis,  fimul  cum'  re<aangulis  bis  fub  eodem  circu- 
io,  vel  ellipfi,&fub  quadrilineoduabusparalleli? 
arculum,vel  elJipfim  tangentibus,  inclufaque  ab 
ijfdem  curua,& Jatere  totius  parallelogrammi, 
quod  circulum,  vel  ellipfim  non  tangit,  compre- 
henfo,  erunt,  vtdiaum  circumfcriptum  paralle- 
Jogrammum  ad  eundem  circulum,  vel  ellipfim. 

Sit  ergo  pavallelogrammu.n ,  HO ,  cuius  bafis ,  &  rcau- 
i^i,  DO,  du£t,que,  N  F, iatra  ipfiun  latcnbus,  HD,CO,pa. 
rallcla  ,  fit  abfcllum  a  toto  parallelogramni^HapaS. 
lelograrnmum,HF,i^^^^^ 

culo,  vel  clhpfi, MBEG, cuius  centrum,  A,pcr qt.od  ran- 

fcant  dumctr,  ,ME,  &,BG,qu.^fitprodula  vfq.^i.;,P, 

erunt 
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crunt  nutcin 
diclx  diamc- 
tii  parallcla: 

parallclog  i- 
mt^ldO,  latc- 
ribus )  trnafi- 
buatquc  par . 
pu!\fta  cota- 

ctuum,  B,  G.  Dico  igitnr  omnia  (|ivadrnta  parallclo- 
grammi  ,HF,  limul  cum  vccbngulis  bisfub^HF,  &:  pural- 
lclogrammo^FQ ad  omma  c]uadrata  ciccuU,  vcl  clUpiis^ 
MREG,  rimul  cum  rcctanguUs  bis  fub  codcm  circulo  ,  vcl 
cllipli,  MBEG,  lub  quadriUaco,  MGEOCcfTc  vt  paral- 
Iclogramm:im,Hl-,ad  ciiCulum^vLl  clUphm,.MBEG;  Om- 
nia  .11.  quadrata  paralWogrammi,  HO,ad  omura  quadrata 
parallclogrammi,  MO,funt  vt  quadratum>DO,ad  quadra- 
t  rn^OE^omoia  itcm  quadrata  parallclogrammi,  MO^ad 
rc^  mgula  fub  paraUcU>grammo,  MO,  ic  portK^nc^MGE^ 
fu at  vt,  MO>  ad  p  vtioncm ,  NtGE^  fiat  vt  ^  Ml',  ad  pori io- 
ncm>  MGF>,  ita,  FE^  ad,  EI,  crit  crg  >  vt,  MO>ad  portioiic, 
MGE>tta,OE,  ad,  EI 5  crgoom^n  \  quadrata  ,  MO,  nd  rc- 
iitag  ila  fub,  MO,  S:  poitionc,  MGE>  crrnt  vt,OF,  nd,  Ef, 
.i.  vt  quadratum  >  OF^  ad  rccta?igaUim  fub ,  OE5  EU  crant 
autcm  omnii  quadrata, HO,  ad  omnia  quadrata  > OM ,  vt 
quadratum,  DO,  ad  quadratum  ^  OE ,  crgo  c\  .Tqual i  om- 
nia  qu adrnta,  HO>  nd  rcibngula  fub,NtO,&  fub  portionc^ 
MGE,  crunr  vt  quadratum^DO,  adrCcVr.iguUimfub^OE, 
EI,  ad  cadcm  vcro  quatcr  fumpta ,  vt  quadratum ,  DO,  nd 
rc^flangulum  fub,OE,  &  quadrupla,  EI;  rccbngula  aurcm 
fub,  MO,  &  pr>rtionc,  MGF^rquantur  rCiftaguUs  fub  qua-  P«  C  ij 
drdmco,  MGEOQ  &c  portionc ,  MGE,  vna  c um  omn ibus 
quadratis  portionis ,  MGE^  illa  i2,'i^^ir  quntcr  fumpta  rcd- 
dunt  qnater  rcci  igula  fub  portionc,  MGEyS:  quadrilinco^ 
MGEOC^vnacumcmnibiis  cjuadratis  portioni»,MGEi 

qua- 
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I>'»^  quacer  fum-       H      M      Nf**  X-  ^ 

ptis,  qtii^  vc- 
l^pomiii^i  qu;|..  R 
dratacirciili,  w 
Verellipfisjivr 
BEG>^quaii- 
tun  .omaibu&'..-  i 
qua^ratispor  D  i  E.:  F  ?  O 
•Cioiiis^MBEi  &  portionis>MGE5  vna  cumTedangulis  bis 
fub  vtrifq^portionibus.i.yna  cum  omnibus  quadratis  por- 
tionis,  MGE^  bis  fumptis5&  omnia  quadrata  portionis^  M 
BE^.tquantur  omnibus  quadratis  portionis  ^  MGE^  idc6 
omnia  quadrata  portionis,  MGE  vquater  fumpta  cequatur 
omnibus  quadratis  circuli,  vel  ellipfis,  MBEG^item  reda- 
gula  fub  portione, MGE5  &  quadrilineojMGEOC^quater 
^equantur  rddlangulis  fub  toto  circulo  ^  vel  ellipfi^  MBEG^ 
&  fub  quadrilineo,  MGEOQ  bis  fumptis  >  itaut  hucufque 

{)robauerimus  redlangula  fubportione^MGE^&paralle- 
ogrammo^  MO^quater  fumpta  aequari  omnibus  quadratis 
circulij  vel  ellipfisj  MBEG,  vna  cum  redagulis  blsfub  eo- 
dcm  circuloj  vel  ellipfi,&  fub  quadrilinco,  MGEOQquo- 
niam  vero  oftenfum  eft  omnia  quadrata^HO,  ad  rcaangu- 
U  fub  portione ,  MGE ,  &:  parallelogrnmmo  5  MO  ^  quatcr 
fumpta  efTe,  vt  quadratum^DO,  adrcaangulum  fub^)  OE, 
&quadrupla,  El^idco  cxaequaliomnia  qludrata^HO,  ad 
omnia  quadrata  circuli , vel  cllipfis ,  MBEG ,  vna  cum  re- 
dangulis  bis  fnb  codcm  circulo ,  vel  ellipfi,  &  fub  quadri- 
[inco^  MGEOQ  crunt  vt  quadratum^  DO,  ad  rcdac^uium 
fubjOE^  &fubquadrupla,EI^qtiod  fcrua.  ^ 

Qupniamvcro  omnia  quadrata^HF,  vna  cumreaari^ 
gulis  bis  fub  parallclogrammis,  HF,FQad  omnia  quadra- 
ta^HOjfunt,  vt  vnum.ad  vnum  .f.  vt  quadratum^DF^vna 
cum  rcdangulo  bis  fub,  DF,  FO,  ad  quadratum,  DO5  om- 
nia  quadrata  veroparallelogrammi^HOjad  omnia  quadra- 

ta 
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.M-circulii  vcl  clUpfi^,  MBbG>.vnji  atiipf  oAan^uUs  bis  fub 
cadcincirculo,vclcUipfi,(Scfut)  quadxiUaco,  MGBOC,  cf- 
fc  oftcufa  fuiit ,  vt  idcm  quadratum ,  t)0,  ad  rct^langulum 
fi'^,  qiiadrupla,  Eli  Crg  )  cx  xquaU  bmnia  quadratx 

Y    .inTmi,HF,Trta  cu'rti  fccbnguUs  bi^fulypnral- 

iclogrammis  .jHFj       ^btn«ii^  q^i>drata  cirCuU^  vcl  cl- 
lipfis,  MBEGjvna  cum  rcdanguUs  bis  fub  codcmcirculo, 
vel  cUipfi  5  MBHG ,  cnint  vtfqoadr^tum ,  DF,  vna  cum  rc 
ifangulo  fub,  DF,  FO,  bis,  ad  rccVingulu  fub>  OE ,  &  qua- 
drupla,  EU  vcl  erunt,  vt  corum  dimidia  .f.  vt  dimidiu  qun- 
drati,  DF  ^  quod  crit  rcdanguUim^  DFE  5  viu  cum  rcdan* 
gnlo  fub^  DFO»  fcmcl  cx  quibus  coponctur  rc^flanguUun 
fub,  OE,  FD,  ^  ad  rcclmguUim  fob, OE,  &  dupUi,  E U  vd, 
vt  adUuchorum  dimidia  .f.vt  rcdbngulu  fub^  OE^  ED, 
ad  rcdanguUi  fub,  OE,     EI,  .i;vt,  DE>  ad,  EI,  qiiia>  OE, 
altitudo  cft  communi^,oftcnfum  crgo  cft  omnia  quadraca^  f , 
HF^  vna  cfi  rcc^nguUs  bis  fub  paraUcKigrammis,  HF,  FQ 
ad  omnia  quadrata  circuU,vcl  cHipfis,  MBEG>  vna  cuni--» 
rrctjngiilis  bis  fub  codcm ,  &  fub  quadriUnco ,  MGEOC% 
cifc,  vt,  DE;  x^eUFE,  ad,  EI,  .i.  vt  paraUcU^grammu  ,  M  F, 
ndv)orrioncm*>MGE, vcl  vt  parallclogrammum ^HIsad 
ci/culum^  vcl  cUirf*m,  MBFG.cMiodcrat  propofitum- 


PT^OrrrS.  XVTI, 


OMnia  quadraia  parallclogrammi  circulo, 
vcl  cllipfi  circumfcripti  ( rcgula  Uafi  )  ad 
omnia  quadrat^  figuric  compofir?  ex  cir- 
culo,  vcl  cllipfi,&  cx  duobus  trilineisacfjacctibus 
latcri,  quod  noQ  cft  reguh,  ncc  ipfi  parallclum_,| 
veiutidicitur  inTli.i4.erunt,vt  idcm  parallclo- 
gratnmura  ad  circulum,  vel  cHipfim,  cui  circum^ 

lcri- 
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fcribitur,  vria  cum  co  fpatio ,  quod  relirquitifr, 
demptoaquarta  parte  didii  paraJleiogrammi  cir- 
culi,  vel  ellipfis quadrante,  fimul  cu  exccflu,  qua 
idem  quadras  fuperat  duas  tertias  di^li  parallelo* 
grammi.i.erit,proxi[n^iVC  2i.ad  17. 

Exponatur  dcnuo  figura  Theor.  14.  Dicoonmia  qua» 
tUata  parallelogrami,  HF,  ad  oitinia  quadrata  figurje  com- 
poiltje  ex  circulo ,  vcl  ellipli ,  MBEG ,  &  trilineis ,  MGM, 
EGF,  ciTe  vt,  HF,  ad  circulum,  vcl  ellipfim,  MBEG,  vnii_^ 
cum  rehduo,  dempto  a  parallclogrammo,  MG,  circuli,vcl 
ellipfis,  quadrantc,  MGA,fimul  cum  co  excelTujquo  idem 
quadrans  fuperat  duas  tcrtias  paralleIogrammi,MG.  Etc- 
r. hajut.  nim  oftenfum  eft  omnia  quadrata, HF,  ad  omnia  quadrata 
circuli,  vel  ellipfis,  MBEG,  vna  cum  redagulis  bis  fi.ib  eo- 
dem,&  fiib.trilineis,  MNG,  GFEjcfte  vt,  HF,ad  circulum, 
rel  ellipfim,  MBEG,  quodferu;L^ . 

Vlterius ,  quia  omnia  quadrata,  HG,  ad  omnia  quadra- 
J.  1'     ta,  MG,  funt  vt  quadratum,  BG,  ad  qiwdratum,  GA,  .i.vt 
parallelogrammum ,  HF,  ad  parallclogrammiim ,  MGj  in- 
.kuiu».  ruperomniaquadrata,MG,adomni3  quadrata  trilinci, 
MGN,  funt  vt,  MG,  ad  refiduu  dcmpto  quadrantc^MAGj 
fimul  cum  eo  fpatio,quo  idem  fuperat  duas  tertias  redan- 
guli,  MG,  ab  eodem  rcdangulo,  MG ,  ergo  C5t  xquali  om- 
iMa  quadrata,HG,ad  omnia  quadrata  triliuei,MGN,erunt 
vt,  HF,  ad  rcfiduum,  dempto  quadrantc,  MAG,fimuI  cum 
co  fp3tio,quo  idcm  fupcrat  f .  rcaanguli,  MG,  ab  codem 
I.».    rcaaogulo, MG,&,  dupUcatis  proportionis  terminis,om.  ' 
nia  quadrata^,  HU,  ad  omnia  quadrata  trilinconim,  MNG, 
GFE,  crunt  vt  duplum,  HF,  ad  duplum  illius  rcfidui  .i  vt, 
HF,  ad  vnum  illud  refiduumj  omnia  autem  qundrata  ciuf- 
dem  ,HF,  adumn.a  quadrata  circuli,  vcl  cllipfis , MBEG, 
iimul  cu  rcaanguiis  bis  fub  eodcm,  Sc  fub  triline,s,MNG, 

GFE, 
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Gl'Et  funt  vt,  HF,ad  circulum^vcl      H  M,,^^^ 

clUplun,  MliEG,  crgo ,  colligcdof    ^  lc/^  I^^T 

omiiia  quadiata  >  HiS  ad  omni 

quadrata  circuli^  vcl  cllipfis,  MBE 

G>&adomiiia  quadrata  trilinco- 

rum,  MNG>  GFE^fimul  cu  rc^lan- 
gulisbis  fiib  circulo>  vxilcllipfi,  M 
BEG,&trilincis,MNG,GFE,idcft     "  c 
ad  omnia  quadrata  figurx ,  NMBEF,  crunt  vt  ,HF>  ad  cir-  ^ 
culum ,  vcl  cllipfim,  MBEG,  fimul  cum  rcfiduo ,  dcmpto  a 
parallclogrammo,  MG>quadrantc>MAG>&:cofpatio>quo 
idcm  cxccdit  duas  tcrtias  parallclogrammi^  MG- 

Diconunchancrationcm  clTc^vtii.ad  ly.proximd^ 
parallclogrammum  cnim,  MG,  ad  dictum  rcfiduum  cft,vt 
2  I .  ad  2 .  proxim^ ,  vt  oftcndimus  Th.  1 1 .  parallclogram- 
mum  vcro, HF,  quadruplum  cft ipfius ,  MG ,  crg  , HF,  ad 
illudrcuduumcft,  vt  84.  ad  2.proximi,cft  a  .tcm  idcm, 
HF, ad  circulum ,  vcl  cllipfim,  MBEG ,  vt  1 4.  ad  1 1 .  pro- 
ximi  .i.  n  8 4.  ad  6 5 .  crgo  parallclogrammu,  HF,  ad  com- 
pofitum  cx  circulo,  vcl  cUipfi,  MBEG,  &  dKfto  rcfiduo  cft, 
vtS^.ad  ^S.proxim^.i.  vt  2i.ad  ly.proxuni ,idc6 om- 
nia  quadrata,  HF,adoinnij  qiiadrata  figurx,NMBEr,funt 
proximc,  vt  2 1 .  ad  1 7 .  pn tct  crgo  propofitum  . 

C  O  R  O  L  L  A  R  I  V  M  I. 


HINC  f4let,  (futnUm  tmnu qu*ir*U,  H F,  mnhm  tfUM   ^ \ 
drattru,  MF,fmnt  quddrupU,  (fUidfttnt  td  tUa,  vt,  H  F, 
4d,  MG.dndto.fi  dempferis  tmnU  ijHtdrMt*.  MF,  tbtmnihitt 
quadrttti figur*,  NMBEF,  tmnttqu*dr*IA,  HF,  sdrffiduunut 
',  vt.  HF,  tdtllud,  iiuidreltntjMitur,  demptt,  MG,  i  circU' 


truni. 


It  ,vel eUtf>fi ,  MBEG,(!rrefiduo  f*ptusdtm.f<]ii»drem*Het4. 
hldtt  *l>,  MG.  ifutdratt,  MA  1,&  ti  txctfsu,<juo  iiemfuftfM  ^ , 
UG,eji  *m,HF,  *d  h*t  rtmsnetiM  ff*ti*froxtn>t,xt  8  4.  *d  47. 
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ConnitueM.  HFiZ^»  efiteirenltis,  vtlempffs,  miG,  €6, 
6f  di£ivm  refidui^m  a.  vt  fufr4  ejiendimus  (proxttnk  femper  /». 
$tlUgt) tH  Autem,  MG,2i.  demts ergo  xi.a cem^ofrti ex  t6.& 
3 .  idtd  ^69.  rtmaneHt  47.  tft  trgo,  HF,  adrtm4ntntia  fp^tia, 
vtZ\  a-i/^T.  vndtomnia  quadrata,  HF,  adrefiduum ,  demftis 
vmmbns  quadratis,  MF,  al>  ommhut  quadratis  fignra,  NMBEF, 
trunt,proxm},  w  84.  adi^y.  quoitii .pofofitum . 

C  O  R  O  L  LA  R  I  V  M  11. 

HltiC  etiampatet,  qmniam  omnia  ^uadrata,  MF.  adtml 
nid quadr/tta  trtlintorum ,  MNG,  GFE ,funt  ,vtli.ad 
^.froximh  quodadfui  rtltquum  trunt  ,vt2i.adi9.  proxim}, 
fmtattttmomnia  quadrata,  HF,  quadrttpla  emmum  quadratt^. 
rum,  MF,  ^  idio  omnia  qttadtata,  HF,  ai  refiduH,  d(?^ttis  em. ' 
mbus  quadratis  trittntorum.  MNG,  GF£,    or^mhus  quadratis, 
24F,  truntproxim),  w  84.  td  i  g.funtautem  om*>umadrata, 
HF,  ad,e/iduum ,  dem^tis  ommhm  quadratts,  MF,  ab  omntlm 
quadratts  figura,  NMBEF;  vt  84, 4^47.^,,^.  trgorefiduH 
Pftmum^  quodrehnquttur,  dempus  ommhus quadratt,  trtltnto. 
rum,  MN},  GFE,  ab  omnibus  quadratts  ,MF',  ad  reftduum  fe. 
emdum  .t.  adtd,  quodreltnquttur .  demp.ts  omntbus  quaarJtis, 

THEOREMA  X\/IL  PROPos.  XVin, 

EXponatur  denuo  %ura  Prop.  1 5.  Dico  om- 
nia  quadrata,  HO,  (regula  cadem  ibi  fum- 

cxmr^  n  "^?^"'''  figUr.-Ecompofit^ 

cxparallelogrammo,  MO,  &  femicirculo  vd  fe 

m.eIhpfi,MBE,effe,vcquadratum  D^^^^ 

'^^"-^^^'^^^"^^^^^>OE,vnacu«.rcV^%ubfu^ 
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OE,  &  <y)\y  cxcefTu ,  quo  dupla ,  EI,  fuperat,  EF, 
cum  -r*  quadrati,  DE. 

QVoniamcrgo  omnia  quadrata  figur» ,  CMBEO ,  di- 
uidantur  pcr  lincam,ME,  m  omnia  quadiata  paral- 
-    lclogrammi,MO,uiomniaquadratalcmicK^^^^^  j,^^^^^, 
li ,  vel  femiclliplls ,  MDE,  & m  rcdanguU  bii  fub ,  MO, 

fub  remicucu-  _ 
H         M   N  h 




lo, vcl  lemicl 
hpii,  MBE5  pa- 
tct  primo  5 
omnia  qiui  Jra- 
ia,HO,aclom- 
nia  quadrata  > 
M  O ,  funt  ,  vt 
quaclratri,DO 


F 


Crtoll.f 
hliiut. 


ldquadi.tum,OE.  Iixfuper omniiquadrata,HO,adom- 
nia  quadrata,  HE,  funt  vt  quadratum,OD,nd  f^f  ^^^^ 
DE, omnia  vcro  qv.ndrata  ,  HE ,  ad  on.nu         ata  fcm.- 
CKCuU ,  vcl  femicll.p!ts,  MBE,  funt  vt  quadratum,  bE,  ad 
fui  ipfms     creo  cx  xquali  omnia  quadrata  , HO ,  ad  um- 
ma  quadrata  (cmicKC.ul.,vcl  fcmiclhpl.s,MBE,sut  vt  qua- 
dr.num,OD,  ad     quadrana)E.Vltcr.us  ofj.n.a  qundra- 
HO,od u.«n.a  quadrata,  MO,  lunt  vt  quadratim.,  DO, 
aCara--.OElomnuUcmquadrata,M^^^^^ 
anU fub,  M0,&  fcm.circulo,vcl  lcm.clUpi.,MBE,lunt  vt, 
Si^,ad  crcK^  fcm.cll.pl  m,MBE,...vt  OE,  co^.| 

ad  y ,  .^am  f.Cb  cft,  f  E,  ad,  El,  v  t,  Mi-,  ad  l--c.rcu  u...,  -  >• 
vd  f«mcll.pnm,MGE:ad  cadcm  vcro  rccb.Agula  b.s  fu.n. 
nt   c.uut  koU  ad  duplam,EI  pgit.u,  ^o^^^^^o^^ 


V    1  ^'^ 
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vt  quadratnm  OD,  ad  quadratu,  OE,  ad  quadrati,DE, 
cum r  dangulo  fub, OE,  & dupla,  EI,  limul fumpta  5  qu« 
mTdif^"'"' ir  "'^ ^«"^^iiipfi^.  MGE,  eft plufquam  d,- 
£r  ^P? i  /T;'  erit  plufquam^ 

gulu  lub,  OE,  &  cxceflu,  quo  dupla,  EI,  fupcrat,  ED,  lun- 
gamusreaangdumfub,DE,EO^^ 

tata  funfm  -  ^^'  ^  '^"P^^'  ^I ,  commu- 

tata  iunt  1«  ,  quadrati,ED,in  re6languli,m  fub,  DO.OF 
cum  reaangulo  fub ,  OE,  & fub  cxcefl!.  dupl^rE^  A  per: 

COROLLARIviW. 
^n.4rat,ttrapt:tS.  i^^c"  ZwflT"     ^^^"^  "'-'^- 


HffiO- 
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EXpofita  adhuc  figura  Propof.  1 5.  & intra-. 
circulum,vel  ellipfim,  MBEG,duaa,  RV, 
vtcunq;  regul9,DF,parallela,diuidente  ip- 
fum  circulum,  vel  ellipfim  in  duas  vtcunque  por- 
tioncs,SMT,SET.  Dicoomniaquadrata  portio- 
nis,  SMT, cum  re<ftangulis bis  fub  cadem  poi lio- 
nc,&  fub  quadrilinco,MTVN,ad  omnia  quadra- 
ta  portionis,SET,cum  recfiangulisbisfub  cadem 
portione,&  fub  trilineis,TGV,GEF,  cflc  vt  por- 
tio,  SMT,  ad  pottionem,  S  ET. 

Quoniani  .n.  rcctangula  fiib  portione,  SMT,  paralle- 
lofTjmmo,  HV,  ad  omni.i  quadrata  ,HV, funt  vt  portio, S 
MT,  ad  par  jllclogramum,  HV,  rcaangiil  j  vcro  fub,  SM  T, 
&  parallclogrammOiHV,  diuiduntur  m  rcdangub  fub,  S 
MT,&:fab»SMT,  .i.in  omnia  qua- 
drata ,  SMT,  &  in  rccljngula  fub, 
SVIT,  fub  i^iad  ih  .cr. ,  HRSM, 
MTVS ,  .1.  bis  fub ,  SMT,  Se  fub 
quadrilinco>MT\'Ni  nam  cu,ME»  B 
fjt  diametcr,  bifarum  dniidic  tum 
crdinatim  apphcatns  i:i  parallc- 
logrammo,HF,tum  m  circulo, 
vcl  c!lipri,MBEG,S:  idco  e  cceffiis 

carundem  lincnrum  hinc  inde  rclinquuntur  ;vqualcs,vndc 
iii quad.-i!ineis,HRSM,  M TVN, Hncx  in  cjdcm  reaitudi- 
nc  fumpt» funt  atqualcs ,  idc6  omnia  quadrata  poi tioni*, 
SM I  rcdljngula  fub  cndcm,&  fub  quadrilinco,  MTVN, 
bis  fumpta,  funt  ad  omnia  quadrata,HV,  vt  portio,  SMT, 
ad  pjrallclogrammum,  HV.  Omnia  infupcr  quadrata,  HV, 


V 

J 

Cerell 

16  l  X 
?cr  A 
1.1. 
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»•     ati  omnia  qiudf  ?ta,,,VP,  funt  v^,  HR,  jd,  RD,  4-  HV, 

ad,  VDj  eodcm  deniq;  modo,  quo  fupra,  offeiulcmus  om- 
ni^  quadfata,Ri-,  ad  omnia  quadrata  portionis,  SBT,  cum 
reaangulis  bis  fub  cidem,  &fub  trilineis,  TGV,  GEF,eflc 
vr,  RF,ad  portiOnem,  SET,  ^,rgo  cx  a:qUaIi,omnia  quadra- 
ra  portionis,SMT,'cii^ii  re(5tingulis  bisfub  ecldem  ,  &  fub 
quadrilineo,  MTVN ,  ad  Oninia  quadrata  portionis  ,  SET, 
cumrec^inguiis  bis  fub  eadem,&  fub  trilineis,TGV,GFE, 
crunt  vt  portio ,  SMT,  ad  portioncm,$ET,  quod  oftcnde- 
re  opus  erat , 

C  O  R;'0  L'^L  A  R  1  V  M. 

HINC  fAtet mnia)q»ddrata paralUhgrammorum  iu eal 
dem  dtitudtne  cum porttomhus,  vel  frufttbus  portionum 
txilientium.  ad omnia  quadrata  earmdtm  jimulcum  KiiangH' 
Its  hisfub  yfiem  .(^  fub  (juadrtiineis,  •vel  trilineis >  qua  itlis  e  re- 
gfO"erefpondentla(er(,NF.adtacetia.velt,tiruprafueritntaua^ 
drtUneum.  MTyN.(ir  trtlinfum,  TG^,  CEF.  efe.zt  eaden^pa. 
rMelogramma  ad eafdem  portiones,  vel  pertionum fru/Ia ,  auod 
ixfupradtciistlarepatet.  ^   '  2 

T H E O  REM A .  xiXv  P R  O  P Q S.  XX. 

Xpofita  adhuc  figura  Prop.  i^.  &,intra  cir- 
JL,  culiim ,  vel  ellipfirt,  duda  quacunq;  rcaulai 

parallela,  RX,diuidente  ipfum  vtcun  J:  in' 
du?.sportioncs,SMT,SET.  Dico  omnia  quadra- 
ta  portionis,  SMT,  cum  reaagul  is  bis  fub  eadem: 
&fubquadrilineo,MTXC,-adomniaquadratJ 

&  rub  quadnlrneo,TGEOX,effe  v't  porti6,SMT? 
adportionemjS^ET. 


Fiai» 


•fllSt  priiis, 

x\v      •  'Acm 

ad,YZ:  Om- 
nia  crgo  qua- 

MX/&  lcmi- 

portione,  MYT,  funt  vt^  MX,.adtMYT,  diuidc  rcdangu^a 
liib>MX,  &M'i'T5inomnia  qiiadra:a  ^MYT^&i  inrccuui- 
gula  lub^  MYT^  &:  fub^  MTXQomnia  cr^^o  quadrnta.MX, 
ad  omnia  quadrata ,  MYT^cum  rcctangulis  fub  ^MY  1\  Si 
fiib  quadrilmeo^  MTXQcrunt  vt,  MX^  ad^MYT^  j'.  X 
Y^ad,  YZ^  \aquadi*atum,XY^3drcctangulumfub,XY, 
YZ>cadcm  vcro  aJ*^^'  r.atcr  fumptaciunt  ,vt  qua- 
dr.Kiun^  X^l ^  ad  rCwiai »^  ub ,  XV^  quadrupla  ,  Y7;» 
funtautcmomnia  quadriita  fcmiportionis^MY  Uquaccr 
fumpta  arqiuUa  omhibiis  quad.atis  portionis ,  MST,  &  rci 
«AngabfubyM^YT.         '  ^MTXC^quatcrfmnj^a 

xqualiarCs;^^  u..-   >  ^  .kIhIi  ico,  :\:  lub  portio- 

nc^SMT,bi  .  iis,nainpartai>ySMT>bis.i:6tinctfcnu- 
portioncm,  MYT^  crgo  conucrtcndo  ^  omnia  quadrat 
portior      '  '     cum  rcaangnlis  bis  fub  cadcm^K  t\\§^ 
!  -      \ ;  1  ,^v.5  :^d  omni.i  quadrata^MX^crunt  vt  rcciA^ 

1         o  qnadrupla,  ^        fub>  YX,  a^i^uadmt u,  YX,  cmr 

nia  autcm  quadrata,MX^adomnia  quadrata.^V,  cum  rc- 
aaneridis  bi^  fub  paral'  nmts.HV^VC.  funt  vt  vnrm 

advnum.i.vt      '  '        .  rum,RV,cum^ 

rccljni!-"^^  >^  .  .liiommaqtiadra-r 

ta  pori  M T^ciim  rcdimgulis  bis  fubcadcm  ,'&:fab 

nuadrilmco,MrX>adomniaquadrata,HV^,cumrc6tni- 
oiilis  bi.  fub  parailclogrammis , HV,  VC>  crimt  vt  rcd^un- 
Jilumritb.XY, &quaarupla,YZ.-'J  r^';^ 


48  GEOMETRI/C 

iCtaSgulis  bi-;  fub,  RVX,  vel  vteorum  dimidia  .f  vt  re<fbn- 
gulum  fub,  X Y,  &  dupla,  YZ,  ad  dimidium  quadrati,  RV» 
.{.  ad  rectangulum  fub,  RV,  V Y,  cum  redangiilo  fub, RVi 
VX,  vel  adhuc  vt  horum  dimidia  (componc  a utem  reclran- 
gulum  fub,  RV,  V Y,  cum  re^angulo  fub,  R V,  VX,  ex  qui- 
bus  fit  redangulum  fub ,  RV,  YX, ) .{.  vt  rcdangulum  iub, 
ZY,  YX,  ad  reclangulum  fub ,  RY,  YX, .(.  vt,  ZY,  ad,  YR, 
.f.vt  fcmiportio,  MYT,  ad,  MV,vel  vt  portio,SMT,ad,HV. 

Infuperomnia  quadrata,HV,cum  redangulis  bis  fub 
parallclogrammisjHV,  VC,  ad  omnia  quadrata,  RF,  cum 
reciangulis  bis  fub  parallelogrammis,  RF,FX,  (iuit  vt,HR, 
ad,RD,&tandcm modofuperiori  oftendemus  omnia  qua- 
Jrata,  RF,  cum  reaangulis  bis  fub  parallelogrammis,  RF, 
FX,ad  omnia  quadrata  portionis,  SET,  cum  re^^agulis  bis 
fubcadem,&  fub  quadrilineo,TGEOX,efrc  vt,RF,ad  por- 
tionem,  SET,  crgo  ex  a^quali  omnia  quadrata  portionis,  S 
MT,  cum  reaangulis  bis  fub  cadem,  &  fub  quadrilineo,  M 
TXC,  ad  omnia  quadrata  portionis,SET,  cum  reclangulis 
bis  fub  cadem ,  &  fub  quadrilineo,  TGEOX ,  erunt  vt  por- 
tiojSMT,  ad  portionem,  SET,  quod  oftendere  oportebat. 

COROLLARIVM. 

TT  fNC  p*tetmm4ciH4dr4tap4r4Utlogr4mmBrttm  hed. 
X  J.  <i*m*iM*timeeumptrttomhu,,vel  poruottum  frufithmt 
t^fiff^^n^.vri^eumriaar^gulisbisfut^fdtmpar^lUk^rxm. 
ms.    rebqut,  par^Mogramrms  ,U„  i„  dtrtaum  exinenttbus 

'domm4^U4dr4t4port,onum,v,lfiuftofueorundim./,muleum 

reaangulu  b,s  fub  ^fdem .  &fub  quadrUmeu  iilu  tn  dt,  ea, «. 

taeentibus.  vetutifuerunt  ^uadrtltneum.  M7XC.  7  Ct  CX.  efse 

^*d'^^Pj'rallehgramrr,aaddta4sportio 

n4 ;  ^ucdex  pr 4d.au  dar^e  f4tet  i  ^ nde  ex.  g  cL,4  quadratM. 

RG.  fsmulcum  reaangulis  lufubparalldogrammu.  aI.  CX.  4d 

mm4  qu4dr4t4  frulit,  SBG  T.  eum  rta^ngulu  bu  fub  ..OBt, 
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^  (IHAMltnH,  TG,  fX,  trum  vt  fArdUUgrMmum,  RS,  4i  f*ii^ 
B»m,  SBG T,h9t  .n.ftritirtfitndttur,vtlHtiproh4tum  tjl  omntd 
qwMdrdtM,  HV tftmnltnm  rtiidngnlis  hitfub.H^',  VC,  ddomnU 
qH4ir4t«  fittunis,  SMT,fimMl  cnm  rtSidngnUs  iis  fuh  tddtm^, 
Xjr  fnb  tfHsdrtltnto,  MTXC,  tfit  vt,  HV,  ddporti0ntm,5MT,vn- 
Mt  mMiftHnm  tjl,  ijuid  tn  hjcCtroUsrit  ctUtgttnr. 

'     THtORCMA  XX.  PROPOS.  XXI. 

SI  in  circulo,veI  cllipfi  apcetur  refta  Iinea,per 
cuius  cxtrema  pun^la  ducantur  duar  redx  li- 
nez,  quxHnt  (exiflente  apta  parallela  vni 
axium ,  vel  diametrorum)  parallela;  fecundo  axi, 
veidiametro,qu3Efumatur  pro  rcgulacRcdangu- 
la  fubportione  minori  abfciffa  per apratam,&  fub 
quadriiineo,  quod  aptata ,  &:  duabus  diiflis  paral- 
lelis  vfq;  ad  curuam  circuli,  vcl  cliipfis  produ(ais, 
&abijfdem  inclufa  curua  comprehenditur,incir- 
culo,crunt  a?qualia  rcdangulis  fub  duobus  trian- 
gulis  perdiametrum  quadraii,  vel  rhombi(5c  hoc 
in  cilipfi  cum  diamctri  coniugar^  fe  obliqua?  ftca- 
bunt ,  quibus  latcra  di<f^i  rhombi  fint  apquidiftan- 
tia)  ab  eadcm  aptata  dcfcripti  in  ijfdcm  conftitu- 
tis:  In  cllipfi  vero  ad  eadcm  rc<aangula ,  erunt  vc 
quadracum  fecundi  axis,vcl  diametri,  ad  quadra- 
tum  primar. 

.  Sit  priiuo  circulus,  ABFH»  &  in  eo  vtcunqiic  apt.ua  rc- 
aj,  AB,  parallcla  dianictro,  EK,^  per  puncta,  AB,produ-  » 
cantur  vfqj  ad  circumferciuiain ,  Hl',  du.r,  AH,  BF,  paral- 
lclx  fccuad*  diamctro,  5>T,  quje  fuinatur  pro  regula ,  qui» 
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autcm  circukis  eft ,  ESRTj  ideo^ 
comugatae  dinmetri  ^  ER^ ST5  fe 
fecaiit  ad  angulos  redtos,  Scfuat 
coiiiugati  axesjSd:  ideo,  AH5BF5 
fuiit  perpeadiculares  ipli^  ABs 
fupcr  5  AB  5  crgo  fit  dcfcriptuin  ^ 
quadratum  5  AD,  &  in  eo  dud:! 
diamcter  ,  AD  /  Dico  crgo  re- 
^taiigula  fub  portione,  ASB,  & 
quadaliaeo,  AB,,  FH,  elTe  aequa  -  ' 
lia  redaiigulis  fub  duobii$  tria- 
gulis,  ABD^  AvPa/umatur  eu^m/  \ 
in,  AB;.vV(:liiYqs  ppl^  I 
per,  M^dltctit^r  fpfi,  BP  paraflt^^'  '^' 
la vCGjfecaiis,  AD5  inj  N  s  VD.  .  ^ 

injOy^Ci^uruajTjcircuIiiil^CGj  jMji^n  do)  ^ 

quia^Cii^-i  dii.ie,  AB,  CG,  m  circiilo  jfefeGawt  ia  pmv^j^J^. 


^quaicrectangi  ^ 
GMGyerit.-^qiiale  rectanglilo,  MNO,idcm  dc  c»?ef  is  yjro-> 
babitur,a-gorc(ainguljrubportioiie,  ACB,  §(:quadriliv 
aco,  ABF.GH.,;erunt  a?qual^a  redangulis  fu^  IrisngwHs,^ 
BD,  AVDj  qjyodeftproppfitum  ij.i  circulo.  ,  ;  .  ,    \  ...  : 
Sitmmdm  iafcriori  figura-eriipfis,  feSRt,c<ntniihv5j,' 
a)ies,'vel  dfalilC^ri  coiiiigat  r,  ER,  prinla,  St,  fcctin^fla,  fit' 
w  ia  aufcmri  ipfo  aptata,  AB,  parallela  ipll,  ER,per  cuii»s  ex- 
*  *     trema  punaa,  AB,  produ^aje  (intvfque  ad  curuam  cllipfis. 
dua?,       BF,  parallcla:  fccund.e  axi,  vel  diametr<?,  S^flfit 
infuper  dcfcriptum  quadratum ,  vel  rhombus ,  AD,  cuius 
blera  dian^cris,  ER,  ST,  fint  paraHel»,&:  in  co  duob  dia- 
,  metcr,-  Al ),  &  per  punai ,  E, S,  fint  ctiam  duda?  tan^en- 
t«s,EY,SV,coincidcnties  in,Y,quarcruntparaUel2r^ia- 
mctris,  ER,  ST,  .f.  YE,  ipfi,  ST,  3c  Y.S>  ipfi,  ER  5  er  it  crgo, 
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«qiiadratum,EY>acl'(JlUaclraciim,  YSyica  rcilanguhim,  Fx  Co- 
TZSyaii icciin^uluin,  BZA,  codcmmodo (lumpto lAyAh^  "'^  ^  '^" 
vtcuuq;  punclo,     &  p^^r^M,  ducb^CMG,  paralicla  iplii 
BF^^fcqucturrcdaiiguluni^GMCadrcdaiigalum^liMA, 
ciTc  vt  quadratum^liY,  ad  quadratum,  YS>  ergo  rcCtangu- 
Uun,  TZ^y  ad  iedanguIum,B>LA,crit  vt  rcdtangulu^GMQ^ 
ad  reda  ^gulum^  BMA,  &  lic  iW  reliquis  olkMdcmus  j.  rc-» 
dangula  lub  portipnc,  AJrti,  <3l  quadwlmco ,  AHIlUi ,  ad 
rcdancTuLi  hibomnibus  abfcilTis,  AB,  &rcriduis  abfcirta- 
rum  ciafdem  .i.  ad  rcdang  ila  fub  triangulis,  ABD,  AVD, 
Cfunt  .n.  rcdangula  fub  omnibus  abldflii AB ,  &:  rc/iduis 
abfcillarum  ciufdcm^asqunlia  rcdagulis  fub  dmSbustriaiv  coroii  i. 
gulis,  ABDvAVD,)  crimt  vt  rec>aiig<ilunvTZS^axifcaaiv  P^^P- 
guUiitiyAZiB,^i^Vt  quadrat^n^Ef  ^atlqiiadaiiutnyYS^vd 
Vt  qut4a^V»^5  SXs  ad  qnadratuiV^  XHi^  v<Jl  vt  qtt.idratiiiii| 
STv'^^^^^     •-'^^^"i'tRsc>  '  -  (  t  .   -iV  fbpoitionCjASB^ 

&cc\i  iCo,AHTli  ^  bt.ianguUs^AB 

t),  AV D, crunt  vt quadratum ,  S Tj ad .quadrati»m  >ER  i 
qubdoftcndcrcopt)rtcSat . 


C  O  R  O  L  L  A^R  I  V  M.  ^ 

H/  V  C  pdtff,  (f$iomam  prchdkimns^  cmntd  qUAdfAtA,  AD» 
fexcstpU  ef^e  rfcldngulofum  fnh  trungulis,  ABO.AyO, 
(juodtfi  circnh  eA^em  oNadrAU  ftnt  fexcupld  feclafigulfUfn  fuh 
p0rtt9ftr,  '^'^;&(f^iifiM(f,  AHTFB  IneUtpfi^veto  cfuiapd^ 
TiteromriirciudifMUrAn^^r^Mn^uUrymfubtrUngnlts.ABDt 
Jf^aKf^H  f%t!CyfU^r  funt  sdiilf\vt<uhus .  AS,dd  futtffitn 
ffXt4rtf  f4fte*n,in(i4P€ff  (l,tn^uU(Mh  tftir  QuUi,  aBIuAV rorol 
ddreclanguUJitbpcrty^Ke,  ASF.drpd  rtlinco.AHl  FB  funt 
vtcjuairatum,  tK^co  uertendv,  ad.fUd^rAtum,  ST,  J.vtfext^ 
p4fs  cuU,  Att,  ddeiufde^utempdytem,4dqu.^m  tffa  fexfd pdrs^ 
frt\  vtjftid^Ml(4im,  i  B.dihNa^rdiur^.Sr.  hwc  ex  d^udltmnik 
auddrJtJ,  AD^t^eUtpft,  gdrectAguU  fuhfirtiiir^e.  ASB^fi;  fV44 
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^irilwu,  AHTFB,  erHnt  vicubiis,  AB.ddfuiipfiujidmparteml 
dd^Udm  eiufdem  cubi^  AB,fexi4farj  fti  velmt  quAdrdtum^  b  R$ 
adquadrdtgtm.ST.  f^erum  fi  in  eUtpfi  didmeiri  ^e» fint  axej,vici 
Mbi,  AB,  concludemMs  o  quadraid,  A  Z>>  ad  reClangula  fub 
foriioue»  ASS,(^  q^adnhneo,  AHTFB,  e^e  vi paralUleptpedum 
/ubaliiiudine,  AB  bafirhombo^qHodabipfa,  AB,  dtfcrtbttur.di 
fu%  ipfius  eampariem.  ad  quam  etufdem  parallelcftpediparjfex^ 
U fii  veluii  quadratum,  ER,  ad quadr4tum$ ^T. 

THEOREMA  XXI.  PROP&S.  XXII. 

SI  intra  parallclogrammum,  quod  circuIo,veI 
ellipfi  lic  circumfcriptum,docatur  lateribus 
eiurdem  parallela  qunzdam  reda  linea  per 
drculi,  (rel  eliipfis  centrum  non  tranfiens,aitero 
reliquorum  laterum  regula  exiftente.  Omnia_. 
quadrata parallelogrammi,  quod  maiori  portio- 
m  circuli,vel  ellipfis  iam  didi,remanet  circurcri- 
ptum,adomnia  quadrata  figurx  compofitx  ex 
niaiori  portione,  &  dtiobus  trilineis,qui  ad  bafim 
eiufdem  hinc  inde  extra  conftituuntur ,  demptis 
corundera  triltneorum  omnibus  quadratis,  eruiit 
>n  circulo,  vt  parallelepipedum  fub  bafi  paralle- 
iogrammo  di<aae  portioni  maiori  circumfcripto, 
altitudine  eiufdem  portionis  diamctro  ad  cylin- 
dricum  fub  bafi  eadem  maiori  portione,  altitudi- 
nediiferentia  diametrorum  maioris,  acminoris 
fa<aarum  portionum ,  vna  cum  fexta  parte  cubi 
bafis  eiufdem  portionis.  In  ellipfi  vcroirunr,  vt 
parallelepipedum  fub  bafi  parallelogramrao  ma- 
iori  portioni  fimiiiter  circurofcripto,  alcitu  Jin«-» 
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ciufdcm  portionis  diametro , ad  cylindricum  fub 
bafi  cadcm  maiori  portione ,  altitudine  difFcren^ 
tiadiamctrorum  maioris,ac  minoris  fadaru  por^ 
tionum,vna  cum  ea  parte  cubi  bafis  eiufdem  por- 
tionis,ad  qua  fc^^  parseiufdem  cubi  fir,vt  qua- 
dratum  prim.^  diametri  ad  quadratum  fccundar> 
velj fi  diametri  non  fint  axcs ,  vna  cum  ca  partc.-j 
paralielcpipcdifub  altitudincbafi  ciufdem  por-. 
tionis> ac  fub  bafi  rhombo  ab  eadcm  defcripto,a  J 
quameiufdem  paraliclcpipcdi  pars  fcxta  fit,  ^  t 
quadratum  primj  diamctri  ad  quadratu  fccunda?* 

Sit  ergo  circulus,  vcl  clli{>fis5  CFEH,  cui  fit  circumfcri- 
ptum  p^rrallclogrammum,  ccntrumrir^Njdnme- 
triautem  tranfcuntcs  pcr  punda  contachuim  latcium  cu* 
cumfcripti  parallclogrammi^  &  pcr  ccntrum,  N,  (uit,  CE> 
FHs  fi^  atitcm, FH,  rcgub ,  cui  inndcns ,  &  latcribus,  AP, 
PQ^parallcla  imra  iplum  diufla  ht  J,G.  Dico  crgo  omnia 
quadrata  parallclogrammi,  AG^adomnia  qu.idrata  tigu- 
rx,  LCFEC,  dcmptis  omn>bus  quadratis  triluicoru,CL  T, 
YGE,  ertc  5  in  circulo ,  vt  parallclcpipcdum  fuT)  bnii  paral- 
le!ogrammo,  AG,  altitudmc,  F I,  ad  c ylindricum  l\ib  bart 
pOrtionc,TCFEY,a!ritudinc,IM.vna  cum  i^.cubi,TY. 
In  clhpri  vcro ,  vt  parallclcpipcdu  iub  bafi  pnrallclogram- 
xnn^  ACaltitudinc,  FI,  ad  cylindricum  fub  bafi  portione, 
TCFEY^  altirudinc,MI,vna  cu  ea  partc  cubi^TY,  nd  quain 
ciufdcm cubi  fcxta  pars  fit ,  vt  quadratum,  CE,  pi inKv  dia- 
mctn  ,  ad  quadratum  fccundx  .f.  ad  quadratum  ,  FH,  vcl, 
f\  diamctri  non  fint  axc.s,  vna  cum  ca  partc  parallclcpipcdi 
fub,  TY,  &  rhombo ,  RZ ,  ad  quam  ilUus  pnrs  fcxta  lit ,  vt 
nuad:atum,CE,primTdiamctri  aaqundratum  lccundar. 
Ducaatur pcr, T^  Y.  ioh,  l\^parallcLr,  f  A,Ya>, fccnntes 
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qiia:  umgaatiir  reda,  RVjprodu- 
da iiij quoniam  crgo^EC, 
eft  diamete^rjad  quam  ordinatim 
applicantur ,  RT,  VY^?  eas  quoq; 
bifanam  fipcabit,  eftautTem^ST^ 
x^qualis ,  XY,  ob  parallelQgram; 
mum  a  SY)  ergo ,  VX  5  erit  etiaai 
a?c^ualis  ipfi^  1(S,  &  tota,  VY,  to- 
tfj  RT,  cui  criam  cft  parallelL-.-', 
ergoj  RV5  TY5  funt  etiam  a?qita- 
les  5  &  parallelse  ^  cftque,  RV^in, 
Mjbifariamfcob. 

Diuidamus  igitur  omnia  qua- 
drata  figuroe  5  LCFEG  5  dempcis 
omnibus  quade^tispriliueoninij. 
CLTjEGYjin  omnia  quadrata 
fjgiircV,  LCKT5  dcpiptis  omnibiis  quadiatis  trilipci,  LCl^^ 
i;i  omnia  quadrata  figura?,  GEVY5  dcmptis  omnibus  qua- 
4ratls  trilineijEGY,  &  in  omnia  quadrata  figur^^TRFVY. 
•  Rurfus  pcr  recaam^RV^diuiduntur  omnia  quadrata  figUr^^ 
TRFVY5  in  omiiia  quadtata5jY.R  ,ia  omnia  qund{at:>  por- 
tic)u.is5  RFV,  Sc  in  rcct,lg.ula  his  fub,  VR,  &  poi.tionc.RFV/ 
his  fcparatis ,  ad  corumfingula  comparcmus  nunc  c  mnia 
quadrata  parallelog''ammi,  KG. 

Igituromnia  qnndrat;a,KG,adomnia  quadrata^^RY^funt 
vt,  KB,  ad,  RVt)  vcl  vt  parallcloarammum,  KG^ad  p^:  alle- 
logrammum,  RY,  omnia  infiipcr  quadrata,  KQ,  ad  cmnia 
quadrata, KT,  funt  vt,  BK,  ad,  KR,  .i.vt5KG.qd,  KT^itf 
omnia  quadrara  ,  KT ,  ad  omnia  quad'-  ata  figurre  ^  LCRT, 
dcm|>tis  omnibus  quadratis  trilinci ,  LCTv.i.  -adomni.L^ 
quadrata  portionis,  RCT,  cum  rcc>anpii!i.s  bi^  f  :b  ejdcm, 
19.  &  fub  trilineojCLTj  funt  vtyKT^  ad  portioncm,  UCT^  cr- 
goexxquali  omniaquadratajKG^adomnia  quadrata  fif 

gura^ 


gurXjLCRTjdcmptis  onviibus  quudracis  trillncijCLT, 
cruni;  vt^  KG^  ad  pjrtianein ^  RCT.  Eodcni  moilo  ollen. 
demus  ouiiuqiudiata^lKG^adomiia  qundrata figurx^ 
V&QW dcin^ti^voui  ubus  quidratis  tnlinei,HGY,  clic  vt^ 
KKjfvi^^dpor^i  ^aciri,  VfiV,  qLKYcoaforira.  . 

'Om  ua  ii>fiipcr  qu^dr  ata,  KG,  ad  omni  a  quadratn)  RY', 
vt  probauu)vis^'luat  vi;,  KG,  ad,  RY,itcm  omnia  quadra- 
ta,  RV>  ad  rccbngjla  lab ,  RY,K«>,  funt  vt ,  RY,  ad  R<I>,  &  f 
tandcn  rcJa  igula  fub,  K4>,  RV>  ad  rcthngulalub  portio- 
ne,  RF    &  fuU  HV,  luiu  vt.,  R<p,  ad  portioncm ,  Rf  V>  cr-  2"',°']; 
gaex  xrquoii  om^iia  quadratiu  KG,  nd  rcda  i^ila  fub  por 
tionc,  KV\\  6c  fub,  RV,  c  in.t  vt,  KG,  id  port^joncmJlFN', 
crgOj-culligcndu-,  om.ua  quadracaiK/G^adomniu-quardrat 
ta  hg^iratum,  L.QVr>VEGY<>  dcmptis  omniblisiqiradracifi 
trrliucorum^  CLT,  EGY^  &  ad  oiir.iia  qiiaflrata^Rifi)  &adi 
rcftaiigiila  f<?mclfub  portifjuc,  Rl?V,  &fub,  HYvcruiit  vtj 

Ofi  por^oncs,KC  I , \'hY,  Ri'V,  &  ad  1  cct  r-- ^  r 
.i.  vt,  KGndportio^cm,  TCi^EY. 

Rcljquam  cftj  yt  compaipefnus  omaia  quadfaca,  KG^ad 
omnia  oiiadrata  porti.^nis^  RFAs  iv:  ad  rcd.vngula  fubcjti 
dcm^ScfiibjRY,  quiayatUc  m^RV^-vqaaturipf!,  [  Y,  portiov^ 
HFV5  xqu3tut  portioJti ,  IHY><?tiani  mcUijill ,  quia  ^  RV(^ 
TY5  ifunt  parallclje  ,  ildco  omuia  qu^idriita 'portiohik,  RFV*». 
futu  rciflangjla  fi.bp^rrionc,  RFV^  iV  fi.b  portionc/I  H Y, 
quibnsli  lunjtcris  rcct.:!igula  Uib  c;idcm  portionc,  RFV^&r     ij  J  x. 
fub^RY^  cumponentur  rccbngula  fub  cadtm  portionc,  R 
FV,  &  fiJbquadrilinco,RTHYV.  Nimc  veURV,clKTqua- 
lis  ipfi,  VV,  &  fic^RY,  crit  quadratum^  (iiicrh6mbusvvcl, 
RV^  !\oncft  opqualis  ipfi,\'Y,  &cunc  inipfrr^VY-^  produ(fb,? 
fi  opu^.fit  lumatura  VZ,,  crqualis  ipfi,  VR,  &:  duCta  pcr,Z, 
rr,  ipfi>KV>  parallcla^fit  conftitutum,  RZ>  qnndrat  um,  vcl  ^ 
rhoin^>it?>  iprtns,  RV:  Omnia  crgo  quadraXa,  KG,  ad  omnia  * 
quadrnta,RZ,habcnc  rationcm  compofiram  ex  ratioaic^^; 
quadratijKl/jadquadr^tumjRrijVcladquadiatum^RVi  ^ 
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&ex  ratione  ipfiusjKBjadiRV,  qu^^  du^rationes  coinpo-^ 
nuntrationemparaliclepipedi  redtanguli  fub  altitudine, 
BK,  bafi  autcm  quadrato  ^  KL ,  ad  cubtim,  RV.  Si  autemir 
CE^  FH>  fmt  tantum  diametri ,  fic  dicemus ,  nemp^ ,  Om- 
nia  quadrata^  KG,  adomnia  quadrata,  RZ,rhombihabenD 
rationem  compofitam  ex  ratione,  KL,  ad^RrTjbis  fumptat 
&exratione)KB5ad5RV,quae  tres  rationes  componune 
rationem  parallelcpipedi  fub  altitiidine,  KL^  bafi  paralle- 
logrammo^  KG,  ad  parallelepipeduMi  fub  altitudine,  RV> 
bafi  autem  rhombo,  RZ:  Omnia  vero  quadrata^RZ^  in  cir- 
culo  lunt  fexcupla  redangulorum  fub  portione,  RFV^  & 
quadrilineo,  RTH YV^  .i.  funt  ad  iila  ,  vt  cubus,  RV,  ad  fui 
ipfrus  fcxtam  partem.  In  cUipfi  vero  omnia  quadrata^  RZ> 
ad  reaangula  fub  portionc^  RFV)&  quadrilineojRTHYVj 
funt  vt  cubus,  RV3  vel  paralielepipedu  fub  altitudine,  RV^ 
bafi  rhombo,  RZ^  ad  fui  ipfuis  eam  partem ,  ad  quam  fe^^ta 
pars  eiufdem  cubi^  vel  parallele- 
pipcdi  litjvt  quadratum^CE^pri- 
tnx  diametri^ad  quadratum^FH, 
fecundae  5  ergo  ex  a?quali  in  cir- 
culo  omnin  quadrata^KG,  ad  rc- 
dangula  fub  portione ,  RF V^  & 
fub  quadrilinco,  RTHYV,  erunt 
vt  parallclcpipcdum  fijbaltitu- 
dine,  BK5  bafi  quadrato,  KL,vel 
(quod  idem  eft)  vt  parallclcpipe- 
dum  fub,  LKjic  re^aanguIo^KG, 
ad  T.  cubi  5  RV.  In  ellipfi  vcro 
eadc  crunt,  vt  parallclepipcdum 
fub  altitudinc ,  LK,  bafi  paralle- 
logrammo^KG,  adeam  partem 
cubi,RV,vcl  diiji  parallclcpi- 
pcdi  fub,  RV5  &  rhdhibo^  KU  ^d  qua  ciufdem  cubi^  vel  pa^; 
rallclepipcdifcxtapars  fit^vt  quad.CEjadquadratiMTirFH.) 
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Sunt  aiitcm  omiib  quadiata^KG,  ad  omnia  quadrat  l 
figuraru,  RCLTjVEGY^dcmptisomnibus  quadiatis  tu. 
Uiicorum ,  CL  l  5  EG  Y5  vna  cum  omnibus  quadratis ,  RV> 
&cumrcs:bngulis  fub  portionc,RVV,&lub>RY>(cmcU 
vt>  K.G>  ad  pui tioncm,  ICEEY,  vt  ollcndimus  .i.  lumpta, 
KLt  commuiii  altitudiuc » vt  parallclcpipcdum  fub  altitu- 
dinc,  KL-i  h.\i\  parallclogrammo,  KG,  ad  cy Und. icum  Lb 
cadcm  altitudi-ic,  KL,^  lub  bali  portionc,TCFEY>  cigi:, 
CoUigciid  omnia  quad:ata>  KG,  ad  omnia  quadrata  por- 
tionum,  RCT,  VEY^cum  rcc>anguUs  bis  fub  ijfdcm,^:  Lib 
triUncis,CLT>  EGY>  infupcr  ad  omnia  quadratajl'!  ,c^*ni 
rcdanguUs  kib>RY>  Sc  portionc,  RFV>  fcyncl,&:adrc.:.M 
gula  fub  cadcm  portionc ,  RFV>  &  quadrilmco  >RTH  1 W 
.i.ad  omnia  quadrata  portionis>  RFV>  cum  rc£tanguli>  itc- 
rum  fub  cadcm,  Sc  fub>  KY,  quia  rcclangula  fub  poitionc^ 
RFV>  &:  quadi  ilinco,  RTHV V>  lcpnraiitur  pcr  lii\cam,TY> 
in  rcdaiigula  fub  >  R Y>  &:  portionc ,  RFV>  Cn.  fub  poi tionc, 
THY>  &  porti  )nc,RFV>  qux  funt  omnia  quadrata  portio- 
nisj  RFV%  .i.  ( his  oinnibus  in  vnam  fummam  coUcctis )  ad 
omnia  quadrata  figurar,  LCFEG>  dcmptis  omnibusqua- 
dratis  trilincorum,CLT>EGY>crunt  vt  parallclcpipcdum 
fub  aUitudmc  >  KL  >  bafi  parallclogrammo  >  KG>  ad  cyUn- 
dricum  fub  altitudinc,  KL,  baii  portionc ,  TCFEY>  vnu^ 
cum  T.cubi>RV>inciiculo.  UAcUipfiautcm^vt  idcmpa- 
rallcpipcdum  ad  cundcm  cylindricu>vna  cum  ca  partc  cu- 
bi,  RV>  vcl  parallclcpipcdi  iub>  RV>  Sc  rUC)bo>RZ>nd  quam 
ciufdcm  cubi>vcl  paralldcpipcdis  fcxta  pars  fit^vt  quadra- 
tum>CE>ad  quadratum.FH:  Omnia  autcm  quadrata,AG> 
ndomniaquadiara,KG>funtvtparallclcpipcdum  fub  al- 
titudmc,  AL, bafi  parallclogrammo  >  AG ,  :id  parallclcpi- 
pcdu  fub  aUitudinc,LK,bari  parallclogramo,  KG,crgo  cx 
sequali  paritcr  omnia  quadrata,  AG,ad  omnia  quadrat.L^ 
figurx,  LCFEG,dcmptis  omnibus  qundratis  trilincorum, 
CLT,  EGY,  crunt  m  circulo ,  vt  paraUclcpipcdum  fub  al- 
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titudiiie,  ALL>vd,FI,bafi  autcm  parallelogrammo,  AG, 
ad  cylindricum  fub  altitudiac,  LlC,  vc!,  MI,  bali  auteni-> 
portione, TCFEY,  vna  cum  t.  cubi,  RV,  vel ,  T Y.  In  ei- 
iipfi  vero  erunt ,  vt  parallelcpipedfi  fub  altitudine,  FI,  bafi 
autem  parallelog-ammo,  AG ,  ad  cylindricum  fub  altitu- 
dine,  MI,  bafi  autem  ipfa  portione,  TCFE 1  ,vna  cum  e.t_* 
partecubi,RV,vel,TY,  fiueparallelepipedi  fub  altitudi- 
ne,TY,  &  bafi  rhombo,  RZ,  ad  quam  eiufdem  cubi,vel  pa- 
rallelepipedi  fexta  pars  fit ,  vt  quadratum,  CE,  ad  quadra- 
tum,  FH  j  quod  oftendere  oportcbat. 

THEOREMA  XXH.  PROPOS.  XXTH. 

EXpofita  figura  circuli  Theorematis  fuperio- 
ris,  &  in  eo  fumpta  vtcunqj  portione  mino- 
ri ,  RF V,  cicteris ,  prout  Ihnt ,  fuppofitis. 
Dicoomnia  quadrata ,  a V,  ad  omnia  quadrara_, 
portionis,  RF V,  effe,  vt  fexquialtera,  FM,  ad  re- 
liquum  djametri,  MH ,  maioris  portionis ,  ab  eo- 
dem  dempta  re^a  linea,  ad  quam  tripla,  MN,fir, 
vt  parallelogrammum,  aV,  ad  portionem ,  RF  V. 

Rcdbngula  cnim  fub,  AV,\a",  ad  omnia  quadrata,  RZ, 
funt  vt  vnum  ad  vnum.i.vt  rcaangulum,  FMI,  ad  quadva- 
tum,VZ,veIadquadratum,RV,  omnia  itcm  quadrata^RZ, 
funt  fexcupla  rcdangulorum  fub  portionc  ,RF\^  &  qua 
dri!ineo,RTHYV,  .i.  funt  ad  illa,vt  quadra^um,  RV,ad  fui 
v.erga  cxcequalt  reaangula  fub,  AV,\a-,ad  redaneula 
hh  portioue,  RF V, &  quadrarneo  ,  RTHY V,  crunt  v? re- 
^taag.FMI,  a-d  i:.quadrati,RV,veI  vt  rcdnngu!fi,FMN,ad 
.  .  qaadratorxim,  RM,My,  .i.  ad  -f .  quadrat, ,  RM  ,  .i.  ad 
recfangulum  fub,  I  M,&:  .t.  MH,  .r.  vt,  MN,  ad  t.  MH,vd 
^ttripIa,A^N,ad,MH.Infupcr  cadem  rcaangula  fi.b,  AV, 

VT, 
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VT,ad  rcc^angula  fiib  portione, 
RFV,&:fub,RY,funt  vt  paral- 
lclogrnmmiim  ,  AV,  ad  portio- 
ncm  5  RF V,  crgo  ii  tiat ,  vt,  AV, 
ad  portioiiem  ,  RFV,  ita  tripla, 
MN,  ad,  H^i-  reaigula  (iib,AV, 
VT,  ad  rcliquu,  dcmptis  rcdaa- 
gulis  fub  portioiic,  RFV,  &  fub, 
RY3  a  rccbngulis  fub  eadem— » 
portionc  ,  &  lub  quadnliiieo,  R 
TH  YV,  .i.  ad  rcdagula  (ub  por- 
tionc ,  RFV,  &  portionc ,  TH  Y, 
.i.ad  omaia  quadrata  portionis, 
RFV,  crut  vt  tripla,  MS,ad,M«, 
omnia  autcm  quadrata,  AV,  ad 
rcdangula  fub,  AV,  VT,  funt  vt 
quadratum,  FM,  ad  rccbngulum,  FMI,  .i.  vt, FM,  nd,  MT, 
vcl  vt  fcxquialtcra  ,  FM ,  ad  fcxquialtcram  ,  M I,  .1.  ad  tri- 
plam,MN,rc(aangula  autcm  fub,  AV,  VT,adomnia  qua-  i4.l.t: 
drata  portionis,  RFV,  funt  vt  tripla,  MN,  ad,  Mas  crgo  cx  ^ 
aequa)i  omnia  qundrata,AV,ad  omnia  quadrata  portionis, 
RF\%  crunt  vt  fcxquraltcra  ipfiws,  FM,ad,  M«,  qua:  cft  re- 
fiduum  ipfius,  MH,  dcmpta,  H«  ,  ad  quam  tripla ,  MN ,  cft 
vt,  AV,  ad  portioncm,  RF\%  quod  oftcndcreopus  cratr 

THEORF\T  \  XXm.  PROPOS.  XXIV. 

EXpofita  dcnub  figura  circuli  Th.  i  r .  often-t 
dcndumeftomniaquadraca  portionis  mi- 
noris,  RF  V,vtcunq;  fumptae  rcgula  diamc^ 
tro.f.  FM,ad  omnia  quadrata  ciufdem  regula^ 
bafi  f  R V,  cfTe  vt  redjngulu  fub,  M,&  fub  bafi, 
R  V,  ad  tria  quadrata  linca?,  R  M,  cum  quad.  M  F^ 

H    2  Om- 
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Omnia.ii.qucidiata  portionis, 
RFV5  rcgula>  FMjad  omnia  qua- 
diatajA  V^rcgula  eadcmjfunt  vt, 
(i^Mj  ad  fexquialteram,  FM5  .i.vt 
T«  M^^adjFMj  om  lia  item  qua- 
drata,  AV^  regula^FM^  ad  omnia 
qnadrata  eiufdem  parallclogra- 
mi,  AVd  regiilaj  K\\  funt  vt^FM, 
ad,  RV5  ergo  ex  ^quali  omni.L^ 
quadrata  portionis  5RFV5  regu- 
la,  FMj  ad  omiua  quadrata,  AV, 
regula^  RV,  erunt  vt  t  .  ^M,  ad> 
RV^vcl  vt  f.^yMjad^RM,  .i.fum- 
pta,  RMjCommuni  altitudinejvt 
rcdaagidum  fub  f .  ^M  ^  &'fub> 
RM  5  ad  quadratum  5  RM  5  vel  ad 
re£langiilum:,FMHsomnia  vero  quadrata,  AV^  reguIa^RV, 
adomaia  quadrata  portionis^RFV^rcgula  cadcm.fmit  vt, 
HM5  adcompofitam  ex  t.  HM^  &  17.'  MF,  .i.  fumpta,  MF, 
comiruni  altitudinc,  vt  rcdangulnm^FMH:)  ad  rcvfbngii- 
lum  fub,  FM,  &  {iib  compofita  cx  t  .  HM,  &  f .  MF,  erant 
autem  omnia  quadrata  porti onisjRFV:»  regulajFM^ad  om- 
nia  quadrata,  AV^y  rcgula,  RV,  vt  redangulum  fub  f .  M^*^ 
&  liib,  RM5  ad  redangulum ,  FMH  5  crgo  ex  xquali  omnia 
quadrata  portionis^  RFV,  rcgula^y  FM ,  ad  cmnia  quadrata 
eiufdem,  rcgula,  RV,  erunt  vt  redbngulum fub  f .  Mco 5  & 
fub,  RM:>  ad  i  cciangulum  fub,  FM,  &  kib  compofita  cx  f . 
HM^  &  f .  MF^  .f.vtreaanguUtm  fub  tota5MA^5&  fub^RM-^ 
ajI.reaimguJufub,  FM,  3d  fub  compofita  cx  .  FM^&i  fex- 
q.uialtera,  MH^.i.  &  fub  compofita  cx  .  FM:,&  fexquial- 
tera,  MI,  &  fexquinltcra,  IH:,  porro  fexquialtcra,  IH.  cum 
[  .  FM,  cificitdi^as^FM^IHf^  quibus  fi  iunxeris^Mli  defra-' 
ftam  dcfcxqnialtcra  tpfiusVM[,  fi<!t tora^FH^tujn^^MNj 
3?qualis  diiTiidio'  5  FM      fcxquialteroe  ^  MH,  :,.Omnia  ergp 

qua- 
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quadrata  portionis,  RFV,  rcgula^FM,  a  J  omnia  qunduUa 
ciiifdcm  portionis,  rcgnla,  KV,  crunt  vt  rcdaaguliim  fub, 
Mo),  &:  fab>  KM,  ad  rccbiigulum  fub,  FM ,  &:  fub  compofi- 
tacx,FH,MN,.i.adrccbngulufub,FM,&fub,MN/i.b,  e«  vlt 
FM,  &  fub,  MH,  &  ad  quad  atum ,  FM  :  quia  vcro  rcaan- 
gulum,  FMH,  xquatur  quadrato ,  KM,  crunt  omnia  illa^ 
quadrata,  vt  rcdbngulum  fub,  ^M,  &  fub,  KM,ad  quadra- 
tiUTi;KM,qiiadratnm,  MF ,  &:rcclingulum  fub^FM,  MN, 
vcl  vt iilorum  dupla  .f.  vt  rcaangulum  fub,a;M,&:  f.ibjKV, 
ad  quadratum,  KM,  quadratum ,  MV,  duo  quadi ata  ,  FM, 
&  duo  rcctangula  fub,  FM,  MN,  .i.  vnum  fub,  FM,  MI,  cui  \  %  clc 
fi  iiinxcris  vnmn  de  duobus  quadvatis  ipfuis ,  FM,  compo- 
nctur  rCwbngulum,  FMH,  quod  cil xqualc  quadrat«>,  KM.  vlt  i.c 
Sunt  crgo  omiiia  quadrata  portionis»  KFV,  rcgula,  IM,  ad 
omnia  quadrata  ciufdcm  portionis,  rcgtila,  R\^,  vt  rcoan- 
gulum  fub,  oi.NT,  S:  fiib,  KV,  ad  tria  quadrata^RMjCum  vno 
quaJ:       ^  {uodortcndcrcoportcbat. 

THEOREMA  XXIV.  PKOPOS.  XXV. 

IN  figura  circuli,&  cllipfis ciufdem  Thcor.i  i. 
oftcndcndum  cft,  ibi  appofitis  rctentis,  fum- 
pta  tamcn  v  tcunq;  portione  minori,RFV5& 
regula  diamctro  ciufdcm  portionis  S.  FMj omnia 
quadrata  parallclogrammi, :  V,ad  omnia  quadra- 
ta  portioniSjRF  Vjclfc  vt  quadratum,FM,ad  fpa- 
tium,qLjod  remanctjdempto  redlangulo  fub,IM, 
&  fub,  M,  (ad  quaai ,  F M,  fic,  vt,  ^  V,  ad  portio- 
ncm ,  RFV,)  a  rc(^langulo  fub ,  FM,  &  fub  ^ .  ip- 
fius,  MH. 

,  Sk  ij^itiir  vt,  AV,  ad,  KIA',  ita:,rM>nd,Mr:  omnu  crgo 
quadiaca>  AV,  ad  rcaanijula  fub,  AV> V'l  5  Tunt  vt  quadra- 
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tum^ FM^i  ad  rcdangiilum,  FMI,  A  K 
rectangula  infuper  fub,  AVj  VT, 
adredagula  fub  portione^RFV, 
&:  ftib  5  VT,  funt  vt ,  AV,  ad  por- 
tioncm,  RFV,  .i.vt,  FM,  ad^MF, 
.i.  fumpta,  MI5  communi  altitu- 
dincjvt  redangulumjFMIjad  re- 
itangulum,  aMI>  ergo  cx  sequali 
X)mnia  quadrata,  AV5  ad  redan- 
gula  fub  portione ,  RFV,  &  fub, 
VT5  erunt  vt  quadratum^FM^  ad 
reaangulum,  rMl!>quod  ferua. 

Vlterius  omnia  quadrata^AV, 
ad  omnia  quadrata  ,  Vn,  funt  vt 
quadratum^  FM,  ad  quadratum, 
MO,  vcl  ad  quadratum^RV^.i.  _  _ 

ad  quatuor  rcaangula  fub ,  RM^  MV :  Omnia  infuper  qua- 
drata^  Vn ,  ad  reaangula  fub  portione ,  RFV5  &  quadrili- 
neo,  RTHYV,  funt  vt  fcx  quadrata,  CE,  ad  quadratu,  FH, 
llicirurcji  nam  in  circulo  omnia  quadrata,  RZ,  funt  fexcupla  rcdan- 
ai.  hnmi.  g^iio^.ii,^  f^^b  portione ,  RFV,  &  quadrilineo ,  RTH\  V,  & 
ideo  funt  ad  illa,  vt  fex  quadrata,  CE,  ad  quadratum,  CE, 
vel  ad  quadratum,  FH,  in  cllipfi  vcro  omnia  quadrata^RZ, 
funt  ad  rcdangula  fub  portionc,  RFV,  &  quadriUnco,  RT 
HYV,  vt  fcx  quadrata,  CE,  ad  quadratum,FH,quod  eUci^ 
tur  cx  Prop.2 1  .huius.  Quia  ver6  reaagulum,  RMV,ad  re^ 
iM.CcM.  (ftanguIfi,  EMH,  (tum  in  circulo,  tum  in  clUpfi )  cft  vt  qua- 
dratum,  CN^  ad  quadratum,NF,vcl  vt  quadrati^m^CE^ad 
quadratum,  FH ,  idco  fex  redangula  ,  RMV..  ad  rcdanau. 
lum,  FMH,  erunt  vt  fex  quadrata,  CE,  ad  vnu  quadrati^m, 
FH,  .i.  crunt  vt  omnia  quadrata  RZ,  ad  rcdagula  fi  b  por- 
tionc, RFV,  &  quadrilineo,  R7HY V,  vt  autcm  funt  fcx  re- 
aangula  .RMV,  ad  rcaangulum.  FMlI,ita  quatuor  rcdan- 
^  gula,RMV,  ad  f  .rcaanguli,  FMH,  .i.ad  rcaanguh^m  fub, 

FM, 
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FM  «c  r.MH,crgoom.uaqiudrata>RZ,3drcdlang»l:^. 
fi.b  pornotie,  Rl^V,^  c^uadalinco,  KYUW,  ciuiu  vt  .nu- 
tuorrc^h.igub.RMV.adrccHgiUimfiib  FM  icf.MH, 
crantautcnumi.iiaquaaiata  adomnia  quadrata  K/, 
vt  cjuadratum,  FM,  ad  quatuor  rcdangula  lub,  KMV, ci^o 
cx  xquali  om  ;ia  ^wadrata,  AV,  ad  rcctagula  Uib  portio  Tc, 
Rl^V,&quadriU-ico,RrHVV  cruiu  vt  qiad: atum  l-M- 
ad  rcdanguium  Uib ,  l-M,  &  fub  f  .MH  ,  cadc.n  vcro  om- 
nia  quad. ata  AV, ad  rcctanojb U,b  portiunc, RrV A  l"i  b, 
V T,  ollcnfa  funt  cHc,  \  t  quadratum,  FM,  ad  rcttanguinm, 
FMI,  (cx  quibtis  Uabcmus  rcclagulum  ti;b,  FMI  muuis  cl- 
fc  rectangulo  fub,  FM  &  fub  f .  MH  ,  nam  rcdangub  U.b 
partionc,RFV,  &:  fub  V I ,  mmura  funt  rcctanguUs  fub  ca- 
deni  portionc  RFV,  qiiadrilinco ,  R I  HVV  ,  crgo  um- 
nia  quadrata,  AV,  ad  rcliduum  omnium  rcc^-jngulori.m—» 
fubportiMic  RFV,&;quadnUnco,RTHl[V  dcmptis  rc- 
dtanguljs  f;.b  portionc,  RFV,  &:  fub ,  VT,  .i.  ad  rcctangula 
fubvtrifq;portionibiis,RF\',THV,.i.adomnia  qu.idrata 
f  ortiomijRFV,  crunt  vt  quadratiim,  FM,ad  rciiduum  fpa- 
tium ,  dcmpto  rcdanguU) ,  FMI ,  a  rc^angulo  fab  ,  1 M,  CS: 
fub  f  .MH,  ;Uocautcm  voccturrcfiduumrccbnguIi.ni-.rf 
huius  'I  hcor.)  quod  olUndcrc  opus  crat. 

THEOREM.^  XXV.  PROPOS.  XXVI. 

EXpofita  adhuc  figiira  Thcor.  antccedcntis, 
ortcndcmus  omnia  quadrata  portionis,  RP 
V,  regula,FM,ad  omnia  quadrata  eiufdcm 
portionis,  regiila  bafijcfle  vtparallclepipcdum^ 
fub  bafi  rcfiduo  rc<J>anc;ijlo  antcccdcntis  Thcor, 
alrirudineiripla,  MH,ad  parallclcpipedum  fiib 
bafi  rc<flaDgulo  ipfius,  FM,  dudx  in,  RV>  altitu- 
dinc  linca  con)pofita  cx,  Mli,  HN. 

Om- 
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.  Omriia'.ti.  quadrata  portio- 
nis,  RFVj  rcgula,  FM)  ad  oinma 
quadrata  ciiifdcm ,  regula ,  RV^ 
Ikfin.  u.  habct  ratioacm  compontam  ex 
ea,  quam  habcnt  omnia  quadra- 
taiRFVj  ad  omnia  quadrata^  AVi 
regula ,  FM»  .i.  ex  ea  ,  quam  ha- 
Ixantcc.  bet  refiduum  rcdanguliiTheor. 

antcccdctis  adquadratum,  FMj 
x^.l  1.  &CX  ratione  omnium  quadrn- 
torum  aV  regula  :  FM .  ad  om- 
niaquadrata  eiufdem  AV»regu- 
i.huiui.  la^RV.  .i.ex  ca  quahabct.  AR, 
ad  RV>vel;fiimpt3,AR  comu- 
ni  altitudinc  ex  ca  ,  quam  habct 
quadiTatumi  AR;vel  quadratum, 


I  A 


l.J. 
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FM.  ad  rean.igulum  fub  FM,  RV;  &  tandcm  ex  ea  .  quam 
habct  omnia  quadrata  A'^ad  emnia  quadrata  portionis, 
RFV5  .i.  cx  ca.quam  K'bct,MHiadc6pcfitrrn  cx  v.MH, 
&  i.FM.  RationesautcmrcaanguUrcfidui  Iheor.antc- 
ccdcntis  adquadratum.  FM  &  quadrati.FM.  adrcdagu- 
lixm  fub,  FM,  RV,  refoUuintur  in  rationem  rcclanguli  reli- 
dui  Thcor.anteccdentis  ad  rcdangiil  um  rub .  FM  RVa  qu*^ 
iun6ta  rationi ipfius; MH^ad compofuam cx  -r. M H  &  -3-, 
FMjComponit  rationem  parallelepipcdi  fub  bafirefiduo 
redlangulo  Thcor.antcccdcnu?)  akitudine,  MH^ad  paral- 
lelepipedum  fub  bafi  rcdangulo  fub.  FM>  RVj  &  fub  com- 
pofita  cx -r.MH3&  .  FM:Tnpliccntur  horum  parallcle- 
pipcdorum  altitudincs/ict  pro  anteccdcntis  altitudinC^^ 
tripla>  MHj&  pro  altitudine  parallelepidcdi  confequcntis 
tripla  dnnidice»  MH,  .i.fcxquinltera  ipfuis,  MH ,  .i.fcxqui- 
altcra^MIj&fexquialtcra  ,IH  ,cum  r.FM,pori6  fifcx- 
quialtcra*,  MI5  iunxcris  fexquialteram,  1 H  ,  cum  dimidia, 
FM,  .f.  duplam,  IH^quoniam  fexquialtcraj  iH.eftj  MIJN, 

fi  ia- 


LIBER  III. 
C  iitquam  illi  iu  ixcris  bis,  I H,  componctur  altit udo  con  - 
lcqueatis  parailelcpipcdi,  quae  cnt,  MH,  HN  i  oiniiu  am 
quadrata  portK)u.s,  RFV,  rcgula  ,  FM,  ad  omnia  quadrata 
ciuldcm,rcg  ila,KV,crunt  vt  parallclcpipcdum  (ub  bafi 
rcud  lo  rcdaiig.ilo  1  hcor.  antcccdcntis,  aliicudinc  tii  ia, 
MH,  ad  parahclcpipcdum  fub  baii  rcilagulo,  fub,  FM,  KV, 
altitudi  ic  li  ica  copofita  cx,  MH,  HN,  tuin  m  cucul.,  t.  tn 
in  cllipfis  figura,  quod  olkndcic  oportcbat. 

THEOREMA  XXVa.  PROPOS.  X.WH. 

ADhuceciamcxponatur  figura  circuli,  & 
ellipfis  Thcor.2  I.  oftendcmus.n. omnia 
quadrata  figura-,  LCFFG,  dempris  om- 
nibusquadratisrri]incorum,CLT,yGE,rcgula, 
FI,  ad  omnia  quadrata  portionis,  TCFEY,  rcgu- 
la  bafi,TY,cfl\",  in  circulo,vtcyhndricus  fijb,lM, 
&  portionc,  TCFEY,  vna  cu  t.  cubi,  T  Y, ad  pa- 
railelepipedu  fijb  altitudinc,  FI,bafi  ver6  rcdtan- 
gulo  fijb,FI,&  fiixquitcrtia  duariim ,  IH , HN. 
In  ellipfi  vcro  habcre  rationcm  compcfitam  cx 
ea ,  quam  habct cylindricus  fiib,  I M,  &  portione, 
TCFEY,  vna  cum  ca  partc cub',  T Y,  vcl  parallc- 
lcpipcdi  fijb,  RV,  &  rhombo,  RZ,  ad  quam  eiuf- 
de  cubi,  vel  parallclcpipcdi  fi.'xra  pars  fir,vt  qua- 
dratum,  CE,adquadratum,  FH,ad  parallelcpi- 
pcdum  fiib3ltitudine,LG,  bafi  paraIIcIogia;no, 
AGj  &  ex  ca,quam  habct  quadratum,  FH,  ad  re- 
daneulum  lub,  FJ>  &c  fijb  fcxquiccrtia  duarum.., 

I  Omnia 
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Omnia  quadrata  namq:  figu- 
rcCj  LCFGj  deptis  omnibus  qua- 
dratis  trilineotum,  CLT,  YGE, 
oftcnfa  funt  effeadomnia  qua- 
drata,  AG,  regula ,  FI,  vt  cylin- 
dricu  fub,  MI,  &  fub  bafi  portio- 
ne  5  TCFEY ,  vna  cum  t.  cubi , 
T Y,  in  circulo  ( in  eUi|)fi  vero  v- 
na  cum  ea  parte  cubi,TY,vel  pa- 
rallclepipedi  fub ,  RV,  &:  rhom- 
bo,RZ,  ad  quam  eiufdem^.fit 
vtquadratfi,  CE,  ad  quadratum, 
FH,)  ad  parallelepipedu  fub,LA, 
&  parallelogrammo,  AG.  Vlte- 
rius  omnia  qviadrata  ,  AG,  regu- 
la,  FI,ad  omnia  quadrata  eiufde, 
AG,  regula,  LG,  funt  vt,  AL,  ad,  LG,  .i.vt  parallelepjpe- 
dum  fub,  AL,  &  paralleIogrammo,ALG,adparanclepipe- 
dum  fiib,  LG,  &  parallelogrammo  eodem,  ALG ,  ergo  ex 
a:quali  omnia  quadrata  figura?,  LCFEG,  dcmptis  omnibus 
quadratis  trilineornm ,  CLT,  YGE,  rcgiila ,  F I,  ad  omnia 
qu3drata,AG,  regula,TY,etunt  vtcylindricus  fub,MI, 
&portione,TCFEY,  vna  cum  i.  cubi,TY,  in  circulo,  ia 
ellipfi  verovna  cum  di(aapaitccubi,TY,  vclparallelepi- 
pedi  fub,RV,&  rhombo,RZ,adp3raIleIepipcdum  fub,LG, 
&  parallelogrammo,  ALG. 

Tandcm  omnia  quadram,  AG,  ad  omnia  quadrata  por- 
tionis,  TCFEY,  regula,  TY,  funt  vt  redan^ulum  fub,  FN, 
^■^'?rl ^J?';'-  ^'^  *  •  ^"^^'Jrati'  FH,ad  rcaangulum  fub, 
t  '  „  ?  '\'  r  '"'""^  qiiadratum,  FH,  ad  rcaangu- 

iim  fub,  FI,  &  fub  fcxqukertia  ipfarum ,  THN,  .i.  in  circu- 
lo ,  vt  quadralum  ,  AP,  ( quod  .tquatur  quadrato,  FH, )  ad 
idem  rcdangulum  .i.  fumpta,  FI ,  communi  altitudine  ,  vt 
parallclcpipedum  fub,  FI,  &  quadrato,AP,  .i.vt  parallclc- 

pipe- 
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pipcdam  fub,  AP,  vcl,  LG,  &:  parallelogmmmo  rccbneii- 
lo  riib>  F I,  fiuc,  AL,  &cy  LG.adparallclcpipcdum  fub I, 
&  fub  bali  rcdaagulo  fub,  FI,  &  fub  fexquitcrtia,  IHNscr- 
go  ex  xquali  omnia  quadrata  figur^sLCrEG^dcmptis  om- 
mbus  quadratis  trilMcoru,  CLT,  YGE,  rcgula,  FI,  ad  om- 
nia  quadrataportioms,TCFEV,rcgula  /l  Y,  crunt  vtcy- 
liadricus  fub ,  M I ,  &:  fub  portionc  ,  TCFEY,  vna  cum  i. 
cubi,  TY,  a d  parallclcpipcdum  fub ,  F I ,  fub  rcaangulo 
fub,  FI,  iv:  fcxquitcrtia,  IHN;  &c  hoc  m  circulo. 

In  cllipfi  autcm  cadcm  h.ibcbunt  rationcm  compofitam 
cx  iam  dida  ratione  .f.cxrationecyhndricifub,MlAfub 
"portionc,  TGFEY,  vna  cum  ca  partc  cubi,  vcl  parallclepi- 
pcdi  fub,  RV,  &  rhombo  ,  RZ ,  ad  quam  ciufdcm  .  fit ,  vt 
quadratum,  CE,  ad  quadratum  ,  FH,  ad  parallclcpipcdum 
fub,  LG,  &:  parallclogrammo,  AG,&: cx  rationc  quadrati, 
FH,  ad  reclanguhim  lub,FI,&:fub  fcxquitcrtia  ipfaruni-*, 
IH.V;  quas  duas  rationcs  m  circulo  in  vnarcf  )humus,quia 
in  eo  quadratum,  F  H,  xquatur  quadrato,AP,quodcum  in 
ellipfi  non  vcnficetur ,  idco  has  duas  rationes  componen- 
tes  pro  ipfa  elhpfi  retinuimas s  quod  oftcndcre  oportcbat. 

THEOREMA  XXVn.  PROPOS.  XXVm. 

IN  eadem  fuperioris  figura  oftendemus,  tum^ 
in  circulo,  tum  in  cllipfi,  omnia  quadrata  fi- 
gura?,  LCFEG,  demptis  omnibus  quadratis 
trilincorum,  CLT,  YG  E,  rcgula  ,  F  i,  ad  omnia^^ 
quadrata  circuh*,vel  cllipfis,CFEH,c(re  vt  cylin- 
dricum  fub,  MI ,  &  portione,  TCFEY,  vna  cum^ 
V.  cubi,  TY,procircuIo,pro  ellipfi  ver6,vna  cum 
fappius  dida  parte  cubi ,  TY,  vcl  parallelepipcdi 
fub|  R  V,  &  rhobo,  RZ,  ad  i  •  parallelepipedi  fub, 

I    2  Al), 
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A  D,  &  parallelogrammo,  AQ,ideft,in  circuload 
.cubi,  FH. 

Om:iia  .11,  quadrata  figur2e,LCFEG,dcmptis  omnibus 
quad.  atis  triliacorum,  CLT,  yG£,ad  omaia  quadrat,^^, 
AG,fLMtvtcyli;idricusfub,Mr,      av       ^  , 
^  &  portioae ,  TCFEY,  vna  cu  '  .     ^         ^  " 
ciibi,  T/,  pro  circulo,  pro  ellipfi 
vero,  vua  cum  fepius  dicta  parte 
Cubi,  TY',vel  ditli  pjraUelcpipe- 
di,  ad  parallelepipedjm  f  ib,LA, 
&:  para  lelog-immo,  AGjomnia 
vero  quad  ata,  AG,  ad  omni 
quadrata  ,  A  Q ,  f.mr  vt  qua  Jra- 
tum,  AL,  ad  quad:-atiim,  AD,  .i. 
fumpta ,  A]\conimiini  altitudi- 
ne,vt  parallelepipedam  fibjPA, 
&quadrato,  AL,'ad  parallelepi- 
pedu  fub,  PA ,  Sc  quadrato,  Af), 
hoc  eftjvt  parallelepidedum  fi  h> 
LA,&:paralIcIogrammo,AG,,id       '   B     E  QQ 

parallclepipedum  fub,  DA,&  parallelogrammo,  AQ,  om- 
,.  "'^  ^ll^^^  qii:idrata ,  A  Q ,  omnium  quadratorum  circuH, 
velel'ipfIs,CFEH,  funt  fcxquialtcra.i.funt  ad  ca,vt  paral- 
lelepipedum  fub,  AD ,  &  parallcloarammo ,  AQ ,  ad  ciuf- 
dem  , .  crgo  ex  ^pquali  omnia  quadraia  Rg  nx ,  LCFEG,- 
dcmptis  omnibus  quadratis  trilincorum  ,CLT,  VGF  ad 
omnia  quadrata  circuli,vcl  cIIipfis,CFEH,  crunt  vt  cvHn- 
dricus  fub ,  MI,  &  portione,  TCFEV,  vna  cum  i .  cubi, 
1 Y,  pro  circulo,  pro  dlipCt  ver6,vna  cum  fspius  dida  par- 
tccubi  ,Tf,  vel  parallclcpipcdi  fub  ,RV,  &  rhombo ,  RZ, 
ad  r .  parallclcpipedi  fub,  AD,  &  parallclograrama ,  Ao  ,  ~ 
.Kprocirculo  .J  ^^cubi, AD,vcIcubi,FH.quodoae^r 

THEO- 
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THEORFMA  XXVUL  PROPOS.  XXIX. 


SI  parallelogrammo  fit  infcripta  figura  qu^e- 
cunquc  ,ica  tamcn,  vt,rumpco  vnolatcrum 
pinllelogrammi  proregula,  &,  duiflis  vt- 
cunq;  ipfi  rcguI.T  pirallclis  intra  paralk^logrjm- 
mum,  earum  quxlibct ,  vel  roca  fic  intra  fi^uram 
jnfcripca,  vel  eiufJcm  aliqua  partc  cxrra  figuram 
cxidcnce,  acad  vnum  laccrum  parailclogiammi 
tcrminante,  ad  latus  ciufjcm  parallclogrami  prg* 
dido  oppoficum  tcrmmct  alia  porcio  ciufdcmjre- 
guL^  xquidiftantis,  fint  autcm  du:p  qunelibct  por- 
tiones  cxrra  figurani  ad oppofica  latcra  tcrminan- 
tcs,  &  in  eadem  XQdx  linea  conrtituta:  integrx,& 
inter  fc  ^qualesrOmnia  quadrata  didi  parallclo- 
grammi  ad  omnia  quadraca  infcripCcTfigurv^jCum 
rcftangulis  bis  fub  eadcm  figura,  &  fiib  didarum 
porcionum  ijs  omriibus  ,  qux  cxcra  figuram  ad  v- 
num  didorum  latcrum  oppoficorum  ciuf  icm  pa- 
rallclogrammi  cerminancur ,  crunt  vt  pia^didum 
parallelogrammum  ad  infcriptam  figuram . 

Sit  igitiif  p.irnllc*l.>j;  jnriV.in,  AN  ,  \il!i  iiifcripta  vt- 
cuaqs  figiirn,BDM(),  f  mpta  pro  rcgr.Ia,liN  ^fit  diiftj 
vtciinq;  iiitra  parallclogriinmunn ,  AN,  ipfa,  DO^  qiinr ca- 
Ait  ctiani  totj  intra  figiiram  ,  BDMO  ->  f  t  ctinm  dii(fl:3  alia 
vtcii  iqj  parallcla  ipfi ,  RN ,  ncmpc,  VR ,  portioncs  aiitcm 
ci.ifdcm,  VR  ,  fi.it  cxtra  rtguram  ,  ad  latcra  oppofita ,  AF, 
CS^  tcrmi.uiucs  VI,  Sli^  qux  fmt  intcgra',  intcr 
arqualcs .  Dico  om  iia  quadrata ,  AN, nd  omiiia  qundmta 
fi^  j rx,  B.OMO,  c um  rcaauguUs  bis  fub  figura,  Bl  )MC ),  & 
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fuL  triliacis,  BCO,  ONM,.i.fub  om-  A 
nibiis portionibus ,  quje  terminat  ad 
latu$,CN,cxtra  figurani, BDMO, 
conftitutis ,  elTe  vt,  AN,  atl  figuram, 
BDMO:  Omnia.n.quadiata,  AN,  ad 
rcaangula  fub,  AN ,  &  fub  figur 
BDMO,  funt  vt,  AN,ad  figuram,BD 
MO ,  fcd  redangula  fub ,  AN ,  &  fub 

•  figurj,BDMO,diuiduntur  in  recftangula  fub  cademfigu- 
ra,  BDMO,  &  fub  trilineis,  BAD,  DEM,  fub  cadcm,&  fub 
tri!meis,BCO,ONM,&  in  redangula  fub  eadem  in  ean- 

•  dem  figuram.f  in  omnia  quadrata  eiufdem  figurx,BDMO, 
quiavcro  linearum  a?quidiftantium  ,reguIar,EN,portio- 
nes ,  quce funt  in  eadem  rcda  linca  exti a  figuram  adiacen- 
tcs  lateribus  oppofitis,  AE,  CN,  funt  &  integra: ,  &  xqua- 
les  ,  idco  iicuti  rccfiangulum ,  VIS ,  cft  xquale  reaangiilo, 
ISR,  ita  rcaangula  fub  figura  ,  BDMO,  &  tnlineis ,  BAD, 
DEM,  crunt  xqualia  rcdagulis  frb  cadcm  fi^ura,  BDMO, 
&  fub  tnlineis,  BCO,  ONM,  funt  ergo  rcctagula  fub,  AN, 
Sifubfigura,BDMO,a;quaIia  omnibus  quadratis  figurx, 
BDMO,  cum  rcdtangulis  bis  fub  cadcm,  &  fiib  trilincis ,  B 
CO, ONMj  omnia  autein  quadrata,  AN,  ad  rcdagula  fub, 
AN,  &  fub  figufa,  EDMO,  funt  vt,  AN,  ad  figuram,  BDM 
O  ;  ergo  omnia  quadrata  ,  AN,  ad  omnia  quadrata  figura-, 
BDMO,  cum  redangulis  bis  fub  cadcm  figura,  &  fub  trili- 
neis,  BCO,  ONM,  crunt  vt,AN,ad  figuram,BDMO,quod 
oltendcre  opus  erat . 

THEOREMA  XXIX.  PROPOS.  XXX. 

EXponaturfigura  Theor.  antecedcntis ,  di- 
miffis  tamen  reais  lineis,DO,VR,&  fit  ad- 
huc  regula,EN,producanturautem  ad  eaf- 
dcm  partcs,AC,EN,  in,  HF,  ita  vt,CH,fit  ^equa- 

Iis 
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lis,  NF,  lunaa  igitur,HF,erir,HF,paralIela  ipfi, 
CN,quoniam,CH,NF,funta?qualcs,&parallc- 
cric  parallelogrammum,  AF,  CF.  Dico 
ergo  omnia  quadrata  ,  AN ,  cum  rcftangulis  bis 
fub,AN,NH,ad  omnia  quadrata  figur?>BDMO, 
cum  redlfigulis  bis  fub  eadem,  &  fub  quadrilinco, 
BOMFH;  ellc  vt,  AN,  ad  figuram,  BDMO, 

Omnia  qiiaciratA  .n.  parnllclograniiUN  AN,  ad  omin  .^. 
quadrata  figura:,  liDMO ,  ciim  rcctangulis  bis  fnb  cadan, 
&  lub  tiihncis,  bCC),  ONM,  funt  vt,  AN,  ad  fivruram,  BD 
MO.  Itcm  rcJangula  fub,  AN,NH  ,ad  rcaangub  fub  fi-  Coroii. 
gura,  BDMOv^'  f.!b,NH,funt  vt,  AN,ad  figuram^BDMO,  ^ 
&  cadcm  rcaangala  fub,  AN,NH,bib  fumpta  ad  rcdangu- 
!□  fub  figiira,  BDMO,&  fub,NH>bis  fumpta  crunt  paiircr^, 
Yt,  AN,  ad  figaram^BDMO,  .i.vt  omnia  quadrata,  AN.ad 
rcvlangub  bi^  fub  figura,  BDMO,    fub  ti  iUncis,  BCO,  0 
N  vl,  cum  om  ubas  quad:acis  ciufdcin  figurje  ,  BDMO,  cr- 
g  )  vt  vQam  ad  vaunijita  oniiua  ad 
om  lia  .f.  vtom  iia  quadrat.i,  AN> 
ad  om  lia  quadrata  figMrc.BDMO, 
cumrcclangulis  bi*;  fiibca.lcmfi- 
^ara,  &:  fub  trilincis,  BCO,  ONM> 
ita  omnia  quadrata  ,  AN^cum  rc- 
^l.mgiilis  bis  fiib,  AN,NH:,  ad  om- 
nia  quadrata  figiirap ,  BDMO,  cnm 
rc^ljngulis  bis  uib  cadcm,<5:fub 
trilincis,  BCO,  ONM,  &  bis  fub  cadcm,  Sc  fub,  NH,  .i.  ad 
rci^agula  bis  fub  eadcm,5(:  fub  quadrilinco,  BOMFHjfunt 
autcm  om;iia  quadrata,  AN ,  ad  omnia  quadrnta  figurx,  B 
DMO,  cu  rcdangiilis  bis  fub  cadcm,  &  fub  tnlmcis^BCO, 
ONM,  vt,  AN,ad,BDM03  crgo  omnia  quadrnta,AN  cum 
rcclangulisbisfubj  ANjNHj^^domnia  quadrata  figurx^ 

BDMO, 
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EDMO3  cum  rectagiiHs  bis  fub  cadem,  &  fub  quadrilinco, 
BOMFH5  eruiit  \%AN,  ad  figilram ,  BDMO ,  quod  often- 
dcrc  oportcbat .  PeVhaticautcm,  &:antccedeatemPro- 
pofitioncm  vniuerfalius  oftenduntur  Prop*  1 5.  i  ^.uccaoii 
CoroUaria  Prop.  i^ .  &  2 o. 

THEOREMA  XXX.  PROPOS.  XXXI. 

SI  parallelogramtnum  fuerit  cllipfi  circum- 
fcriptum,  ita  tamen,  vr  eiufdcm  latera  non^ 
rangant  ellipfim  in  extremis  pund  s  axiura 
ciufdem;  portiones  coaJterne  tangcnres  erunt 
quales3&  fi  duabus oppofitis  tangentibus  ducan- 
tur  parallela^  abfcindentes  a  reliquis  coalternis 
tangentibus  redas  Imeas  a^qualcSjfumpcas  verfus 
pun(fta  contad:uum3  redangulum,  quod  contine- 
tur  fub  vnius  parallcJarum  ea  parte,  qua?  manet 
intracuruam  ellipfisj  &tangenrem  exea  parre, 
&  fub  rcliqua  illi  in  direcflum  manente  intra  elli- 
pfim, erit  sequale  rcdlingulo  ad  coalternam  taa- 
gcntem  fimiliter  fumpto. 

Sit  ergo  ellipfis,  BDMG ,  cui  fit  circumfcriptum  paral- 
lelogrammu,  AR^  ita  tamen^vt  pun-  ^ 
dla  contactuum  noii  fint  pundla  cx-  p 
trcma  axium  eiufdcm,  tangantau- 
l;em  in  pundis,  BDMG5&  iungatur, 
BM,  DG,  &  quoniam,  AQ  PR,  funt  ^ 
tangentesparallclT, vt  etiam^AF,   E  _ 
CK,  idco)  BM,  GD,  per  centrum  cl-  ^  ^ 
lipfis  tranfibunt ,  fit  carum  commu- 
ni6  fc6iio  pundtum,  S,  crgo^  S5  crit  ccntrum  cHipfis ,  cum, 

BM, 
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8M,  GD,  fiat  dinmctri .  Dico  crgo  portioncs  hucrnm  pn  - 
rallclogrfimi,  AR^  coaltcrne  tangcntcs  eircTqualcs.f.AD, 
ipli,  GR,  AB,  ipli,  MR,  liC,  ipli,  t'M,  &,CG,  ipli,  DFj  lun- 
gantur,  BG,  DMs  in  t.  ia  iguhs  crg  ),BSG,DSM,latus,BS, 
arquatur  latcri,  SM,  &latus,  GS,  latcri,  SD,itcm  angalus, 
BSG,  ang  ilo>  DSM,  crg  >  bafis,  BG,  xquatur  bali,  DM,  & 
angulus,  SBG,  angiilo,  SMD,  & ,  SGB ,  ipli ,  SDM  >  totus 
autcm  ang.ilus ,  CBS ,  xquatur  toti ,  FMS ,  libi  coaltcrno, 
crgo  reliquus  angiilus ,  CBG  ,  arquatur  rcliquo  angulo,  D 
NU',&:  fimilitcr  prubabimus  angiilum,BGC,xquari  a  ngu- 
lo»  MDF,  crgo  rcliqu.is,  BCG  >  a^quabitur  rcliquo ,  DFM, 
(qui  ctiam  lunt  a:qualcs,  quia  funt  anguli  oppolit  i  paralic* 
logrammi,  AR/;&idc6  triang  ili  BCG,DFM  cruntxqui- 
anguU  &  BG,  DM,  latcra  ^mologa  hmt  xquaUa  ^  crg  i  c- 
tiam .  BC>  a?quabitur  ipli,  FM»  CG,  ipii.  DF,cft  autcm, 
AC,  xqualis  ipiijFR  &:  AF,  ipfi^  CRv  crg i  rcliqua,  \B  x- 
quabirur  rcliqux>MR,  &:  rcliqiia  ,  AD, rcliquar,  GR  ,func 
igitur  portioncs  Ijtcrum  parallclogrammi,  AR,  coaltcrnc 
tangcntes  ruci  fe  xqualcs. 

Sumannu-  nunc  vtcunq;  dux  coaltcrnc  tanocntcs,  AD, 
RG,  &:  ab  ipfu  vcrfus  punda  contaduum,  DG,abfcindan^ 
tur  vtcunqs  duj5  tcdx  xqualcs,  PD,\'Gr5c  pcr  puncta^PV^^ 
ducantur  bafi,  FR,  parallclr,  PQ,  EV,fccantcs  curuam  cl- 
lipfis  in  puniftis,  HI,  ipfa,  PQ  ,  &:  in  pundis,  NO,  ipfa,  EV. 
Quoniam  crgo,  AB,  AD,  tangimt  cHipdm,  IVDMG,  coin- 
cidcntcs  inpunfl  >,  A,cft  nutcm^  parallcla  vni  tagcn- 
tium  .f.  ipft,  AB,  fecati.s  curiiam  ePipfis  in,H,<\  alinm  JanJ. 
gcnccm  in, P,  rc^angulum  ct ^  >,  IPH,  ad  qundrntum,PD, 
crit  vt  quadratum,  BA,  nd  qu.idratum  ,  AD,  .i.  vt  qundra- 
tum,  MK,  ad  quadr  atuni,  RGxonfimilim^^do  oftcndcmus 
redanguluip,  NVO,  ad  qu;idratfi,  VG,  clTc  vt  auadratum, 
MR^  ad  quadratum,  RG,  .i.  vt  rc(ftangulum,  TPH ,  nd  qua- 
dratum,  W>ivel  nd  quadratum^VG,  cr?o'rc£tan^ilu,^PI^ 
ci\ scqunlc  rcclangul^^ P^yQ.*  Nunc  ollcndcunis,  PH,  elft 

K        '  aqua- 
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aequalcm  ip/i^OV,  confideremus  duo  quadrilatcra,  APXBt 
MTVR,  quae  lunt  fimilia  polygona,  nam  angulus^PAB,  eft 
aequalis  aigulo,  MRV,  ABX,  ipfi,  RMT)  tnm,  BXPjipfi, 
MTV^  &  taiidcm,  XPx^,  ipfi^  TVR,  qua?  facile  apparent,  & 
dao  latera,  AB,  MR^  funt  sequalia,  vt  etiam,  AP,  RV^  ergo 
reliqua  latera  crunt  ^equalinjqusea^qualibus  adiacetangu- 
lisj  vnde,  TV^  erit  .^qualis  ipfi .  PX,  MT,  ipfi  .  BX ,  vnde 
revaangulum,  MTB ,  cequabitur  re6langulo,  MXB  j  &  quo* 
niam,vt  reclangulumiMTB,  ad  redangulum;  MXB»  it:i_^ 
quadiratum,TOiadquadratum,XI  quoniam>NO  HI  funt 
parallelas tage:iti5AC5&:  idco ordinatim  applicata: ad  dia- 
metriim,  BM^  erit  ergo  quadratum^TO,  ^quale  quadrato, 
XI,  &5  T0>  ipfi,  XI,  veljHX,  ergo  reliqua^OV,  erit  xqualis 
reliqua?,  PH,  & quia  reaang.ilum, IPH,  eft  a?quale  recbn- 

fuIo^MVO^erit  JP^cequalis  ipfi,  NV,  &;  quia,PH,eft  ^cqua- 
s,  OV5  erit^  HI ,  scqualis ,  NO^  &  ideo  redangulum  3 IHP, 
Crit  asquale  re^tanguIo^^NOV. 

Vcl  breuius  fic  proceffiiTct  dcmonftratio,  dimiffo  Apol- 
lonijtheoremate^oftenfo.n.OV^elfe  ^equalem  ipfi^PH, 
&,TOj  ipfi,  XT,  manet  oftcnfum,  NO,  aequari  ipfhHT,quo- 
niam,  NO,  HT,  bifuia  diuiduntur  a  diamctro,  BM:,&  ideo 
illico  manifcftum  euadit  redbngulum  5  NOV>  ^tquari  rc- 
<aa:ig  alo,  IHP^  quod  oftendcre  oportcbat. 

corollarivm. 

TT  A«r  pMfeinednmriftangfiliim,  mv,  Madfirelfdn^fih, 
X  X  IHP,  ffd  etidmponmes  tntereeptds  tAngentthus,  ^  €t^ 
fn4  elUpfis  r/f(f  interfe  aqudes,  velnt,  Of^,  ipfi,  PH. 

theorema  XXXI.  propos.  xxxn. 

P  Xpofica  ellipfi,  cum  parallelogrammo  illi  cir- 
^  cumfcripto  Theoremt  anicccdcQtis ,  c^teri^ 

omil- 
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omidis,  olVendcmus,  regula,  FR,  omni  i  quadrau 
parallclogrami,  AU,ad omnia  quadrata  cllipfis, 
BDMG,cum  rtdangulis  bis  fub  eadcm  cHipfi, & 
fub  trilineis,  BCG,  GRM,efle,vt  parallclograai- 
mum)  AR,  ad  cllipnm,  BDMG. 

Ducantur  a  pimc^is  contactuiim  rcgulje  ,FRj  parallcU', 
GE,DVjomma  crgo  quadrat.i,AR> 
ad  rcdaiigula  lub  clIipli,BDMG,i: 
fub ,  AR  ,  Tunt  vt ,  AR,  ad  clljpfnn, 
BDMGj  vcrum  rcii.ingula  fub  clli- 
pfi,  liD.VtG,  &:  lub,  AK,  lunt  iqua- 
lij  rcdanguUs  fub  cUipli,  BDMG, 
&  fib  J.uob.  triliiKis,  BAD,  DF.Vl, 
itcm  lub  cUipr» ,  BDMG,    fub  ca- 
dcm  .i.  omnibus  quadratis  clUplis ,  BDMG  ,  & fub  cadcm 
ciUpfi ,  BDMG,  &  fub  duobus  irilincis,  BCG,  GRM,  vcru 
rectangub  fub  clUpli,  BDNtG,&:  lub  trr.incis,  BAD,DFM. 
xquanuir  rcaanguUs  fub  cadcm  cllipn,&:  fub  trihncis,  BC 
G,  GRM,  quod  Uc  patct ,  quoniam  .n.  AD,  RG,  coaltcrnc 
tangcntes  funt  .Tqualcs,&:  duclis  ipli,  FR,parallclis  intra_- 
elUpfim ,  cx  ipfxs  cojltcrnc  tangcntibus,  AD,  RG,  ablcin- 
dcntibus  portioncs  .-cqualcs  vcrTus  punda  cont.K'taum,rc- 
aangula  fumpta  ,vt  dja.un  cll  ui  antccc-acntilhcor.  iunt 
.-cqualia^.dcd  &  omnu  omnibus  crunt  .vquaUa.f.rcaangu- 
b  fub  ponionc,  OGBD  ,  &:  trilinco ,  BAD  ,  crunt  xqualu 
rcdbngulis  fub  ponione ,  SMG,  &  fub  triUnco ,  GMR,  ca- 
acm  rjti  )nc  rcclingub  fub  portionc,  OMD,  &  tril.nco,D 
F\1,  X luantur  rcdangulis  fub  portionc ,  SBG,  & tiiUnco, 
BCG,  c  g.  rcitrig  .1  a  fub  clUpH,  BDMG,  f^;,^i";:t>MS  tr.U- 
ncis,  B       Dl-M,  x<\  uantur  rcctaguUs  lub  clUpl^BDMO, 
&  fab  trilmcis,  BCG ,  GRMj crgo  omnia  quadrata^AR,  ad 
om.iia  qMid;ata  clUp  fis ,  BDMG ,  cum  rcaangulis bis  lib 
'  i  cadcm, 
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«eadem,  &  fiib  rrilmeisiBCG,  GRM,cnint  vt,  AR,  ad  clli- 
piim,BDMG.  Eodem  modo,fiinipta  pro  icguJa,CK,oficu- 
dcmus  omaia  qiiadrata>AR,  ad  omiiia  qiiadrata  cllipfis,  B 
DMG,  vnacum  rcaaiigiilis  bis  (i[h  cadcm,>x  fuS  trilinei^, 
DAB,  BCG,  efrcvt,  AlC,  adcllipllm',  BDMG,  quod  ofieii- 
^eic  oportcb.;t .     ■  '  I         ,  i;. 

C  O  R  O  L  L  A  R  I  V  M. 

H^tie  hal»!mr  om*)i4ifuadr4ta,  AF,  r(fula,  FR,  adcmmi^ 
cjuadrau  ellipfis,  EDGM,  vnt  cum  rta^nguUs  hs  fub  ed. 
dern  ,  ^  fub  tnlmeis ,  BZG,  GRM,  efe  vt  mma^uadr^u ,  ylK, 
rigula,  CR,  4d»maiM  quadrata  elltffis,  BDMG.ma  cur,>  rtcia9~ 
gultshu  fub  e4dem,  (irfubfrtltmts,  D  ab,  BCG;  vtraque  trsim^ 
cftenfafunt  fjSi,  vt,  AR,  4d  elUpfim,  BDMG. 

THEOREMA  XXXIT.  PROPOS.  XXXIII. 

ASfumpta  antecedentis  figura  ,  dimirTIs  li- 
neis,  EG,  DV,  prodijcantur  ad  eandem^, 
partem,  AC,FK,in,TX,ir3vc,  AT^fic 
ar.quahs,  FX,&iungatur,  TX,  ergo  ipla,  AX.CX, 
crunt  parallelogramma.  Dico  jgituryomnia  qua- 
drata,  AR,cum ffdangoJisbisfub,  AK,  RT, ad 
omma  quadrata  ellipfis,BDMG,cum  rcdianoulis 
^is  fub  eadem ,  &quadriIineo,  BGMX T,  clfe  vr, 
•AK,  ad  ellipfim,  BDMG,  reguJa,  FX. 

BDMG,itemrccbntri,lafi,k  Ad  ut    j  ^^^»P"'"» 
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4:  Cidem  bis  Uimpta  lunt  p.uitcr,  ^ 
vc,AR  adcllii)lim,BDMG,crgo 
om  \ia  qaadrata,  Al\  ciim  rcdi* 
gulis  bis  lub  ,  Ail  ,RT,  ad  om.iia 
qaad.ata  Cilipfis  ,15  J  vlCi  ^  cum 
re:\i  AguUi  bis  lub  cadcm  >  &:  lub 
trili  icii  BCjs  GXM  cum  rc- 
ita  igLilis  bis  fubeadem^&fub^ 

RT,  .1.  cum  rccbnguhsbis  (ub  cadcm^S.  fubquadrilineo, 
BGMXT,  ccunt  vt,  AR,  oid  cllipfiir^DMG.  Sic  ciiairi  fict 
dcmonllratioj  fi  producantur,  tA,  RQfimilircr  .ic^produ- 
^ijefuat,  AQ  tRj  quarum  altcra  pro  rcgula  fumatur 

COROLLARIVM. 

H!»cp4:et,fi,  BDMd,  non  efsct  eHtpfis,  fed  mIim  kcutkj'^ 

fQTti.r.ts  Uternm  codlterh}  tAngentes  (fser.t  Ji<jt4Mus  ,  rtiidn^ 
^hU  jufhft^  Jid cea/terne  Bdngcr.tes,  (q  mode,  qno  dtdfim  efl  tn^ 
1  heor.  Mntecei(9f!tt  efscnt  (f^'(f;  ^icjfi^i^d»  rt(od cfnr^tA  /jttMdrufjt, 
Al^i  Ai  cmma  (fssadrMtj  tilt  '  fi:^Mrjt ,  cttm  rccUfjguttj  hts  fuh  ea* 
cicm,*y  fttb  trtltuets  adticentiitnUtert,  cfkQdton  funitturprorc^ 
gkl t,  (fttnt  vf,  A  K^Mitalem  figuTAm^  Velnti  erunt  ettam  crAma 
qnadrata»  AK,  curtt  reclanguUs its fui,  AR,  RT ,  adcmntanua^ 
drata  taUs figura,  cum  reiijtr^guUs  lis  fuh  eadem,cr  f^b  (^ttjdri^ 
UneofimtUtfft,  BGMXT,  hac  f)  eodem  thO('o cclligeuttir ,  fjHOfr^ 
iUiffi,  BDMJ,  perdi  fAon/irattonem  colUclu  funt ,  aaerunt  entni 
idcterts  functfta^  ex  tfsttlus  dtmonfiratto  ffO  elttffi  ftn^ehai: 
-  Ext  n^flumfactle  habcrt  foteU  tn  fgura  ex  duahtfs  ^rjua/ihus  cir^ 
cuU,  ^  el  eUtffss  fortiorabus  tmrscrikus  cornftfita  tultf^cih.vt  hafii 
vntus  forttomsMtertus  hafi  i  ogruat,  (]Ua  (futdem  figurj  fit  u»fcri% 
fta  dtS^  rcifanguh ,  CMtuf(jitc  Utera  eam  tangant  i.  CfJ  tn  furMts 
ix:remi4  Axittenrfeitt  qitatm  alijs  vtctt^/(j^<,  vndt^  d  «-^ 

THEO- 


jrly  European  Books,  Copyright  ©  201  1  ProQuest  LLC. 

lages  reproduced  by  courlesy  of  the  Biblioteca  Nazionale  Cenlrale  di  Firenze. 
FMAGL.  1.7.136 


7»  GEOMETRI^ 

THEOREMA  XXXni.  PROPOS.  XXXlVi 


QV«cunqj  folida  ad  inuicem  fimilaria ,  gc« 
nita  ex  figuris  fijperius  in  hec  Libro  T  er- 
cio  confideracis ,  luxta  regulas  ibideoi  aC- 
^  fijmptas,  quaiu  patefada  eil  ratio  om- 
nium  quadracoru,habent  inter  le  ratione  notam. 


QMoiiiam  enim  a'ibi  oftei  fum  eft,  vt  om\x^  quadratu.^ 
diiarum  figuramm  intcr  fe  fumpta  cum  datii  rcgulisjita  ef- 
ie  folida  ad  inuicem  fimilaria  genita  ex  i/dem  bguris,  iux- 
ta  eafdem  regulas ,  idcd  cum in  Theorcmatibus  huius  Li- 
bri  inueata  cft  rat  o  omnium  quadratorum  duaiu  qi;arun- 
dam  figurarum  cum  tahbus  rcgulis ,  coUigmius  ctiam  nuc 
ca.idcmcflbrationemduorum  ad  inuicem  fimilariiim  fo- 
lidorum,qu^exillis  figuris  iuxta  eafdcm  regulas  geniti_^ 
dicunturi  Vt  cxcmpli  gratia  ui  Prop.  i .  confpcdis,  itcrum 
ciuldem  figuris,  cum  ibi  oftenfiun  eft  ,  fumpta  rcgula,  DP, 
omnia  quadrata  portionis,DEP,ad  cnniia  quad:ata  paraU 
lelogrammi,FP,  clTe  vtcompofita  ex  fexta  partc,Er,&  di- 
nndia,  BR,  ab  ipfam,  BR,  oftcnfi,m  cti.m  cft  foiid.-m  fimi. 
Jaregenitumex  portione,D£P,  adfoad.ira  llb,  fmilarc 
geaitum  cx  parallclogrammo,  FP,cftb  vt  copofha  cx  U  xta 
parte,  EB,    dim.dia,  BR,  ad  ipfam,  BR.  Ci-m  vcro  oilca- 
fum  eft  omma  quadrata  portionis,EDP,a  d  c;mnia  qundra- 

&  pfa, BR,ad eandem,  BRj  panter  oftcnf.m  cft  folidi  nol 
Hmilare  genitum  ex  portionc ,  EDP,  ad  fibi  fimi'are  ucni- 
tum  ex  tnanguIo,DEP,  iuxta  cafdcm  rcaul.s  cflV  vtSm 
pofua  ex  dimidia  totius ,  ER,  &  ipH.,  BR=,  a    and^  m  M 
Cum  vero  m  Corolla,  io  c.ufdcm  Thcor.  colledum  cft 
cmnra  quadrata  paralleIogrammi,FP,cfrc  fequ  al  e  c^n-' 
mum  quadratoruport.onis,  DEP,  (fi,DP,pc  cci  trumA 


tran- 
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tranfcat)  h:ec  vero  cflc  dupb  omniiim  quadrntoriim  trian- 
gulijDEP;  pnrct^quod  ctbm  (olidum  llmilarc  gcuitum  cx 
parallclogtammo^FP,  lcxquialtcrum  crit  folidi  libi  limila- 
ris  gcniti  cx  portionc ,  DEP,  inxta  candcm  rcgubm,  DP> 
hoc  vci  6  crit  dupl/m  folidi  libi  fimilai  is  gcmti  cx  tnangu- 
lo,  DEi^  luxtj  candcm  rCijubm,  DP. 

S  C  H  O  L  I  V  M. 

Fdffidm  veri  f$lidd     inmcem  firrHdfiMgenifg  ex  df/dwf 
X^J^figtirgjf/dnis,  imxid  dd/Ms  reghUs,  i^iufltctd  (ufjt.tfwnw 

fltcesf^r^tfiguf.ffrmttes,(^^tdiCHntMr,(mne,figufA  A  D( 
firntlfs  dudftrn  ^fmertctum  f^urarm.  cum  etfdem  regults  dfum^ 
ftu,  tuxtdifuMs  itclMfoli  idfimtUrtdgtnitddtcuntur,  figufarum 
dutem  vdftdrtones  nuHi  ddt$  nurr^efB  clduduntur,  idto  nec  hofum 
fimt^dnum  folt  iorS  vdrtdtiones  vBo ddto  cournituf  nun/ero,  vt^* 
de iutdenttfjtm}  dppdret  hdnc  dtmonflfdndimetho4um,ipfdmcf\ 
detmonfifdttontm^  tnfintie(vt  itd  dtcdtr^)!ccuplrt(m  efse^xt  ifttnt 
purttculdftd  folidd  fimtldridmefcenddmus,  expendendd  fuu$ 
^pf^fii'*^^*  dtcmntuf  (omnes  fgufd  fimtles,  (^c  ) pdtet  tgttur 
iu  dltbt  j  tme  oftenfis,  fi  figurd  dfu  mttdfint  omnes  figurd  fimtles  ^ ^ 
furdiUlogfdmmt,(juodtunctfidefuntomnid  pUnd  cyltndrtcii  fi 
vtfo  tlldfint  omnesfigutd/tmtles  triunguli  [tntelltge  tn  p^ra/Zclo^ 
grdmmo,  ^  tftdngulo  vnum  Idterum pro  teguU)  tlU  erunt  omniu 
fldtod  Cimci  i  ^  fi pdfdUeUgrdmmum  fit  reifdngulum ,  fig^^^  14.  K 
itdem  ere£ld  trtt  cjUndticus  re£?us,fi  aUnus  dutem  ntfi fit  redd- 
guUm,vei  figurd  non  ttitm  ere^fd^j  ex  cfuo  hdhes,  tjUdlefcuntfi  fi* 
gards  tnttUex^ris  tfst  tds,  tjuj  dtcuntur  omnes  fignfd  ftthtUs pd^ 
fdlt'Ugrdmmi,  FFt  ftguU ,  DP»  vettrtdng^U ,  EDP,  reguU  eu* 
dem,  foUdumgenttum  ex pdrdiUlogfdmmo,  FP,  cjuod dtamus  ft^ 
mtUre ,  femper  efse  cyUt$drtcum,g(nttu  vercex  tftdnguio,DEP, 
femptr  efst  comcnm^vt  ettdm  dcctdtt  tn  cmnt  pdrdiUUgfdmnt^ 
4tt  trtdugulo,  dunomodoreguld  fit  vnum  Uterum  rorundtm ,  fils^ 
ddtguur  fimtUrtd  gtnttd  ex  pdr^dd^^grdmtrfts  fhnt  cyitndrtcu 

lenit^ 
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geph/i  vers  ex  frian^uUs  funt  comci»  genitd  inqmm ,  reguU  vnS 
iAtetum  eorundem  exiflente  j  quod/f  figHTJt,  quscficuntMromnes 
fg^tA,  fimiles pdrdlUkgfammt  dati,  regfda  vno  laterutn,  ftnt  cir  • 
iiuli ,  ille cylindftcus  ertf  cjltndrus\& fh  cju^z  dicuntur or^^nes  ji^ 
gura  ftmiles  dati  trtaguU  ftnt paruer  circrAi  jeguU  vm  laterum, 
contcus  erit  conus ;  nomine  erge  communt  hie  cyhndrus ,  conus 
ciiHi  funt  foltc^a  fmtlana  mmtnc parttculart  dt^tt  funt  cylindri^ 
cus,  conicusi  fedmmine  magts particulart,^ proprso  dicuntur 
cylindrus,  ^  cems ,  qrtotiefcun  f,  dtila  fgura  /tnt  ctrcult  >  iuxt4 
altbi  i  me  o/lenfa . 

Pariter^(igura  gemtrices  foUderum  ftt^>t  circuli ,  veltUipfes, 
ilU  autem,  qua  dicuntur  [omnes figura fimiles  earundem  fumptd 
cum  datis  regults)  (tnt partter  ctrcult ,  quorum  dtfcrthentes  re£t4 
linea  infiguris  genitrtcthus  ftnt  eorunde?n  dtamttrt,foltda  fimi" 
Uriagenita  ex  eifdem  tuxta  eafdem  regulas ,  erunt,  alteru  fpha^ 
ra,  (juod /ctltcet gignitur  ex  ctrculo,alterum  fpharoideSi(jUod  fci* 
licetgigmtur  ex  elltpfi,fifigura  fimtles  reiie /ecent  axem  tlltp/is^ 
ftnt  ereflA  tum  circulo ,  tum  t  Rtpfi ;  potertt  etiam  cfse  fpharoi'^ 
deSi  etiamftfigura  fimtlesnon  fint  ctrcult,  fed elltpfes  iuxta althi 
oHenfa  j  qua  igitur  in  hnc  cafu  nomine  ctm^uni  dtcuntur^  folida 
Jimttartagentta  ex  ctrculo,  velelltpfi  tuxta  datas  reguUs,  mmtne 
par:tculart,  &proprto,  dtcuntur  fphara,  x  el /phxrotdes :  Et  qua 
partter  dtceretur  nomine  communt  foltda  ftmtUrta genita  ex por* 
tione  tali,  vel  tali,  iuxta  taltm  regulam,porttone  tnquam  ctrculi^ 
vel elltpfis,  quotie/cunqi  figurjs^qua  dtcuntur,  omnes  figura fmi^ 
les  talts  portionts  tuxta  eandem  reguUm.  fint  ctrcult  eft£it  geni^ 
trictbus,  &  figura  genitrtxportto  arcult ,  ertt,  &  dtcetur  mminf 
parttcuUrt,  &proprto,portio  fphara^  fi  vero  fgura  genttrtx  (tt  et^ 
Itpfisportto,  &figurafimtlesftnt  ctrculi  ereiti  gtmtftcthus,  uui 
dxempornontsfecames,fietporttofpharotdts,  quoa  ft  (tntelltpfes 
ire£la  genitrtctbus,  dtametros  hahentts ,  vt  poUuUt  k  rcpoj  47. 
LihA.fietettamportto/phArotdtstSictgttmr  nomtnttus parttcmid- 
rtbus  hacfoitdd  vocart  confueuerunt.tt^m  vtf)i f gura  fimtlts  mcto 
funtncq^^  ctrcult,  neqi  elltpfes  fumpta.vt  dteium  cfi,  /s^fficset 


icm  v0C4rt  pmiffc  C9mmmm  foUdifimdaris,  fftc.  ticH  dd  Vdrtd. 
Simtm,(jr  nommationem  fimiUmm  ftgmrnfum  ,  conftiiuenter  ^ 
tddtm  V4rt4  folidd,  V4ri}  nomtndrt  ft^cnfi  forti  dutem  %n  fec^ttc^ 
ttkms  tx  genttrtctum  figmrdrnm  vdrtdti^nt  vdrta  oomtnd  compt* 
mtf^mf » tntertm  htc  tenedntmr  ,  hoc  smmt  imerfo ,  (jmodtm  fuft^ 
f  mthms^  dmm fit  ffhdrd,  vtl  fphtrotdts^veltormndem  portto»  fitp . 
pomt  Umedf,  tfmd  fmnt  $m  gtnitrtcitus  pgmrts ,  ^  ctrcmlos ,  vet  eiUn 
pfes  dcfcrtimnt»  tjft  tcrmndrm  dxes ,  Htsdmtem  prdatmmftrdtis 
fe(fmentid  CorolUrid  colUguntur  ^  tfum  ijmtdcm  cmm  1  yftgfdpht 
decfitnt  confmcit  bmtmfctmods  cdrdUtrtt ,  dtmtrfis  tmprtmt  » 
tt/t  fittt. 

COROLLARIVM  I. 

IN  Prop.  prima  igitur,  fi  fiippofucrimus,  PRDE^citc  cir- 
culum  ,  vcl  cUipfim ,  &:  axcm ,  ER  ,  &  circa  candcm  in 
fcjfi,  Dl^  parallclogramum ,  FP>  quap  quidcm  fit  bafis  por- 
tionis,  DEP,  rccic  fccaiis  axmi,  ERjdci/idc  imcllcxcrimus 
omncs  figuras  fimilcs  portionis,DEP,  cffc  circulos  diarac- 
tros  in  figura  gcnitricc ,  DEP,  ^cui  finr  crc£li)  fitos  habcn- 
lC5  ^tunc  jFP^Crit  figura  gc  ut.  ix  folidi  fimilaris,  quod 
crit  cylindrui  rcctus,  DEP^  cnt  figura  .gcnitrix  f  )lidi 
praediao  firailaris , quod  crit  portio  fphxra?,  vclfphxroi* 
dii  9  cuias axis  ^ ER,  &  qma  patct  cx  fupradidis ,  quam-^ 
rationcm  habcat  fohdum  fimilarc  gcnitum  cx ,  FP,  ad  fibi 
fimilarc  gcnitum  ct,  DEP,  luxta  rcgulam ,  Dl\  idco  patct 
cx  fupradiihs, qua  rationcm  habcat  cyli  idrus,FP, id  por- 
tioncm  fphrrap,  vcl  fphoeroidis,  DEP,  fiuc,DP,  trafcat  pcr 
ccntrum,  A,  fiuc  non.  Similitcr  fi  fuppofucrimus,  EDRP, 
cfTc  fphm)idcm,  &,  ERy  non  axim  ,  fcd  diamctrum ,  &:  fc- 
cari  pcr  cUipfim,  DSPR,  obliquc  ad  diamctrum,  ER,&  cir- 
ca  candcm  diamctrum,  EB,in  cadcm  bafi  cllipfi,DSPR,cf. 
(c  cyiindricum ,  FP,  fccari  autcm  cvlind^icum  ,  &  portio- 
nem  fphxroidis  planis  parallchs  ipfi  cllipfi,DP,  qun?  intcl- 
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li^atur  crcda  pla  io,  DE 

PR  ^  conceptae  i  \  ipfo  cy* 
liadrico  figatce  eruat  om- 
nes  figurae  fimiles  parallc- 
logrammi,  FP,S<:  quae^fiunt 
ia  porti.>aerjbxroidis,DB 
erinit  omnes  figut^  fimi- 
les  portionis,  DEP,  omnes 
iaquam  ellipfes  fimilcsel- 
ifpfijDP^  (eft  cnim  idem>fi- 
ue  intelligas  has  figuras  fi- 
miles  defcribi  omnibus  li* 
neis  figurarii  genitriciuni> 
FP^DEP,fiuc  percipias 
cafdem  producipcr  fedia^ 
nem  corporum  pcr  plana 
fadkam  ipfi ,  DPrparallda) 
&  qiiia  patct  ratio  barum 
omnium  firailium  figura- 
rum  rfiuc  cllipfium  inter  fe 
cx  fupradidis,  &  fubinde 
folidorum  fim>ilarium  ge- 
nitor^mex  yFP,  &  portio-' 
ncjDEP^iiorum' vnum  cft 
cylindricus,  altcru  eft  por- 
lio  fpha^roidis  fe£la  plano^ 
DP,  idco  patct  5  qiiam  ra- 
^ione  hijbear  eylindricusj 
FP  5  ad  portioncm  y  DEP> 
Xeffe  candemrquam  ha- 
fcct  compofita  ex  fext-.u^ 
partCyEB ,  &  dimidia,  BR, 
ad  ipfam,  BR5&  hoc,  fiue.ER^fit  axis,fiuc  nosQUpd  firDP^ 
^vM^^x  pcr  ccnitnun>  AjcylindricuiHj  FP>cfrc  fexquialtc- 

tum 
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nim  portionls  fphrrx,vcl  fph.^roidisDEP.  Ijfdcm  vijs  p.i  • 
tcbitco.ium^fiuccoiucam^EDP, ad  port  oiicm  fph.rrr> 
vcl  fphrroidis,  DEP,  ciic  vt,  BR>ad  compofitam  cx,  IjK  A 
dimidia  totms,  ER,  quod  fi>  DP>  pcr  ccntrum  tranfcat,co- 
num ,  vcl  coiiicum ,  £DP,  clfc  fabduplum  portionis  fnhx- 
XJty  vcl  fph.croidis,  DEP  s  hrc  autcm  ctiam  jb  ahjs  oftcnfn 
fu.it.  V^crum  fi  figura:  fimilcs  iam  dictjc  iion  fiut  cirmh,  vcl 
cUipfcs,  icd  ali.c  vtcunq;  figurx,  vt  cx.  g.  quadrata,  vcUiti 
\  \  tigans i.ura  cllipfcs  cxcm^Uficarc  volui,  diamctros  ho- 
m  ^bgis  i.i  figuris  gc.utricibas  habcntia^adhuc  ca?dcm  ra- 
tio  ics  fupradiciis  crunt  i  ucr  ha?c  fohda  adinuiccmfimu 
laria  gciita  cx ,  FP,  &  portimc, DEP, fiuc  cxiriangulo^ 
E')P,  ic  porti  3nc ,  DEP,  bjfcs  habc  uia  quad.atas ;  patct 
a  atcm  hic  >  q iiod  fjHdam  fimilarc  gcnitum  cx  ,  FP,  bafcm 
h Jbc  vs  rcdilincam^ficuti  cft  prifma,itn  &  hoc  nominc  vo- 
cari  potcft  magis  particulari,veluti  &fohdiim  fimilarc  gc- 
iiitum  cx  triangalo,EDP,nominc  piramidis  vocari  potcft, 
diun  bafimhabct  rccJilincam. 

Dcniq:  vniucrfaliflimc  h ibctur  ratio  quorumcuq;  duo- 
rum  foUd.^rum  gc  litorum  cx ,  FP,  &  portionc ,  DEP,  fiuc 
cx^triang  ilo,  DEP,  &  portionc,DEP,  iuxta  rcg'ilam>DP, 
quacunqi  i  ifimilibus  fig  ins  variarioncfacla.Qjraatcm 
in  haius Thcorcmatis  dcclarationc  animaduc  fa  lunt,  mc- 
moria  tc:icantur,nam  Sc  fcqucntia  confimih  mcrhodo,fcd 
brcuioridcclarabimus  ^fuificiat  autcm  tot  figurarum  va- 
riaticMics  in  duabus  t  atum  cxcmplificaffc,  qua$  folidorum 
i.adicant  bafcs,  ncmpi  circulus  ic  quadratum,  iiifcriptum 
eidcm  circulo^habcns  vtrum;  diomctrum  in  figura  gcni- 
tricc,  impoftcrum  cnimcum  fi  ^c  fignrarum  coufufionc  id 
3Pg.  c  ficn  poffit  vna  tantum  pofitionc  contcnti  crimus ,  ci 
ncmpJ,qua  om  ics  fig  irar  fimilcs  circuli  clfcfupp  )nuntur, 
C^tcrasc-givariationcscxhis  facillim^  auidjs  vcritatis 
iadagator  proprio  martc  comprchcndcrc  potcrit,quae  pro 
huius  Thco.dcclaraf  .ad  fcq.quoqidiluctdat.fatis  clTc  rcor, 
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>4  GEOMETRIA 

C  O  R  O  L  L  A  R  I  V  M  II. 

IN  Propofitione  fecunda ,  cxpoflta  figiira  CoroII.  atit, 
conformiter,  patet,  quam  rationcm  ^abeat  folidum  fi- 
milare  gcnitum  cx,DN^deft 
cylindncus  in  bafi  figura  de- 
fcriptaabafi,PN,cuiu&Iatu$  '. 
eft>HN,adfoIidum  libifimi- 
la:e  ge.utun»  exportione,V 
CBFK,  .i.  (fi  om  les  figurx  fi-  ( 
miles  ipfiusjDNjfint  circuli 
dia metros  in,  DNJbabaites,  p' 
&  omiics  ffgurae  fiiniics  por- 
tionis,VCBFK,fint  pariter 
circuli  rcdle  axem,  BO,  (ec  a- 
tes  &  diametros  in  eadcm  portione  fitos  hab£tcs,quick'- 

culifintgaiitricibus  ereai)  cylindrii$,DN,adportiontm' 
«phaera:, vcl  fph^roidis,VCBFR,vel  fi  figur?  fint  rcdi  lincar, 
patfctratio  ,quam  habetprifini ,  DN,  ad  falidum  fibt  (kni- 
lare  genitumexportione,VCBFR,  ciraili,.vcl  ellinfts,BC 
.OF.  Duaisaute  rediis^BP,  BHpatetfimUiter  raticquartt 
habetconus,Bl>H,  adportionemfpbarra:  ,.vcIfpha:roKJi$» 
VCBFR ,  fme  pyramij,  BPN,  ad  foUdum  firoilare  aenitum 
«X  triangulo,BPN,(mtcriige  fempcr  ha:c  folida  inuicCfHij. 
genita  uixta  regutas  in  Theorcimtibus  alTumptas  ,net(^ 
tics  id  repcratur)  fiue  tadem,  quam  habetvniucrfalkci^ 
lidum  ImitraTegenitum  ex,'DN,vcl  triangulo,BPN,atf  fo^ 
iJdumiibi  fimilaregenitum  ex  portionc,VCBFK,  &  h<yc  (t 
RO,fitaxis,quodfitaiUum  fitdiamcter  cxdcm  rationci 
colligcntur  3d'mod.,m  lUpcrioris  Thcorematis.Eft  ergo  iii 
figura  cylindricus,DN,ad  portionem  fph^r.r,vcl  (v&^i, 

dis,VCBFR,verprifma,DN,a<lfo.!,dumfimOnrelSt,^ 
ex  portione,  VCBFR,  vcltandemquodhbet  foUdumfitei 

farcgenmiaiex,DN,fiucquxlibetcyltndricus.gcninr.e#i 
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DN,  nd  foUdam  fibi  fimilare  gcnitri  cx  portione,  VCBFR> 
vt  rccfaiigaliiin  fub,  liA,  &  tnpla,  AO ,  nd  rccibngalu  fub^ 
BM^  &  fub  ct>mpohta  cx,  MO>  OA.  Solxdum  vcro  liniibrc 
gci\it  um  c)!  ti  jiaiigulo,  Bl-^N^fiuc  fit  comis,  fmc  pyrami:>,li- 
uc  tjntiuiicoriicus,  adfibi  fimibrc  gc.ntiiiTi  cx  pOLtioiic, 
VCBFK,  fiu€  hcx:  fit-portio  fpliapra?,  vcl  lph.^roiJis ,  liuC«^ 
taatum  folidum  fimilarc  gcuitum  cx  portioiic,  VCBFK>vt 
rcdangulum,  BAO,  fiuc  q.iadratHm,  BA,  ad  rcclanguhnti 
lub,  BM,  &  fib  compohta cx  ,  MO> UA,  nain  hcut  rcdaii- 
gtilum,  B*^0,  cft  tcrtia  pars  rcdangxili  fub ,  BA  ,  3c  tiApla» 
AO^ita  folidum  fimilarcgcnitum  cx  triangulo,BPi^cli 
tcrtia  pars  folidi  fimilaris  gcniticx,DN,vndepatct,SLC. 

COROLLARIVM  IIL 

1N  Prt)poiK.  certia  coIHgirnr^quam  rationcni  haWcat  fov 
Udumlimi!arcgcaitumcx,BF,  fir  •  r  c  /Uidri^  >Uue 
^tiina  ifiiie  rantuTn  coniciK, 
ad  iibi  fimilarc  gcaitu  xx  por- 
'i,vc!  elUpfi^^ICFS, 
II  A  >c  iK  L-uIlumfpfvrnr,vcl 
fphrroidi> ,  fiuc  cjntu  foHdum 
fiiiVlarc  gcnitum  cx  portione, 
ICFSt  liuc,  iio,  fit^xis  fii ic«^ 
non,  qiT '  ^  m  cft  cl,  qua  ba- 
bet  rca  ...^  .  nm,DRA,adre- 
6tagtiJam  fubvDR^ik  Aib  com- 
pofitaex  T.RM^i(ceT,MA,  vn^i  cum re^  wigulo  fub,RM, 
lkfubcompo(ira cx  v. RM^ &:  -r. MA.  Soljdum autcm fi- 
lnib^c  gcnirum  ex  t  i.mi^ulo ,  MC"F,  fiuc  lit  conus ,  fiuc^^ 
prifma/uie  tantum  conicusvjcl  ftbi  hmilai-e  gcnitu  ex  por- 
;kx!C^ ICFi>,ftnc  hcx  fii f Vuftum  fphxrnr,vel  fpKTroidis,fiuc 
Orrum  ibHdura  fimiljre  gcnitum  cx  tali  portione.>ICFS> 
critvt  rc^btigiikim^DRA,ad^cftmgulumfub  compofitg 
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&  fub  fexquialtera,  MA,  vna  cum  redangu- 
Jo  iub  compofita  ex,  MD>&  dupla,  DR,&  fub  T.  MR,fiuCt 
AD, fit  axis,  fuie  ta  itum  diameter ,  qua? iuxta  aateccdeti- 
tium  dcclaiatioaem  facile  percipi  poifuiit . 

COROLLARIVM  IV. 

I N  Propof.  quarta  patct ratio,quam  habct  foUdum  fimi- 
la  e  genitum  ex,  G)^ ,  quod  apparct  in  fupcrioris  figu- 
ra  ^  ad  fibi  fimilarc  gcnitum  ex  portionc ,  ICFS ,  quas  ratia 
ibiconfpiciatur. 

COROLLARIVM  V. 

IN  Corollario  Propof.  quinta?,  fi  fupponamus  notam  ra- 
tionem ,  quam  habcnt  omnia  quadrata ,  AF,  ad  omnia 
quadrata  tri^nguli  ,  AEC,  vcl 
qnamhabcnt  omnia  quadrata, 
XR,adomni'j  quadrata  trape- 
tij',  vcluti  iam  cam  no- 

tam  rcddidimus  ,  coUigimus, 
quam  rationem  habeat  omnia 
qi  adratav^F,ad  reUquujdcm- 
ptis  omnibus  quadratis  femi- 
ci  -culi ,  vcl  femiellipfis,  DBF» 
&  quam  rationem  habeat  om- 

nin  qiiadrata,XR,adreliqunm,demptisommbu$quadra- 
tis  portionis,  &  ideo  patet,  quam  rati  ^nem  habcat 
rmnin  quadrata  ,  AF,  ad  omnia  quadrata  fcmici-culi ,  vel 
fc micllipfis,  DBF,  &  qu jm  rationcm  habcant  omnia  qua- 
d  ata,XR,adomnia  quadrataportionis,YTl9e^vndc  appa* 
rct ,  quam  rationem  habcat  folidum  fimilare  genitum  ex, 
AF,  fiucfit  cvhndrus/uie.prifma/iue  tantum  cylindriciis, 
ad  folidum  fibi  fimilarc  genxtum  cx  fcmicirculo  ;  vcl  femi- 

ellipfit 
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cllipfi,  DBF,  fiuc  hoc  fxx  ha-mirph^^ium,  fiuch«nifphfroi- 
dcs  ,  huc  tantum  folid.im  ImuLiie  ilh ,  g^cnitum  cx ,  OBF. 
Itcra  patct ,  quam  rationcm  habcat  fohdum  limilarc  crcni* 
tumex^XR,  quodcunquc  illudrit^adlibi  limilarcgenitum 
ex  portionc^Y  rilji.  Eodcm  pacto  manifclh  ficret  ratio  fo- 
iidi  limilaris  geniti  cx  ,  AG,  ad  fibi  limilarc  gcnitfi  cx  por^ 
tioiic>  YB?'^ CScita  in  rehquxs.  Inucntx  igitur  funt  aho mo^ 
do  a  pra:»didis,i  ntioncs  folidorum  iauiccm  fimilarium  ecs 
nitorumcxparallclogrnmmis  inbafia^quali  fccund.^t^a- 
mctro  conftitutis.f  in  bali.Lquah  ipfi7Dr>&:  circa  cofdcm 
axcs,  fiuc  diamctros  vtcunq;  portionum,  YB9i>TY9^*I>DT 
IF,      DBF>  quod  cxphc arc  opus  erat,  3,:  in  fuprapofita  fi- 
gura  modo  folito  dcclaratum  dl,  fcd  tantum  vmco  txcm- 
plo  nc  ipfa  confundcrctur. 

COROLL.  VL  SECTIO  PRIOR. 

IM  I^opof. frxt3>  &  ciufdcm  figura  apparcr  folidfi hmi- 
l.irc  gr.iitu  cx  circulo ,  vcl  dhpfi,  ABCD,fiuc  fit  fpbc- 
ra,  vcl  fphxroidcs,  vc!  tantum  fohdum 
fimilarc,  folidum  fibifimilarcgcni- 
tun)  cx  altcra  portioniim,  BAD,BCD, 
Ttrauis,  vt  cx,  B  AD,  fiuc  hoc  fit  portio 
fphxra?,  vcl  fphxroidis ,  vcl  tantum  fo- 
hdum  fimilarc  gciiif  iim  cx  ,  BAD  >  cffc 
vt  parallclcpipcdu  fub  altitudinc,  XC5 
bafi  quadrato>CA, nd  parallclcpipcdfi 
fub aititndiiic,  XE,  bafi  quadrato ,  EA, 
Ycl  vt  cubus,  AC,  ad  parallclcpipcdum 
fob  ahitudine  tripla,ECjbafiquadra- 
to,  AEy  cum  cubo,  AE. 
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VNdccolUgitariiiCorollario  folidiim  fimilarc  gcni- 
iiim  cx  portione,  BAD,  ad  fibi  fimibrc  gcnitiun  ex 
pottionc  5  BCD ^  effe  vt  parallelepipedum  fub  altitudinc, 
XE,  bafi  quadrato,  EA ,  ad  parallelepipedum  fub  altitudi- 
nc,  OAE,  bafi  quadrato,  EC,  qualiacunquc  fmt  illa  folida 
fimilaria,  fuic  fit,  AC,  axis,  fiuc  tantum  diamctcr. 

COROLLARIVM  VlL 


IN  Propof.  feptima  colligitur  fo- 
lidum  fimilarc  gcnitum  cx  por- 
nonc^BAF^ad  fibi  fimilarc  gcni- 
lum  ex  portionc ,  CAD ,  fiuc  hxc 
folida  fitit  portioncs  fphaerac^  vel 
fphneroidisj  fiuc  tantum  fjhda  fimi- 
laria,  fiue,  AN,  fit  axis,fiuc  tantum 
tiiametcr,  effe  vt  parallelcpipedam 
fub  a^titudine ,  XE  y  bafi  quadrato, 
EAjadparallclepipedum  fub  alti- 
tudine,  XM^  bafi  quadrato,  fVtA,  vt 
exemplificatur  in  prasfenti  figura  morc  foUto. 


COROLLARIVM  VIII 


IN  Propof.  o A.tua  difcimus  a  data  fpharra  >  vel  fphn?roi- 
de  5  vel  foHdo  quocunq,  gcnito  cx  circulo ,  vel  eUipfi, 
iuxta  regula^qu^  fit  vna  ex  ordinatim  applicatis^abfcindc- 
re  portionem,qu^  ad  foHdum  fimilarc  fibi  genitu  ex  trian- 
gulo  in  eadcm  bafi^  &  circa  cundcm  axim>  vel  diam^num 
cum  portione  conftituto ,  habeat  dat.\m  rationem ,  quam 
oportet  elTe  maiorcm  fcxquialtcrajqu^  omnia  ibi  clarc  pa- 
tent,  &  idco  figuram  non  appono  . 

CO- 
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COROLL-  IX.  SECTIO  PRIOR. 

IN  Propof.nonn  patetratio.quamhabctfoliduin  fiim^ 
larc  gciutum  cx  circulo,  vcl  clUph ,  mxta  rcgulam  pn 
mum  a  xim,  vcl  diamctrum,  ad  fo- 
lidum  limilarc  gciutum  ex  codcm, 
iuxta  fccuudum  axim  y  vcl  dumc- 
trum  tamcjuam  rcgulam ,  fuicharc 
foUda  llnt  fphxra  ,  vcl  fphaeroidcsj 
\cl  tantum  foUda  fimilariaj  quas  ia 
hisappofitis  figuris  clarc  patcnt, 
in  qu  aru  vna  confpici  potcrt  fpVix- 
roidcs  prolatum ,  in  altcra  oblon* 
gurp  5  prxdictaautcm  ratiocftca, 
quamhabct  prima  axis,  vcl  dia- 
metcr  adfccundam  axim ,  vcldia- 
mctrum  :  qua:  ctiam  pro  rcUquis 
fol  idis  ad  muiccmfuuila  iibus  ma- 
nifclb  fuat, 

SECTIO  POSTERIOR. 

IN  Corollario  aiitcm  ciufdcm  Thcorcmati<;  colIigimu5 
cffc  notam  rationcm  omni  im  quadratorum  dunri  m— # 
portionum  circuli^  vcl  ellipfis  abfciffarum  pcr  lincas,  qua- 
rum  vna  fit  parallcla  pi  im<  nltcra  fccundo  ax  i,vcl  diamc- 
tro ,  qualcs  fmt  in  appofiti  >  figuris  portioncs  ,  BMS,  VP^C, 
vndc  ctiam  nota  crit  ratio  f  )lidorum  fimihrif^BMSAPX, 
cx  ipfis  gv  nitorum,vnum  iuxta  rcgulam>  liS,  altcrum  inx- 
ta  rcgu!.im  ,  VX^finc  finth.ccportioncs  fphiTX,  vc!  'nhr- 
roidH^fiucfolidafimila.ia  gcnita  cx  portionibus , BMS, 
VFX. 
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GEOMETRIiS 
COROLL.  X.  SfiCTlO  PRIMA. 

IN  Propolt^  I ^.^ficimlis^, qiiod  fi circiili , vcl ellipfcs fi Jf 
RicriiK  itvfuisicoiugatis  axibiis^vcl  diaitieftrii,  eas  conP 
ditioaes,  quas  fappoluimus  inclfe  latcribu^  parallelogra^ 
morumiii  lhcor.5>.  lo.  1 1. 12.  i^lLib.  2. quod  prdcb- 
rum  circulorum  5  vcl  cllipfilim  omiiibus  quadratis^  regulaf 
bafi  fcqueiitur  eardcm  concli^fioaes'  ibi  coUeetae  ylr.itiihis» 
circumfcribaiitur  parallclograitima  laterii  hatetiaaxibiis,' 
vcl  diamctris  coniugatis  cifculorum  i  vel  ellii^fuim^pa^ral- 
Icla:,habebunt  hxc  parnllelograirlmU  requifitascortdi^io^ 
nes  in  fuis  lateribus  &  ideo  fequentur  iam  dicta?  co  ick-^ 
fioiies  pro  parallelogrammis^  &;cafcqi!ienter  pro  omiHbfiisi 
quad:atis  eUipfium  iilis  iTifcri^t^oru  cum  hjec  fmt  fublex'- 
quialtcra  omiiium  quadrator^iimptirallerogfamir  or  jm^  ilf 
lis  ciicumfcriptorum  .i.  vt  clarius  loquar^  fleirculus5&  ei^- 
lipfis^  vel  dn^  ellipfes  fuerint  circa  eafidem  diamctramjv^ 
circa  cequales  diametros  y  vel  a^es^^  etlirtt:  ohinia  quadratr» 
eorundem  regulis  fccundis  axibus^vel  diametri^>Vt  omiiiS 
quadrata  parallelogrammorum  illis  circumfcriptibilium^ 
latcrahabentiLlm  didtis  axibusjfvcl  diim^tris  parallela-)  re- 
g  ilis  eifdem  retentis  5  &  quia  omnia  quadrata  parallelo-' 
grammoru^latera  bafibus  f  que  incUnata  sec^ualia  habehti^ 
reguiis  bafibus,  funt  yt  quadrata  bafium  ^ ide6  omnia  qui- 
dr^ttaxirculorumi  vel  ellipfium  circa  eudem  axim^vcl  dia- 
metrum^vel  a^quald^  c6nftitutorrimi:dri^nt  vt  quadrat^^fe- 
Cundoru  axium,  vel  diametrdruliS  &  ideo  folida  fimilaria' 
genita  ck  iplls  iuxta  eafdemregulas^erunt  vt  quadratafc- 
cundorum  axium,  vel  diametrorum:>  qu.T  folida:)  vel  erunt 
fpha?ra5  &  (phaeroidesi  vel  ambo  fph.rroides  circa  eundem 
axim  ^  vel  diametrum  ^  velfalida  fimtlaria  genita  ex  didis 
arcula  y  &  ellipfi  5  vel  duabus  ellipfibus  uixta  didas  regii- 
las  y  qur  qnoq;  erunt  inter  It  3  vt  quadrata  fecundorum  a-- 
yi.\\m^  vcldiametroruau^ . 


L'  I  B  E  R   Ut.  9^- 
S  E  C  T  I  O  II. 

Vod  fi  iu  diais  figuris  circulo,5ccllipfi,vclcllipnbu$ 
lunvitur  pro  rcgiila  communis  axis ,  vel  diamctcr, 
^^*^  crunt  omnu  quadrata  corundcm  inte.  fc ,  vt  !e- 
cundi  axes ,  vcl  diamctn  intcr  fc ,  &  fic  etiam  erunt  fo..da 
fimilaria  cx  eifdcm-gcnita  iuxta  diciam  rcgulam ,  m  qui- 
bus  i.icluditur  fph.vra,  3c  fphxroidcs. 

S  E  C  T  I  O  III. 

ITem  com<>imus  foUd.i  fimilaria  gcnita  cx  circulo,  &:  cl- 
lipfi,  vel  cUipfibus,  vtcunqi  Uixta  datas  rcgulas.i.lph?- 
ram,&  fphcroidc.,S:  aha  qu.rcunqj  fohda  fimilaru  gcnita 
cx  diclis  figuns, habcrc  intcr  fc  rationcm  cx  coru  axibus» 
vd  diamctris  comugatis  coinpofitam . 

S  E  C  T  I  O  IV. 

ITcmcolhgimus  folida fim.laria  gcmta  cx  circulo,vcl 
clhpfi,  vcl  cUipfibus,  qu.T  habcant  axcs,  vcl  diamctros 
rcciprocc  quadrans  axu.m  .Ihs  con.ug.norum  rclpondcn- 
tes  luxta  qu^  gen.ta,  .ntcU.ga.uur,  clk  a:qual.a  ,  dummo- 
do  vcl  vna  .n  vtrifqv  fum.uur  axcs,  vcl  vna  <l'->';^^^r.  a-qua- 
htcr  ad.nuiccm.nch.uta::  &  U  ha:c  Imt  a:«j«aha  ,  iUa  clTc 
rcciprocc  refpondenti.i..- . 

S  E  C  T  I  O  V. 

ITem  h.»brmm,1uod  fphrrx,&  fim.l.a  fphxroidci.-,,^  ia 
vn.uerfum,  quod  fohd..  fim.laria  gc.uta  cx  ^^^^^^^ 
clhpfib..i  habct  bm  axes,  vcl  d.amctros  .n  rat.onc  fecim- 
dorum  axu.m,vel  d.amctrorum,cum  qu.bus  .qn^l.tcr  f^^ 
inclmati,  quod,.nquam,fi.u  mtr.pb  rat.onc  ax...,  vd^du- 
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metrorum  .i.  vt  cubi  eorunderh .  Ha?c  cnim  dcmonftrata 
deomaibus  quadratis  parallelogrammorum  pro  oma  ibus 
quadi-atis circulorum,  vel elliplium ,  tamquam  eorundc m 
partibus  proportionalibus  { dum  ilUs  iafcript j  intelligun- 
tur)rccipipofluat. 

C  O  R  O  L  L  A  R  I  V  M  XI. 

fN  Propof.  1 3.  colligcmus  folidiim  fmilaregenitum  ex> 
OV,  quod  pcteft  ( fTc  vcl  cylindrus  ,  vel  prifma ,  ad  fib* 
f  milaie  genitcm  cx  tiilineo,  DCV, 
effe  vt  ,0V,  adreliqiium  fpatii  ra_-', 
dempta  quarta  circuli,vel  elUj>fis,  0 
OCD^cumcxcelTudidi  quadrantis 
fuper  duas  t^ertias ,  reaanguli ,  QV, 
.i.  proxime ,  vt  2 1 .  ad  2.  Exponatiir  C 
dehuiusTheorematis  figura  tatum 
rear3guIura,0V,  cum  quarCa,OCD> 
dimura ,  EF ,  fi  igitur  intelligcinus  ,  O  V,  circa ,  D  V,  mi- 
neiirem  reuolui , quoad  redeat,vnde  difcdfit,  defcribC- 
tur  ab,  OV,  cylindrirs,  OA,  ideft  folidum  fimila  rc  geiutum 
€x,OV,CHiusomnes  figura?' fimiles  funt  circuli,  fcmr- 
-diametros  m  figura  gemtrice,0  V,Iwbentes ,  a  trilineo 
autcm,  DCV,  defcribetur  quoddam  folidum ,  quod  voce- 
tur,  Apex  fph^rahs,  fi,  OCD ,  fit  quarta  circuli ;  vel  fph^. 
roidalis  fi,OCD,fitquarta  eUipfis  ,idcft  foUdumfimHa- 
re,  quod  poteft  dici  gemtum  cx  trilineo,DC\S  habcs  om- 
nes  fuas  fimiles  figuras  circulos  femid.ametros  m  figur:^, 
|enitnce  DCV,fitoshabentcs,eft  ig.tur  inrcr  hfcdVo 
<lmiIar,afohda,qu^iapartKuIari  hoc  exemplo  fimtcv! 

ft^iFadia^  quambreuitatiscaula  aliterexcmplificaredi, 

%uus  fimiUbus  .pio5  c:rculos,femidiamctros  in  fi^i^^^it 

gcni- 
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gcnitricibus  lubciuibus,bieuitatis  caufa,&ob  fcinaa- 
dam  lu  hguris  cbruatcm  impolkrum  coutcnti  camus, 

COROLLARIVM  XII. 

IN  Propof.  i^.patetrntiofolidifiniilnrisgcniticXjFD, 
nd  lolidum  fimilnre  gcninim  cx  tig<irn  ,  TQBDZ .  Ap- 
pofit j  .n.  hic  iliius  hgurn,  dimilVn,  HC,  ,  AP,  ^  rctcnra, 
BDjtantum  in,  V,  diuiin,  rcuoluntur^tD^  circa  manctcui 
axim^ZD^modo  fuprndicio, 
CX,  FD^igitur  fictcvhndrus, 
FA,  &  cx^hgurn,  FQBDZ.fict 
quoddim  folidum  rotudum) 
quod  vocctur,  Tympnniini— » 
fphxralc  5  fi,  FQB,  fit  fcnncir- 
culus,  vdfphxroidalcyfijrQ  g 
B5  cllipfisjcruntautcm  h^c 
<Iuo  folidn  fimilnrin  gcnitn  cx 
f  '^D^F^yBpZ,  figurnsfimilcscirculoshnbctin,quo- 
rii..i nidiamctri  inccnt  in  fuis  gcniiricibus  figuris^^^c  pa- 
tct  5  quod  ratio  cylindri  ,FA,  ad  tympanum  fphaeralc ,  vel 
fphjeroidalc,FQRA,cft  cadc-m  ei^quam  hnbct^BD^ad, 
DVjCandcmautcmhibet  qtiodlibct  folidumfimilarcgc- 
nitum  cx,  FD,  nd  fimilarc  fibi  gcnitum  cx  hgurajQBDZ, 
qualccunquc  fit . 

COROLLARIVM  xiil 

IM  Propof,  1 3.  coUi^i!Tnis  foUdum  fimilarc  gcnitum  cx, 
HFjndfolidum  fimil^c  gcnrtum  cx  figura^NMBHFf 
cfemptfs  Widis  fimilnribus  gcnrtis  a  triliucis,  MNG,GFE, 
dTc  vt:,  HF,  ad  circulum,vcl  eHipfim,  MBEG.  Reuoluatur, 
HI->circn,  NF,  manentcm,  vt  fuprn,  ex,  HF,  igitur  fict  cy- 
Imdr  us  ^  11%    cx  figura ,  NMBEF ,  fict  quxdnm  figiTra ,  s 
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qv^  ftaufeiatur  loUdu^ 
quae  fiuntadi\obus  tri- 
liueis  5  MNG,  GFE,  re- 
manebit  qusedam  figura 
folida  5  qua  vocabinius, 
Anulum  ftri6l:uni  circu- 
larcm,  fi,  MBEG/it  cir- 
culus ;  EUipticum  ve- 
ro  5  fi  fit  elUpfis ,  &  patebit ,  qnam  rationem  hibeat  cyliit-» 
drus,  HPf,  ad  h  jnc  anuUim  ft^icliuii ,  AI ,  ficuti  vniuerfaU- 
terpaterexfupradictis,quam  ratioaemhabeat  foUdum  fir 
milare  genitnm  ex  ,  H^,  ad  f  )Udum  fibi  fimilare  genitunj 
ex  figiira,  NMBEF^  demptis  folidis  fimilaabus  genitis  ex 
triUneis^MNGjGFE, 


C  O  R  O  L  L  A  R  I  V  ivl .  XIV. 

IK  Propof.  1 6.  patet  5  quam  ration^ii  hiabet  folidumfi- 
imilare  genitum  eXvH;) ,  dcmptoJoUdo  fimilari  gcnito 
cx>NO,ad  foUdum  fibi  fimilarc  genitu  ex  figura,MBEOQ 
demptofoUdofinYiIari  genitQ  cx  figura^MGEOG  .i.  efle 
eandem  cijquam  habet,  HFjad  circulum^yel  elUpiim,  MB 
EG.  Reuoluatur^yHOjcircamanentcmaxem^cb^modo 
fupradi6lo5  ex,  HO,.igitur  fietjcylindrus,  H9?,&  ex  figurai 
CMBEO,  fict  quoddam  foU'du  fimilare  pra:dido  cyUndro^ 
auferatur  a  cylindro,  HBj,  cyUndrus,  NL,  dcfcriptus  ab^N 
O,  &  a  pr^dficjo  folido  fimilari  aufcratur  folidum  finiilare 
genitum  ex  figura,  MGEOC .  Dico  nos  iam  compcrtum 
habererefiduum  primum  .i.  fafciam  foliclom  cylindrica«ft 
(vt  ita  dicam)  HFLK,  ad  refiduum  fccundum  >  adfolidum^ 
inquam,  quod  gignitur  cx  i  euolutioac  circuU,  vel  elUpfis, 
MBEG,  erte  vt^HF,  ad  ipfum  circulu,  vcIelUpnm,  MBEG; 
quodetiam  patet  de  refiduis  quorumUbct  fimiWinm  foli^ 
(Jorum  ex^HO,  &  figjura>MBEOC,  gcnitorii ,  dcmptis  fo^ 

Udis 
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lidis  fimilaribus  gcaitis  cx,  NO,  &  figur^,  MG^OC,vt  fu- 
pra  diximus.  Vocctiir  aufCmlolidum^qu^d^infuprac' 
exemplo,    fii-im  ci^znitur  cx  rciiolutionc  circuli ,  vcl  <- :- 
lip('s,  MBEG,"Anuhis  I.itus  circularis  fi,  MBEG,fii  circu- 
litsj  VcH  .\huluslarus  eflipf iciis,  fi,  MBEG,  fit  ellipfis. 


COROLL 


:>LC  i  iO  PRIMA 


^opof.TYrcolftgiturroIidumfimilnre  gcnituirtcx, 
HriadfoHd^fn  fimil.irc  gcnitum  ex  figiira,NMBEF, 
dTc  vt,HE,-ad  circulura,  vc!  cllipfim,  MBEG,  vna  cum  rc- 
fiduo,  quod  rcm.inct,  fi  .1  rcdanaa!<^ ,  MG,  dcmatur  qttar- 
ra  cifduli ,  vcl  clUpfis  ,MAG,  ablato  infimul  cxccifu ,  quo 
C:jdc^  qtiafta  fupcrat  duas  tcrtias  rcitir.g.ili ,  MG.  Con- 
fpiciatur  crgo  cxemplum  in  fioura  CoroIIari)  i  5- 
patcbit  ergo  cvlindrvm,Hfb,  ad  foltdunj  gcnitum  cx  t-.gu- 
ra,NMBEf  ,"hibcre  fupradiaim  ratu.ncm,  qua:  c\\  proxi- 
me,  vt  2  I .  ad  i7.vt  in  Pr.>p. i y.huius  oftcndirur.  Vocctur 
aiitchl  folidu  fimilarc  gehitum  cx  fig.ir.u  NMBEF-)  habcns 

om-ies  fuas  figuns  fimllcs^qiiv  fint  circuU,fiil^"  q""^  P" 
,tii'Vlutioncmdift.rfignrcr,NMBEF,v<.cct-;r,inqu.nnv^. 

Bafii  coIumhariVftriav,  &  circularls,  fi,  MBEC,  fit  Circn- 
ltis>  dliptica  autcm,  fi  is  fit  cllij^fis. 

SE- 
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IN  Coroll.  i.colIigitiirfoIidufimilaregenitumex,HF, 
ad  folidum  fimibre  genitum  ex  figura,  NMBEF,  dem- 
pto  fohdo  fimilari  geiiito  ex ,  MF,  elfe  proxime ,  n  84.  ad 
47 .  idcft  iii  noftro  exemplo  cyliadrum ,  HP? ,  ad  bafem  co- 
lumnarcm  ftriaam  gcnitam  cx  figura ,  NMBEF,  dempto 
-ylindro,  MX,  efte  proxime,  vt  84.  ad  47. 


< 
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N  CoroU,  a.  habetur  folidum  fimilarc  genitum ex,MF, 
dcmptis  folidis  fimilaribus  gcnitis  ex  trilineis,  MNG, 
GFE,  ad  folidum  fibi  fimilare  genitum  ex  figura,HMBEF, 
dcmpto  folido  fimilari  gcnito  ex,  MF,  elfe  proxime,vt  i 
ad  47.  In  exemplo  autem  noftro,  dum  reuoluitur,  HF,  ap- 
prehende  fuperficiemcyhndricam  defcriptam  hnea,ME, 
quae  in  duas  partes  dilfeparat  anuUim  ftriclum,  A I,  fcilicet 
m  vnam,  quam  poffumus  vocat^e  intcriorem,  & in  ali.iitL>* 
cxteriore :  intcrior  eft,  quse  gighitur  ex  reuolutionc  femi- 
circuh,  vel  lcmicUipfis,  MGE  j  exterior  autem,  quae  eenc- 
ratur  ex  femicirculo ,  ^:el  femiellipfi ,  MBE ,  eft  igitur  hxc 
pars  uiterior  anuh  ftridi  ad  partem  extcriorem  proxim^,. 
vt  1p.ad47.vt  in  ccctcris  folidis  fimtlaribus  fupradiclis 
contingerediximus. 

COROLL.  XVI.  SECTIO  PRIOR. 

l^unT/'^.^-^"}"^'  ^«'i^»"^ fi'"ilare  gcnitumex; 
»  HG,  ad  fohdum  fimilare  gcnitum  cx  figura ,  CMBEO, 
cffe  vt  quadratum,  DO,  ad  rcaanguh.m  fub,  DO,  OE,vna 
cum  reamgu  o  fub,  OE,  &  fub  exccfsu,  quo  dupla,  m,fu' 
pent,  EFs  &  t .  quad.ati,  DE.  Exemplum  confpici poteft 
mfignraCoroU.  14.  hums  i  in  qua  folidum  fimilarc  gcni- 

tum 
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tum  ex,HO>cftcyUaclrus ,  ,  (^Udiim  vcro  rmii^arc  gc- 
nicamcxriga. ajCiVlliHO,  clU  qiiod  aalcicar  ex  rcuoluuo- 
Beciuldcm  ugurxcirca>CO>qiiod  lohdum  vocabimus. 
Balcm  columaarcm  latam  jcicculaicm ,  li,  MliEG,  lit  cir- 
culus>  dii^ticam  vcr6>  ii  lic  clUplis^ 

SECTIO  POSTERIOR. 

IN  hiuusCoroUjn  )  c  i.ii;  tur  rolidu  fimilare  gcnitnm 
cx,  HP,  ad  foUdum  iimuarc  gc  utu  cx  Hgiira,  CMSBP, 
dcmpto  folido  limilai  i  gcaito  cx  trapczio,  NilJPC,  idcft  in 
cxcmj)lo  cyU/kdrtm  gCiUiu^ii  cx  rcuolutioac ,  HP,  ad  mq- 
diam  barcmcaUmvia  cm  lata  gcuitam  cx  figura,MSlM^C, 
dcmptofrufto  conico  gcuito  cx  trapczicCMBP^crtc \t 
quad;atum, liP,  ad  rcctaguUm^  fub,  AP,  &  f  b cxct (T.:  du- 
pljp,  EIvlupci,  EF,  vna  cum  r.  quadiati ,  BA.  Ex  qnbus 
c  iamfic  lc  iiuicniri  potcft ,  qunm  ratiorcmhabcat  foU- 
dum  fimibrc  gcnitum  cx  figura,Mi>BPC,  ad  luUdum  i  mi- 
larc  gcmtum  cx  trapczi o^MBPC,  i.  quam  rativ  iumha- 
bcat ,  in  cxcmplo ,  nxdia  bafis  cohimnaris  lata  gcnita  cx 
retiohjti.  )ne,MXBI'C,ad  f  uftum  conicum  gcnitum  cx  rc- 
uolutionc  trapczij,  MBPC. 

COROLL.  XVn.  SECTIO  PRIOR. 

N  Propof.  i^.colUgimus  foUdum  fimilare  gcnitumcx 
«  figura,  SMNV,  dcm- 
pto  U)Udo  fimilari  geni- 
to  exquadriUneo,MN 
VT,ad  fv  )Udum  fibi  fimi- 
larcgcnitum  cx  figura, 
SBEGT,clcmptisfoUdis 
fimilaribus  gcnitis  ex 
triUncisjTVG,  GFEjcf- 
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fe  vt  portio,  SMT^ad  portionem,  SBEGT^  circuli;  vcl  clli- 
pfiSjMBEG,  ideft  iii  propofito  excmplo^folidum^quod  ge- 
lieratur  ex  portionc,  SMT,  dum  intclligimus,  HF,  reuolui 
circa  5  NF5  manentem  axim ,  ad  folidum  5  quod  generatur 
cx  portioncj  SBEGT^  erit  vt  portio ,  SMT,  ad  portioncm, 
SBEGT. 

SECTIO  POSTERIOR. 

IN  Corollario  eiiifdem  colligimus  folida  fimilaria  gcni- 
ta exparallelogrammis  circa  eofdem  axes^cumpor- 
tionibus  conftitutos  ad  f^lidafibi  fimilaria  genitaexeif- 
demportionibus^effevtdicta  parallelogramma  addidlas 
portiones  .f  in  exemplo  cylindrum,  HO^ad  fruftum  anuli 
ftri6ii  refednm  fuperficie  dcfcripta  linea  5  ST,  erit  vt,  HV^ 
ad  portionem,  SMTj  &  item  cylindrus^  R^j,  defcriptus  ab> 
RF5  ad  portionem  anuli  ftridi  defcriptam  portionem,  SBE 
GT5  erit  vtj  RF  5  ad  eandem  portionem  5  quod  patet  etiam 
de  reliquis  eorundem  folidis  fimilaribus  • 

COROLLARIVM  XVm. 

IN  Propof  20.  expofita  figura  &:exempIo  conftru(f>o> 
oftendimus  pariter  folidum  defcriptu  a  portione^SMT, 
ad  folidum  defcriptum  a  portione ,  SBEGT^  dum ,  HO5  re- 
uoluitur  circa  manentem  axim  ^CO^  effe  vt  portio,  SMT, 
ad  portionem^SBGET^  quod  etiam  de  reliquis  fohdis  fimi- 
laribus  ab  eifdem  portionibus  gcnitis  patet. 

In  huius  autem  CoroIIario  colligitur  folida  fimilari:^ 
genita  ex  parallelogrammis,  cum  portionibus  in  cadem-^ 
altitudine  exiftent  ibus,&  ad  rccras,  HD^  CO,  terminantiJ 
bus  5  dcmptis  folidis  fimilaribus  genitis  ex  parallelo^ram- 
mis  in eadcm  altitudine  cum  didis  portionibus  exiftenti- 
bus^  fed  ad  rcilas^  NF^  CO^terminantibusj  ad  f^olida  fibi  fi- 

mila- 
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mibria  gcnita  cx  riguri<;  comp'  fitis  cx  diL^is  portio;ubu?> 
&  rcliquo  fpatio ,  viqj  ad ,  CO,  dcmpto  foUdo  l.mi'.i  i  gc- 
nJto  ex  hoc  rcUquo fpatio^cfle  vt  di6t.>rum  parallclogram- 
niorum  rcfiduum  parallclog-ammu  ad  dia^m  po. tioncm. 
Vt  in  exemplo  cyliadrrm,  H  v ,  dcmpto  cyli  id  o,  N'Q ,  nd 
portioncm  anuli  lati  rcfcaim  pcrfupcrficiem  dcfcMptam 
ix  reuolutionc  a  linca,  ST,  clTc  vt,  HV,  ad  portioncSMT. 

C  O  R  O  L  L  A  R  I  V  M    XlX . 

N  Propof.  2 2 .  cxpofita  fig-ira  ,  &  cxcmplo  confti^tuto» 
colligimusfol.dumfimilarc  gcnitum  cx,AG,adIoU- 
dum  fimilare  gcnitum  cx 
figura  ,  LCrECdcniptis 
fo'.idis  fimilaribus  gciiitis 
ex  trilincis,  CLT,"iGE, 
clTc  fi,CFEH,fitcirculus) 
vt  parallclcpipedum  fub 
b.ifi  parallelogrrimo,  AG, 
altitudine,  Fl,ad  cylindn- 
cum  fub  bafi  maiori  por- 
tionc,TCFEY,altitudinc,  ,i  ,    •  . 

IM,  vna  cum  v .  cubi,  TY.  In  clHpfi  vcro,  vt  parallclcpipc 
4um  fub  bafi  paraUclogrammo ,  AG,  altitudmc,  FI,  nd  cy. 


N  r 
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lindriciim  fub  bafi  pprtioue,  TCFEY?  altitudinc,  MI5  vna 
cum  ea  partc  ciibioTY^  vcl  (rhombo  ab  cpdcmyTY^  defcri- 
pto  5  vt  in  Thcoremv  2 1 .)  parallelepipedi  fub  ^TYrSc  did:o 
rhombo^ad  quameiufdcm  cubi )  vel  paraliclepipe^i  fexta 
pars  lit)  vt  quadratum,  CE)  prima?  axis  5  ad  quadratum  fe- 
cundx  .f;  ad  quadratum^FH.  Sitcrgo  conftitutuni  exenl- 
plum  per  tcuolutionemj  AG,  circa  mancntem  axirn  y  LG, 
fuie  crgo,  CFEH5  llt  circulusj  fiue  ellipfis,  habebikgenitus 
cylindais  ab;  AG,  ad  genitum  folidCLiportione,  TCFEY, 
fupradiclam  rationcm .  Vocctur  autcm  folidu  dcfcriptum 
a  portione,  T  CFEY,  ( fi  fit  portio  circuH )  Malum  rofeum  3 
fi  vero  fit  portio  ellipfis  :  Malum  cotoneum. 

C  O  R  O  L  L  A  R  I  V  M  XX. 

IN  Propof.  2  3 .  fuinpta  ex  figura  Theor.-  2 1  .>p^)rtione^ 
nii  iori  vtcuuque,  RF?^  qu^Tlt  portio  circuli  y  cum  illi 
circumfcripto 

F  ^ 

7' 


Vjaffainpto  e- 
tiam  i  itcgro 
axi,PrfiScpfi- 
<fl),  01,  i:i  ea,vc 
ibi  f-im  Ku  eft, 
jxjtet  fDlidam 
limibre  ge.iir 

jfblidiim  fibi  fi-  Ih 
milarc  gciiit» 

exportioacmitiori,RPV,c(rcvtfexquiiltcr-,  TM  M 
Rcuoluatur.g.tur,vtfiatnoftnnnel„:T;^y^^^^^^^ 
RV,  m:mentcm,  cylmdrus  ,g,tur  defcriptt.s  a,  A  V,  ad  foli 

ad,M.Al:cdcrd^u«fohd.sfunUar.bUsabVfirge^It^: 

&c. 
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&:c.Vocctur  aiitcm  fulidum  dcfcriptum  pcr  reuolutioiicm 
aportionc  circuli,  RFV,  miuori;  Malum  cit:ium. 

COROLLARIVM  XXL 

IN  Propof.  24.  artiimptn  adhuc  figura  fuperioris,qita?rci 
uoluitur  >  coUigitur  folidam  hmilarc  gcnitum  cx  por,- 
tionc,  RFV5  iuxta  « 
axim,  l'M,rcgula^ 
adfolidum  fuiiila- 
rc  gcnitum  cx  ca- 
dciii,  iuxta  bafim^ 
R\%  rcgulnm  cflc^ 
vt  rcctancriilu  fi^b, 
6jM,&fubbafi,R 
Vjad  tria  quadra- 
tali^cx^RM^cum 

qradrato ,  MF.Tint  noftrum  ^yemplum  pfr  rcilolutioncm 
portpnis,  RF\S  fcmd  cifca,  RV,*&  itcrum  circi,  FM^  ma- 
ncntcs  axes ,  primo  i^itur  fit :  Malum  citrium  pcr  f<fuoUf. 
rioncm  circa^RV/ccnndo  fit  f  gmcntum  fplmx  pcr  rcuo- 
lutioncm  circa,  FM,  patct  crgo,  qua  rntir.ncm  hnbcat  Ma- 
lum  citruim  ,  ad  fcgmcntum  fphxra-  ab  cadcm  circuli  por- 
tionc  pcr  reuohitioncm  gcmtum ,  quod  ctiam  dc  rcliquis 
funila.  ibus  fohcjis  ab  cadcm  portioncjiuxta  diaas  rcgulas 
gtnltis  cot^clufitfn  eft; 

C  0  R  O  L  t  A  R  I  V  M  XXn. 

'ortio- 


WN  Propof.  2j.fi  fiim.imus  cxfigur.i  1  iu  .1 .  ;  1 .  j'ortio 
I  ncm circuli ,  vcl  clUpfis ,  Rl-V,  vtcunq-tc ,  cum  iatcgr 
a^i,  l-H,  a  ciua  fit  abfcifTa , IH,  a:qualis ,  FM,  fumjtur  infu 
pCr  dc,  Mri,  ipfa,  Mr,  ad  quam  ,  FM,  Tit  vt,  AV,  ad  portio 
ncnij  KFV,  coUigcmus ,  expofita  hic  fisuia ,  folidum  fimi 


I2> 
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laregciiituex, 
A  V,  a'd  iibi  fi- 
milare  geiiitu 
ex  portioiie, 
BFV,  eire  vt 
quad-atu,FM, 
ad  reilanau— 
lum ,  quod  re- 
ma  iet,  dcm- 
pto  redlangu- 
lo  fub,IM,& 
fub ,  rM,  a  re- 


.1 


aangulo  fub,  FM,&  T,  ipfius,MH.Fiat  noftrum  exeplumj 
reuoluatur,AV,  circa  manentem  axim,  RV,  cylindrus  igi- 
tur  genitus  Cx  '■caolutione,AV,ad  Iblidum  genitum  ex  re- 
uolutione  portioms,RFV,  habebit  fupradictam  rationcm; 
hoc  autem  foUdum  iam  vocauimus :  Malum  citrnm ,  fi,  R 
FV,  fit  portio  circuli  ,c2terum,  fv  fit  portio  ellipfis ,  voce- 
tur  j  Oliua  gcnita  ex  tali  portionci  cadem  autem  rationem 
habere  folida  fimibria  genita  ex ,  AV,  &  portione ,  RFV, 
(intelhge  femper  genita  iuxta  regulam  ibi  aflfumptamjfci- 
Ijcet  luxta  regulam,  FM,)  iam  fupenus  diximus. 


Corollarivm 


xxin. 


JN  Propof.  2  6  pro  eifdem  antecedcntis  figuris  colligi. 
M  tur  lohdum  fimila.e  gcnitum  iuxta  rcgulam,FM,ad  Cu 
biiimilare  gemtum  iuxta  regulapi,RV,c(re  vt parallelepi- 
pedt-m  fub  bafi  rccbngulo^quod  dicitur  refiduum  antece- 

«T'J  t!C''r""?''^"?''"^'''^'P'^'  "^H'  adparallelepi- 
pedum  fub  bafi  reaangulo  ipfms,FM,  duda.in,RV,  altitu- 
dine  hnea  compofita  ex ,  MH, HN.  l>ro  noftro  excmplo 
apponatur  hic  vtraq;  portio,qua:  reuoluantur  femel  circa, 
FM,  (k  fcmcl  ctrca,  RV,  patebit  ergo ,  quam  rationcm  ha! 

bcat. 
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bcat,Ma- 
lu  citrid 
ad  fegmc 
tiim  Iphx 
rr  gcnUri 
ab  CKlcin 
portioiic 
circuU,& 
quamha- 
beat  Oli- 
ua  adfcg 
mentum 
fphxroi— 
dis  gciii- 
tu  ex  ea- 
dem  por- 
tionc  • 

COROLLARIVM  XXIV. 

IN  Propof.  27.  affumitur  iterum  figura  Theor.  2 1 .  tum 
circuli,  tum  ellipfis  5  &  nunc,  ijfdcm  figuris  hic  appofi- 
tis  5  colligimus  foUdum  li- 
milare  gemtum  ex  portio- 
ne ,  TC1^E\\  iuxta  reguli^ 
F I5  ad  foUdum  fibi  fiinilarc 
gciutum  ex  eadem  portio- 
ne,  iuxtn  rcgulam,  TY,  cf- 
fe^iii  figura  circulijvt  cy- 
lindricum  fub  &:  por- 
uoDc,  TCFEYovna  cuni— > 
V.  cubi^TYtjadparallclc- 
pipcd* im  fub  altitudinc,  F 
I,bafi  vero  rc6tnngn!o  fv^b^ 
1T,&  fub  fcxquitcitin  dua- 


.... 
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rum,IH,HN.  Inj?!- 
Upils  vCid'hsvira,ha- 
be.  c  ratiaricai  com- 
pofitam  ex  ca,  quam 
nabet  cy  iiad.ic^Uib, 
I M",  &  portioue_jj 
TCFE  /5  vna  cum  ea 
parte  cubi,  T  iV  vel  parallelepipcdi  fabjHV,;^  rhombo^RZ, 
ad  quam  eiufdcm  C-ibi,vel  a  iclepipedi  fexta  pars  fitjvt 
q  iai:-atiim,  Ch,  ad  qiiad  atum  5  FH,  ad  pa.  aUelepipediini 
fib  aititadi  le,  CE,  bafi  parallelog -ammo,  VG^ia  figUr:^ 
Thc or.  i'i,\&c  ex  ea,  qaj^m  habet  qiiadratfi,  THj  ad  redaii- 
g  ilum  fjb;F  I  y  &  fulj  f^f  xquitertia  daarum  ,  IH,  HN.  Pro 
noftro  igitur  cxemplo  reuohia  m\r  portiones^TCFEY,  fc* 
mel  circa  a|[es  maiieutes ,  TY5  &  femc!  ci  ca  ^xes  maneii- 
tesjFIs  exircuol.itione  igitiir  fa  M  i^portionc  cireuli  circa, 
TY,  fit,  MaUun  Rofeumj  cx  rcuohitioue  vero  eiufJcm  cir- 
ca,  F I3  fitniaias  fegme.it!i*iV:  {  hxTX  :  Itcm  ex  reuolutionc 
£Kl:a  a  portione  cUipfis ,  TCFFY,  fit,  Mahnn  cotoncii,  cir- 
caaxim^TY,exreuoluti,Qne  vcro  ciufdcmcircajFIjfit  m^^ 
ius  fegme  tum  fplmoidis :  Igitur  MaUun  Rcfe-m  ad  feg- 
mcitiun  mai  js  f 'hcTr<T,&  MaUun  cotonei  m  ad  f  f,nic tum 
maius  fphrroidis  inm  didum  ^habent  fupradiwUmiatio* 
ncm  j  vt  &  folida  limilai  ia^,  &:c. 

COROLLARIVM  XXV. 

IW  Propof.  28.  afliimitur  adhuc  antccedenti.  figurajhic 
autcm  coUigimus  nos/upcriorcs  a^picictes  figtiras  pro 
n.  iftro  exemplo,  foHdum  fimi^aic  gcnitiun  ex  poi  tion<_j 
circtdi,  vel  ellipfis,  TCFEY,  ad  folid'.  m  fimi^are  gcnitu  cx 
ci.culo,  vel  ellipfi,  iuxta  comm  niem  rcgulam,  FH,  ( com. 
paratis  tamen  genitis  vel  ambo  ex  ijs  q  funt  circuli,  vel 
cx  ijsj  qucefunt  ipfius  ellipfis )  ciTc  vt  c^  lind.icum  fub  alti^ 

tudi- 
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tudinc,  MT,  bafi  portionc,  TCFEY,  vna  ciim  t.  cubi ,  Vt\ 
(quod  tnmcn  folum  in  circuli  figuia  contingit )  in  figura_<» 
autcni  cUipfis  illud comnnitnnnis  in  hoc  .f.vna  cu  ca  partc 
cubi,  TY5  vcl  parallclcpipcdi  fub  5  RV,  &:  rhombo,  RZ,  ad 
quam  ciufdcm  cubi ,  vcl  parallclcpipcdi  fcxta  pars  fit ,  vc 
CJUadratum  primi  axis  adquadiatumfccundi  adl-.paral- 
lclcpipcdi  fub,  AD,  &:  parallclogrammo,  AQ,  ,i.  in  figuri 
circuli,  ad  r.  cuhu  FH .  Diclam  igitur  rationcm  in  fupra- 
pofitis  cxcmplis  habct  Malum  Kofcum ,  ad  fpha?ram  gcni- 
tam  cx  circulo ,  cx  cuius  portione  maiori  Malum  Rofcum 
dicitur  gcnitum  iuxta  regulam,  FH ;  &  eandcm  habct  Ma- 
lumCotoncum  ^dfphxroidcs  gcnitum  cx  cllipfi  rcuolu- 
ta  circa  axcm,CE,parallclam  axi,TY,circa  quctn  rcuolui- 
turportio,TCFEY, ad  gcncrandiim  Malum  Cotoneum> 
qu;imrationcmpantcr  diximus  habcrcfupradicla  iimila* 
ria  folida,  &;c. 


COROLLARIVM  XX\T. 


IN  Propofit.  ip.habctur  folidum  fimilnrc  genitum  cy, 
AN,  adfolidum  fimilarc  gcnitum  cx  figura,  CBDMN, 
dcmptis  folidis  fimilaribus  ge- 
nitis  ex  trilincis/uic  figuris,  BC 
O,  ONM,  clTc  vt,  AN,nd  figi»ra, 
BDMO.Apponatur  hic  illa  figu- 
ra  ,  &,  vi  fiat  noftrum  cxcplum, 
rcuoluatur,  AN,quod  fiippona- 
mus  clTc  parallclogrnmmum  rc- 
^angulum  coucnientcr  ipfi  re- 
uolutioni,  circa  axim,  CN,  ma- 
nentem ,  fiet  igitur  cx ,  AN,  cy- 
lindrus ,  cx  rcuolutione  vcro  fi- 
gur3?,BDMO,fict  fohdu  totupli- 

citcr  variabilc,quotuplicitcr  figum.BDMOjvariaripotcftj 

O  voca- 
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vocabimus  aut  folida  gcnita  a  figuris  infcrjptis  redagjilo, 
ANj  gdnita inquani  per  r^uokitionem  circa^ CN .  Solida 
anularia  ftrkaajpatet  ergo  cylnulruiii  gcnitum  abr  AN^  acl 
folidum  anularc  ftridum  genitum  ex  figura^BDMO,  qua:- 
cuiiqs  fitjcrte  vt5  AN^adcandcm  figuramjBDMOs  ficcjue 
cffcc^tera  folida  fimilaria  genita  ex  his^iuxta  fumptam-^ 
rcgulam  fiue,  CN^flup^Nt^  vtrilqi  lolidjis  cominu^^  \ 

C  O  R  O  L  L  A  R  I  V  k  *  XXVH , 

IN  Propof.  30.  colligimus  folidum  fimilarc  gcnitum  cx, 
AF^  dempto  folido  fimilari  gcnito  exjCFjadfolidura 
fimilare  genitum  ex  fi- 
giira,  HBDMF^dempto 
folido  fimilari  genito 
cxfigirajHBOMF^eflTe 
vt,  AN,  ad  figuram^BD 
MO.  AlfumatLirhic  il- 
lius  figura  5  &  pro  no- 
ftro  exemplo  fuppona- 
tur  y  AF  3  elTe  redangu- 
lumjreuoluaturq^  circa 
manentcm  axim^  HF^ 
cylindrus  ei-gogenitus 
cx,  AF,  dempto  cylindio  genito  ex,  CF,  ad  folidum  geni. 
tum  in  reuolutione  ex  figura,  BDMO5  crit  vt,  AN,  ad  BD 
MO :  folida  autem  genita  ex  figuris  infcripris  ijeaanPuIo,^ 
BDMO.cum  conditionibus  ibi  rcquifit^s  vocabimus  com- 
munjter  :  Solida  anulana  lata^  cadcm  patcnt  dc  c  vteris  fo- 
lidis  fimilaribus  geniris  ex,  A>J,&  fig,,,,,  BDMO,ctinmfi, 
AF,  non  fit  reaangiilum  ,  quia  tunc  i.uclligo  fieri  acnera- 
tioacmfolidorumper  dcfcripfioncm  fumlituTi  fi^utirdm> 
&n<)n  perrcuolutionem.vt  mcxemplo  folko  aCfumpfi. 
viidcpatcr,S(:c.  ^ 
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COROLL.  XXYUL  SECTIO  PRIOR. 

IN  Propof.  52  .docemurfoIidiim  fimilnre  gcuitum  cx, 
AR,  ad  fulidum  fibi  fimilare  gcnitum  cx  figura  5  BCGK 
MD^dcmptis  fo!idis  fimilanb. 
genitis  cx  tnlmcis ,  BCG,  GR 
M>  cnc  vt,  AR5  ad  clljpfim^BD 
MGsponaturhic  illa  figuraAs 
vt  fiat  noftrum  excmplum ,  rc- 
uoluatur,  A  R,  circa  mancccni 
axim^  CR  s  cylindrus  ergo  gc- 
nirus  ex,  AR,  ad  folidum  gcni- 
tum  in  reuolutione  cxcllipfs 
BDMG,  ent  vr,  AR,  ad  cllipfim ,  BDMG  5  fic  ctiam ,  vt  di- 
Jcimus  5  cxtem  folida  fimilaria  cx  ijfdcm  pcr  dcfcriptionem 
fimilium  fii^iirarum  gcnita  :  Vocctur  autcm  folidum  in  re- 
uolutionc  gcnitum  cx  cltipli  3  BDMG  s  Anulus  ftridus  cl- 
lipticus  altcra  partc  latior. 


SECTIO  POSTERIOR. 


IN  Corollario  colligitur  folulum  fimilarc  genicumcx> 
AR,adfolidum  fibi  limilare  gcnitumcx  ellipfi^BDMG, 
ambo  uixta  communcm  rcgnlam,  I  R^clfc  vt  folidum  (nni- 
larc  gcnitum  cx  codcm,  AR,  nd  f  )lidum  fimilarc  fibi  geni- 
tum  cx  cadcm  cllipfi,BDMG,fcd  ambo  gcnita  iuxta  com- 
muncm  rcgulam",  CR  .  HxcmpUim  patcbit ,  fi  concipics, 
AR,  rcuoluicirca  mancntcm  axim,FR,cylindrusenini->3 
tunc  genitu.s,  a^b,  AR,  ad  anulum  ftriaiMn  ellipticum  altc- 
ra  pai  tc  latiorcm,  gcninim  ab  c!lipfi>BDMG,habcbit  can- 
dcm  rationcm ,  qui  fupradidiis  cylindrus  ad  fupradidum 
anulumySc  ideo  amplius  colligcmus)  quoniam,  pcrmuta- 
do ,  cylindrus  gcnitus  in  rcuolutionc  circa  ,  CR-,  f  i^a  5  ad 
cvliJ^driim  ^cnjtum  in  rcuolutiMnc  circa,  rH-  crt  vt  anuluv 

0     2  f'iftu.s 
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facliis  iailla^reuolutioiie  3d  anulum  faclum  in  hac^propte- 
rea  hcati  primus  cylindrus  ad  fecudum  cft^vt,  FR5  adj  RC, 
ita  primiis  anulus  ad  fecundu  erit^vt,  FR5  ad,  RC3  fic  etiam 
erunt  {olida  fimilaria  geaita  ex  cifdcm^  iuxta  regulaSj  FR> 
RC- 

COROLL.  XXIX.  SECTIO  PRIMA. 

IN  P:opof.  3  3 .  colligimus  folidiim  fimilare  gcnitum  ex^ : 
AX,  dcm^>to  folido  fimiiari  genito  cx ,  CX5  ^d  foiidum, 
fibi  fimiiare  ge  litum  ex  fig- ira^BDMXT)  dempto  foiido  fi- 
mi  ai-i  ge  lito  ex  figara:,  BGMXTt,  effe  vt  5  AR  5  ad  cllipfim, 
BDMG  3  quod  fi  fiimatur  folida  fimilaria  genita  ex  eifdem 
iuxta  comanem  regulam,  TX,  vel,  CR,  eandcm  rationcm 
inter  fe  h.iberc  comperientur  dida  refidua  .f.  quam  habet, 
AR^  ad  eilipfim,  BDMG.  Expona  tur  figura,  Sc^vt  fiat  exc- 
plumjreuoluaturjAX, 
circamanetem  axim, 
TX5  igitiir  cylindrus 
genitus  i  1  reuolutio- 
ne  ex5  AX^deptocy- 
lindro  genit  j  ex,  CX, 
ad  folidam  genitum 
inreuolutione  ex  el- 
lipfi  5  BDMG5  erit  vt, 
AR,ad  el!ipfim,BD 
MGs  idcm  accidet,  fi  reuol  utio  fiat  circa  axem  paraMe^am 
ipfi,  AC,  iiKluramduabus.,FA,  RC,  verfiis ,  A,  Q  punda 
produais:  voceturaatem  folidum  genitiim  inreuolutio- 
ne  ex  ellipfi,  BDMG ,  An  ulus  latus  ellipticus  altcra  partc 
ftri^SUor.  ^ 

S  E  C  T  I  O  II. 


H 


:ici;ifiiTT.ilpatct,quodfafcia  foHda  cylindrica  ( vt 
i£a  dicam)  m  rcuolutionc  circajTX,  gcnita  ex,AR, 

ad 
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ad  anulum  gciMtu  cx  cllipli ,  BDMG,  in  eadem  rcuolutio- 
nc>  cil  vc  c  V  iiadcus  gcnuus  ex,  AK ,  du  rcuolutio  tit  cucci> 
CR  >  ad  aiiulum  llriaiim  cllipticum  altcra  partc  laciorcni 
iii  cadcm  icuolutij.ic  circa ,  CK,  ab  cllipli,  BDMGj  gcui- 
lumi  ^iam  ambj  fu.it^  vc,  AK,  ad  ciliplim,  BDMG,  darL^ 
patct  pro ioiidis  Umilaribus,  icC.  Qma  vcro  dida  talcia  lo- 
lida  gciiita  al)5       ad  cyli  idrum  ab  codcm  ^  AKj  gcnitum 
cll  5  vt  .cudaum  quadrati ,  I  X  ,  dcmpto  quadrato  5  KX5  ad 
quadiatum,  l-R,  clt  .n.  cyiiadius  gcuitus  ab>  AXjadcyliu- 
drum  gcuitum  ab,  AK,  vt  quadi  atum,  FX5  ad  quadratum, 
FR,  c\  Lidrus  itcm  gc.Vuus  a ,  CX ,  ad  cundcm  cyliudrum 
gcaitum  ab,  AK,cll  vt  quadratum,  KX,  ad  quadratum5K^*> 
c;g.-)  h  >c  cyiii^dro  dcmptu  a  c)  li  idro  gc.iito  ab>  AX5  rcli- 
qua  falcu  fi>lida  geni  a  cx,  AR, adcylLidrum  gcnitum ex 
egdcm,  AR  yCrit  \  t  rcfiduum  quadrati ,  FX ,  ab  co  dcmpto 
c]  a d;  at  >5  RX,  ad  quadratum,  FR,  hauc  crgo  rationcm  ha- 
Ik  oit  ctiam  anulub  latus  cHipticus  altcra  paitc  Itridior  ad 
anulum  llricKicllipticum  altcrapartc  latiorcm  cxcadcm 
clUpfi^BDAlGjgcnitum;  quia  vcro  rcfiduum  quadrati^FXj 
dcmpto  quadrat  i^RX,  cft  rcvtangulu  fub,  XK^KF^bis  cum 
quadrato, FR>  .1.  rccbngjlum  fub>  XF,  FR,  cum  i  cclangu- 
lo  fub,  XR>  RF5  .i.  rcdanguhim  fub  compofita  cx,  KXAF, 
&  fub,  FR>  idco  diclus  aiuihis  latus  ad  dic^um  anuhim  ftri- 
ftum,  crit  vt  rcctaguh^m  fub  compof  ta  cx,  RX,XF,\  C.hy 
FR5  ad  quadratum,  I  K,  .i.c  it  vt  cc.mpuf  ta  cx,  FX-XK^ad, 
RF)  ncmpe  vc,  VR^  ad>  Kl\ 

S  E  C  T  I  O  III. 

VLterius  habcmus  fafcias  fohdas  cyhndricas  gcnltas 
cx.  g.  ab  codcm  rcamgulo,  AR ,  dum  ht  rcuohuia 
fcmclcirca,TX,&:fcmclcirca  parallclam,  AC,  adanulos 
lato-icUipticos  ahci-n  partc  ftricliorcs  gcniro>  in  rcuohi- 
tjonibJ:>'abelUpfi5BDMG:)habcrc  caudcm  rationcm-^ 

.f.  quam 


• 


xio  C  E  0  M  E  T  R  I  £ 

.f.  quam  habet,  AR,  ad  cllipfim,BDMG,&:  ideo  imer  (e  di- 
&0S  aniilos  elTe,  vt  diftas  fafcias,  diajEautem  fafcix  folidae 
■cyliiidrica:  funt,vt refidua,dcmptisaquadratis  femidia- 
metrorum  bafium  intcgrorum  cylindrorum  quadratis  fe- 
midiamctrorum  bafuim  cylindroru,quas  didce  fafciaecom- 
plcduntur ,  &  ideo  ditti  anuli  inter  fc  eandcm  rationem 
habebunt,  quam  dida  quadratorum  refidua . 

S  E  C  T  I  O  IV. 

IN  Corollario  huius  tandem  dicitnr ,  quod  fi ,  BDMG, 
non  effct  cUipfis,  timi  in  Schemate  huiu.s,tum  Theorc- 
matis  antccedcntis ,  fed  aUa  vtcunqj  nijura  habcns  tamcii 
prsdidasconditioncs  ibiappofitas ,  quod  deeadcm  dida 
quoqj  dc  ellipfi,  BDMG,  verificarentur ,  nofq-  hic  colligi- 
nius,  q.iod  omaia  fupradiaa  arque ,  ac  defolidis  genitis  ab ' 
clhpii,  BDMG,  de  genitis  ab  ipfa  figura  paritcr  verificare- 
tur .  Poffumus  autcm  vocare  folida  dclcripta  per  reuolu- 
tioncm  fadam  circa,CR,  a  figura^BDMG.Sclida  anularia 
Itricta  altcra  parte  latiorarqua;  vcro  fiunt  ab  cadem  per  rc- 
uolutionem  circa,  TX.  Solida  anulana  lata  altera  part<U-5 
ltrictior.i_^. .  ^ 

S  C  H  O  L  I  V  M. 

p  Ofjea/  ifHidem  flurA  ^tU  circ*  Imc  (oUds  confidfrM  •  vt  /? 

A  ,  fecenturpU„tsp,fMu  ad  aum.sirca  cjuem  fit  reuolmU 

extfiemtbusreeih ,  qu,m,„ter  fe  ratiomm  h.hcantrefn,  /?^! 

»'''>f^-i'''»reaatconternf>Undurn(oUdum,a,uod«J^^^ 
reuoluttorse  dtrn,du  elUpfis  crca  mn  a^cem ,  fed  dJctrum .  •vel 
tU4metrop.r.lldam  •      voluta  ctrca  d;ametrum  fohau  defcri^ 
ht  referensfi^urant  Pyri  j  drca  veroparalleUm  dumerrop  rt.o. 
nem  matorem  ab  eiUpfi  refecantem ,  defcrth,,  cjr^ddam  foLL 
Utm  ex  vnapmc.  ^Ham  e>c  4l,a,  referhfig.r.m  Mallp^ra^, 


L  I  B  E  II  IIL  III 
vi  Vii'go  iicitur,  drca  verop^ralUUm  Jutneiro  rendJut^,  (jut .  b 
tlLpd  miw^rem  dhfctni^t  prtioncm  ,  defcribii  quoddam  jolidkrn 
TffcrensfigmrMm  Ftci, pl^ra^j;  his  firmlu  ccntimiUnU rcmant- 
rent,  fcd  vt  iifidtofo  Lechrt  in  4gro  hc  fertUtpimo  labcrdn  it ,  //. 

;  excolenJt  non  omnis  vidcasur  fuhUtus  ejk  bcus ,  tllttss  hiC 
tnfjtstiistom  refertt4revolmh's .  Aduerte  autem  tn  fypmortbus 
Ucet  ^gurArum  afiumptt  fitrtnt  axes ,  vt  ctrcaeojdtm  fitrcife^ 
nolvtio,  iamen  ea  iem  ver.ft  an  aptin^ptts»  tju.i  junt  tantum  dta» 
meirt,9ampjfst$tus  Se^:o>iUi.n  Contcarum  etfiem  thfunt^ 
Jiue  (int  circa  axes,  ftue  i  trca  tantum  dtametr^s, 
vt  habetHr  Ltbro  Prtmo  Scholto 
PrnpQjtttorjts  4Q. 


Finis  Libri  Tertij. 


GEOMETRIiE 

C  AVALERII. 

LIBER  QVARTVSJ 

In  quo  de  Parabola,  &  fblidis  ab  eadem  geni- 
tis  enucleatur  dc(5lrina. 

THEOREMA  I.  PROPO.S.  I. 


I  parallclogramum,  &  trian- 
gulum  fuerint  in  eadcm  ba- 
ri,&  circa  eundem  axim,vel 
diamerrum  cumparabola; 
parallelogrammum  eritpa- 
rabcla»  fcxquiairerum,  tria- 
gulum  autem  crit  ciufdem-* 


paraboias  fubfcxquitertium-, 

Sit e-^go pa  Mboa, FCH, ii^ bafi, rH,circa axim,vcl dia- 
nictrfi,  CG,  /;t  autcm  in  cadcm  bafi,  FH ,  &  circa  eiindcm 
axiin  jvcl  diamct.  uin  parallclo^rammum  quoqiic,  AH,  Sc 
triaii<iiiiiim,CTH.  Dico  crgo  p.irjllclogrjnini  nii,  AH^cf- 
fc  fcxquukcrum  uarabo!  j,  FCH  ;  triangiilu  autcm, ( "[•H, 

A  efTc 


A  < 

:    N  B 

V' 

M  K 

F         G     O  H 

I 


Schol.  49. 
1.1. 
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eflfe  einfdcm'  parabola:,  FCH, 
fubfexquitcrtium.  Sumatur  er- 
go  iii  5  CE  5  qua*  tangit  parabo- 
lam  iii  puiidlojC,  vtcuiiq,  puii- 
dum,  N3&:  perjNjducatur  ipfi, 
CG5  parallela,  N05product(__j' 
vfq;  ad  bafim,  FH^cui  occurrat 

it^i?  O5  qux  pariter  fecet  curuam  parabolx  in^  M5  pcr,  M5 
ducatur  ipfi  bafi,  FH,  parallela,  IL.Eft  ergo  quadrat  fi^GH^ 
vel  quadratum,  EC,  ad  quadratLur», IM^vel  ad  quadratum, 
CN,  vt,  GC5  ad,  CI5  .i.  vt,  ON,  ad,NM,e{t  autcm^CH,pa- 
rallelogramum  in  eadcm  bafi ,  &  altitudine.  cum  tnlmco, 
CMHiE,  &  punctum,  N,  vtcunq;  fumptuni ,  pcr  qnoci  afcta 
z^tl^*  cftipfi,  CG,  parallela,  NO,  repertumqs  eO^vt  quadratum, 
EC5  ad  quadratum^CN,  ita  effcjON^ad,  NM$  ergo  horum 
quatuor  ordinum  magnitudines  erunt  proportionales  .f» 
omnij  quadrata  maximarum  abfciffarum^EQmagnitudi- 
ncsprimiordinis  colled.^  uixta  quadratum,  CE,  ad  qua- 
drata  omnium  abfci(Iarum  ipfius,  CE,  fuie  ambo  lint  redi^ 
yeleiufdem  obliqui  tranfitus,  quarfunt  magnitudincs  fc- 
cundi  ordinis  colleclr  jiuxta  quadratum,  CN,  cri;t  vt  cm- 
ncs  lincx  parallelogrammi,  CH,  magnitudmes  tcrtij  ordi- 
nis  coIIe£ljc,  iuxta^NO^ad  omnes  Hneas  triiinei,  CMHE^ 
magniuidiiics  quarri  ordmiscolle^as ,  i^ixta,NM,  reguja 
pro  his  omnibus  lineis  exiftem|e  ipfa  ,  EH ;  vt  autcm  func 
^ omnes  line^  parallclogrammi  ^.CH,  ad  omncs  lincas  trili- 
nei,  CMHE,  ita  eft  para!lcIogrammum,  CHvuI  trilmeum, 
CMHE,  crgo  parallelogram^mim^CH^ad  trilincu.CMlHE, 
cftvt  quadrata  maximarum  abfcifTirum  ipfuis,CE,ad  qua- 
drata  omnium  abfcijfirum  ipfuis,  CE,veriTm  illa  quadrata 
funt  iftorum  tripla,  ergo  crit  parallclo^rammum,  CH,  tri- 
plum  ipfius  triHnein  CMHF,  crs:o  idem  parallclogramum, 
CH  ^Crit  iexquialterumfemiparaboIa^^GCMH^ideo  etiam 
parallelogrammum,  AH.  crit  parabob? FCH,  fexquialte^ 

rum» 


Ccrol.af, 

1.2. 
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nim .  Quoninm  vcro  trMngulumj  CFH^  eft  dimiduim  pa* 
rallclogrammi,  AU,  idco  quarum  partium  parallclogranr 
nium,  AH,  cnt  lcx,  &  parabola.  FCH^colccjucntcr  carun- 
dcm  quatuorjtriangulumjClHjCnttriao&idco  critad. 
parabolam,  FCH ,  vt  tria  ad  quatuor  ^  &  idcirco  crit  ciul'- 
dcm  lublcxcjuitcrtium,  quxolkndcrc  oportcbat. 

COROLLARIVM. 

Hlnc pMtei  dn^ias  %n  tftlinto.CMHE»  dquidtfldfttts 4XhVtl 
:itdmttfo,  CG,  t/se  tnttf /e ,  vtijHdafdtd  dhft[idftini  ftf 
tMfumd  tdngente  ,Ct,  veffus  vefttceff*  fd^dioU ,  qut  eft  pufim 
£luto$,  Cj  udfH  oHeftfufn  e!f,  ON,  /iue»  Ht,  dd,  NM,  efse  vs  qud* 
dfdtum,  EC»  dJifUdUrdtum ,  CN,  funOum ,  N^fumfthm  eH 
vtcunjue,  tdeo,  d^c» 

THEOREMA  IL  PROPOS.  IL 

SI  intra  parabolamducantur  vtcunq;  dua?ad 
axim^vcl  diamctrum  eiufJcm  ordinatim  ap- 
plicatajlinea?,abfcifra?ab  ijfdcm  parabola?, 
erunt  inter  fe,  vt  cubi  di(ilarum  linearum  ordina- 
tim  applicatarum^* 

Sint  ergo  intra  parabolnm  circa  axim  5  vcl  diamctrum,' 
CG5  conllitutamjdua:  ad  iplum  ordinatim  applu  ata? rcclas 
lincx,  FH,  OM,  parabolas,  OCM,  FCH^abf  mdcntcs.  Di- 
co  crgo  parabolam,  FCH,ad  parabolam,  OCM^clTc  vt  cu- 
bum,  FH,  ad  cubum,  OM;  conftituatur  circa  axcs,vcl  dia- 
mctros,  CI,  CG,  &  in  cifdcm  bafibus,  OM,  FH,cum  dictis 
parabolisparallclograma,  AH,RM.  Qu<miamcrgOcTqui-  ,,.|.^^ 
angula  parallclogramma  habcnt  rationcm  cx  latcnbu^ 
compofitam^  funt  autcm  parallclogrammajAHjRMjxqui- 

A    2  angu- 


I 
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angula,  iK'.n,  OM,eft  paralle- 


C     M  E 


5»  ScStKo 


D.Cor.  4. 
Ccn,  34. 
1-  z. 


£x  anteci 


H 


mum,  AH,  ad  ^arallelogram- 
mumj  RM  5  habebrt  ra  aonein  ^ 
compoUtain  ex  ea  5  quam  ha- 
bct.bA^adjRO,  .i.GCad, 
.i.quadratumjFHjadqua- 
diatumj  OM ,  &  ex  ea  ^  quam 

habet,  FH,  ad,  OM5  kd  ct. am  cubus^  FH,  ad  cuhvm ,  OM, 
habet  rationem  compofitam  ex  ca^  qunm  habct  qi  a  Jratu, 
FH,  ad  quadi-atumj  OM5  &  ex  ea,  qua  habct,  FH,  ad^OM-) 
crgoparallelogrammumjAHjadparallclo^iamirum^RM^ 
&  confequenter  parabola,  FCH,  ad  paraboIajOCM,  ^'quia 
funt  didorum  parallelogrammorum  fubfcxquialK  ra^)  erit 
vt  cubusj  FH3  ad  cubumjOMj  quod  oftenderc  opus  erat. 

THEOREMA  III.  PROPOS.  III. 

SI  in  parabola  ducaturqu^edam  rcda  linea  ad 
eiufdem  axim,  vel  diametrum  ordinatim  ap- 
plicataj  agantur  deinde  ipfi  axi^  vcl  diame- 
troa^quidiftantesrtdae  linea^  vfqj  ad  curuam  pa- 
rabolicam,  &  didam  ordinatim  apph^catam^  qua? 
bafis  erit  ciufdem  parabola^:  Did^^  ^^quidi ftantes 
itdx line^  erunt  inter  fe,vt  rc da ngula  fub  parti- 
bus  bafis  ab  eifdem  sequidiftantibus  conft]  tutis. 

Sit  crgo  parabola,  FCH^  circa  axim,  vel  diamctru^CG, 
nd  quamordinatim  apphcetur  reda  linea  vtcunquc  ^FH, 
dficantur  dcinde  intra  purabolam  axi  5  vel  diamctro^  CG^ 
parallcl^vtcunqucj  AN^MO.bafim^FH.in  punais^N^O, 
diuidcntes.  Dico  igitur  redam,  AN3  ad  rcaam,  MO,  cffe 
vt  rcaangulum^FNH^ad  rcaanguUunjFOHj  ducatur 

pcr. 


0  H 
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pcr,  M,  ipfi,r  H,parallcl;i,  MIj  cft 
cr^v>,  GC,  ad,  Ci,  vt  qiiailr.utim, 
G  H,  .,d  qiiadratu,lM,vcl  ad  qiia- 
aiatain,GO,ci  g  >,  pcr  conucrlio- 
nem  ratioius,  GC,  ad,  GI,vcl  ad,  ^ 
MO,cnt  vtquadratum,HG,ad  F 
lui  rcliquum ,  dempto  quadrato, 
GO,  hoc  autcm  rc)id:.um  cll  rcdangulum  fub,  GOH, bis 
vna  cum  quadrato,OH,quod  cl\  xqualc  rccbnaul,,,!  ()}/ 

nam  redangulum,  GOH,  cum  qu.dratc), ( )H,aq,,arur  rc . 
dnngulo, GHO,  .i.  rcdangulo  fub,  FG, OH, cui  li  lunx. - 
ns  rcdangulum  lub ,  GO,  .V  cadcm ,  OH,  confurcct  intc- 
grum rc^b  igulum, roH , xqualc rcam-„Hs fub , GOH, 
b.s,  vna  cn  quadrato,  OH,  crg. CG,  ad,  MO,  cnt  vt  qua- 
t1um.m,  G H,  t  rcaa.,gulum,  FGH,  ad  rcctangulum,  F 
OH,  coniKTtcndo  ,  MO,  ad ,  CG,  crit  vt  rcaa.Ta  HOF, 
ad  rcaaiiguImiN  HGF;  codcm  modo  o(kndcmusCG,  ad, 
AS,  clk  vt  idcni  redangulum,  HGF,  ad rcc>angulum,FN 
H,crgocx  acquali,  &  coucrtendo,  AN,ad,  MO,crit  vt  rc- 
dtangulum,  FNH,  ad :  ccbngulum,  FOH,  quod  (,ftcndere 
oporrcbat.  l'oflu.uar.tcm  vocari  AN,  MO,  ordinatim 
a  .<piicatx ad  ba!ii'-!  na.  .ibula%  FCH,  .f  a  J  ...'  iin,  T  H. 


vJrLLMA  IV.  PKOPOS.  IV. 

SI  ad  bafim  parabol^  ordinatim  appliccrur 
vtcunquc  rct^^a  linca ,  fiar  aurcm  parallclo- 
grammum,  &rri3ngulum  habcntia  circa_. 
communcm  angulum  di(2:am  applicatam  ,  &  ab- 
foiram  a  bafi  ab  vtrauis  cxtrpniitatum  ciufdcm^, 
vclfintdu^ad  bafim  vtcunqT^rdinarim  applica- 
tXi  fub  alfcrutra  quaru  m,&  fub  inclufa  ab  ijfdcm 
portione  bafis  fiacparalIcIogrammum,&crian- 

giilumj 
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gulumjdidi  paralJelogramijVel  trianguIi,adpor- 
lionem  parabolic  di^ao  paralkJogrammo  infcri- 
pcam  racio  nota  eric. 

Sit  parabola,  cuius  bafis,  FG,  ad  axim vel  diametriiiti, 
CX,  ordinatim 

applicara  j  ad  R       F  V 

baiimautfjFG, 

fit  ctiaordina-       '^A|^i|IV£__v]0  ^ 

tim  appUcata ,        i  7^  y\  —  Hi 

AN,  vtcunque 
diuides  bafim, 
FG,in  pundto, 
N,fiatautcni__* 
parallelogram- 
mum,RN, 
triangulum ,  A 
FN,fijb  lateri- 
bus,AN,NF, 
veIfub,AN,N 
GiVelfintduK  G 
vtcunq;  ad  ba- 

fim,  FG,  ordinatim  applicara? ,  AN,  CX ,  fiat  aiitem  paral- 
lelogrammum ,  &  triangulum  fub ,  AN,  NX ,  vel  fub,  CX, 
XN.  Dico  parallelogrammum,  RN,vel  triangulum,  FAN, 
ad  portionem ,  AFN ,  parabolx ,  FCG,  parallclogrammo, 
RN,  mfcnptam,  effcin  rationc  nota  .  Simihtcr  parallclo- 
grammum,  ZX,  &  trianguIu,NCX,ad  portioncm,ACXN, 
habere  rationem  notam.  Producatur,  CX,  vtcunq;  m,  E, 
&  circa  femiaxes,  vcl  fcmidiametros  coniugatas ,  FX,  XE, 
intelligatur  defcriptus  '"-micirculus,  vel  fcmicIlinlls,FEG, 
producantur  dcinde,  Rl,  ZN,indcfinita,  fccetquc,ZN,cu- 
ruam  femicirculi,  vcl  fcmicllipfis,  FEG,  in  pundlo,  0, 5t 
compleantur  parallelogramma ,  VN,  liX,  fumatur  dcindc 

in,  FN 


Y 

N  \ 

'  J 
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m,FM,  vtciuiq;  puaaam,S,  pcr  quod  ipfi^CE,  parallchv,,, 
ducatar,  \  F ,  iccaas  curuam  parabola: in ,  I ,  curua  nutcm, 
rEG,  1.1,     c!t  crgo,  AM,  ad,  IS.vt  rccbiiguliim,GNr,ad 
rcctuigulum,  Gbb,  cft  nutcm  ctum  quadratii.ON^ad  qua- 
dratum.SM,  vt  rccbngulum  ,  GNl^  ad  rcdigulum,GSF,  40.  fliiiJu 
crgo,  AN,  vcl,  YS,  ad ,  Sl ,  cnt  vt  quadratum ,  NO ,  vcl  vt  ^ 
qviadratum,  TS,  ad  quadratum,  SM ,  fimt  autcm  KN,  N\% 
parallclogramma  111  cirdcm  balibus  ,  &  nltitudimbus  cum 
portionibus,  Al^N,  NI O,  &:  puiidum  -  S ,  fumptum  cll  vt- 
cu^iqiie^  repertumqi  cft.vt,  YS,  ad,SI,  ita  cifc  quadratum^  Coroil. 
TS,adquadratum  SM  crgo horum quatuorordiuum ma- 
g.utudmes  crunt  proportionalcs  collccix  ,  iuxta  quatuor 
lain  di-bs  niagnitudi.ies  proportionalcs  .f,  omncs  Iinc.^ 

ipruis,R:>I,Uiimptaprooninibusc(>mmunircgula,CE,)ad 
o.n  ics  lineas  tnlinei,FIA.>J,  crunt  vt  omnia  quadrata,FO, 
adom  ua  quadrata  trilinci,FM  >N>rntio  autcm.quamha- 
Witomiiui  quadratj,FO  adaiTinu  quadrata  triUnci,FM 
ON^  uraiiotilicAt  j  elV  Lib.  j>dc  Circ.ult     Eilipfi  Prop.  i . 
crgo  $c  ratio  w^i^uuni  lincarum,  R  \I,ad  omn^rs  lincas  trili- 
nci,n  \N,  Scfubindcratio  paralIcIogrammi,RN>ad  por-  j.lib^r 
tiancm,FiA>4,  noTa  trif ,  Sl  fubindc  nota  crit  ratio  triagu- 
li.  FAN>  quodcftdimuluim  parallclogrammi,  KN,adpor- 
tioneiv.jFIA    ;codcm  modi>olkndcmusparallcIo^ram- 
inum,ZX  adquildrilincum,NACX  ciTe  vtomnia  quadra- 
om'iia  quadrata  quadrilinci  tONXF,  ratioau- 
tcni,  quam  habcnt  om  iia  quadrata,Ii!X,ad  omnia  quadra- 
ta  cjuaurilinei,  ONXE ,  iam  notihcata  cft  in  fupradiclo  Li- 
'bro,  Prop.^.  &  4.  erg  j  rati  j  parallclogrammi,ZX,ad  qua- 
drili  ieum,  fiucportio^.iem  parabola?,  ANXC,nct;i  crit,vc- 
luti  ic  ratio  trianguli,  CNX%ad  candc  portioncmj ANXC> 
paritcr  iiota  erit,  quodcrat  oflendcndum. 


co- 
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COROLLARIVM. 


Hlne  eoHigmr  di£lap4r4UeUgramma  ad  ptrtienesparaitU 
fibi  tnferiptas,  ordtnattmque  ad  parahoU  baftm  applteatit 
inclfifas,  efse,  vt  omnta cfuadrata  paralUlogrammorum  tUis  i  re ♦ 
gme  refpondentmm,  qmbufq'^  tnfcribuniHr  femtportiones  citett* 
It ,  vel  eUtpfit  iam  dtila  adtmnta  quadrata  dtiiarttm  femtportio- 
num,  regula  communiaxi,  vtl  dtametro,  Ct,  exiftente .  Oy/f  o» 
fum efl,  RN,  ad  ptrtionem,  FAN,  efse,  vt  omma  quadrata^, 
■FO,  ai omnta  quadrata  trtlinei ,  FMON^  ZX,  ad porttonem, 
ACXN,  efse,  vt  omnta  quadrata,  ^iX,  adomnta  quadrata  qua- 
drtltnet,  NOEX.  AN,  CX.  ordtnattm  adbafim,  FG,apflttatA 
fumptafunt  vtcunque,  vndepatet. 

THEOREMA  V.  PROPOS.  V. 

D V(5bis  vccunqjad  bafim  parabol^ordina- 
tim  applicads,  parallelogramma  fub  ip- 
fis,  &  portionibus  bafis  ab  \  abfciC 
fis  ad  fibiinfcriptas  portiones  parabolg  infrafcri- 
ptam  rationem  habebunt. 

Sit  crgo  parabola ,  HGA ,  iii  bafi ,  HA ,  circa  axim  ,  vel 
djamctrum ,  GO,  &  fint  dua.e  ipfi ,  GO ,  parallells  vlcuii- 
que,ST,EC,compleantur  autcm  parallelogramma  ,  LT, 
BO,  DC,  dcinde  producatur ,  GO,  vtcunq;  m,  M,  &  ci.  ca 
fcmiaxcs,  vel  fcmidiametros ,  HO,  OM,  intclligatur,  HM 
A,  fcmicircukis,  vcl  fcmiellipfis,  cuius  curua,  ST,EC,pro. 
diiaa:; fcccnt  in,  VN,  complcantur  panter  parallclogram- 
ma,  HV,  HM,  HN,  producantur  infupcr,  YM,  BG  ,  vfquc 
m,        &,  SV,  EN,  vfqs  ad  punda,  P,  Z,  Q .  I,  quar  funt  m 
latcnbus,  B!i,  y&.  Igitur  parallclogrammum,LT,  ad  por- 
tioacm,  HST,  cnt  vc  omnia  quadrata,  HV,  ad  omnia  qua- 

drata 
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drata  fcmlpor- 
tionisjH  rv^irc- 
pila  >  G  M  5  pro 
nac  Propof.  su- 
ptn)  .i.vt,TA,ad 
compofitam  cx 
■f.TA,  &ir.H 
Tjvt  p.itet  iii  Li- 
bro  deCirciilo, 
&  Ellipli  Propo- 
fitionc  I . 

Similitcroftc 
dcmiis, BO^  fe- 
iniparaboIxjHG 
O,  ciCc  fcxqui- 
altcrum,cft.n.vtomnia  qundrata^HM,  ad  omnia  quadra- 
Ca,  HVMO,  i.  in  ratuae  fcxquiaitcra,  vt  patct  m  cadcm^ j 
Propof  I . 

Pariter  dcmonftrabimus ,  DC ,  ad  portioncm , HGEC, 
crfe  vt,  ACadcoinporitamcx  t.  AC,  &  i-.CH,ficeiiiin 
funt  omiiia  quadrata,  HN,  ad  t^mnia  quadr  ata  kmiportio- 
nis,  HMNC,  vt  patct  i  i  ciuldcm  Lib.  Prop.  i . 

Quod  fi  vclimus  compararc  parallelogrammajou  r  funt 
in  bafibus  :tqualibus  axi ,  vcl  diamctro ,  inuenicmus  iafi  a<» 
fciiptas  rati(Mies.r.p3ral!cl(>grairmum,BT,  nd  porri(^nrm, 
HST,  clTe  vt  redagulum  Aib,  Hc\  &  tripla>  OA,  ad  i  cdan- 
gulum  fub,  HT,  &  lub  copofita  cx,  TA,  &,  AO,  (icutl  f  nt 
omnia  quadrata,  HZ. ,  ad  omnia  quadrata  fcmiportionii,  H 
TV.  Eadcm  rationc,  BC,  ad  portioncm,  HGECjCrit  vt  re- 
itiangulum  fub^HO,  &  t;  ip!a,OA,  ad  rcdaguh  m  fi  b,HC, 
&:  fub  compofita  cx,  CA,  AO,fic  cnim  funt  omnin  qua- 
drata,HI,ad  omnia  quadrata  fcmlpoitionis^HMNCjVt  pa- 
tct  in  coJcm  Lib  3.  Prop.  2. 

Si  tandcm  fumamus  parallclogrnmmum,  PCcui  infcri* 

B  pta 
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ptaeftparabokportio5TSGEC,iiuYaduabus,ST^^^^^^ 

ad  bafim,  HA,  vtcuuqj  ordmatim  apphcatis  ^/^"^^"  "^^ 
piaut  axem ,  vcl  diametrum ,  GO ,  fiuc  non ,  fiie  axis ,  ^  el 
diameter,  GO,  fit  akera  harum  duarum  ^dbafim.  H  A,  or 
diaatim  apphcataru,  fiue  nonj  repcncmus 
nn.m,  PC,  ad  port.oncm,  TSGEC,  efTc  vt  rectangulun^. 
HOA,  ad  reaagukim fub,  AC,&: fub  compofita  ex  t.  ^ 
Ttotl  TH,  vna  cum  reaangulo  fub ,  TC,  6c  lub  compoii- 
ta  ex     TC,  &  -i.  TH, fic  enim  c(fe  jnueiuemus  omni.i_j 
quadrlta,  T I,  ad  omnia  quadrata  quadnhnci,  TVMNCvt 
patet  eodem  Lib.  Prop.  4. 

C  O  R  O  L  L  A  R  I  V  M. 

Hr»e  hibefur  ft  faat  tritnguU,  dums,  $H,  PH,GH,  ^r, 
hiC  *d  ftrttems ,  ^tibus tufcrihuntur  h^htn  ^tefdem  ru- 
U3ats,,jaas  hibtnt  d  mtdta  Mttctdtnttum  ad  tadem  cinftqutn- 
tia  fuperius  txpofita ,  funt  tnim  &  tffi  irtar^gula  dichn^m  /rf- 
<ffi!llihgr»m/titfumdimtdM~i» 

THEOREMA  VL  PROPOS.  VL 


I  ad bafim  datse parabol? ordinatim  applice- 
tur  re^aa  linea ,  tota  parabola  ad  abfciflam-, 
portionem  per  ipfam  ordinatim  applicaiam 
cri^  vt  parallelepipedum  fub  altitudine  dimidia_» 
bafi,  fub  bafi  autem  quadrato  totius  bafis  >  ad  pa- 
rallclepipedum  fub  altitudinc  linea  compofita  cx 
dimidia  bafi ,  &  reliquo  bafis,  dempta  abfciflfa  ab 
cademextremitatebafiSja  qua  portio  parabolae 
abfcindirur ,  &  fub  bafi  quadrato  ciufdem  abfcif- 
pcr  diaara  ordinatim  applicatam :  Vd  crit ,  vt 

cubus 
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cubustotius  bafis  ad  parallelepipedum  fub  bafi 
quadrato  ablciflce,  alcicudine  cripla  reliqu.T,  cum 
cubo  didx  abfciffx. 

Sit  parnbola^HGA,  ciiiui  bafis,  H.\^  axisjvcl  dianic- 
ter,GO;  d  ica-  ^  *^ 

tur  dci  idc_^        P       L       H  F  Y 

ipfi,  G(),  vtcu- 
que  parallcla  , 
ST.  Dicopara- 
bolam,  AGH, 
ad  vtrauis  por- 
tionum ,  SHT, 
TSGA,vt  ad,  S 
HT^dTc  vt  pa- 
rallclcpip.  fub 
'^ltitudlic  di- 
midia,HA,quc 
fit,AX,illiirL-> 
dircc^hmi  cofti- 
tuta ,  bafi  c]un- 
drato,  AH,nd 
parallclcpjpe— 
dum  fub  alti- 
tudinc,XT,bnri 
quadrato,  TH. 
Producatur,  G 

O,  in,  M,  &:  circa  fcmiaxcs ,  vcl  fcmidiamctros ,  HO ,  OM^ 
intclligntur  dcfcriptus  fcmicirculu^ ,  vcl  fcmicllipfis ,  HM 
A,  dcindc  pcr  punda,  G,  M,  ducantur  ipfi,  H A,  parallclar, 
B%  Y&,  &  pcr,  HA,  ipfi,  GM,  parallclx,  BY,  ^ic ,  produ* 
caturquc,TS,  vfq;  ad,  BRf,  Y&:,  in,  P,  Z,  &:  pcr,  SV,  ducan- 
tur,  VF,SL,  parallcla?  ipfi,  HA,  funt  i^itur  parallclograma, 
B A,  A Y,  LT,TP,  BT,  TY,  PA,  M.  Igitur  parabola,AGH, 

B    2  ad 


ti  G  E  0  M  £  T  ^  /  i^: 

3>;ff.  u .  ad  poitionemv H^T,- habct  rationetn  compofitarfl  €x  €x^^ 
*  quam  h..bct  parabola  yHGA,  ad  paraiieiogrammuni » BA> 

£x  aiMcc.  .i.  ex  ea,  qi-iam  habe.it  omnia  quadrata  j  Hoc,  ( rcgula  fum- 

pta  prohucTheor.ipra,GMi,  adomaia  quadrata  femicit- 
j  1  s.  c  j-i,  vcl fcmiciliplis,  HMAj  &  ex  ca,quam  habct,. AB>ad,- 
,  1  ,      BT,  .i.  Al-I,adr  HT,  .t.  omnia quadrata,  &  H, ad omm.L^. 

q.iadrata,'  iZj  &  ex  ca,  quamhabet^BTyadportionem^, 
lasiirec.    HjT->  i.  om^.ia' 

quadLata,HZ,adomnia  quadrata  kmipor' 
©^fii  II  ^^^^  HTV, fcd ctiam omnia-quadrata  femieirculi,  vcdc- 
'     '  midlipfis,HMA7ado>mniaquadratareroipoitK>ms,Hfy* 
habent rationem  compofitam  ex  eas qi  am  habent  omnxa 
qu.vdcata  femicircuh 5  vel  femieUipfK  i FiMA , adomnm_> 
qiiadrata  ,H&  , &  ex  ea  ,-quam  habent  hac  ad  omnia  qua- 
di-ata  fcmiportionis ,  HTV,  crgo  prabola,  HGA ,  ad  por- 
tioaem,  Hi>T,  eft  vt  omnia  quadratai HMA,ad onuiia  qua- 
* fv  j.      drata  femiportianii ,  HTV,  -i.  vl  p^rallclcpipsdum  fub  al- 
titudinc,XA,  bafr  quadrato,  AH,  ad  parallelepi^>edum  fub 
altitudiiie,  XT,  bafr  qliadrato ,  T  H ;  vcl  vf  cubiis ,  AH ,  acf. 
paraUelepipedam  fubalfitudme  fripIajATrbah  quadrato^ 
rH,  GumcuboyTH,  fic,n,  cfle  omnia  quadraTa  femicif.£ii- 
li,  vel  femiellipfis ,  HMA  ,  ad  omni»  quadrata  fcmiportio- 
nis,  HVT,  oftenfum  eft  Lib.  3 .  Prop.  6, 

C  O  R  0  L  L  A  R  I  V  M< 

Hf/fC  pdftt ,  (fUod,  dmitnio ,  pD^tio  fardoU ,  SGAT,  ai 
pomtntm ,  SHT,  erit  vt  evtni/t  cjHadrata  femtpcrtionist 
A^y  r,  adomnta  qudirata  femipertioms,  fJfTt.fvi  paratiele' 
fipedvm  fub  altitudine  linea  camp'>/tta  ex,  Ofl,  fiT ,  hafi  (ftiadrit' 
10,7  A ,  ad patatleUpipfedtim  fuh altttudine  ,JtT, haf  tfuadrato^ 
UT,  vtpatttttt  CoToll  fapradidaPrtp.  6,  eiufdem  Ltbrt  j. 


THEO' 
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THEOREMA  VII.  PROPOS.  VII 


SI  ducT  a J  bafim  paraboKT  applicenrur  vtcun- 
que  rcd.T  linea?,abfci(r^  portiones  parabol.^ 
erunt  inter  fL*,vt  parallclepipeda  fub  balibus 
quadratis  abfciirarum  i  bafi  pcr  eafdcm  applica- 
tas  abcadem  extremitateja  qua  portiontsabfcif- 
fx  intelligUntur,  altirudinibus  compoficis cx  refi- 
duis  di^x  bafis  (dcptis  abfci(Tis)&:  dimidia  totius, 

Sit  crgo p:uabola,  HGA,  m  bafi,  HA,  ad  qiiam  ordma- 
tim  .ipplicciitur  dii^  vtcuiu^  liac.v ,  S'l ,  \{\\ abrciiidtntcs 
portioiics,  R H V,  S H  F.Dico  portioncir  >  R H V':>  ad por iio- 
nail^SHT^  ciTe  ;  li  prodiicjtur,  AX,  xqua- 
lis  fpfuis  bjlls ,  AH5  incdict.ni  vt  pjrallc- 
lcpipcdjm  fuba!titud!.ic,XV,baru]uadra- 
to,  VHj  ad  parallclcpipcdum  fub  altitudi- 
ftc,XT>bjfi4uaJrato>TH .  Ellcnimpor- 
ti    11 HV,  aJ  pnrabolam  y AG  H  >  vt  paral- 
klepipedum  fub  altitudi  ic ,  XV.  baii  qua- 
^rato^VHjad  paraflclepipcdum  lub  altitu- 
diiic,  XA,bafi  quadratov^H^item  parabo- 
la^  AG  H,  ad  porti  )ucm,  HST^  c\\  vt  pdraU 
lclepipedum  fub  altitudinc^XA,bjfi  qua- 
dratOyAH^ad  parall^lcpipedum  hib  alticu- 
di^iCjXT^bariqaadrato^THjCrgo  cx  arqua- 
li  porti->5  R  H  V,  ad  portDuem,  SHT,  cft  vt 
parallclcpipefdum  fub  jlt itudiac  ,  XV,  bnfi 
quadrato^V  H^ad  parallclcpipcdum  fub  altitudiuc^XT^bafi 
quadrato,  THj  quod  oftcndcre  oportcbat . 


£x  aiitc«. 


THEO' 
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THEOREMA  VIII.  PROPOS.  VIII. 


SI  adbafimdatze  parabola?  ordinatim  appli- 
ceturrtd:a  linea,fubqua,&fub  portionc_^ 
bafis  abfcifla,  ac  earum  extrema  jungcnic>/, 
fiat f riangulum,portio  parabolf  abfcHfa  ad  trian- 
guium  fibi  infcriptum  erit ,  vt  ad  reliquam  bafis, 
dempta  abfciffa,  eadem  reliqua  cuni  t»  ipfius  ab- 
fci(f«. 

Sit  parabob,  HGA,  iii  bafi,  HA,  ad  quam  ordinatim  ap- 
plicetur  vtcuiiqj  recta  !i  lea^^^T^hat  antcm  triangul  un  fLb, 
ST,  &  vtrauis  duai  u,  HT,TA,  vt  fub,  HT,  &:  fnb,  SH,  quod 
fit^  H^T.  Dicoportionem,  HST,  ad  tLiangulum,  HST^cfTe 
vt  compofitam  ex,  AT,  &  t •  TH  ^  ad,  Al ,  cc  mpleatur  pa- 
f .  fcoiuf.  rallelogrammum.CT,  eft  ergo  parallclogrammum.CT,  ad 
portionem ,  HST,  vt  5  AT,  ad  compofi- 
tam  ex  r.  AT,  &  t.  TH,  &  aiiteceden- 
tium  dimidia  triangulum ,  HST,  ad 
portionem ,  HST,  erit  vt  dimidia  ,  AT, 
ad  compofitam  ex  -r.  AT,  &  ir.  TH,  .i. 
vt,  AT,  ad,  AT,  cum  t.  HT,  &,  couer- 
teiido,  portio,  HST,  ad  triangulfijHST, 
erit  vt  compofita  ex  f.HT5&  tota^TA, 
ad,  TA5  qiiod  oftendendum  nobis  crat. 

S  C  H  O  L  I  V  M. 

POtefidntem^dm^  ratio  fic  cdPt/lifui ,  enpfiicMfis  termwfh 
fciltcet»  (fuodportio  H  sT,  ddtriangulfimMST,  fit  vt  vm, 
HA,  cftm  auahus.  A  r ,  Adtres,  AT,  vclffc,  quodfft,  vt  dimidia, 
HA^  cum^  ATf  ^dfpfam,  AT. 


PRO- 
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PROBLEMA  I.  PROPOS.  IX. 

AData  parabola  portionem  abfcindere  per 
lineam  ab  ciufdem  bafimordinatim  du- 

<^3"iiqu2radtriangulum  fubeadcmor- 
dinatim  duaa,&  abfciffa  pcr  eandcm  a  bafi  para- 
bola- ad  eandcm  partcm,  ad  qua  abfcmditur  por- 
tio ,  habeat  datam  rationem ,  dummodo  hxc  fit 
maiorfcxquialtera... 

Hoc  Problcma  foluctiir  iucihoao  Propof.8.  Lib.J.pro- 
ptctcacircj  ipliiinnon  iir.ir. -ror. 

THEOREMA  IX.  PROPOS.  X. 

SI  ad  bafim  datar parabolse  ordinatim  applicc- 
tur  vtcunq^  red>r  lincar ,  triangula  fub  ipfis, 
&  portiombus  bafis  ab  ijfJcm  abfcidis ,  crut 
vt  parallclcpipcJa  fubbj'fibusquadratisabfci(fa- 
rumabafi,altitudinibuiautcni  rcfiJuis  ipfiusba- 
fisdcmptisabfci^Tis. 

'  ic  pa».,i)o,.i,  livj.'.,  t.iius  b.uis,H.-\,  .ixis,vcl  tli.imctcr, 
0O,Uat3utciTj  uiicjt.c  dua- \  tcuuijuc  ocJiiutjm  applicat». 

ipfam  baUm,  H.\,  ipfr,SI,V'X,  &  luiigantur,  SH,- 
VH.  Dico  triang.jlum,  VHX, ad  triangukim ,  HST,  cfle  vt 
parallclcpipcjiim  fub  alt  itudmc ,  AX ,  bali  quadi  ato ,  XH, 
ad  parallclcpipcdu  fub  a'titudinc,  AT,  b.iri  ou.ndrato ,  1 H. 
(^oniamcnimtriagula  vnuttinngulum  vniangulo  aqua- 
lcm  habcaiiaratioacm  habctcxrationelatcrunyllisan- 
guiis  cimimftantinm  cr.iffp(.srt.iirfi5  idco  triagulum,  VHi^ 
;^d  irian^^uliuTij^iHijbabtbu  rjtit>ncauoinj)ofitam  cx  ca,' 
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quam  habet,  VX,  ad^ST,  ideft 
}.huius.   rectangulumj  AXH>adreda- 
gulum,  ATri^  &  ex  ea ,  quam 
habct,XH,ad,HT,fed  Utf  dua^ 
O.o.cor.  rationes  compoiiLit  rationem 
parallclepipedi  fub  altitudi- 
ne,  HX,  bafi  reaagulo,  AXH, 
adparallelepipedam  fubalti- 
tudiae,  HTjbafi  reitangulo, 
Schol.  jy,  HTA,  .i.  parallelcpipcdi  fub 
*•        altitudine, AX,bafi  quadrato^ 
XH,  ad  parallelepipedum  fub 

altitudine,  AT,  bafi  quadrato^TH,  ergo  trianguhim^VHX^ 
ad  triangulumjSHTj  crit  vt  parallelepipedum  fub  altitudi- 
ne,  AX^  bafi  quadrato,  XH,  ad  parallelepipedum  fub  alti- 
tudine,  AT^  bafi  quadrato,  TH,  quod  erat  oftendcadum* 

COROLLARIVM- 

H/w  dppifet,  /i  proJueatur,  GO,  vtctinf^  E,  ^  circd  fe^^ 
mt4xes,vel fi*n^didmeths  NO,  Ot^  defcrthtntelltgafut 
femtctrctilus,  velff^mielltplis,  HEA^  (fund,fietiam  producarnuf^ 
ST^  FX»  tn,  N,  M,  eir  tungdntur.  H  M  ^  omnta  cfttadrMCJ 
trianguli,  HXM^  ad omnta  (juadrata  trtaguU,HTN,  reguli.OE^ 
erunt  in  rationecompofita  ex  ea,  cfuam  habet  cjua^raturf^,  XM,ad 
tfuadrdtum,  TN,  ,$.  reiiangulum,  /iXH,  adreEtangufu,  A\ 
^  ex  ea,(]uam  hahet,  Xfi,  ad»  HT,  i.€runt,vt parallttepipedum 
fub  altitudine,  AX,  baficfuadrato ,  XH,  ad  paratUle^tpedum  fub 
dtitudine^  Af  >  baftquadrato,  TH. 


THEOREMA  X.  PROPOS.  XI. 

C  I  ad axitn,vel  diamerrum  darse  parabola? ordi- 
^  natim  applicentur  duse  rc(a«  lineas  eandem-* 

fecan- 
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fecantes,deinde  fumpto  extremo  pun^ao  minoris 
didarum  ordinaiim  applicatarum ,  &aliocxtre- 
mo  pun(flo  maioris  didarum ,  fed  non  ad  eandem 
partemjiunganturdKaapunda  rcftalineai  hxc 
diuidet  quadrilincum  duabus  ordinatim  applica- 
cis  inclufum  in  duo  trilinea :  Trilineu  igitur  con- 
fti 

confticucum  in  minori  canquam  in  bafi  cric^vc  di- 
(kz  maior  ordinacim  duftarum ,  fimul  cum  ccrria^ 
proporcioriali  duarum ,  quarum  prima  cft  cripla^ 
compofica:  ex  minori,  &  dimidia  exceflTus  maioris 
fuper  minorcm  ,  fecunda  auccm  cft  dimidia  diCki 
exccffusi  ad  eandem  minorem ,  cum  eadem  ccrcii 
proporcionali* 

Sic  crgo  pnrabola ,  cuius  bafis,  BH,  axis ,  vcl  diamctcr, 
NO ,  dux  ad  ipfam  vtcunq;  or- 
dinatimapplicatxfint,  BH^ba- 
fis^  &,  AM,  minor  ipfa,  BH,  ab- 
fcindcns  parabolam,  ANM,  fu- 
matur  autcm  vtcunq;  pudum, 
A,  cxtrcmum  minoris ,  AM,  & 
pundum^H^ad aliam  partcm 
dc  duobus  cxtrcmis  maioris,  BH,  &:  iungantur,  A,H,puii* 
cla  rcvfla  Imca  ,  AH ,  dcindc  a  pundis ,  A ,  M,  dcmittanrur 
vcrfus,BH,paraUclx  ipfi,  NO;AC,MG,crit  ergo,BC,GH, 
cxccfTus,  BH,  fuper ,  AM,  &,  BC,  iqualis  ipfi ,  GH,  dimi- 
dium  didi  exceffus  3  fiat  ctiam ,  vt  tripla,HC,  ad,  BC,  ita, 
BC,  ad,  CE,  &  iungatur,  AG  .  Dico  trilincum ,  ABH  ,  ad 
trilincum,  AMH^clTc  vt,BH,cum,CE,ad  ipfam,AM,cum, 
CE :  Prius  autcm  dico  portionculam ,  ASB ,  cfTe  a?qualem 
portionculx,  MIH,  eiciiim  Crapcziu,  ABOR ,  ccquatur  tra- 

C  pczio, 
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^iw,  ROHM,  feflKiadtjkiieitimifJASBOiipfi  d^mdTilmeo'^ 

nes  xqiiidil]:aii^f  s^^p^;>RH>4^^       qniucs  lia^,^ 
RASBO^aeqapnuir  praaA 
'^*  dc  dida  qiiadVtliiida  ctiVm  fuht  ^'qUaifi &  id^o' poriidricti;^ 

Ix,  AS3>MIH,ititi^i^  fdfiint  seqtralc^srQnnniam^vei  6  portio^ 
ASBC ,  ad  tciangcitiim  i  kliCy  elfciJtxcompoiitu  iax  v  •  BC^ 

plam,  CH3  .i/fgmpUjKC^  cou;ii\ua^^^  q^naara^ 
tum,  BCvJtt  tcaan^liKfm  fab'^ 

triailgulum,  ABCVid  ^ri^ngulinri  yABH^  rtij  GBV^d  ^Btf^ 
^r^'  ^      ideftAfumptal  fccmmuni  altitudii^iQmpla^iCrt,  }'vt  rc^t^gu^i^ 
lum  fub^  BC>  Sctti^h^C^yjidtQi^^ 

ABFf,  crit  vt  quadratum,  BC,  ad redangulum  fub  5  BH,  &: 
^  tripla  5  HC ,  quoniam  vero  5  BC  ^  eft  mccfi^'f)roi)or'tioiiMi^^ 
iiitcr  tripbhiy  HC^  &i  ipibm",  CE  -i  id^o  quadratum  >  BC^ 
^lYz  rcdagulo  fub  tripla^HC;,  &fubvCE5  vhde pdrtibii4 

^  cula,  ASBy^d  triangulum  5  ABH  >  erit  vtredaiigulnmfubij^ 
CEy^S  tf  ipb,  Ch^  a  d  reda  agulum  fub>  BH ,  &  tripla ,  CH^ 
ideft crit^y  vt  bafis,  Q^,  ad  baii)i3>BH'5  crgo  5  componehdoy 
triU  icum,  ASEH^  ad  tiiangwlum  5  ABH"^  crit  vt^  CE,  cnm^ 
BH,  adipfr^m-,  BHp  triajjgulum  vero,  ABH,  ad  trian^^ulnm^ 
A^CG^vel  ad  trranguIum^AGMjcft  vt^^B^H^a^^d^iCCjiifd-aJi! 
AM5  cft  y^ro,tria«gulumy  AGM5  ^eqi^ale  tnan^rloef  AHM;^ 
efgp.trilia^um^  ASBH,  a,d  tri^ngiituni  ^iAA-H  cr^r^U  CE^ 
cunv,BH5.adyAM,<rflveratFijiueuni5ASBH)^^ 
Iam>  ASBtpvcl,  MIB5  illKTqualems^pcV  comi^rlioiicnT  ratiof 
nis5\^5  EH3  cum^  CE,ad  ipfam,  (ZE^  ergo,  colHgeadb^trili- 
neumyA^'  BH^ad  tt-ianaulum^  A^iMA^-port^  oncubm.Nn 
4.  ad  t>i-ilnieutt>,AMtH.crit  yt}BH5Cuiji>^C£iiic^ipfam,AM^ 
cima5CE:,quQ4oftc^>4ctcaporrebat>  ,f  •    v  -    i    '  ^ 

J  CO- 
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Sfumpta  figura  Propof.anr.dimiflfa  redd^ 
AG,  &  conftitum  parallclosi  arrtb  fiiper, 
BH,  circa  axim,  vel  diamettii,  RO,  <]^iod 
iit,  PH^iund-ifque,  BR,  RHjOftcndcmus  parane- 
logrammum,  PH,ad  fruftu  pnrSboJa?,  A^BHINf^ 
tfl^e  vt,  BH,  ad,  HC,cum,CF;  &  trianguUhRBH, 
ad  idem  frnftum  efle  vtibH^ad  duplam>  HC>CEi 

Parallcl  >g  anmuun  caun,  PHyCftadtria  iguliunj  AfiW, 
vt  dupln  5  BK ,  ad  ipbm,  bH, 
Cnigalum  vCrA  >  ABH,  ad  fc- 
aioncula  w  ASB,  cll  vr,  BH, 
ad,  CEj  ergo,  cx  xquali  >  p^^- 
rallclograjnmimi ,  PH,  ad  lc- 
ftioncula*  ASB>  dl  vt  dupb> 
BH  >  ad  5  CE ,  &  ad  duas  por- 

tioiKulas>ASB>MIH,cnc  vtdupla^nH^.ul  auj)  :i>CF>idcft 
vt,  BH,  ad.  CE .  Iran  parnllclt)g-ammum  >  I  H  >  ad  trapc 
ziumi  ABHMi  cft  vti  BH ,  ad»  AM  t  cum  dimidio  cxccffusj 
BH,  fupcr»  AM>  .i.  ad,  AM>  vc', CG» GH,  c.  g(  ♦  col !igcdo:> 
parallclogrammumf  PH,  jd  fcdiouculas  •  A\]5  >  M;H,  cum 
tnpe7.ir)iABHMi.i  adiVuftum parab  >lx>ASl:H:M,crit  v,r, 
BH,  tid,  HC»  cumi  CE.  Quin  vcro  triangulum»  KBH>  cft di- 
niidium  parallclogrammif  I H,  idco  ad  h  uftum  i  ASLH.M, 
-CfiC  vt  diiTiidia»BH,  ad»  HC,cuin,CE,  .i.  vt,BH,ad  diiplam, 
HC»GE>  quod  crat  oftgudciidum— » . 

C    2  THEO- 


io  GEOMETRIi^ 

THEOREMA  XIL  PROPOS-  XIII. 


SI  ab  extremo  punc^o  bafis  dat«  parabol»  du- 
catur  vfq;  ad  curuam  parabolse  fupra,vel  in- 
fra  bafiai(indcfiniteprodu(aaipfacurua)re- 
fta  linea:  Data  parabola  ad  fegmenta  fub  duiais 
lineisj&curua  abijfdem  abfciflfa  comprehenfa^, 
fingillatim  fumpta,  erit  vt  cubus  bafis  ipfius  dat« 
parabokad  cubumredae  lineas  di^lo  punfto  in- 
terceptse,  & alio pundo  eiufdem  bafis  produda?, 
(i  opus  fit ,  in  quod  cadit  re^la  linea ,  qua?  ducitur 
ab  aiio  extremo  paado  bafis  refedi  fegmenti  pa- 
rallela  axii  vel  diametro  ipfius  data^  parabolai^. 

Sit  ergo  data  parabola»  HNB>  iii  bafi|HB>funipto  autem 
vno  cxrremorum  pim- 


^torum)  Ht  B  >  ipfius  ba- 
bs,  HB  y  vt  ipf  im  i  H  >  ab 
€o  ducatur  vtcunqs  re- 
ita  linca  >  H  A  i  fupra  ba- 
fim>  HB>  &  indefinite  jp- 
diida  curua,  NAB>  alia, 
H7i  fubter  bafimivt  fmt 


conftitiita  fegmenta  >  A 

NH,  VBNH  >  fit  autcm.  axis»  vcl  diamcter,  NfO,  cui  paralle- 
Ix ducantur  pcr  pundai  AV>  vcrfus  bnhm,  HB>  produdam, 
fi  opus  f\u  occurrcntcs  illi  iii  puntflis»  Xi  C.  Dico  ergo  pa- 
rabolam,  H,NiB>  ad  fcgmeiitum,  H  N  A,  cHc  vt  cubus,  HB>ad 
cubum,  HC.  Eandcm  vcro  ad  fcgn^cntum>  HNBV>  cffe  vt 
cubum>  BH>  ad  cubum, HX>iungantur  pimcl:a,  B>  A5  B,  N; 
N>  t^>  &  fit>CE>tertia  proportionalis  duarum,quarumpri- 
cil  triph>CH)  fccunda  autcm  ipfa>  BC.  Quoniam  ergo 

t;un- 
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triangula,  NBH;  B AH,  funt  ui  eadem  bafi,  BHjCrunt  intcr  CoroH  i  - 
fc,vt  jU .tudincs^vcl  vt  linca:>qiix  a  verticibus, NA^  ad  b^- 
fcs  duda:  cum  eifdcm  aequalitcr  mclinantur.i.triangulum, 
HNB,  ad  triangulum,  H AB,  ci ic  vt,  NO,  ad,  AQ  .i.  vt  rc- 
^tangulum,  HOB  j  ad  rcdangulum ,  HCB.  Infuper  trian-  Defin.  il. 
gulum,  HNBjadportionculam,  ASB^lubctrationccom-  ^*'* 
polkam  cx  ratione  trianguUj  HNB,  ad  triangulum,  HAB, 
•  i.  cx  ratione  rCLtanguli  y  HOB,  ad  rccbngulum ,  HCB,  & 
cx  rationctrunguli ,  HAB ,  ad  portionculam ,  ASB  y  .i.  cx 
rationc,  B nd,  CH,  qua:  dua:  rationcs  componunt  ratio-  CotoU 
ncm  parallclcpipcdi  fub  altitudine^BH^balircdangulo,  ^^^^^ 
HOB,  vcl  quadrato, OHyad  parallclcpipcdum  fub  altitudi- 
nc,  CE,barircdangulo5  HCB^crgo  triangulum,  HNB^ad 
portionculam^ASBjCft  vtparallclcpipcdum  fub  nltitiidi- 
nc,  BH,  bafi  qundrato ,  HO,  nd  parnllclcpipcdum  fub  alti- 
tudmc,  CFo  bafi  rcdangulo,HCB,crt  autcm>vt  diccbatur^ 
crijngulum,  HNB,  ad  triangulum,  HAB^vt  rednngulum, 
HOB,  vcl  qundratum,  HO,  adrcclaiigulum,  HCBvi.finn- 
pta,  HB,  communi  altitudinc ,  vt  parallclcpipcdum  fiib  al- 
titudme,  HB-,  bafi  quadratojHO,  nd  pnrnllclcpipcdum  fub 
altitudinc  ,  HB  j bafi  rcctangulo ,  HCB,  crgo ,  colligcndo, 
ti  iangulum,  HNB,  ad  portionculam ,  ASB, cum  tnagulo, 
ABH,  .f.ad  trilincum^HASB^erit  vt  parallclcpipcdum  fub 
nltitudine^HB, ba^i quadratoi  HO>  ad  parallclcpipedun\-> 
fub  altitudinc  compofua  cxiHBi  CEibafircdaguloiHCBs 
vcl  vtiftorum  qundrupln.f.vt  parallclcpipcdum  fub  cadcm 
altitudme>HBf  bnfi  qundruploqundrati»  HOi  .i.quadrato, 
HBt  .f.  vt  cubusi  HBi  nd  pnrallclcpipcdum  fub  cndcm  nlti- 
tudmecompofita  ex  i  HB>CE,bnfi qundruplorcilnnguli^ 
Hc:B.  Qi^in  vcto  pn; nbolai  HNB»cft  fcxquitci tia  triangu-  i-  ^»»»*- 
li,  HNB,  idco  cnt  ad  ipfum  ,  vt  folidum  fcxquitcrtium  cu- 
bi,  HBi  ad cubum>  HB,cft  autcm  trinnguhimi HNB,nd iri- 
lincumi  HASBi  vt  cubus  ,HB  i  nd  pnrnllclcpiprdum  fub  al- 
tit  .idmc  compofita  ex>HB  i  CE  ,fis:  fub  baii  quadruplo  re- 
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<aaiiguli,  HCB )  crgt)  ex;, 
a^quali  parabolajHNBi 
ad  triliiicum,  HASB ,  c- 
iit  vt  (olidum  fcxquiter- 
tium  cubijHB,  ad  paral' 
lelcpipcdum  fub  altititr 
diiie compofita  ex^HR, . 
CE. ba fi  quadruplo  re- 
danguli,  HCBj  vel  vt  iftorum  fubfexquitertia  .f.vt  cubus, 
H6 1  ab  parallelcpipedum  fub  eadem  altitudine  compolita 
cx.HB,  CE>  bafi  triplo  reaaguli.  HCb,  cil  .n.quadrtiplum 
redlanguli»  HCB,  fexquitcrtium  triplieiufdem  redanguli; 
hocautemconfequensparallelepipedum  poteft  diuidi  in 
parallelepipedum  fub  altitudinc,  CE,.bali  triplo  reaaguli, 
HCB,  vcl  bafi  redangulo  fub,  P;C,&  ti  jpla,CH,&  in  paral- 
lelepipedum  fub  altitudine,  HB,  bafieti.im  reaagulo  fub, 
BCH,  ter  fuppto ,  quoniam  verd  tripla»  HC,  &,  CB,  CE» 
funt  dcinceps  proportionales,  idco  parallelepipedfi,  quod 
fitabillis  tribusasquale  eftcubomcdia'.i.para!Ielepipedu 
fub  altitudinc.CE,  &  fub  bafi  redangulo  ipfius,  tC.dudai 
in  triplam,  CH,Kquabiturci!bo,BGrcmanct  adhuc  paral- 
lclcpipcuum  fub  alritudine,  HB , bafi  tribus  reaanguljs,  B 
CH,  quod  (altitudinem.  im,  diutdentes  in  duas  .f.  in,  BC, 
CH,  ).diujdimus  in  parallelepipcdum  fub  altitudine ,  HC, 
bafi  reaangulo ,  HCb ,  tcr  fumpto  X.  in  parallelepipedum 
fub  altitudine,  BC,  bafi  quadrato,  CH,  ter  fumpto,&  in_-, 
pnrallelepipedu  fub  altitudme,  BC,  bafi  redanguIcHCH, 
ter  fumpto  .i.  in  parallelcpipedum  fub  altitudme,  HC,  baft 
quadrato,BC,  ter  fumpto;  parallelcpipedum  ergo  fub  alti- 
rudinc  compofita  ex ,  H  B,  CE ,  bafi  rcaangiao,  HCB,  ter 
fumpto,  .Tquatur  parallelepipedis  ter  fub,  HC,&;  quadrato, 
eH,tcrlub,  HC,  &quadraro,CB,cumcubo,CB,adhax 
ergo  fimul  fiimpta  cubus ,  HB ,  ent  vt  parabola  ,  HNB, ad 
tnlaicum.HASBiquia  vero  parallclepipedura  ter  fubiBC, 

3t  qua- 
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&r  qiindrjf CH CH, cum  parallclcpipcdo  ter fub)H  C,^^ <^na-  3 1..? i: 
ilraioiCB,aimcubc>,Ctl,dehcumLacubof  tiH^quantitai 
tcciibii  HC,idc6.  pcf  coauQirk>ncmrationis,p3rabi)li_wj 
HNB,  ad  fc^mctitfi,  f^N  A.ciii  vt  cubus,^bH.ad  cubiuHCj 
,  NuiKdicoparabol^Hii,  HNtJ^ad  lcgmcntum,  HNBVi 
efle  vt  cubum,  BM, ad <^bum>HXs  ducatur  pcr,V,  ipriiBHl  a. huiui. 
paroilcla,  VZ.>  fecans  curunm  p;trabo.lae  productam  la^Z, 
'    >        -    V  V  cbXy.c^  Ulela,HI,ocH 

' ^  ^^^"5^^  V  ^ '  ' ■    ' > -  ^  1  >  ;Td  piurivlhioi 

I  1 ,  ad  cubuijnV7.>  kcto  pau\tb£^a4 

VBNH[/.f a^ii<^j'.g»nc»nu.  V^N  H ,  liiwu^ VH>  cafupraixAb^ 
VZ.>)Cft  '  '  ^iiViadcubun>VI,v.cl,XH.;ax:|uai3^Vlsj 
c'-'^i\'  .Tiainmiim^ergo.cx.c^iiualu  -^  ^Iim»  ' 

li  H>>}i>yjv^pni\aw;.^iiBp<.i  .  .  ax 

^lv^-.f^^aii^ pufKA>  H»  WfW:fiH?.pf{>()9J i^fem  mtfci 

^  ^^^)L\^eMbij^.mi»c^dcul/iiii>i,HX,4^ 

Ti+H  O-i^  EM  A .  XliJ,  ./P  R  O^O.  Sv  NTS^ 

dua'  Fccflx  Unc^  in  oa^jcaKanu^oi  terminaii- 
'  t€S,  paraboU  ali),yaailv<i^4rufn.confticiita  ad 
parabolam  ab  aUa  c^Q^tiwitarn-ii^jifnVjt  cubi/s  pri"» 
q^odi»(iU  av|cubt^rt>fC<fl«Ha(»  cfucttw  pcr 
pu  rrifiu  rore  icerpjD  u  iii  ,4\t  qrrasyf^ci»  nvlo  ^  u<%  j  pa«aB? 
lcja  primb  du4?.j,irK:lu(i^elH^<)fp^n^<>ij64  aliQC** 
lurjcin  parallelae  proJu(ft3e,ri  opus  |K>fn  qpoiica-^ 
dit,qi.Kt  ducitur  pcr  aliud  extremum  punftum  {q* 
cundo  du^^ae,  pirallcla  axi,  vcl  dia.mcfro  parabo- 
I^e  pcr  primo  duilam  cQnrtitut»f 

Sic 
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Sit  curua  parabola* ,  BAEQ 
iutra  quam  lint  vtcumqj  du(3:a2 
iii  caudem  curuam  hinc  iude 
terminautes(a.quod  aoii  (iat 
du6lx  paraUcl3eaxi;piim6,BCj 
fecuiido )  AD  s  ducatur  dciade 
per  vtrumlibet  extremorum— » 
pua^aorum  fecundo  dudx-i  vt  per,  A^^ipfa,  AF,  paralleltL^ 
ipfi,  BC  ^  in  quam  produclam  >  fi  opus  fit ,  incidat  paralleU 
^xi ,  quae  ducitur  per  pundum  >  D ,  aliud  extrcmum  ipfius, 
AD,  occurrat  autem  illiin,  F.  Dico  parabolam,  BAEC^ad 
parabolam,  AED>  elTe  vt  cubum,  BQ  ad  cubum ,  AF.  Eft 
1  humt*  enim  parabola,  BNC,  ad  parabolam,  ANE,  vtcubus,  BC, 
Iiiocec  cubum,  AE>  item  parabola,  ANE^ad  paraboia, ANED, 
cft  vt  cubus,  AE,  ad  cubum,  AF,  ergo  parabola ,  BNC,  ad 
parabolam,  ANED,  eft  vt  cubus,  BCad  cubum,AF,quod 
oftcnderc  opus  erat. 

THEOREMA  XIV.  PROPOS.  XV. 

IN  eadem  ancecedentis  figura ,  fi  ducatur  in- 
tra  parabolam ,  BNG ,  a  punao ,  V ,  fumpto 
vtcumque  in  curua,  BNC,  verfus  bafim,  BC, 
jpfa,  VX,  incidcs  bafi  in,  X,  parallela  axi,vel  dia- 
metro  eiufdem  parabola? .  Dico  parabolam,  AN 
ED,  ad  fegmentum,  VCX>  elfe  vt  cubum,  AF,ad 
parallelepipedum  ter  fub,  BX,  &  quadrato,XC, 
cumcubo^XC. 

Nam  paraboln,  ANED ,  ad  parabolam ,  BNC,  conuer- 
teiido,  eft  Yt  cubus,  AF,  ad  cubum,  BC,  itcm  parabohu.., 
€•  httitti.  BNC,  ad fegmentum,  VCX ,  eft  vt  cubus ,  BC,  ad  pa rallc 
lepipcdum  ter  fub  altitudine,  BX,  bafi  quadrato,XC,  cum 

cu 
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cuTjOjXC,  crgo ,  cx  a?qujli,  paiabola,  ANED,ad  rcgiticu- 
tiuu,  VXCcnt  vt  cubiis,  AF,adparallclc;^Mpcdum  tcrluii, 
BX ,  &  cjiudrait) ,  XC ,  cHm  cubo ,  XC ,  quod  olleddcr;J» 
oportebat. 

THEOREMA  XV.  PROPOS.  XVI. 

IN  eadem  fupradidi  Thcorcaiatis  figura  ofte- 
dcraus  trilincum,  VNAI ,  ad  trilineum',  VN 
ABX,  eire  vt  parallclepipedum  ter  fub,  EI,& 
quadrato,  lA,  cij  cubo,  I ad  parallelepipedura 
cer  fub, CX, & quadrato,  XB,  cum  cubo, XQ.  Si- 
militcr  trilincum,  VEI,  ad  trilineum,  VECX, el- 
•  fq  vt  parallclcpipedum  cer fub ,  AI,  &  quadrato, 
IE,cum  cubo,  1E|  ad  parallclcpipedum  tcr  fub^: 
BX,  &  quadrato,  XC>  cum  cubo,  XC 

TrilLicumciiim,\^.\I,adpnrabolani,  ANE,cft\tpa- 
rallclcpipt  drm  rcr  fubj  EI,    quadrato,  lA,  cum  cubo,lA,  • 
ad  cubum,  AE,  itcm  parabr.Ll,  AN%  ad  paraboljm,BNC     ^***"''  . 
cft  vt  cubus,  AH,  nd  cubu,  BQ  &c  tandcm  par.il)  jL^  BNQ : 
ad  tnliacfi,  VABXs  cft  vt  cubus,  CTi ,  ad  paiallclcpipcdi.m!  4,hnlm. 
tct  fuhj  CX^  &  <}ua<!rata,XBiCuni  cubojBX^cigci^cx  a  qiia- 
V.-- cum,VNAKadt--i^!K'hl:h,VNBX,crit  vtpnra^^  ...^l^ 
l^.     .   iim  tcrfubjET,  ^'C'    ''  ^^  -  TA  .  r:;ni  ciib;) ,  lA^  ai^' 
parallclc|Mpcdumterfiib-»<  sXIi^ciim  cu^iij), 

XB.  Eodcm  modo  oftcitdcmus  trilincum^vfE,  ad  cnIiiK|i^^  ^  ^^^^^ 
\'XC,  cftcvtparan  '         Utmrcrfiib,AIA' qujdi  ir.';JH,.  ^  ' 
cumcub.^,IH,adp.i.  :    A^npcdiinVr.;  f'»^.  l',v  ^  •  i-^ 
Ca^XQcuracubfj-)  XC^'^vvic\,  5v;r.  . 


D      ■  T}!ro. 
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THEOREMA  XVI.  PROPOS.  XVII. 

SI  cfus  inrra  curuam  parabolicam  ducacarrc« 
linez  a^em  rccantes,  fuerinc  autcm  con- 
fticucarum  ab  eifdem  parabolarum  diamc* 
tri,  vel  axis,  8f  diameter  «(juales,  &  ipfar  parabo* 
Jxeruntaf^uales. 

Sit  cunta  par3bolica,BAC,Jnf  ra  quam  ducantur  vtcuiv 
<juctJus,DF,MC,axanfccanics,  - 
ideftnortparallela:  axi>ftnt3utcm,  ^^^TK:^ 
AR,  HOjdiametri ,  vcl  axis ,  &  dia-  l^-^^^^^X^t^^JP 
metcr  inter  fc  arqualcs .  Dico  para-  /  ^  1^^^ 

bolam,  DAF,  effe  a.'qu3laTi  pjrabo-  r  sW^T^— ^ 

la^,MHFCiduc3turper,C,rpfi,DF,         ^  *    ^  C 
p.irallcla,  CB,  &  producantur,  AR,  HO,  vfqjad,  BC,in,P, 

,iuiig3nEurque,  AC,HC,&  ci  piuiao,M,ducarur,MX, 
inirallela  axi,  rel  diamctro,  AP^  quoniam  crgOjOQ^cft  p.»^ 
r.illeb  ipfi  ,  MX ,  &  rph  fccat ,  MC  ,  bifariam  in  ,  O,  fcci^ 

"'^«»-""'XC,bif.iriamitiQ;&qui.Tp3rabob,ABC,3d 
• par^bobm,  MHFC,  cft  vc  c«bas, BC,  ad  cubum,  CX ,  vel 
vt  cubus,  PC^  ad  c  ubum,  CQ,ide6  fcnTiparabola,APC>ad 
fcmtparabol.im,  HOC,  erit  vt  cubus,  PC,  ad  cubum,  CQ, 

g..!um, HOC, cnt  vt  cubus,  PC,  ad cubt.m,  CQ;q.K)mam 
vcrotri3nguIaacqivi:mm,lahabenf  iatcr  fcrationcmcojxi- 
pofitam  ex  r.it  ioncbafium,  &  altitudinum ,  vct  lincsriimi 
vcrt,crf,ase.ir.rufcmduclnrum  xqualircr  badbus  mclina- 
taram  j  idco  trt^ngtifum ,  APQ  nd  triati^.ih.m ,  HOC,  ha- 
'  "  ratione  b.^ffs ,  PA ,  ad  h:,Gtn, 

C)H,  vcr,  AR,  illr  .Tqualcm,  &  cx  ra  fionc,  PC,  ad,CQ,qii4 
yc\  ftinf  ..If  itudiacs,vel  lincr  duc-lr  h  communi  verticcsC 
«umafqtwri  ittclinatioiic  »d  bafcs,  AP, &,  HO,produttamI 
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quii,  AP,  HQ,  fant  parandas  cft  autcin  vt,  PA.nclf  AlUiti 
qaad.atuiii,  PC,  ad  quadratum,  RF,  crgo  t  rtangulu,  APQ 
ad trijngulum,  Hf)C|halubit  rationunconipofitacxcat 
quam  habct  quadrat  iim»  PC  ♦  ad  quadrntuin .  RF  •  &:  cx  ca, 
quam  habct,  PC,  ad,  CQ ,  quia  vcro  trianguUiin ,  APCi  nd 
triinguluni,  HOCi cl\  vt  cubiis.  PC,  nd cubum  ,  CQ » idco 
ad  illud  hnbct  ctiam  rationcm  co^npofitnm  ex  cn^qunm  ha- 
bct,  PC»  ad  I CQ •  &:  cx  rationc  quadr ati ,  PC,  ad quadra - 
tum»  CQ,crgo  iftx  dux  rationcs^  fcilicct  quam  Imbctf  PC, 
ad,  CQ,  &  quadrntum  ,PC,nd  qundratumiRF,compo- 
nuat  candcm  rationcm,  qium  ifty  dux ,  fciUcet  ratia,  PC, 
adi  CQ^& quadrati,  PQ  ad  quadratiuni CQHeft  autem in 
his  communis  ratio^  qunm  hnbct ,  PC  •  nd^  CQH^rgo  rcli- 
qua  ratio»qunm  hnbct  quad: ntumi  l^C#nd  qund.  atumiC^Q^ 
crit  cadcm  ei»  qui  hnbct  qundratum  idcm,  PC#  nd  qundra- 
cumi  RF,crgo  qundrntuni,  CQt^crit  xqunlc  quadmto  i  KF, 
&'f  CQj^erit  rquaUs  ipfiiRF.  Qiu>ni:un  nutcm  parabol.u^r^ 
BACi  ad  parnbolanif  DAFi  cft  vt  cubu^^  BCf  nd cubfii  DF^  b«ie. 
A.  vt  cubusi  PC « ad  cubum>  RFt  itcm  oftcnfum  cft  pnrnbo- 
lam  candcm,  BACf  ad  parabolam  i MHFCi  cflc vt  ci  bum,  is.bui«c 
PO  ndcubimn CQjjdco  parnbobiDAF^ad  parnboInm.M 
HFCi  crit  vt  ciiSiisi  RF,  nd  cubumi  QCf  funt  jutcmi  QC\ 
R^iintcr  fc  arqualcs-,  vt  oftcnfum  eft  ^  &:  idco  ctinm  corun- 
dcm  cubi  funt  xqualcs ,  crgjo  pnrabola  >  DAF , cnt  ifqoaUi 
prabolr,  MHFO  quod  oftcndcrcopuscrjf. 

C  O  R  O  L  L  A  R  I  V  M. 

Hrnc^jtet.ffdUmetri,  AR,  HO,  vtldxis,  itdmttcr  fin% 
dcjt4Ales,  etfdm,  DF,  XC,  efe  dtjttdles,  ndm  tflenfum  efi. 
JitC,  efie  d  jt$4tem  tpft,  RF,  eH  dutem ,  XC.  du^U,  C<^,  dr»  DF, 
dtsfld,  FF,  $de0  eudtn,  XC,  DF.futtt  d^Udiet. 


D    a  THBO 


y     THEOREMA  JCVIL  PROPOS/ XVflL 

EXpofita  rcmipafabofa  cum  cfimidia  bafi  ,& 
axf,  vel  cfiamecro  totitJS,&  completo  paral- 
.  .    Jelograromo  fub  di(?io  axi,  vel  diametro ,  & 
feraibafijderGriptaqueeUipfis  qliarta,  velcirculJ 
circa  axem,  vel  diamermm,  &  femib^nrh  didam;^ 
tanqua.m  circa femiaxes,  vel femidiametros  con- 
iugaras  ititegrje  eWipfis ,  vel  circuli  j  fi  deinde  fu- 
macur  ytcunq;pun(aum  in  femjbafi,per  quod  diJ* 
catur  r€<aa  Hnea  ad  oppofitum  latus  parallelo- 
grammiparaileJa  di^$  axi ,  vel  diarfietro  ^  portia 
huius  inrer  femibafinT^  &  curnam  ellipfis,  vet  cir- 
culiincluf3,erie  media  proportionalis  inter  inelEJ- 
fam  oppofiris  lateribus  parallelogrammi  lam  di- 
,  4i,  &  eadcm  femibafi,  ac  curua  parabol^.  Si  ver^ 
lantatur  puniftum  in  axi ,  vel  d^iamctro  iam  dida, 
&  per  ipfum  ducatur  femibafi  paralltJa,  producaa 
vfqj  ad  lacu&oppofitdm  parallelogrammi  iam  di- 
^i,  &  iunganfur  extrema  puncSa  curuie,  parabol^ 
re(aa  line.a,b.ujus  pprtio  inclufa^  inter  axim  ,vci 
dfametrum  dkaam.y&  euruam  parabolje,  eric  me-*, 
dia  proportionalis  intcr  eam ,  qu:&  includi:ur  I^- 
«eribus  oppofitjs  di^i  parallelogrammi,  &  eam^, 
qua;  indu4Jtur.Iai;eribus  trianguli  fub  dicfta  axi, 
vef  djametro,  &  (ii(fia  femjbafi  conftituti. 

*irc:.3,  AB.  BC.tanqx,am  fcmiaxcs,  vel  k:i-.idK)mctros  con^ 
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iug.n»s  ,  defcribatur  t^uart.u^ 
circuli,  vcl  ellipiis,  AICB,  dc- 
indc  fumatiir  »a  1x111 ,  BC>  vf- 
cuuquc  punctum,  P,&  pcr,  P, 
ducacur  ipli ,  Aji,  p.)r.>llcl;>_. , 

PHjfccansciiruam  paraboix  ' 
i.a,  X,  cucuii,  vcl  cllipiis,  A 
Ip»  la,  I .  Dico  crgo,  1  \\  cftc  mcdijni  proportionalcm  in- 
tcr,  Hl^  PX ,  producatur,  CB,  vcrfus,  »,  in ,  Z ,  itn  vr,  BZ, 
l»t  .^quiiis,  BC  i  cft  crgo  quadratum  ,  Ali ,  vcl  qt.adtatum, 

,ad  quadratum,PI,  vt  rcclangulum,ZBC,ad  rcdaneu- 
l»m,  ZPC,  .1  vt,  AB,  vclj  HP,  .id,  PX,  crg6  vt,  HP,  ad,  PI,  ^o.rt  s<li. 
Jt.»crit,IP,ad,PX.  1  i. 

^kmg.»ntiir  puncl»,  A,  C ,  &  Amipto  vtcunq;  puheio,-V^  * 
10,  AB,  per  ipfimi  ducatur  ipfi ,  BC ,  parallcla ,  VF,  ftc  W 
Cr.ruam  p.irabola:  in,  O,  &  rcobm,  AC,  in,  N.  Dico  Crgo, 
•  -  !  V,ad,\'0,jta  nrc,\'0,ad,VN;tft.n.qi,adr.Ttri,]K% 
iindrat«m,FV,  ad  quadratiu«,VO,  vt,  BA,  ad,  Av,  .i. 

13C,  vd,  FV>  3d,,VN,  c-go  cfk,  vt,f  V,  ad,  VO>  fic,\^0, 
«u>  Vl4,  qua:  oftcndcrc  oportvbat. 

THHOREMA  X\'TTT.  PnoPOS.  \T\% 

Arabolx  funt  infcr  fc ,  vt  parallelogramma 
jllis  circumfcripta  latcra  habcntia  bafibus, 
&con1dem  axibu^jVcldianietrisparallela. 

patct  h.rc  proj^oiVtio ,  n;^m  didx  par abolae  liritt  fubfcx- 
;terx diiflorum  parn llclogrammorum  >  Sc  idco fimt in-  »•  fcB'tt*f 
tC:  fc>  vt  i;-«r,  r  irallelogramm.»* 

HA.    COROLL.  SECTI6  I.  ^ 
/ w  fitn ,  csnclnficnts, ,  tjuA  d<  p4falUUgrthimU  tc^efJt  ' 
pi  u  t  in  Profof,  J .  6 , 7 .  « .  X/^,  j .  frffofus  quthfJam  coH*  * 

aiiit- 
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Mitomi:4s  in  latenbus ,  velin  dltitudint ,  ^  bnft  di£icf9im  pirttt' 
tekgramm$rt4m,p$^€  coUtgi  tttdm  pro  paraboUs  t^t/dem  cwdttit- 
rtis  tn  dxtbus^  veldtdmttrts,  vtldltttudtmbus,     baftbus  hdttt* 
9ts\  quid  tnim  tttuc  didd  condittpnts  repenuntur  tsidm  tn  /dferi^ 
hui  tircumfcriptorum  tUts  paralleUgrammorum^  vtl  im  attisudi^ 
9t,    bdp  etrundem ,  ejuu  bajis  eft  commums  #  (jr  reUijuum  lastsi 
dxit  vtl  didmttropdrdMd  ACjuidiHdnSt  ideo /equuiur  lOtco  cfttfH 
fd  conclufionts  pro  pdrdUelogrdmmis  j  dr  con/equenter  tttdm  pr$ 
ifftspdrdoUstqudrumip/d  pdrdUtlogrdmmd  /unt /tpcquidlttrd^ 
ftcifipoftum. 

B-   S  E  C  T  I  O  II. 

QVid  trgo  ofltn/um  eft  pdrdUelogrdmmd,  ejud  funt  in  tdderrt 
dltitudiot,  t^t  inttrft,  vt  bd/ts,& qud  tn  tddtm  bdft^vtl 
^  dqualtbus  bdfibus ,  tftt  inter  ft ,  vt  dltitudints ,  vti  vt 
tintdi  vtrticibus  ddba/ts  cum  d^UdU  incttndttont  ddtd/dtm  du. 
£id:  idth  coUtgtmus  (tiamp4rdbolds,qud  funt  ctrcd  eudtm  dxtm^ 
vtl didmttrum,  t/st  inttr/t.  vt  bd/ts^  &  qud /unt  in  tddtm,  vtl 
seiuMtti  baftbHs ,  tfst  tnttr  ft,  vt  dtuudtnts ,  vtl  vt  Itntt ,  quA 
kvtrtictbustotHndtmtd  bsfts  eum  aquati  iiulttiMtiont  dueutu 
titr,/iuttil4ftnt  4xts,fiut  didmttri* 

C.  S  E  C  T  I  O  III. 

Slmilittr  eolligtmuspArMhoUs  hdbtrt  r*tiontm  eompo/itdm  e» 
rdttont  bsftum,  dr  Mltitudinum,  vtlltnt4tum ,  qu«  i  vtrti-. 
€tbuidu(untur,4qu4ltttr  bafibusineUn4t4rum ,  But  ftnt4x<t, 
jtitt  di4ti$ttri, 

D.  S  E  C  T  I  O  IV.J 

I  rem^r^StU  hbentts  b^fes  Mltitudinilus ,  vtlfineisivtrH' 
*  etbui  duilis  4fU4/iter  inelttutii  reeifree^s  crunt  aqudts  j 

f4r4* 
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f4fd«U  s^Mslis,  <fH4rMm  digmtiri  4jii4liter  41/ hfej  (Igtinc/i. 
m4i4,  h4bel,t,m  b^fts  4U$i»d$nibMS ,  vtllimt  dua/s  i  vtrmbtit 
4d  b4fts  djtt4ltttr  intUn4t$s  retifrttds. 

E.   S  E  C  T  I  O  V. 

D5»/V;  f4r4h9l*.  qusrum  4xes,  velJi^metri.  ^Jh/es  401/4: 
Uier  inclm4t$ .  4d  ta/dem  b^fts  htbtnt  tgndem  T4l$onem, 
fmn,  ,n  dnpl^  r^iime  bafimm ,  fime  4x$f4m ,  velditmeirttum ,  vet 
vt  ciH4dr4t4  tormdtm ;  N4m  paraUtUgramm^  hii parabolis  c$r. 
cumferifiafuBtfim$l$a,  &  idttfmnt,  vi  qm4dr4t4  Ultrum  htmt^ 
Igwmm,  qma  vtl  fmnt  axts,  amt  dtamtlri,  vtlbafts  diaarum  pa. 
raMarmm.  dr  idee  eiiam  tfftftrabtlafmni,  vi  qmadrata  axium, 
vtl  dtamt  irtrmm  ajuaUier  htfibms  inc  l$natarmm,vtl  vi  qmadr^H 
iafimm,  qma  omniafac^le  faunt . 

S  C  H  O  L  I  V  M. 

DEfid(fjrif  rt>  lamtn  videtmr.qmtdtnendamm,  has  varie. 
lalcsfaraholis  c»ni$ngt,t fofst,  nte  tafdtm  tfst ,  txtnifli 
graua,  VI  c$fcmlo,,  qmtius  lanlum  contmg,tft  habtre.  vt  d$amt. 
trormm  quadrata ,  net  al$4  qfdtm  4ccid$t  varfat$o,frofttrtafmb. 
fequent  J  beortma  fkbqc$tmus. 

THEOREMA  XIX.  PROPOS.  XX. 

DAto  quocunq;  parallelogrammo,  circa  e- 
iufdcmduo  latcra  argulum  continentia 
fcmiparabola  dcfcribi  potcft ,  cuiusaltc- 
lum  eorundcm  latcrum  fit  bafis,  alterum  axis,  vcl 

diametcrintegraeparabolar,  ad  ^ucra  iii^a  bafi$ 
ordinaiimapplicatur. 

Sii 
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Sit  parallelograiDmiiin  quod- 
cunq.ue  5  AD  ^  cuius  fuinantur  vt- 
cunq^  duo  latera  ^  AQ  CD?  circa 
anguluni,  ACD.  Dico  circa,  AC, 
CD5  fcmiparabobm  defcribi  pofr 
fe,  ita  vt  alterum  ipforujAC^CD, 
fit  bafisdidc^femiparabolcT.,  alte^ 
1  Lim  fit  axi^5  vcl  diameter  integras 


X  A 

D 


-7^        .  r--rT  ,  15"^ 

paraboltesEfto  quod  velimus,CD,eflc  barimj&rjCAjaxim^ 
vel  diamctrumintegra^  parabol^,  appUcctur  ergo  ad,  AC> 
redangulum  ^equal.e  quadrato ,  CD5  quod  latitudincm  fa- 
ciat  ipfaiTi,  XA5  erit  ergo  quadratuin  5  CD>  a?quale  redan- 
«xtol.  40.  gujo  fub^  CAj  AX5  &,  AX5  erit  linea  5  iujit^  quam  pofTunt, 
' c^nx  a  curua  parabolai  tranfcunte  per  pun6ia  5  D,  A,  verti- 
ce>  A5  ad  axim ,  vel  diametrum  5  AC  5  ordinatim  applicari 
poflfunt^  erit  ergo  quasdam  femiparaboia  ,  cuius  curua  tra- 
fibit  per  punda^  AD^  in  bafi,  CP^  exiftente ,  AC5  axi ,  vel 
diametro  intcgrx  palabola?  5  fit  autem  dida  femiparabolai 
ACDjquodoftendcreopuser^tp 

COROLLARIVM, 

HInclie]uef,/icmlibct  pdrallelpgrdmmceffififcriptibilis  /J. 
wiparahla  tali  pa£lo ,  auo  ai5ium  eU  ,  quod  t  arictafes, 
qua  parallclogrammis  contingunt  ^ttiam  ipfts  p^r^b&lis  compe^ 
$crc  pol^nntf 

THlEOREMA  XX;  PR6pos/ XXf. 

OAinia  quadrara  parallclogrammi  in  eadetn 
bafij&circaeudcmaxim^vcldiametrum^' 
^    ciim  parabola.,  regula  bafi ,  fun t  dupla^ 
cmnium  quadratorum  ipfius  parabola: :  Omnii^ 

vero 
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vcrh  quadrata  parabolaf  funt  fexquialtcra  omniu 
quadratorum  triaguli  in  cadem  ba(i,&  circ:t  eun* 
^cm  axim,  vel  diamctrum  cum  ipfa  con/lituti. 

*^Srit  crgn  jSar  abola  ^  cunxs  b^lis^  V  F  5  axis  ^  vcldwn^cccrj^ 

EM ,  fit  cirx\n  pnrall^logram- 
ntwxTS,  APji&trinngulri,  EVF, 
in  cndcin  bafi ,  VF ,  &circ  v  ^ 
cndciii  axhn  5  a'c1  xiumctriim, 
EM  .  Dico,  omnia  qiinJrjt;i, 
AF,  rcj^iilajVFo  ommiini  qai- 
dratoriim  pambol.V:>VEls  dfe 
dnpla  t  Omni.i  vero  qiwdrata  pjrabi^^; ,  VEi\  oiiiiiiii  qua- 
di  atoruiiJ  tiian^uli  y  clTc  lcxqnuUcra  ,  Simiatur  in- 
tra,  EM^  «cunqne  pimaitin,  pcy  quod  ipff,  \Ti)  aaacuf 
yar^llcia,  ND^fccascuriUTmparnbohrin^O  ^cftcrgo^qvia- 
«ratum,  N^F,  ^^1^^11^^1111115  ND,  ad  HudmfimivNfc),  \  t, 
M&>  3.d,  EN  >  dUiitcm:,  EF,  pafallclt  »i;r,amiinim;ii  padrtr 
bafs  ikaUiriidiiic  cmii  lcmiparabola,  LMF>rcgiJG  cJlAiK 
&:punjftuin  :>  Nyj^fjunpium  vtcuuciijc ,  pcr quod  rcguLv  pa- 
i  liiaa  cft,  Sn^,  rCjK\tinr.v]s'ctl,  vt  qiudVatim^^DN, 

a..  \  ^.:3ti.in,NO,ita  cifc,MH,  nd^HN^rrgf^horinnqii.V-  coroH 
tuor  ordinuin  mjgiiitadmcs  crut  proportionak^  C()l!<:»:>^c  * 
iuxtn  di^bs  «|'iatuormagnitiidmcs  pruportionnlcs  .f.  om- 
nia  quadrataiEF-jmai^tiicudiiics  prmnorditincoilciaa?  i"mx- 
ta  primam  .r.nixta  qtijdratnm,  ND,  ad  omnin  qiiadrata 
niiparabola:^  llVIF,m;igaitudi:ics  fccundi  ordinis  collcdlas 
iiixta  fccundam  .f  iuvta  quadratmn  vNO,  cKmt  vt  niaxi- 
niJp  abfciifarur.i,  EM  ^smaijnitudincs  t^rtijordiniscolIcA3e 
iuxta  tcrtiim  ,f  uixta,  Ml^  nd  omncs  nbfoilfas  ipllus,  MF> 
m JgnitndiHcs  quaOi-onlinis  coHcitas  ni^xtj  quarta  .f.  imtt- 
tai  EN-,  fumyMs  maximif/abfciffarmn^  EM>&: ciufdcni  oni- 
nibus  abfciffis,  vd  rc6li,  vcl  clufdnn  obHquitraluus  ;  funt 
autx^m mn<im<r ;ibtcii|inirayfcM^ du)ola?oow^      difcilfa  ^'^'^M 

t  rrm. 
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rum,  EM,rcai,  vclciuUkm  oUiqiii  traufitus^ergp  &C  O\ri',. 
Uia  qiiadratajErjCrunt  Jupia  Qmiuum  (^uadratorum  lemi- 
parabolae  ,EMF      eoriim  quadrupla  .f.  oronia  quadraD*. 
AF ,  eruiit  dupla  omnium  quadratOTum  parabolae ,  VEF  i 
Quarum  ergo  partium  omaia  qua<lrata,  AF,  erunt  lex,  ca- 
rum  omaia  quadrata  parabolas,  VEF,erunttres,fcdquaru. 
p-.vrtium  omnia  quadr j6a,  AF, iunt  fex  ,earum  omma  qua- 
<irata  trianguli,  EVF,  llmt  dixx  ,,quir3  omma  quadrata,  AF» 
funt  tripla  omniimTqua<lratosum  t>  iaguli,.EVl-5crgo  qua.- 
rum  partiiun.omnia  quadr.ita  par.ibola;,VEF,iuntttcs,ea- 
ruaiiomnia  quadi-ara  trixiguli,  EVF,  eruntdus,ergo  om- 
nia  quadrara  parabolx ,  VtF,  erunt  fexquialtera  o mmuras 
quadratoriuii.trianguli,VEF,  quje.ofteiidere  opottebat. 

THEOREM  A  XXL  P'ROPOS..  XXlI. 

SI  ad  eundem  axim ,  vel  diametrum  parabol» 
ordifiacim  appliceivtur  duae  te&x  lineae  pa» 
rabolas  conftituentes ,  (juarum  altera  foma- 
jurpro  regalay  harum  parabolarum  omniaqua- 
drata  erunc  inter  fe ,  vt  quadrata  axiuai , veldia» 
oietrorum  ectundem^. 


A  R 


V 


Sinr  crgo  ad  eundem  a^<im  >  vcl  diametruin ,  CG ,  para»' 
tolcc  ,FCH,du<-evtcunque 
ordinatiiTi  applicatxiejFHy 
OM,  parabolas,  FCH ,  OC 
M,  abfcindentes,  fit  autcra 
regiila  altera.  haruro  ordi- 
natim  applicatarfi ,  vt,  FH. 
Dico  omnia  quadrata  pa" 
rabolae ,  FCH ,  ad  omni;i_^ 

«juadrata  parabobj  OCMj  clfe  vt  quadratum,  CC,ad  qvia* 

<ira- 


/  . 

H 
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diatnitv*CI:Co  iftituantur  parallcloprammum, AH>iii  bili, 
W>  Sc  cirra  axim ,  vcl  dumctrum,  CG ,  &  pinillclogram- 
mum^  KM5  iubafi,  OM,  &  circa  axim,  vel  diamctrum  y  Cl. 
Qnpniam  crg  j  omiun  quadrata  y  AH  ,  funt  dupla  omiiium  £m 
quadr.itorum  parabaia:,  FCH,&:omiua  quadrat3,RM,funt 
duph  omniu«iquadratorum  paraboLT,OCM,  idco  om;iit 
quadrara  paraboL\:,FCH)a(loiainia  quadrata parabolx^O 
CMiCruut  vt  om.iin  qua  Jrata>AH»ad  omnii  quairatjiRM: 
Omnia  vcro  quadrnta,  AH>  adomnia  quadrara^KMiJubcC  n. 
rntloncmcompofitamcx:Ca  ,quamhatct  quadratumiFH, 
ad  quadratun\t  OMi  ideft  cx  ea,  qu  am  habct»  GC)  iidiCffi: 
cx  cn,  quam  ha%ct>  HE>  ad,NMiquia  illx  ciuu  balibu»OM, 
FHi  contment  a  ngiilos  afqualcs,  dux  autcin  rauoncs,  fciU- 
cct ,  quam  habct  t  GC,  ndi CI»  &:» HE, ad  1 NM 1  .i.  GC»  ad, 
Cfi  componur^t  ratioivem  quadrati  1 GC*  ad  qiiadratii  >  CI» 
crgo  omnia  quadrat^  AH.ad  cunnia  quadr^ataiRMivcI  om- 
ma  qnad^pta  paraboIxtFCHiad  om  ua  quadrata  parab 
OCMi  crur^t  vt  qujdratuiii  >  GQ  adquadratuuii  CU  qi:od 
oftcndcrc  opus  crat. 

THEOREMA  XXIT.  PROl^OS.  xxm. 

IN  figura  Prop.  1 2.  fumpta  rcgula  ipfa ,  RH^ 
oJGtcndcmus  omnia  quadrata,  PH,  ad  omnia 
qur^drata  frufti,  ABHM,  cfTc  vt,  ON, ad  co- 
poficam  ex,  NR,  &  \  .  RO:  Omnia  vcroquadra- 
tafrufti,  ABHM,adomniaquadratatrianguli,R 
BH,  cfTe  vt  compofitam  ex ,  ON,  dupla,  NR ,  & 
RO,  ad  ipfam,  NO* 

SumaturirtiKOi  vtcunq;  punftiim  >  X>pCrquod  rcgulr» 
BH ,  parallcla  ducat iir  >  X 1,  fccaiis  curuam  parabola?  iu  •  I; 
<ft  crgoqi«:idj:atum»OH.  vcl  qiiadratuiTX»  ad  quadratuni, 
.  B    i  XI, 
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Xi»  vt,094 .  ad,  NX.cft  aiitcm 
parailcIogiTamtmim  >  R  Hi  iii 
cadcmbaiii&altitudmecum 
quadrilineo»  KOHM>  &  puii- 
itiimi  X>  fumptum  eft  vtcim- 
qucyducia  que>XTi  i;cgulf  pa* 
rallcla^,  rcpertum  eft  quadratum^TXi  ad  quadratum,Xl.ef- 
fe  vt|  ONi  ad,  NX>ergo  horum  quatuor  ordinum  magnitu- 
rcE^iJ.  I*  ^ix^^^  erunt  propQrtianales  .f.omnia  quadrata>RHiraagni* 
tudines  primiordinis  colIc6t;Te  iuxta  primam  .f.  iuxta  qua* 
dEratum^TX » ad  omnia  quadrata  quadrilinei  y  RMHO  >  ma- 
gnitudines  fecundiordiiiis  coUe^las  luxta  fccunda.f.iuxta 
quadratunvXUernnt  vtma5^ima^ab{ciltarum»0R ,  adiun- 
da )  RN  •  ad  omnes  abfciffas,  %  OR  \  adiunda  i  RN  >  qiiae  funt: 
iriagnitudines coUedde  iuxta  tcrtiamj  &  quartam  .f.iuxta^ 
ON>tertiamii&>NX^quartam5  ijfdem  re£li>velciufdem  o- 
bliquitranfitus  (iimptis  :  Qnia  vervo  datx  redbc  Iineae>OR> 
ad  uingitur  »  RN  » ideo  ma  xim  x  abfc  ilBr  um>  OR>  adiunda^ 
RN>  ad  omnes  abfci{fas>OR>  adiujidj^RNirecliriyel  ciuYde 
abl  iqui  tranfitus ,  funt  vt  >  ON  >  nd  compofita  m  ex>  NRi  & 
ROi  ideaomniaquadrntarRH>adomnia  quadrataqua- 
drilinei,  RMHO^vef  eoriim  qundrupla  .i.  omnia  quadrataj, 
PH,  ad  omnia  quadrata  frufti»  x\BHM>  erunt  vt>ON>  ad  co- 
pofitam  cxkNR^Sc  x.  ROj  Et  cauerrendo  omnia  quadrata 
fLufti>ABHM>adoraniaquadiata,PHveruntvtcorapofita 
ex^NRi  &  i-.ROi  ad>NO>omnia  vero  qnadrata  ►PHiom- 
H.  niii  quadratoru  trianguliiRBHj^unt  tripla.i.funt  vt>NOiad 
T eiufdenii » NO>  ergO^  i  cx  a:quali  ^  omnia  qua  drata  frufti,^ 
ABHMi  adomnia  quadrata  trianguli^BRHi  cruntvt  com- 
pofita  ex>NR>  &  \ .  RO,  ad  -r-  NO i  vel  vt  horum  tripla  L 
vt  compoftta  ex  tribus»  NRi  &  fcxquiaItcra>RO,  ad  ipfam,. 
NO>  porro  fi  iunxerimus  vnam,  NRi  cum>RO>fiet  intcgrai 
•  ONi  cum  duabusi  NR>&  dimidiai  ROisequalis  triplse  ^NR,, 
«c  fexquiaItcra?>ROiergo  omnia  «luadrata  fcufti^ABHMj 

ad 


I  u 


ad  omnu  quadrata  tr laugdl i,  RBH ,  crunt  vt  compoiira 
dupla>NR,  &:  dimidu>  RO>cum  >NO,ad  ipfam  ,N0  3  quae 
olleudcrc  oportcbat. 

COROLLARIVM. 

Qr $4  MMrcm pntdtMm  fuii  omnU  qnddrdU,  PH,  dJemHid^ 
cjmMdrdid  fr/ipi,  ABflM^  e^e  vl ,  NQ»  dddtm$di4m ,  QJT^ 
cmm,  RN,  fnnt  dutem  om9^U(\m4d9dtd^  PH,  ddomniM 
fmddratd pdrdlUto^rdmrm,  AG^vt <p$4dr4tmft$ ,  HO,  ddqmddrd^ 
imm,  RM^  ,i.  vt,OW,  dJ„  XR ,  td^oom^sutqmdardid^  PH^  ddom^ 
mid  qmddrdtd  fruHi,  aBH M^  db  tjficjn  dcmptts  omntbMt  qmddrd^ 
$tSt  AG,  ermmi  vt,  NO^Addimmaum  tpfius^vt . 

THEORtMA  ,\X1U.  PROPOS. 

SI  intra  curuam  parabolx  ducatur  vtcunq;  re- 
Ol  \  linca  ineandein  tcrminata  >&ad  axenu* 
obliqua>dcindcintra  portioncmabipfa  re- 
fcftam  ducaturalia  vtcunqj  prxdi^l^  parallcla^j 
aganturautcm  ab  cxtrcmitate  harum  parallela- 
rum  linca^axi  arquidilbntcs;V?  halisfefcdar  por* 
tionis  ad  diftantiam  parallclarum  ab  eiufJcm  ex- 
trcmitatc  du(flaruni  y  ira  erit  alia  pra?di<itar  paral* 
lelaaddilhntiamparallelarumdu(flaf^mabciu£^ 
dem  extremitace  fccuado  di(ftar^ 

Sit  crg  j  iutra  curuam  parabol  icam  >  ABCDFa  du(5la  vc- 
cunquc,  BFaobliquc  fccaus  axcm>NR,  incjn  Jcm  curuain 
tcrminata,  agotur  dcincfc  intra  portioncm,  BNF>  rcfeilairk 
a>  BF,  rccta,  CD>  parallcla  ipfi,  BF;  diiciitur  infupcr  a  pun- 
^s>B>C>D>F,  axi,  NR,  parallck^  BO3  CV^  DG>FH>  a:a 

pun^ 
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punAo ,  F ,  cadat  ipfi ,  NR , 
perpendicularis,  FA,  fecans 

parallela3,DG,NR,CV,B0, 
in  pundis,  G,  R,V,  O,  pote- 
runt  ergo  didarurti  parallc-  ' 
larum  diftanti^-  fcuni  in  ipfa- 
mct,AF»nam  ipfa  perpen- 
diculariter  didas  parallelas  fccat ,  erit  ergo ,  OF,  diftanria 
parallelarum,  BO,  FH ,  ab  extremis  pundis  rcda?,  BF,  du- 
ftarumj  pariter,  VG,  erit  diftantia  parallelarum,  CV,  DG, 
ab  extremis  punais ,  CD ,  dudarum .  Dico  crgo ,  BF,  ad, 
.  FO,  elTe  vt,  CD,  ad,  VG :  Ducatur  a  pundo,  D,  ipfi ,  CV, 
perpendicularis,  DX»  feeans,  BF,  in,  M ,  quoniam  crgo  an- 
guli,BOF»CXD,funt  redi,  ideo  funt  inter  fe  xquales,  item 
anguIusiOBF,  cft  «qualis  angulo,VIF,&,  VIF,  ipfi  angulo, 
XCD » ergo  angulus  ,pBF ,  crit  jequalis  angulo  ,  XCD ,  &: 
ideo  reliquus, OFB»  reliquo,XDC,  xqualis  eiit,&  triaagu- 
li,  BOF,  CXD,  fimiles  erunt,vnde,  Bf»  ad,  FO,  crit  vt>CD, 
adi  DX>  fi,  ^d,  VG»  quod  oftendere  opus  erat, 

PROBLEMA  II,  PROPOS.  XXV, 

ASfumpta  iterum  fuperioris  figura ,  dimifTa 
axi,  &  eide  parallelis,  BO,  CV,DG,FH, 
&  ipfa ,  DX ,  figuram  planam  dcfcribere 
cum  portione,  BCDF,  communem  habens  angu- 
Jum  mixtu fub,  BF, &curua,  FDQqui  fit  ad  pun- 
^um,  F,itavtqu«libetindefcript9  figura  rcda 
lineaipfi,BF,«quidiftanterdu<aa,  fir  diftantiio 
parallelaru  axi,qua!  ab  extremis  punftis  eiufdem 
nax  linea,  produdaj  vfque  ad  curuam  paraboli- 
xam,  duci  polfunt ;  Vocetur  autem  hjec  defcripta 

figu- 


figura ;  %ura  diftantiarum  pof tionis,  fiue  para- 
bolar,BCDF.  i.in* 

Qupuiam  crgo,OF,eft  diftjratia  parallclarilm  axi  dtitla- 
rum  a  puiiciiSj  BF>  ablcmdatur 
i)  BFi  rccb»  tE>  «qualis  diftaiv- 
ti«»FO)iiifupcT  intclligatur  ad- 
Uuc  ipfa  I CD  •  ducia  vrcunqucJ 
parallcla  rcclje  >  BF » tci  mmans 
iu  puaita  >  CD,  curuT  pxirabo^  i\7o"V^ 
lapy  &  cum  fitA^Gi  diftai\tia  pa- 
rallclarum  axi,  quac  apimdtis*  CD|  ducuutur ,  abfcindatUF 
ab  ipfai  CD,  vcrLus.  D»  ipfa%  DZrOequalisdiftantL^.VGifio 
duclis  iiiportioiic»  BCDFi  om.ubus  U.icis,  rcgLila>BF>in^ 
c jruudc  iiiigulrs  iiUcUigiiitiir  fumptw\:  dilbiiotx  i  fitut  ac- 
ccpt.i?  fticrunt,  EF>ZX),qu.uri  cxtrcma  punifta  fmt  in  cui  ua 
pjrabolica>FDCB>fmt  aurcmm  Inuui»  eimixca-^^artcliTi 
qua  funt  puncta,  DF>  patct  crgp  fi  fumama^  putiijmi  S>v€r- 
ticcmportionisi  BSFi  q^uod  dicbrum  oninium  lincan  m— > 
cxtrcma  puncli  crimt  incurua  parpbolVcaoquxincipit  3 
vciticc,  Si&  dciinjt  ia;  V\)pcv  n!ia  crgo*cSctvema  piniAa^]' 
rundcm  diftajuiarum  uucUig^Uir  ducta  Imca,  SZh .  Dico 
figuram, SFEi  comprchcnfam  rectar  EFi  curua  paroholica^ 
SDFi  &  linca,  SZE,  cffc  huiufmi^di,  quod,  fi  duxcnmus  in- 
tra  ipfam  vtcunq^ipn,  BFi  ppmUclam^quarproducarur  vfcjj 
adruruam  parabolK.  a^huiu^  portio  mancns  in  iigura,SEF> 
crit  diftantia  parallclarum  axi ,  quae  ducuntur  ab  cxtrcnnis 
piiruSlis  ab  cndcm  produda  m  curua  paraboliqa  fignatif  • 
IntcUigatur  crgo  duila  vtcunquci  DZt  ipfi,  BF>parallcla, A: 
producta  vfq^  ad  curu.im  parabolic am  incidcns  illi  m  puu- 
dto}  C»  qu/^niam  cr go,  CDi cft  vna  carujqux diciuntur  ont- 
ncs  lineae  figmrx ,  Bo>F ,  portio  ciufdcm  mancns  mtra  figu- 
ram,  SEFjCritdiftantia  parallcbrum  axi ,  quxab  ciufdcm^  .«^tt^ 
CMiciQis  jHin^Us  dudte  imclliguntur  5  fiv hoc  pcr  conftru-     .c  .1 
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aionem  patet,  quoaiam  ipfa>  CP,<jhii:?na.  cft,  DZ^q"^ 
tefmiiiat  iii  liiieam,SZE>«qualis  diddo  diOaQnsr^ergo  %ttr; 
rajSEFidefcripta  eft>qualem  problema  poftutabat^  qii^  vo- 
cctuj:  figura,  djlftaWiiruip  Jportioiiis,  fme  parnboj^E,  BSF. 

COROLLARIVM. 

^i^  verpcftcnfum  efl ,  SF,  4d  diBdntiam  fArafleUnm^ 
%J  dxi  F»  du(larum,efsevh  CDp  ad difiaraiam paral^ 
^*^'  ielarum  dxi } funlliu  C$  Dtdfi^arumyfi.  $  .uuifu,^ 
'BF,  ZD,  aquales  di£lts  dtflaniyh  tdeo  erit,  BF>  ad,  Ft  ,v$,CD^ 
0d}  DZ\  &  fic  erifqudlihet  d«{ia  inportme,  F,  paralUU  tpft^ 
JSF^  adeiufdemparteminclufamf^urd,  S£F,  vs,  BF,  ad,  F£^  € 

THEOREMA  XXIV.  PROPOS.  XXVL 

1N  eadcm  antecededs  figura  oftendemus  om- 
nia  quadrata  portionis,  BSF,  ad  redangula^ 
fub  eadem  portione,  BSF,  &  fub  figura,SEF, 
regula  communi^  BF,  effe  vt,  BF,ad,  ?E. 

-   Efteiiim  quadratum  ^  BFvad  redangulum  fub  ?  BFj  FE^ 
vtjBF,  ad)  FE  j  fimiliter  du(Sta 
vtcunquCjCDjparallela  rcgu- 
la?5  BFjoftedemus  quadratum, 
CD,  ad  re£tangulumfub>CD, 
T)Z,  eife  vt^  CD,ad,DZ^eft  au- 
tem  vt^  BF,  ad,  PEjitajCD^ad, 
€)Z  6  ergo  quadrUtum  ^  BF>  ad 
re6iingulum,  BFE?erit  i^t  qujdratri^  CD,  ad  rcaanguhinl^ 
CDZ5  fic  oftendemus  quamlibet  duc^tam  intra  portionem, 
BSFt^paralldamregalvTjBF^^ideiufdcm  portionc  inclufam 
flgura,  SFE5  clfe  vt  quadratum,  BI%,  ad  rcc^angulu  fubi^BFj 
•  FE,  er^o  qua^iratunb  BF,  ad  tecia^^giliutti  f^b,  BP,  Ffi^erU 
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v*\3mni3  «loaarata  porticmis ,  BSF,  ad  i  caangnlj  fub  pori 
tiontfjBSF,  liib  iigur;},SEF,  vt  autcm  quadratuni,  BF,  .id 
iCiltingulum  fub,  BF,FE,  ita,  BF,  ad,  FE,  crgo  omnia  qua- 
drata  portionis,BSF,n<l  rca.ingula  lub  porrionc,BSF,&;  fi- 
^[u-i.KSr.  cr',  ■  t  vr,  BF,  .ui,  l-H,  quod  oitendcrcopuscrat. 

THEOREMA  XXV.  PROPOS.-  XX\qi. 

SI  intracuruam  paraboK-E  dua*  vrcunque  du- 
cantur  rcdx  lincae  in  candc  rerminats,qiia- 
rum  vna  rc<flc,alrcra  oblique  aximfecctjfint 
autem  coftirutarum  ab  eifdem  parabolarum  dia- 
metri  inter  fe  arqualcs:  Omnia  quadrata  parabo- 
lap  per  cam,quaf  ri(^ie  axim  fecar,conrtiture,  repu- 
la  eadem,  erunr  arqualia  rc<fJangolis  fub  parabola 
pcrobliquam  ad  axcmconUirura  ,rcgula  cadcm, 
&  fub  figuradiftantiarumciufdem  parabola:  per 
obliquam  ad  axem  cotillituta?. 


Ah 


Sitir  intnixuruam  parnbolic.im  ,  ?>  A  C  .  d  i  v  ^  rc 
^xxQ  ducXx  incandcm  tcrmma- 
tap,  DF^MC>  quarum ,  DF,  rc- 
^c,  ihcr.i  ^MCiobliqivc  fccct 
axcm-,  AP,  fit  aiiicm  dclcnptJ 
lirtc.1,  HK,  vt  fit  coaftitut  j,  HR 
C>figiKadiftaaiiirum  portio- 
His,  MPC,3l*  nb  c  »dai)  vcrricc, 
H>  a  quo  ducitur  iiuca,  HK^du- 
catur^H^^i  parallcla  axivAP,  &  fint  dijmctri,  AW  1>\  pa- 
rabolarum,  D AF,  MHC,  intcr  fe  .Tquatcs.  Dico  cfg om- 
nia auad: ata  paraboKr ,  D AF,  rcgiila,  Dl ,  ciic  j^qua.ia  rc^ 
tbaguhsfubparaboU.MHC, rcgnlj.  Hib.HK^oli. 
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giira  diftitntiarum  eiufdcm  parabolde^MHC.  lungantur  cr- 
go^DAjAFjMH^HC&apunaojMjducatur^MXjaxi^AP, 
^equidiftaas,  a  punci:o  vcro^C^perpedicularis  axi^  APjpro- 
dudtj  vlqs  in,  B^tandcmapundioj HjiplayHIyperpendicu- 
laiis ipl', MC :  Oir nia ergo  quadrata, DAF^  parabolscy rc- 
gub,  L>Fy ad  reotangula  fub  parabola  5  MHC>  regula,  MC, 

Dtfio.  II.  &c  fub  triiiaeoyHRC,  habearrationem  compofitam  cx  ea^ 
quam  habcnromiiia  quadrata  parabolae^DAF,  rcgulasDFr 
ad  omniaquadrata  parabola^jMHC,  regulayMC,  &  ex  ea^ 
quamhabcromniaquadrataparabolsejMHC^rcgula^MCy 
ad  reflangula  fub  parabola,  MHC3&  fub  trilineo^HRCirc- 
gula  eadcm,  MC  r  Omiiia  vcro  quadrata  parabola?,  DMF, 
regTJila,  DF,  adomniaquadrataparabolx^  MHC^regMla^M 
Cyfunt  vt  omnia  quadrata  trianguli,  DAF,  rcgula,  DF5  ad 
omnia  quadrata  triangiiliy  MRCy  regulay  MC^,nam"omnia 
quadrata  parabolarumfuntfexquialtera  omnium  quadra- 

txrhuiur  torum  triangulorumin  eifdcmbafibusj&circa  cofdeaxes 
cum  ipfis  conditjtorum ,  regulis  bafibus :  Omnia  infuper 
cuadratatriaiiguli  y  DAFyregulayDF,  ad  omnia  qua  Jrara* 
triangulij  MHC,  rcgulavMCyhabent  rationcm  compofira 

D.  Cofol.  rationc  altitudinumy  &:  qaadratorum  bafium  .i.  ex  ra- 
tionc,  quam  habcr  y  AZr  ad,  HT,  &  ex  ratione  y  quam  habet 
quadratum,  J)Fyad  quadratum ,  MC,  vel  quadratum  ^ZFy 
ad  quadratum,  OC5  eft  autemy  AZ^asqualis  ipfi^HO^ex  hy- 

h^ml  '^*  potefi,  &, ZF,  ipfi,  QC5  ergocmnia qua  Jrata  trianguliy  D 
AF5  ad  omai-vquadrata  triaguli^MHCjrCguIis  iam  didisy 
habebnnt  ratioacm  compoficaai'  cx  ca  ,  quam  habct ,  OHy 
ad,  HI.,  &  ex  ea  ^  quam  habct  quadratum ,  QC ,  ad  qnadra- 
tum,  CO5  quia  vcro  trianguli^ HlOiOQC,  funt  .Tquiangu- 
\h  ideo,  OH,  ad,  HI,  erit  vV^OC,  ad,  CQ^crgo  illahabcbuC 
rationem  comporitam  cx  ea,  quamhabet,  OC,  ad,  CQy& 
quadratum,  QC,  ad  quadratum,  COy  cft  autcm  vt^OCad, 
CQ.  ita,  fumpta^QC^commani  akitudine,re6langulu  fuby 
OC5  O^y  ad  quadratumj  QC^  crgo  ratio  compofita  cx  ea^ 

quam 
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quam  habcti  OC,  ad,  CQ  i  &  cjuadr;itum»  QC ,  ad  quadra- 
tum  >  CO»  eft  eadcm  compolita?  cx  ca ,  quam  habet  re(fbn. 
gulum  fubi  OCi  CQ^id  quadratumiCQ^qundratutCQ^ 
ad  quadratum,  CO»  .1.  cadcm  ci^  quani  habet  rccinnguUim 
fubi  QC,  CO,  ad  quadratumi  COi  .1.  cjdcm  ci,  quahal>ct, 
QCind»  COj  crgo  omma  qundrata  ti-innguU»  DAFiad  om- 
nia  quadrata  trianguli.  MHCivelomnia  quadrata  parabo- 
IfleiDAFiadomnia  quadrataparabola^»MHC,  rcguUs  iam 
didisy  erunt  vt,QC.  ad,  COi  quod  lcrua. 

Vltcriusomniaquadrata  paraboLT»MHCiadrc(£lanau-  1 
la  fub  pa  abola, MHCi  &: tnlmcoi HRG regula,MC»  funt 
vti  MO ad,  CRiVC^  ad, CX,  .i.vtiOO  ad.  CQ^crgo  cmn  a 
quadrata  parabolxiDAF,  regula,DF,ad  rectdg  la  fub  pa- 
rabola,  MHC,  tiiUnco,  HRCiregulaiMC,  hnbtb  nt  a- 
cijncm  c<.'rouolitam  cx  quam  habeti  QC.  ad  CO»2c  cx 
ca  ,  quam  hibct.  COi  nili  . . i.  habebuut  candcm  ratio- 
nem,ii'am  hnbct,  QT.i  adiQCi  .i  crunt  ilUs  a!quaUa,quoi 
oftc.idc.c  opus  crat. 

C  O  II  O  L  L  A  R  I  V  M  I. 

Sd,  UJ.vti,  X  . ,  J^.  C^.vtl.  nF.  (^its  ff^  d^9t4iis  XCJ  mJ, 
j»/  ;  !if.m  dtMmftrt,  AZ»  BOjttm  dQMslfj  .vttnl  hi  uremMtc^ 
$(itnjum  Kji , 

C  O  R  O  L  L  A  R  I  V  M  II. 

PAttt  vlttrims  Jintra  emrusm  f^^hlu^m  dit  vtcm(];  re, 
ftt  Itnt^okliqutsxtr»  /fc*r,us  tniffam  ttfrr„t,anits, 
dua^futrint,  rtgul, fro  tfuMtt ftr^hela  fnmpta  fAfU  hA[,.quoi 
$tasnguU  fuh  diclis  vMrMboits  ptr  tafdtm  ccn/htutis,6  M  Pg»' 
'i  dtiUnti^fm  CATundtm  fur^btUrum.  tnttr  fc  trunt  .<quAUa, 

V   7.  <i'"'- 


GEOMBTRI^ 
qHotiifcNhif^^  dUm€tritarit»dmfHt4f'4Ahs,vtraq^^  tnimfingtU 
Uttrn  a^uahmtnr  $mnhi^$  ^HadrMtsfar^hU ,  ^utus  bafis  ftui 
p§rpenitcuUriitr  axtm  ttuf^em  't,(jf4ifit  dcfu^hs  diaf^tfis  dtHd^ 
r^^  parabdarHmi  '^pro^i^^  ^t^^gt^Utiufiem  bafis, 

THEOREMA  XXVI.  PROPOS.XXVn. 

I  inrra  ciiruam  parabolicam  dtiaj  vicntique 
dudacfuerint  reda?  lineatr  in  earHdem  ternii- 
nanres,  quarum  vna  rede,  altera  obliqu^  fe-j 
cet  axim>omnia  quadrata  coftitutse  parabola^  pef 
eam,quae  axim  re(S:e  fecat,  regula  eadem  ^ad  re- 
d:angula  fub  parabola  conftituta  perobJique  fe- 
caatem  axem  v  regula  huius  bafi ,  &  fub  figwra  di^ 
^antiarum  eiufdem  parabol^,  eriit  vt  quadratum 
axis  primb  dicftae  parabola^  ad  quadratum  diame- 
iri  fecundo  dicft^  parabola? . 

Sintigitiirintia  ciiruam  paiabolicam)  ADHiducE  ducliae? 
rccteline^^iifCadsm  termiiian-'  . 
tes^  quaram  vna  rcctc,  altcriL^ 
oblique  fecct  q.xim/i  er^go  con- 
fticutarum  ab  ijfdcut  p.^rabola- 
rum  diametri  funt  xqualcs  5  pa- 
tct  veritjs  Propofu-iouis  ex  au- 
tccedenti  Thcor*  wq  rmt^aufcm 
conftiturarum  parabolaru  dia- 
iBCtri  cTquales/int.iVMtcm  dxu-e  parabobs  conftitu etes^AH, 
recli  fcca.a^  9Xcm,D0i&,qG,  oblique  ipfr.m  diniUensA- 
:aftatqs^axis^DO,  maior  diametro  par.ibob,  CEGi  qu^E  fit^. 
tM,  &  Ht  dudU  JuieaiER,    conftituta,EllQ,ticTui  a  diftiin- 
t^arum  parabolaoCEG.  Dico  ergo omnia  qMrata par^- 

bola?v 


H  B  E  R    IV.  4j 
W*,  ADH.  jcgula,  AH.  ad  reaangub  fub  paraboU»(;EG,   '  ■  ' 

EM.  .S:  pcr,  N.  ducatur  .pl,,  AH.  p.,rallcb.     :  Omnia  eL 
quadr aca  par^bola:.  ADH.  ad omnia  c^uadrala  paraboU.^B  ' 
Jfn*.;!?  r  '^^'"."^""^AH-vcl.BF, funt  vt  quadratun.OD,  hui«. 
adquud.avum.  DN.vcl  atI.iuadratun^.,HM,fed  o.nniaftui- 
'^"      '    •        '       '  -  W.<unt..qu.-,l,arefbn|uli 

•'°t     ,•      '       ■>     ^  'tRG,rcgida.CG,ers„oirv 

awa  quadf^Wia  pa  wbob.  ADH,  rc§ula.AH.  ad  rcdacn,!,,  fub 

parabola,  t£G,^i:<rJu«:u,  ERG.regub.CG,erunt  vt  qun- 
dratiun,  pD>  ad  quadratum,  EM,  quod  crat  olkndcndum. 

C.'a  R  O  L  L  A  R  I  V  M. 


ihtffrtni.fumpu  pro  tegNUttnHitHt^  fArtU^M  nOi^j 
tAmanftnitnte^qMnt.fnrtclMngHU  fubdtiiis  fatiM„,fir  tf. 
tfsrts  Jt/l^nttMrssa,  t4tsu,dem4d>m,»u<jst0drMt4  p4rM>9U,emns 
b4(,sj„  ad  4XITH  rt<l4  (^M4  pro  eadem  fism4istr  pr^  regtsU) 
lt  cf!S^ir4i4  at4r»etrOfs,m  e4,Hiem  4iqi,Mdr»,Mm  nxts  illius  ttt» 
tt4p4r4i)lM,  tjuod  taio  UIm  ,tc/Mn(^MU  trtsnt  wter  fe.vt  diMmrtn^, 
fMftK  tAritpdeinparMlMl^rum  <jU4dr4t4 fieerin,  ifutef^  iittrfe. 

THEOREMA  .\A\.i.  i  K u u \XIX, 

OMnia  quadrata  parabolaroin ,  rcgulis  ba- 
fibas ,  funt  inter  fe ,  vt  omnia  quadrara-* 
parallelogrammorum,  in  eifdcm  bafibus, 
&  circa  eofdem  axcs,  veidiamctrosexiftcntium, 
icgulis  eifdem  bafibus* 

Mvimfcftacfthaci':  .jK  ..uv>i.uui  41t.1dr.na  di- 

—  6taruir» 


m  I 


4<  G  E  O  M  E  T  R  I  ^ 

.1.  hnm.]  ^larum  parabolarum  funt  fubdupla  omiiiam  quadratorum 
corundem  parallelogrammoruin^eifdem  rcguUs  afTumptiS, 
X  parabolarum  bafibus  iam  didis. 

A.    COROLL.1SECTIO  I. 

HIf$c  cMigimns  conchfioms ,  f  M  de  ommim  if^dJrdth 
rdlUUgfsmfnofum  cfilleltd  funtio  T heoremattius  9.  i  o. 
1  i  1 1. 1  j.  Lib.  2.  reguUs  ibidem afiumptis p  fttppofitis  ^mbuf- 
ddm  condutonihus  cifC4  dltttudmes ,  vel  Uterd  dtjUAliter  td/ibits 
tncUnatd»  quddrdta  hafium»  vel  ipfas  bafes  p  vertficari  et*am^ 
de  omnihus^^uddrdtts  fdrdboUrum,  fuppofitis  eifdem  (idsttimbus 
etrcd  dxes ,  vetdli$tud$nes ,  velctrcd  didmetros  dijUulttir  bajtbus 
incltfiat^s,  ^  circd  quddrdtd  bdfium,  vel eafdtm  bdfes ;  nam  bis 
eonditiombusdxtbus,  velaltttudtntbus,  vel dsameffts.fjr  (jUdUfd* 
tis  bdfium ,  vel  ipfis  bdfibus  compctenttbus ,  ettam  altttudtntbtts, 
vel  Idtcrthtis  parallelogrammorum ,  aqualtter  bafibus  t^^cltnatisp 
^  (fuadratts  bdfiump  vel eifdem  bafibus,parttef  ionuen^unt,  qud 
quidem pafallelogfdmma  ftnt  $n  eifdem  bafihus ,  ctrca  fo/dem 
axcs»  vel  didmetfos  cum  pdraboUs ;  (jr  ideo  dtffta  conclufiones ,  tju^ 
tunc  colltguntuf  pro  omntbus  (fuadratts  dtltorum  pdfalUlegfAm^ 
morum^pfoommhus  (jUadfdtts  ettdm  parabclafum  etfdt  m  tnfcrtm 
ftarum ,  tamtjuam  pf9  eorundem paftthus proporttoodUbus ,  f^tlo^ 
fet  d$m$  -  ^ffpaftter  vt  vera  rectpt  po/unt. 

B.  B.    S  E  C  T  I  O  II. 

f .  I.  %.  T  (ftiid  ofienfum  eft  omnta  cfuadrata  paratlelogrdmmorum  im 

X-J  ea  iem  dUttudine  Hdntium,  fcgults  bafdus,  efie  sntcf /e»  vt 
^uddrafa  Mum;  extftettum  tn  eddem  baft  efse,vs  aUttudtneSB 
ve/ettam,  vtUterd  eorundem  ^tcjuaUter  haftbus  tncl  nata ,  idi0 
pantef  htc  coUtgemus  omnia  (juadfatd  pdrdbolarum  tn  eadem  al* 
ftt^dme  exiHenttum,  regnUs  bafihus^  e^e  vt  quadfata bafiufn,^ 
txifientium  in  eadt  m  baft  efie  tntcr /f,  vt  dUitudtnes,  vel  vt  d$d- 
mitros  aqudhter  h^fil^us  trtcUndtds. 


L  I  B  E  R  IV. 
C    S  E  C  T-a^O  III. 


Q  rmtUter  ^»,4  ^ftnfum  efitmHU  ifUidrMtj  ^4rM^'tmmo^  1 
LJ  ra«,  rfgnUt  baftbus.  h*bere  tnttr  ft  rjutnem  compofittm^ 
9x  r4:t$me  ^ujdrjtirum  bdftum.e^  Jltituiinum,  vtlUttt»  s^fMj-. 
Uttrbtftb^s  incUnjtorum-y  tit^octUtgtmm.  hic ,  sm^tjqmdr^tA 
fdrMdrum ,  reguiis  bsfibus.  habere  inttr fe  rdtionem  chfofttam 
tx  rdtiiue  quddrdtorum  b^fium ,  dlitiudittum ,  vei  di^metrf- 
r»m  d^Udiiter  bdfibus  tneitndiorum, 

D.    S  E  C  T  I  O  IV. 

COnfimtli  "tet/jodtetlligemftt,  emnid  (jM4dr4t4 fdr^httdfum» 
'efd''t  bdfibut.tfudrum  btfium  tfUddrdtd  dltitudtmbut,  vtt 
dtdneiris  d^fUdliter  bdfibus  tnclindtisreei^rocdHtur  ,efse  dqud- 
li4,  &  ^utfunt  d^uditd  ,  tfse fdrdbildrum ,  /jUdrum  dliitudmet, 
veid.dmtiii  djudiittr bsfibus incitudid , bifium tfuddrdtis rtii- 
frteumtur. 


E.    S  C  C  T  I  O  V. 

D-*^;  &  hic obtinemus  ,  nempt  fnmid  ifUddrdtd pdrdloldl 
rum,  rtgulit  bdfibus,  ifUdrii  dltitudines,  vei  didmetri.bw 
fibuf  jfudiiter  tneiittdtd,  ddedfdem  hdfei  (duderH  rdiionem  hjm 
hedtJt,  rfst  inter  ft  tn  trtpld  rationt  bdfium,  vtl  dliitudinum ,  vtt 
dtdmttrorum  tifutliter  bdfibut  tncitnj/drum^^udomnidcidr},^ 
ftcifk  ptttmt. 

THEOREMA  XXVIII.  PROPOS.  XXX. 

SI  dua*  xt^-x.  linea;  ducantur ,  quarum  alteriJ 
parabolaoi  tangac ,  alcera  verb  axi ,  vel  dia* 
m  -cro  parabola:  aequidiftanccr  du(fla  eadcm 
Tecec,  in  idcm  pun(ftum  cocurrentes:  Omnia  qua- 


G  E:0  ^f/E^^IR  I  M 
draca  paralIelo|ratTjAi^  rcgula  tangente^  erunc 
fexcupla  omnium  quadratorum  trjJinei  fub  di^iis 
tangente,&  fecaniej&.curua  parabola?  ab  ijfdenl 
inplufa,  comprehenfi  • 

"  >      : Sit  fcmiparabola,  ACB,  qua  taiigat  liaca,  AD^Sc  a  pun- 
ilo  5  A  i  duiSta  ^  AB^  axis  5  vcl  diame- 
ter )  iatpgrse  p^arabola?,  dcinde  agatur 
vtcunqucj  DC,  parallcla  axi ,  vel  dia- 
mctro,  ABjfccas  curuam  paraboUv  ia?  E 
C5  &  occurrcns  tangcnti ,  AD^  iiii 
ducatur  tandem  a  pundoj  C^ipfijADs 
3^iiidift3nSoCB,fecans.iAB5i/i5B,r€-;.  ^''"^ 
gula. autejp  fitj  AD.  Dico  ergo.omma  quadrata  patallclo^ 
grammi  5  AC  ^  erte  omnium  quadratorum  trilinci ,  ADQ 
fcxcupla  :  Omnia  enim  quadrata  ,  AC,  adrectangula  fub, 
coroil.  1.  AC5  &c  femiparabola)  ABC^  funt  vt^  AC,ad  femiparabola^ 
i6.  .1.     ABC5  j.  fexquialtcra  .i.  vt  (^.  ad^.  omnia  autcm  quadra^^ 
»!•  buiui  ta,  AC5  ad  omnia  quadrata  fcmiparabolae  5  AEC  5  funt  du- 
pla  .1.  vt  6.  ad  3 .  ^  go Qmnia  qnadrata^  AC^ad  refiduum— « 
dcmptis  omnibus  quadratis  fcmiparabola^,  ABC,  a  rcctan- 
Corol g^^li^f'^^^  AC,  &  femiparabola,  ABC,  .i.ad  rcdangulafub 
l  1.        femiparabobj  ABC^  &  trilinco,  ADC^)  ertuit  in  ratiorc^ 
fcKcupla  .i.  vt        i .  ^d  eadcm  vero  bis  fnmptj ,  ^vt.^.  ad 
2.  quoniam  vero  oipnia  quadrata,  AC  5  ad  omnia  qiuidra- 
ta  femiparabol^  ^  ABC  5  fum  vt  5.  ad  3 .  vt  dicium.eft,  ideo 
omnia  quadi  ata,  AC,  ad  omnia  quadi  ata  fcmipaiabolcTjA 
BC 5  Gum  reclmgulis  bis  fub  fcmiparabola  5  ABC  ,  &:  tnli- 
neo,  ADC5 evmn\<,6. ad  5.  ergo  ad  reliqu^im  .f.ad  omnia 
J).ij  l.i.  q^^adrata  trilinci,  ADC,  omnia  quadratg,  AC^cri^nt.  v;^. 
ad  iV  fdeft  erunt  korifhdeni  fexcupla ,  qugd  qftehdert^ 
oportebatv    ^^  ^^v  n^>         .  \..  ^li   u       .  r 


CO- 
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4> 


HliK  biAttuf  $mm4  ij9i4dr4f4  friUniermm  fuh  tdngenulus, 
dr  f€C4ntib$is,  vflutt  funt,  A  D,  DC,  ngitlit  t4ngmthft9, 
tfst  $nter  fe,  vt$>nm4qu4dr4t4  fdrdllchgr^mtmrum fttb  t\fdtm 
tdngtntiius,  &  fcc4nttbms,  rcgults  ijfdcm  t4ngt9$tibus,  ^uontam 
diiJorum  tnUoeorum  omnia  (fuadrat4  funt  fcxta  p^rtcsimmum 
^U4dr4t0fum  dtciorum  parallclogrammfrum  ^  £ttdco  frotffistt" 
mm  kgs  concl^fttntj  ccOtgcmus,  fciltcct. 

B.  SEGTiIQ.,11. 

S/  di^t  tfiUnci  fftcfint  iu  tadcm  aUitudinc,  quodcmnia<}U4^ 
drata  ccrundcm  crunt  intcr  fc,  vt  bafmm  quadrata taf$^ 
gentium;  Bt fi futrimt  dtcit  triltnct  $u  tadtm  baft ./.  tangcntt,  d$^ 
34  omntu  cfii4dr4t4  tfmr$t  tntcr  ff,vt  aliumdtncj,v^,  vtfisatttts 
ajudlttcr  bafibus  .f  tangcntdus,  tnchnaia. 

C.     S  E  C  T  I  O  III. 

ITtm  cfUodtmm4  6fU4ir4ta  dtchrum  triltneorum  halcbunt  im» 
ttr  fc  r4t$oncm  comp$fit4m  cx  r4itonc  (juadrdtorum  baftum^ 
^cx  rattgnt  altttmdtnum,  vel  fccan:tum  aqualttcr  bajibus ,  fcili  • 
cti  tangcntibus,  incltnatarum^ . 

D.    S  E  C  T  I  O  IV. 


P Aritcr  qutdomnta  quadrata  dtclyrum  trtltmtorhm»  (fUcrum^ 
tangcntium  quadrata  altttudtntbus,  vcl  ftcamtbus  acjuali^ 
tcr  tarf^rentibut  tr^cltnatis  rcciprocantur,  efc  j(]ualta\& quafunt 
aqualta ,  c^t  tfiltmtormm ,  quorum  bafium ,  vtl  tangcmtium  qua^ 
drafaatntmdtntbus,  vtl  ftcmnttbms  aqualitcrtangcnttbut  tncli- 
e$ans,rcctprocantur. 


SE- 


f 


y>  G  E  O  M  E  T  II  I  ^ 

SECTla  V. 

tes  eAndemfAUpncmhahuennf.mntaquAdrdta  eorunderfi 
€runt  mtrifU  r4tme  taffgerMum^vel  fecantium^ 

THEOREMA  XXIX.  PROPOS.  XXXT. 

EXponatnr  figura  Theor.  anfecedentis,  &  ivim 
rra  parallelogrammu, AQducatur  vtcunq; 
rccaa,  EF,  parallelarpfi,BC,qua?rumatur 
proregula :  Oftendemusenim  omniaquadrata^y 
AC  5  demptis  omnibus  quadratis  femiparabolry 
ABCj  ad  omnia  quadrata,  ECydemptisomnibus 
quadratisquadnlineiyMEBC>eirevcqaadratum> 
AB>  ad  quadratumj  BE* 

Omnia  .n..  qiiadratav  ACj  ad  omnia  qiiadVata^ECj  dcm- 
ptis  omnibus  qxiadratis  quadnlinei,  E 

MGBjhabcnf  rationcm  compofitam       -A  ^  D' 

cx  ca'3  quam  habcnt  omtiia  quadratay 
AC5  ad  omnia  quadrata,  EC  5  idcft  cx-  E 
eay  quam  habet^  AB,  ad,  BE,  &  ex  cav> 
quam  habcnt  omnia  quadrata^EC,  ad 
rcliduumjdcmptis  ab  1  jfdcm'  omnibus 
qiiadr.uis  quadrilinci,  MERC,  .i:  cx  ea ,  quam habctj  ABy 
qd,  :!r .  BE  5  du3e  auf cm  has  rationcs  .f.  quam  habct ,  AB,  ad^-^ 
BE!>  ScV  AB,  ad    .  BEiComponunf  rationcm  quadrati, AB> 
nd  rcajnguknn  fub,  EB,  &  -Jr .  BEvi.ad  dimidium  quadra- 
ti,  BE,  crgo omnia  quadrataV  ACvidomnia*quadrata,EC> 
dcmptis  omnibus  quadratis  quadrilinci ,  MEBC  3  crunt  vt 
quadratum,  AB,  addimidium  quadrati^  BE^funt  autcnv-^ 
omaiacfuadratayAC^dcm^tis  omnibus  quadratis  fcmipa- 

faboUr^. 
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raboly,  ABC,  dimidium  omnium  quadratonim,  AQqui;? 
oiTiiua  quadrata,  AQfunt  dupla  omnium  quadratorum  fc- 
miparabol^,  ABQcrgo  omnia  quadrat3,AC,dcinptis  om- 
mbus  quadratis  (imiparabolx ,  ABC  ,  ad  omnia  qnndratn. 
EC^dcmptis  omnibus  quadratis  quadrilineijEMCiijCr  unt 
vt  dimidiumquadrati^ABvid  diimdium  quadratijBE,  .i.vf 
quadratumjAjBjadquadratu^BEjquodcraidcmonltrandu. 

THEOREMA  XXX.  PROPOS.  XXXII. 


SI  parallclogrammum ,  &parabola  fucrint  ia 
cadem  bafi  ^  &  circa  eundem  axim ,  vcl  dia- 
fHCtrumconftituta,bafifquefumaturprore- 
jgula;  Omnia  quadrata  diCki paralleJogrammi  ad 
©mnia  quadrata  figurse  compofita?  cx  parabola^fid 
fllterutro  trilincorum,  qui  fiunt  cxtra  parabolam, 
demptibomnibusquadratis  eiufdcm  trilinei^erut 
vtdidum  paraJIelogrammum  ad  dic9:am  parabo- 
Jamj  ad  tadem  vci 6  cum  omnibus  quadiatis illius 
trilinei  erunt ,  vt  dicftum  paralleJogrammum  ad 
4dL(^iam  parabolamfimul  cum  -5^^  .  di^li  paralleJo- 
gramiDi  A.  vt  2^  ad  17« 

Sit.crgo  paralleiogrnamium  5  AF,  in  cadcmbafi^Dr^  & 
circa  cundcm  aximjvel  dia- 
iTictruro^BE^cuni  parabola, 
PBF>rrgiila  rit.Dr.I^Jco  om- 
nia  qiudrara,  -\F-»  ad  omni 
quadrjtj  figurcT^CBnFjdcm- 
ptis  ojarmibus  quadrntis  trili- 
nci ,  BCF  ,  cfTc  vt ,  AFf  pa 
rabolam^DBF^eadcm  vcroadum  la  quadi.ua  fig.  CBDF^ 
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eirc  v^rAE^ad  parabolam,  DBF5  cum  t  i::paralIcIogram- 
mi>  AFs  qiioinam  enim,  BE3  eft  axis,  vei  diameter  tum  pa^ 
rabol^e  >  DBF  5  tiim',parallelogrammi>  AE  yideo  fi  ducatur 
intra  parallelogrammum  ^  AFvVtcuacjfue  re<aa  linea  parol- 
lela  ipfijDF^portioacs  evufdem  inelufa?  trilineis ,  ADB» 
CFBjCruat  iater  fca^quales,  &  ideo  parabola>DBF>  erit  fi- 
gura,  qualem  poftulat  Prop.  2 ^ .  Lib.  3 .  quapropter  qmnia 
«juadrata,  AF>  ad omnia  quadrata  ligura^  >  CBDF,  demptis 
omnibus  quadr^atfiH^^^i^^^.^i^  BCF>  erant  yt>  AE,  ad  parabo- 
lam,DBE. 

Quo  nia-m  verp  omnia-  qua^r  a  ta  x  AF5  a  d  om  n  ia  li  a  a-r 
ta^  BE3  funt  vt  quadi  atum>  DF?  ad  quadrat  um^  FE5  .i-  ftua- 
drupla  .i.  vt  24.  ad  6.  omnia  vcro  quadrata  >  BF  >  funtlex^ 
Jf«i6u»m.  cupla  omnium  quadratorum  trilinei,  BCF ,  .i.  vt  6.  ad  i. 
igitur  omnia  quadratajAFjadoifinia  quadrata  trilincivBG 
F5  erunt  vt  2r4.ad  i.ideft  vt,AF>ad  fuiipiius  -riT.ergoom* 
quadrata^  AF^  ad  omnia  quadrata  figur^e,  CBDF>erUnc 
v4;VAF  5  ad  parabolam^  DBE  >  cum  yT.  parallclogrammi, 
'AFs  paraIlcIogra.mmum  autem  ^  AF>  cftfexqiiialterum  pa- 
ral^oIst^  D^^^  a.  adiHahl,^  24.  adi  1 6.  ^rg6  fi  numero  1 6. 
iifnjgatur -r^-i-.iciufdeni^ijralteiog^         AE>  fient  17.  igi^ 
<^nr  cHnniar  qwadrata^AF^ad  omnia  quadrata  figur^>CBJM^^ 
,  «rui^t vt  ;^4.  ad  1 7 .  quod  oftendendnm  erat. 

C  O  R  O  L  L  A  R  I  V  m:  ^ 


qudifmrum  figurA,  CBDF,  dempusmnthfis  cjusdrsaif 
trUinei,  BCF,  nofn funt  ddtlU,  vt,  AFgadpardkUfn,  BDF.etf^ 
if^spdralkhgrdfBmuf»,  AF,  efi  fexquialurum^ 


L  l  R  E  R    IV.  5S 
THEOREMA  XXXI.  PROPOS.  XXXIU. 

1N  eodeni  antec.Propofir.  Schemateoftcndc- 
mus  omnia  quadrata  figur3j,CBDF,dcmptis 
omDibus  quadratis,  BF,  ad  omnia  quadrata, 
BF,  dempiis  omnibus  quadratis  trilinci,  6CF,e^ 
fe  vt  I  i.ad  5. 

Kam  omnia  quadrata  ,  Ar,  ad  oauua  qiiadcata  figurar, 
CBDF,  oftcnfa  Innt  clTc ,  vt  14.  ad  1 7.  cadcm  vcro  ad  om- 
nia  quadrata  ,  BFj  funt  vt  14.  ad  ^ .  qma  funt  coru  quadru- 
pla, crgo  ad  icfiduum.f.ad  omaia  quadrata  tigurar,  CBDF, 
dcnjpt»?  bnlnib.  quadra- 
ti$,Br>  erut  vt  a^.ad  1 1 , 
coiicrtcndo  omnia  qua- 
drata  figur*,  CBDF.  dC- 
pti*  omnibiis  quadratis, 
BF  ,ad  omnia  quadiata, 
AF-»  eruftt  vt  1 1.  ad  24. 
Itcmomiia  quadratA.^, 

AF,adomnia  quadrata  ,BF, funt  n  24.  ad  6.  onv..i  1  \Cia 
quadrata,BF,ad  omnia  quadrata  tnlincv  ,BCl-,  lunt  Tt  6. 
ad  I .  crao  omnia  quadrata,Ar,udomnia  quadiata  tnlmei, 
BCF,funt  24.ad  1 .  cadcm  vcro  ad  omnia  quadrataiBF, 
funtvf  T4.  ]>d  6.  crgD  omnia  qurtdfata  ,  .^T,  adomnia  qu»- 
dwt»,BF,dcmptis  omnibus  quadratis  triUnci,  BCF,  crunt 
vt  i  <  ad5.cr.r.it  jutcmomnia  quadrata  figurx,CBDF, 
dcmptis  omnibus  cuiadratis ,  BF,  dd  omnia  quadrata,  AI^ 

1 1 . ad  24i  ergo ,  cx acquaU ,  <  ninia  quadrata  figvux,  ^ 
PF,dcmpt4s  onwibus  qi«dratis,Br,ad<)mniaquadrafa, 
BF,  dcmptis  omi>ibus  quadrati^  trilinci,BCl , crunt  vt  i  x, 

5 .  quod  crnt  of>ciidcndiim . 

IIIEO- 
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JHEOREMA  XXXII.  PROPOS.  XXXIV.. 


ASfumpta  eadem  'anteced.TheGr.  figura,fi 
producatur  bafis,  DF,  (qux  rctineatur 
j  pro  regula)vccunqj  in,  M,  &per,  M,ipfi, 
BE ,  pafallela  .ducatur ,  MH ,  cui  occurrac ,  AG, 
produda,  jn  ipfo,H.  Omnia  quadrata,AM^deni- 
ptis  omnibus  quadratis,  CM,  ad  pmnia  quadraw 
iigurae,HBDM,demptis  oninibus  ^uadratisqua- 
drilinei,  HBFM,  erunt  v,t,  AF,  ad  parabola,DBF, 
jdeft  erunt  eorum  fexquialtera;  Quod.facilepate- 
h'itp  qui?  paraboJa,DB.F,infcripta  parajlelograni- 
jmo,  A.F,  eft  .figura,  qualem  poftujat  Propojic.  $9» 
]Lib.5.  Vlterius  auteni  dicopmniajquadrata,AM, 
adomnia  quadrata  figurs,  BDMH,  e0e  vt  qua- 
jdratum,  PM,  ad  quadfatum,ME,dimidiumjqua- 
drati,  ED,  cum  redangulo  fub  fexquicertia,  DE, 
&fub;EM.  ^ 

Inconftruaafiguraigitur  bmnia  <juadratafi^urae,HB 
DM?  per  redtanij 

BE,  .diuiduntur       A   (L-    B  C  K 

in  omiiia  qua-  ' 
drata  fcmipara^ 
bolx,  BDC,  in-^ 
omnia  quadrata, 
BM,&inreAan- 


p 

r 

\ 

M 


.  giila  bis  fub  fcmiparubola,  BDE^Sc fub, EH,  nuc  ad  horum 
fingula  comparcmus  omnia  quadrata  5  AM :  Omnia  igiair 
quadratajAM^ad  omnia  quadrata^BMjfunt  vt  quadratuni, 
PMj  ad  quadratfi,  ME5  quod  ferua.  Itcm  omnia  quadrata^ 

AM, 


Coroll. 
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ANf,  ad  omnia  quadra  tn,  AE ,  fiint  vt  (|uadratiim ,  MD,  ad 
ciuadratum,  DE,  omaia  vcrd  quadratayAE^fuiit  dupla  om- 
nium  quadratorum  icmiparaboU ,  BDE,  crgo  omnia  qua^ 
drata,  AM,  adomnia  quadrata  fcmiparaboMDE^funt  vt 
quadratum,  MD,  ad  dimiduuit  quadrati ,  DE ,  quodetiam 
lcrua .  Trmdcmomnia  quadrata ,  AM^ndrcda-ngula  fub, 
AE,  EH,  funt  \i  quadratum,  DM,  ad  rcaangulum  ,  DEM, 
r^(iaftgula  vcro  fab ,  AE,  EH ,  ad  rcaangula  fub  fcnriipara- 

bola,  BDE,    fub,  EH^funt  vt^AE^nd  fcmiparabohi,BDE,   

(quia, EH, cft  parallclogrammum)  idcft  fcxquialtcra .r.  vt, 
DE,  ad  T-.  DE,  .i.v t  rcdangulum  fub,  DEM,  (fumpta,EM, 
Communi  altitudinc  )  ad  rcdangulum  fub  r  -  DE,  Sc  fub, 
EM, crgo, cXa:quali,omnia  quadrata,  AM,adrc£tangula 
fub  femiparabola,  BDE ,  Sc  fub,  BM  ,  crunt  vi  quadratum, 
DM,  ad  redangulum  fub  f-  DE,  &  fub,  EM;  ad  cndcm  vc-' 
ro  bis  fumpra  ctunt ,  vt  idcm  quadratiim  ,  DM ,  ad  rcctan- 
glilum  bii>iub  T«DE,  .i.fub  fcxquitcrtin,DE5fcmcI,&:  (uh^ 
EM,  crg<'),  colligcndo ,  omnia  quadraca,  AM ,  ad  omni.L^^ 
qundrata,  BM,  ad  omnia  quadrata  fcmiparabolo: ,  BDF, 
cum  rcctjnguUs  bis  lub ,  HE,  &  fcmiparabolas  BOE,  idcll 
ad  omnia  quadrata  hgurx ,  HBDM  ^  crupt  vt  qii.idratiiniy 
DM5  ad  qu^dratum,  ME ,  &  dniiidium  quadrnti,  ED,  cum 
rccbngulo  Tub  fcxquucrtia,  DE,  &  fub,  h\U  f»»^i«^l  iunc^la^» 
(^uaenobisciant  dciBonftranda.- 

COROLLARIV  M. 


H/nc  Aftdfct,  cfuodmeihodo  hntf^s  tn  Prcpof.  j  2.  oflendt  po- 
tera:  0Tnni4ci94dfdtA,AtMmnu  fuadrdti  figura,  CB 
DF^  ej?e  vi^^.dd  x^.pri^sdtn^onflidndcomniaij^sdritAtAr» 
aJcmn$4  cfuadrata  figura,  CB DF,  e(ie  vt  cjudifatf^.  DF.adftyd^ 
dfotitm,  FE,  1- .  (ft4adf4ti,  t  D»  &  reciaq^ulum  fuh  fexquitertia, 
Dt,&fsih,  EF,  vtnempe  7^.4d  iJ.Tdtfttca/.ul^nti  p^tdlt  } 
tfteodhtc  atpuCff: ,  vt  carri  fatiorjem  etiA^n  h:c pnitt  tcneAfH^s* 


j6  G  E  0  M  E  T  R  I  ^ 

T  H  E  O  RE  M  A  XXXIfl.  P  K  O  P.  XXJCV. 

1N  eadcm  anteced.Propof.figura  oftendemus 
omnia  quadrata,  BM,  ad  omnia  quadrata  fi- 
gurx,  BFMH,  eflfe  vt  quadratu,EM,ad  qua^ 
dratnm,MF,cum  reaangiilo  Tub f.  EF , & fub, 
FM,  vna  cu  V.  quadrati,EF,regula  eade  retenca. 

Omnia  .n.  qiiadiata  figurx ,  BrMH,  per  reaam,  CF,<|i- 
D.  CotoU  uiduntur  ia  omnia  quadrata,  CM,  in  oitinia  quadrata  trili^ 
nei,BCF,  &inre- 


«Stangula  bis  fiib 
triiineo,BCF,& 
tiib,  CM ;  adhoru 
ei^sro  lingula  conv 
pjrcmus  omni-.Lj. 
quadrata^BMjh.^c 


B 


K 


p 

\ 

M 


igitur  ad  omnia  qu iidratat)  CM,  funt  vt  quadratum^  EM^  'ad 
quadratum  ,  MF^  quod  fcrua  .  Itcm  omnia  quadrata  5  BN^^ 
ad omnia  quadrata  ,  BF,  funt  vt  quadratu,  ME5  ad  quadra- 
}».  huluu  tum,EF>5  omnia  vero  quadrata^jBtF^  funt  fcxcupla  omnium 
quadratorum  trilinei,  BCF,  .i.  funt  ad  illa  5  vt  quadratum, 
EF,  ad  eiufdcm  -f .  crgo ,  ex  sequaii ,  omnia  quadrata,  BM, 
ad  omnia  quadrata  trilinei  |  BCFi  funt  vt  quadratum  1 EM, 
1'.  quadrati) EF,quod  etiam  ferua.  Tandcm  omnia  qua- 
dratai  BMi  ad  rc£tangula  fub  >  BFj  FH 1  funt  vt  quadratum> 
EMi  ad  redangulum  fubi  EF,  FMt  redangula  vero  fubi  BF, 
FH>  ad  rcdangula  fub  trilineo,BFG,&  fiA)>CMifunt  vtiBF^ 
ad  tnlineumi  BCF,  (  namj  CMi  eft  parallGlogrammu )  idcft 
funt  cprum  tripla  .i.  funt  vt  >  EFi  ad  t.  EF  ,  .1.  vt  reftangu- 
lum,  EFMi  ad  rciaangulum  fub  T.  EF,  &  fubi FM,  crgo,  ex 
aequali^omnia  quadrata  |BM,adrcdanguU  fubtrilinco^ 
BCF,&  fub,  FH )  erunt  vt  quadratum  f  EM,  ad  reaaguhun 

fub 


Corot) 


i 

i 

/ 
i 

f 

3 


L  I  B  E  R  IV.  57 
fuh  i;.  B^v&  fiib  >rM  5  adcndcm  vero  fuii^pn ,  vt  qna, 
<lL;Uiim>EM>  .id  rcctAngalu  bis  fub  r . EF,  &:  fub,  l^M^idwit 
femcl  fab  f .  r.F>  3c  fiib>  FMs  crgo,  colligendv>,omiiia  qna- 
drata,  BM>  ad  omnia  quadrata  >  CM,  ad  omnia  quadrar 
triliacijBCFA'  ad  rcdang»  ila  bis  fub  trili  Ko,  BCF,&  (i.b, 
FH,  .i.  ad  omnia  quadiaca  tigura^  BFMH>  crunt  vt  quauia- 
tum,  EM>  ad  quadratum,  MF>  rcdju^ulu  fab  t.EF,&  fab* 
FM>  vaa  cum     quadrau,  EF,  quod  ollcndcrc  opus  crat,^ 

COllOLLARIVM. 

Hfffc  cpllmftus  emfii.i  qWMJr^U ,  EM ,  diftftduum ,  dim^ 
ptts  db  etfdtm  im  -itbui  qttsdrdtis  figfr^,  BFMH,  t^e  vt 
qmdirdiMm  EM ,     refidMNm,  dffr.pfts  ) ijt$idrdt$,  EM,htsom* 
mkttt  f.(iitAirit«i,F ^^tiil m^ulo  {kb^  M F^dr  \  •  F ctim  v. 
^Miifdtt»  EF,  Ihc  dutem  rtj^ukum  eft  fifidngutum  fttb,  MF, 
fexifutterti4,  Fi:,  cum  '  .  (fUJ  irdtt,  EF;  ftdm  fi i ^ttddrdto^F 
dempf(ftsf*d4fdtum  F M .umduelunt  duoreaAnguU  fuh  MF ^ 
FF^cum  fUidfdto.  Pc,  vlttftus  ft  d  recldngHlohts  ftih^S: F ,  FE^ 
dempfefts  fectdngulumftih,  Si F .  &      FE,  tdefi  rtasugulum^ 
tisfub,  MF,  :^  (u  T  F E.  rcmjmhtt  reildugutHmlu  fub»M F, 
&  \.Ft»ti:flfemel  fuh,  M F.&  fex^utterttd  ,  ft :  Tdndem 
dbtdto  '^.dquir4t9.FE.remanen$  l.etufdemquddrdtt.vnde 
09Ud  j^4dfJtJ,  BM.4irefiduum,demptis  o^nthus  tjuadrdtis 
fi^urt,  BF  MH,eru^tvt(]UMdratum,  EM,dd  reftswgult^m  fuh, 
MF,  &fex]iittertt4,  FE,  cum  -5-.  quddrsti,  FE. 

THEOREM  A  XXXIV.  PROP.  XXXVL 

IN  eodem  SchemneTheor.Prop.M.oftende- 
mus  omnia  quadrara  fi-ur^ ,  BDMH,  deptis 
omnibusquadratis,BM,adomniaquadrata, 

BM,  demptis  omnibus  quadratis  figura^ ,  BFMH, 


H 
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cflc  vt,  EM,  cum  f  •  EM^  &    ED,  ad>  MF,  COffl 

•^•MF,&^.FE 

Omnia  enim  qiudrata ,  AM^  ad  omnia  quatdrata  figura^y 

34.^11».  DBHM,  oftcndi. 

mus  cfTe  ,  vt  qua*      A   CL     B      _     C  H 
drarumjDMjad 
quaJrAtumjMEj  G 
redangulum  (uhy 
ME)&  fcxqniier- 
moED.cum^.      ^  E  F  M 

quadrafij  ED,  eadcm  vero  ad  omnia  quadrata^BMj  fuHt  vf 
quadrat um^  DMj  ad  quadratum,  ME;  crgo  omnia  quadra-- 
ta,  AM,  ad  omnia  qxiadrata^  figura:,  HBDMjdemptis  omni> 
bus  quadratis,  BMjCrunt  vt  quadratnm,  DM,  ad  redangu-- 
\um  fubj  ME  5  &  fcxquitertia  5  ED^  cum  -J-.  quadrati  5  ED>> 
&5  conuertendojhaec  ad  illa  erunt^vt  reaangulum  fiib-fex-- 
quitertia,  ED3  cum  quadrati^  ED,  ad  quadratum,  DM  :* 
Omnia  vero  quadrata,  AM  5  ad  omnia  quadrata  5  BM5  funt- 
vt  quadratumj  DM,  adquadraf  um ,  ME ,  &  tandem  omnia^ 
quadrata,  BM,  ad  eorum  refiduum,  demptis  omnibus qi:a-r 

%s  Coiol.  dratis  figura?,  BHMF>  funt  vf  quadratum^EMjad  rcc1a«grt'.- 
lum  fub^  MF5  & fexquif ertia:»  FE,  cum  v.  quadrari,  FEser- 
go^ex  aequalijomniaquadrata  figurf,BDMHidemptis  orti- 
mbus  quadratis,  BMjadomnia  quadratajBM^dcmptis  om- 
nibus  quadratis  figarae^  BFMH  5  erunt  vt  redangulum  fui,. 
ME,  &  fexquitertia,  ED,  cum  quadra ti,  ED>  nd  reclan  - 
gulum  fub,  MF,  &  fexquitertia,  FEy  cum  1.  quadrati,  FE  i 
quia  vero  reaangulum  fub,  MEA"  fcxquitertia^EDvTqua- 
tur  redangulo  fub  fexquitertia,  ME  y&c  fub ,  ED,  quia  ba- 
fescorum  funt  altitudinibus  reciproc^Sj  &eadcm  ratione 
rec^angulum  fub  fexquitertia,  HF,  &  fub,  FM> ctquatur  re- 
a-ingulo  fub,  EFr &  fcxquitertia  ,  FM ,  ideo  fupradidta  ra- 
tio  ent  eadciiiei,  quam  habei  rcaangulu  fub.DE^ver.ER 


1. 1  «leou 
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&Hubfc.<quitcitia,EM,cum-r.quadrati,DE»i(lcftcun-i_^ 
rcaaagulo  fub»  EF.  &     EF>ad  rcaangulum  Uib»  EF» 
fubfcxquitcrtia>  FM,cui«  v.qiudrati»EF»iclcftcu  recbii- 
gulo  lub.  EF.  &:  i.  EF»  duo  autcm  redangula  lub.  EF»  \^ 
fub  fcxquitcrtia.  EM»  &  fub»  EF»  ic  -ir.EF.coficiuut  rcaan- 
gulum  lub»  EF.  &:  fub  cnmpofita  ex     EF.  &:  fcxquitcrtia, 
EM  ;  paritcr  alia  duo  rcifljngula  fub  .  EF.  &:  ^  •  EF»  &:  fub, 
EF»  &:  fcx  quitcrtia.  FM.  conhciunt  rciaangulum  fiib.  EF»8c 
compofita  cx  ^  .EF»&:fcxquitcrtia.FM»crgoomnia  qua- 
drata  figurf»  BDMH » dcmptis  oranibus  quadratis,  BM>  ad 
omnia  quadrata » BM » dcmpiis  omnibus  quadr.itis  figurie, 
Bl-MH  .  crunt  vt  rc<fbnguliun  fub » EF»  &:  compolita  ex  -f , 
EF.  &c  fexquitcrtia  •  EM»  ad  rcaangulum  fub  cadcm  altitu- 
dinc » EF»  &:  fab  compofita  cx  t  -  EF ,  &:  fcxquitertia  .  FM, 
.i.  vtcompofitaex  i-.  ET^  \-c\  -^.  ED.  &  fcxquitc.tia»EM, 
ad  comporitaiii  cx  t-  F-F*    lcxquitcrtia.  FM.idcft  vt.EM, 
cum  f .  ME,  &:  f . ED» ad,  MF, cura  t.  MF,&:  T.FE,quod 
oftcndctc  oportcbat. 

THi.  >.vEM.\  XXW.  PROPOS.  XXXVII. 

1N  figuraProp.  3i.oftcndcmus,rcgul3,  DF, 
omnia  quadrata  fcmip3rnholir,DBE,ad  cra- 
nia  quadnta  fignraf,  CBDF.d-  mptis  cmni- 
bus  quadratis  trilinei,  BCF,  eflfe  vt oc^iaua  pars,  D 
F, ad  duas  tertias  ciufidem,  DF,  .i.  vt  j .  ad  1 6. 

Nam  omniaquadrata  fcmip-l-a^o'uv,BDF,funtdimi-  «o.  W 
dium  omnium  qundi atorum  ,  AE,  idcftfunt  ad  ula ,  vt  4:. 
quidrati,  DE,  ad  quadian'tr.,DE,  iin.i  omnia  quad.  at.i^., 
AE ,  ad  omnia  quadraia  ,  Al- ,  funt  ^  t  qi  ad,  ..ruin ,  DE ,  ad 
nuadratum,  DF;  tandcm  om  ua  quadrata,Dr,  ad  omm,L^  rotol.ji. 
<iuadi-ata  fi-ura: ,  CBDF,  dcmptis  omnibus  quadratis triU-  h«.u«. 


B 


\ 
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ncijBCFjfiintfexqui.iltera)  ^ 
idelt  funt  vt  qujdratum,  DF, 
nd  rccTiangulum  fub  5  LF ,  & 
T .  DF5  ^^rgo,  cx  xquali  5  om- 
nia  quadiata  frmiparaboIiK, 
BDC:>ad  omnia  quadr^itali- 
gurse^  C^jDr^  dcmptiS  oi^ini- 
bus  quadrati^trifeci ,  V>CF  ^  crunt  vt  dimidivm  quadrati^ 
DE,.i.vt  rcaangulv:m  ^  b  t.  DF,  &  fi  b,  DIS  ad  rcdagUH 
lum  fub  f .  DFv^  fub ,  DF ,  .i.  vt  i  .  DF ,  t  .  DF ,  .1-  vt 
"X  T.  DF^ad-r^. DF>.i.  vt  ^.ad  i(?.quodoftcd,opuscrat> 

THEOREMA  XXXVL  PROP.  XXXVIII. 

r 

\K   ■    :    '     ':  i 

IN  figura  Prop.  5 4.  adbuc  ofiendemus  omma 
quadrata  figurse,  HBDM,  demptis  omnibiis 
quadraiis  figur^, BHMF,  ad  omnia  quadra- 
ta  figur^,  CBDF,dcmp!is  omnibus  quadratis  in- 
linei>  BCF,  efle  vf  ^  DM,  MF,  ad,  FD, 

^  Qupniam  .n,omnia  quadrata  ^  AM^demptis  omnibus 
quadfjtis ,  CM  ^  fanr  ad  omnia  quadrat.r  figarx  3  HBDM? 
demptis  omnib 

A  B  C  H 


j4,hBftts  ^nadratisfi'gura?5 
'BHMF,vt,AF,acI 
parabola  ^  DBF5 
.f  vt  onmia  qua- 
drata^ALF^adom- 
nu  quadrata  fi- 


p 

/ 
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g  ira?,  CvBDFj  dcmptis  onimbu^quadratis  tnlinci^CF^er- 
go  5  permutandoj  om.iia  quadrata^  AM^  dcmptis  omnibus 
qundratjs^  CM^  ad  otlinia  quadrata  5  AF)  erunt  \t  omni^L^j 
quadrata  figUrirjHBDMjdcmptis  omniausquadratis  figu- 
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ra?,HftrM>  ad  omiiia  qua  Jrata  rgurx>CBDr>dcmptis  om- 
nib.!5J  quadrati^.triUnci,BCF5tuiu  aUtcm  omnia  quadrat.i, 
AM,  dcmptis  om.iibai  qu.idratis,CM,adonlna  quadratn, 
AF,  vrrcchngulumbis  fub  >MF  ^FD ,  cum  quadrato  ,FD> 
#i.  rOLiangulumfub  comporita  cx^  DM>  Ml^  &  liib,  FD>  ad 
quadKitum>FDi  .irvt  cnmpohta  cx^  DM>MF>  ad>  FD>  cr- 
^  -'^vua  qiiadi:atafigar.v>DMHB>dcmptisommbusqua- 
^  ga:x>  BHMF  r  jd  omnia  quadrata  figurx  >CBDF^ 

dcmptis  ( imuibus  qaadratis  trilinci  >  BCF  >  erunt  vt  >  DM> 
MF>  ad>  FD>  qiio  J  oftciidcrc  opus  crar. 

THEOREMA  XXXVU.  PROP.  XXXIX. 

1N  SchcmateadhucProp.antec.  oftcndemus 
omni2  quadrata  figurf^HBDM^dcmptis  om- 
nibus  quadratis  figur?>BH  M  F>  effc  nd  omnia 
quadrata  femiparabolcE ,  BDE  >  vt ,  DM,  MF, ad 
^x.ipfiuSjFD. 

Wam  omnia  quadrata  fipur.T,HBDM>dtmptis  omnibus 
quadratisfigurA>BHMF>r.dt  mnia  quadrata  figiir\>CBDr, 
dcmptis  omnibus  quadrat  i  tri!nK  i,BCF>olUnfa  lunt  dlc, 
vt  iDMi  NU-,  adiFD  >h?x  autcm  ad  omnia  quadrnta  fcmi- 
parabvl*»  BDE>  funt  vt  t  .  FD>  ad  t  .  ipiuisi  FD.  .f.  vt,  FD> 
ad  rir-FDiergo>eKxquali>c:mniaquadrat.(  figur.T>HBD 
M>dcmptisom  ubusquadratis  figurj  ,  1>HMF^  ad  cmiiia 
<ju adrata  fcmip.rabolx^  BDH>  erunt  vt,  DM  > MF>  ad  r  • 
jpims,  FD>qn()d  oftcndcreopus  erat, 

THEOKHMA  XXaMU.  PROPQS.  XL. 

SI  infiguris  Propor.  52.&  ducanrur^GP, 
CV,  regulis^  DF,DM^  paralleIae,oftendemus 
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(fi  ipCx  recauerint  parabolam,  DBF,)  omnia  qtja- 
drata  figur«,  CBDF,  drmptis  omnibus  quadratif 
trilinci,  BCF,  ad  omnia  quadrata  figuraf,  CBNP,' 
dcmptisomnibusquadratis  quadrilinei ,  BCPO* 
Vel  orania  quadrata  figurac,HBDM,demptisom- 
nibus  quadratis  figur^^BHMF,  ad  omnia  quadra- 
ta  figura»,  HBN  V,  demptis  omnibus  quadratis  fi- 
gur«,  HVOB,  effe  vt  parabolam,  DBF,ad  para- 
JjoJam,  NBO. 

D«nonftratio  prjerentis  Theor.  erit  conf  )rmis  demon- 
ftrationibus  Prop. i p,  20.  Lib.^.cjiiaproptei- in4epetatur. 

C  O  ROh  L  A  R  f  V  M. 

H/»f  etlligemuj  emm4^uadrata  figurd.ffBDM, demptit 
tmrnbus  t}uadratisfigMr<t,BHMF,  adomma<jnadrMta f!, 
gttra,  HBNF,  dewptts  ommhns  quadratts  figUr<t,  BHFO,  tfit  vt 
otnnia  tjnadratafigHra,  CBDF,  dtrr.fits  ommkus  (fuadratts  /rtii. 
nei,  BC F,  ad  emniM  tjtiadratA  figura  ,CBSP,  demftis  ommbtti 
tjuadrattt  quadrilinti ,  BCPO ;  ^  vtraqut  tfse ,  vt  cabum ,  DF^ 
gdcubtm,  NO, 

THEOREMA  XXXIX.  PROPOS.  XLL 

IN  eifdeti  figuris  oftendemus ,  regulis  adhuc 
ipfis ,  DM ,  DF,  omnia  quadrata  figurjc ,  CB 
DF,  ad  omnia  quadrata  figur^ ,  CBNP,  effc 
vt  parallelepipedum  fub,  BE,  &  fi.  quadrati  ip- 
iius,  DF,  ad  parallelepipedum  fub,  BX,&  hs  fpa- 
tijs  fimul  compofitis  .f quadrato,XP,  . quadra- 
ti>  NX,  &  re(aaguIo  fub  fcxquitcrtia,  NX,  &  fub, 

XP: 


p 

/ 
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XP:  Omnia  verb  quadraca  figur^HBDM,adom- 
nia  quadrata  figurx,  H  BN V,  effe  vt  paraHelepi- 
pedum  fub,  BE,  &  his  fpatijs.f.quadrato,  ME,  -^, 
quadrati,  ED,&  reftangulofubfcxquitertia^DE, 
&  fub ,  EM ,  ad  parallelepipedum  fub,  BX,  &  his 
fpatijs  X  quadrato ,  VX,  [ .  quadrati ,  XN ,  &  re- 
^iangulo  iub  fcxquiccrtia,  NX,  &  fub,  X  V. 

Ducatiir  per,  N>  ipli>BE>  parallclj ,  NQi^ia  vtraqj  figu- 
fayigititT  omnia 

ciiiadrata  figurc^^        A  B  C  H 

CBDF>ad  omnia 
^adratj»  tigar.ry 
CB:NP>habct  ra- 
tioncm  compo- 
fita  cxea  >quam 
habent  omnia  quadrata  figurx ,  CBDF ,  ad  omnia  quadra- 
Vii  AFi.i.ex  ca>  quam  habcut  1  T.qitadratiiDFKndqux.  ift.htiM^^ 
dratum  >DF»&:ex  rationc  umnmm  qu.idratorum  ,  AF,  ^'5 
omnia  qiwdrata  >  Al\  .i.  cxiatK>nc,EB,acl,  \V\  ^  ^iccxrgf^ 
tione  omnuun  quadratornm,  AP^ad  »^mnia  quadrata,QPj 
li.  e\  rationc  quadrati>  GP^vcl  quadratt,  DF>  ad  quadratu, 
PN  >  Sc  taiidcm  ex  ratione  omnium  qui^di  jtorum ,  QP,  ad 
omnia  quadrata  figiirXjCBNPj.i.ex  nuionc  quadratf,NP^  14.  hwuA. 
ad  quadratum  >  PX,  cum  1  .  quadratr ,  XN>  C'*:  cum  re^flaii- 
gulo  fub  fexquitcrtia,  NX>    A»b,  XP>  haruinautcm  ratio-f 
num  irtx  .f.  quam  hatent        qiiadrati^Df^* adquadratfi^ 
DF>  quadratum,  DF,  adquadratum,  NP,  quadratu,NPi 
adha^c  fimul quadratuyPX^     quadrati,  NX  ,  redarl^ 
gulum  fiib  fcxquitcrtia  >  NX>  &  fub ,  XP,  conficuin^  ratid-i 
ncm:~  ^.quadrati>iDr>adha?c  fpatia  vliimodiaajbfc  vr-  i^cfin.i» 
roratio  >  cum  ca  >  quambabcty  EB>  ad>  BX>  couficit  ratich  ^***'^ 
Acnt^arallclcpipcdirub>BE>&:  1  ♦  ,  quadiaci>DF>adpa- 
'^'  fallc. 
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ralklepipcdum  fubi  BX»  &:didis  fpatijs  vltimo  didis ,  fcili-- 
cet  quadrato»  PX»  quadrati,  NX » &  re^aaugulofub  fex- 
quitcftia.  NX»  ikliib,  XP»  ergo  omiiaa  quadrata  figuB^»  CB, 
DF.  ad  omiiia  qiiadrata  figur.E»  CBNP » erunt  vt  parallck- 
pipedumfub,BR»&  -^.  quadrati.DFiadparallelcpipedu 
fub,  BX»  &:  didis  fpatijs  vltimo  didis. 

Eadem  raethodo  compofitiouis  proportionum,f«mptis 
, .  med jjs  omriibus  quadiatii».MVt,  AV» QV»  inter  omnia  qua- 
di-ata  figurarum.  HBDM,  HBNV»  ofvcndcmus  paritcr  om- 
nia  quadrata  tigura:»  HBCM,ad  omuia  quadrata  figura;»KB 
NV»  cifc  vt  parallelcpipcdam fub> BE » &.hi^  fpatijs  X. qua- 
drato  •  ME.  -r  •  quadrati ,  ED,  &c  re^a  ngulo  fub  fexquiter- 
tia. DE»  &  fub.  EM»ad  parallclcpipcdum  fub  BX.&: lub  his 
fpatijs .  f  quadrat-ojVX,  ^ .  quadrati.  XM»&  rcctangulo  fi;b 
fexquitcitiajXN,  &  fi.b,  XV»  qua»  eta  u  nobis  oftendc.ida. 

THEOREMA  XL.  PROPOS.  XLIL 

SI  intra  parabolamaxi,  vel  di&metroeiufdetn 
parallcla  ducacur  rcd^a  linea  in  curuam  j  & 
bafim  parabola?  terminata ,  quse  bafis  fuma- 
tur  pro  regula,  duda  verb  rangence  parabolam  in 
termino  didi  axis ,  vel  diamctri ,  &  produdla  di- 
(fta  parallela  vfq;  ad  ipfam,compleatur  paralleio- 
grammum  fub  ipfa,&  bafis  maiori  portione;Om- 
piaquadracaconilituti  parallclogrammi  adom- 
nia  quadrata  refiduse  figurj  eodem  inclufae  paral- 
lelogrammo,  ab  codem  dempto  trilinco  cxtra  fe- 
miparabolam  Udo ,  erunt  vt  quadratum  bafis  di- 
frufti ad  quadratu  refidui  ciufdembafis,dem- 
pca  ab  eidem  dithidia  bafis  cotiusparabola?,fimul 

cum 
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cutn  f- qua Jrati  huius  dimidia?,8:  reftangulo fub 
fexquirercia  talis  dimidiaf^  &  eodcm  baGs  refiduo 
iam  diCto. 

Sit  crgo  parabobjHBM,  cuius  axis ,  vcl  diamctcr^jBGf' 
t^aUs,  HM ,  ducitur  autcm  ia- 
tra  ipfamcidcm,  BCparallc-      ^  B  C 

la  ,  EF  5  du6t j  vcro  tangcatc, 
AC  j  ia  tc:  miiio  B ,  qu.v  crit 
parallcla  balijHr^pioducatur 
verfasjFE,  illi  produfl.is  oc- 
currcns  in ,  Q  ikc  miplcatur 
parallclogrammu,  Ap,  rcgula 
vcro  lit  ,HM.  Dico  crgo  ola  quad.  AF^ad  omnia  quadra- 
ta  figiir.r,  CSHF,  c(Tc  vt  quadratum, HF,  ad  quadratuiFG, 
-J^.  quadrjti,  GH>  &c  rc^flangulum  fub  fcxquitcrtia,  HG,  & 
fub,  GF.Hax  aiucm  crit  confuiiilis  dcmonftrationifccua- 
^jcpartis  Thcor.  '^i.  idco  iiulc  colligjtur. 

THHOKEMA  XLI.  PROPOS.  XLITI. 

1N  eadcm  anteced,  Propofit.  figura  oftendc- 
n)USomnia  quadrata,  AF^adomnia  quadra- 
ta  figura?,  CBHF,dcmptis  omnibus  quadra- 
firtHlinei,  BCE^efle  vt  parallelepipedu  fub,  RG, 
&  quadrarOjHF^ad  reliquum  parallclcpipec^i  fub, 
BG  5  &  his  fpatis  quadrato ,  FG ,  -f .  quadrati, 
GH  ,  &  rc(ftanguIo  fiib  fexquitertia ,  HG ,  &  fub| 
GF,  ab  eodem  dcmpto  '  •  paralielepipedi  fub ,  C 
By  &  quadrato,  FG. 

Nam  omnia  quaclrata,  AFj  ad  cmnia  quadrata  >  BE,  du- 
aa  pcr>  E,  ipfa,  EI> ^tquidiftans,  HM,funt  vt  paiallclcpipc- 

I  duin 
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duoi  fub,  AH ,  &  quadrato,  HF  r  ad  parallelepipcdum  fub» 
BI,  acquadrato, lEyfuiitautemoiiinia.  quad^ata  ^BE^feit- 
cupbomnium  quadratoru  t.ilinei ,  BCE,  idco  ournia  qua- 
drata^  AF,ad  omma  quadrata  triUnei^BCE^crunt  vt  paral- 
lelcptpedum  fub,^  AH^vd,  BGy  &  fub  quadrato,HF^  adpa- 
rallclepipcdi  fub,  BU&  quadrato,  IE,fextam  partcm:  Quia 
vcro  omnia  quadrata  „AF ,  ad  omnia  quadrata  figur^ ,  CB 
i^lmhu  HF,fimLvtquadratL;m,HF>adhac  fpatu  .f.  quadratumr 
FG>  -^^quadrati ,  HG  y&c  rc- 
dbnguluiu  fub.  fcxquitertia, 
HG ,  &  fub  ,G  F ,  .i,  fumpta> 
BG,  communr  a^ltit  udine ,  vt 
pa  rallclepipedum  fub,  BG,&: 
quadfatOjHF^  ad  paraltelcpi- 
pcdumfub,BG,&didisfpa-     »  F  IVT 

tijs )  idco  omnia  quadrat j  ,  AF,  ad  omnia  quadruta  tigurav 
CBHF,  demptis  omnibiis  quadratis  trilmei,  BCE,crunt  vC 
parallelcpipcdunTfiib>BG,  &quadrato  ^HF^adrefiduum^ 
dcmpta  fcxta  parte  parallclcpipedi  fub,  BI,  vcl,  CE^cxcef- 
fu  5  BG,fiipcr ,  EF,  &  fub  qu  jdrato ,  lE ,  a  parallclepipcdo^ 
fub,  BG,.&  diciis  fpatijs.f.quadiato,-FG,-~.  quadrati,GHr 
&  retlang|.jIo  fub  I^cx^jiiitertLr,  HG,  3:  fub,GF. 

THEORENfA  XLH.  PROPOS.  XLIV. 

IN  eadcm  figura  Prop.4i.du(flra  iotra  fruftunt 
parabola?,  EBHF ,  reda ,  VR,  para^llela  ba(T^. 
HiVf,oftendemusomnia  quadrata  fignr^c,  C 
BHFyadomnia  quadrata  figura^,  CBRV^  tfle  vc 
parallelepipedum  fub,  BG,&his  fpacijs.f.qna-' 
drato,  FGi-r.quadratijGH^&reftan^ulo  fiib 
lexquicerrja,  HG^  &  fub,  GF|  ad  paralkicpipedu 
fub,  BS,&  fub  his  fpatijs,  fcilicct  q^uadrato^VS,  W 
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qnadratf,  SR,  &  redangulo  fub  fexqaitertia,  RS- 

Huiiis  dcmonftratio  non  ^ft  aha  a  dcmonllratiaiic  Vi  o- 
pof.  4 1 .  ideo  ibi  in  fccimda  eiiifdem  partc  rccolatur, 

THEOREMA  XLni.  PROPOS.  XLW 

IN  codem  Propof.  41.  Schemate  oftendeinin 
omniaquadraca  figur2r,CBHF,demptisom- 
nibus  quadratis  trilinei,  BCE^ad  omnia  qua- 
df ata  femiparabol* ,  BHG ,  elfc  vt  reliquum  pa- 
rallclepipedi  fub,BG)&his  fpatijs.f.quadratOi 
FG,  quadraci^  GH ,  &  rediangulo  fub ,  FG,  & 
fexquitcrtia,  GH ,  ab  eodem  dempca  feita  parce 
paf  alklcpipedi  fub,  CEy  &  quadrato,  FG,  ad  di- 
iBidixim  parallelepipedi  fub,  BG,  &  quad^  GH. 

Etcnim  omnia  quadrata  fig  ira? ,  CBHF,  dcmptis  omni- 
hns  quadratis  trili  Ki,  BCE,  ad  omnij  quadrata  ,  AF,  con- 
tiertendo,  fuac  vt  parallelcpipcdLim  fub,  BG,&  his  (patijsi 
fcilicct  quadrato,  FG,  quadrjti,GH,&  rcAangulo  fub> 
FG,  &  fexquitcrtia,  GH,ab  codcm  dcmpto  {  .parallelcpi- 
pcdi  fub,  CE  y  Sc  quidrato ,  FG  ,  ad  parallclcpipedLim  fiib» 
BG5  &  quadrato,HFi  itcm  omni.'»  quadrata,  Ar-,ad  omnu 
quadratj,  AG,  funt  vt  quadratum,FH,ad  quadr:itun«,HG, 
/.  lumpta,  BG,  coramuni  altitudinc,  vt  pavallclcpipeduin 
iiib,  BG,  &c  quadrato,  FH,ad  parallclppipcdLun  ftib,BG,i: 
quadrato,  HG  :  Tandcm  omiiia  quadi  ata ,  AG,  diipla  funt 
omnium  quadratoru  fcmiparab  olx ,  BHG,  crg  >,  ex  arq-Ja- 
li,  omnia  quadrata  figurae ,  CBHF ,  dcmptis  omnibus  qua- 
dratistrilinci,BCE,  adoia  quadrata  fcmiparabo!.c,  BHG, 
^uiu  vt  parallclepipcdum  fub ,  BG ,  &  his  fpatijs qui- 

I    2  dra- 
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drato,  FG,  \ .  quadrati,.  GH,  &  r  eda  ng,uIo  aibjFG^  fex- 
quitertia,  GH,  ab  eodcm  dempto  t.  parallelcpipedt  fub^ 
CE,& quadratOiFG,ad  dimidium  parallclepipedi  fub^G, 

&  quadratOjGH,  quoderat  demouftranduni, 

THEOREMA  XLIV.  PKOPOS,  XLVL 

1N  paraboladuda  axi  ,  vefdiametro  aeqaidf- 
ftanrer  reara  linea  ,  fi  deinde  fiau  paralleldir 
gra  ramutn  fiib  eadem  dudla ,  &  fiib  bali ,  aiir 
gulum  habens9<jualem  anguloinelinationis  eiut- 

dem  diKftae  ad  bafim,  regula  fumpta  bafi.  Re^aan- 
gula  fijbparallelogramrois ,  in  qusedi^lumparal- 
IeIogrammumdiuidituradu<l^a  linea,fiint  dupl^ 
red^angulorum  fiib  portionibus  frufti  paraboi^, 
dido  parallelogrammo  inclufae ,  per  eandena  du- 
Samconftiitutis» 

Sit  parabola,  AZG,.m  bafTyZG,  eirca  axim ,  vcl  diame- 
trum,  AQ>cuiparailda        y.  ^\        <^  ^ 

ducatur  vtcunquc  rccta,; 
DP  jfiat  autemparallc- 
logrammti  fiib,  ZQlJP, 
angulum  habcns  jequa- 
Icm  angulo  inciinntio- 
ftis  ,  DP,adTZ-G,  .i..aa- 
gulo,  qui  fitjDPG,  vtcunq;  ex  duobus,  DPG, DPZiffc  anv- 
tcm  hoG  pjrallelogrammujHGyregula  vcrOjHG.  Dico  er' 
gn,,rc(flangura  fub  r  HP,  PE ,  dupla  eiVe  rccungulor-nvfuii» 
pof  tionibus,BDPZ,DGP.Sripto  ergo  vtcunqj  m,DP,pun' 
4to,T,pcr,T,dacatur,  RFi  ipfiTZC  r  jcquidiftans ,  fccanfqs 
«uruam  paraboia:  in,SI»  &»  AQi  in>0.  RetSraagulum  crgo, 
IPQ^  d  rcdbugfduiuj,^^  l^>Iwbet  rationem  coaipofita  iiii--»' 


cjTCj,  quim  hnbct  rccluigiil^m ,  ZI^'adrCv5la 

QGi  .i.  cx  ca  yquam  habec  ^pP,  ad  y  AQ^&  cx  ratiohc  rcf-^ 

aaiiguU,  ZQG,  adrcda*igulum,  SOr,  vcl  quadrati,  QG>a<fi  hmuit 

quadratum, OI,  .i.  cx  ca  ,  quanl  habet ,  QA ,  ad  5  AO>  &  cx 

ratioae  rcdanguli^SOUadrcaangulum^STI ,  .i.  exratio- 

nc,  AOiad  rDli ergo redangulum, ZPG>  vcl,  RTFi  adfc-  i.hulur 

dangutum,  STIi  cnt  vt,  PDi  adi  DTi  abreiflTam.  fc^  qu/)m5,'^ 

HGiCl^'^     "  '    ^  ammumincadcmbaru&^^ltifiidinClj 

G\m)  frUii  ) ,  I &: pcr  pundlum  1  Ti  vtcuno;  fumptun^ 

dndai  RFi  rcguU  parallclai  qua?  cft  bafisr  ZG.inucntum  cft 

rcda^iguhim»  RTFi  adrcaangnluiSTI,  cflTe  vfi  PD,ndyDTr 

quaf uor  ergo  horum  magnitudinum  ordinibus  c5ftruvfti<;, 

iuxca  has  quatuor  magnicudincs  ,  qn^  inucnta?  funt  dlc.^ 

proportionalcs,  &c  hoc  modo  tolito,  rcpcricmus  rcdangu-  fut.  cor^ 

U  fub,  HPi  PEi  ad  rc^^agula  liib portioiubus.BZPD^DGPy  '^'^^- 

erte  vc  maxmix'  abfcilT>«runv ,  DP 1  ad  omncs  abfeiiTas ,  DP, 

pcc>-      '      Jcm  oblrqui  traufitus  .r.  cC>ccorum  dupli_^  5  coror.  iv 

qu  copuscrar^ 

THEOREMA  XLV.  PROPOS.  XLVII. 

1N  anrececf.  figura  ofteJemus,  regufa  ea JenT^ 
ZGjOmnia  quadrara,DG,ad  omnia  quadra- 
ra,  DPGjcfTe  vt,  ZP, ad  compofiram  cx fr 
ZP,  &i-PC:  Omnia  vcr6quadrata,r)G,ad  ora-r 
nia  quadrata  rrihnei,  DGEjede  vr,  ZP,adrui  re-' 
liquum,demptisabeadem  f.ZP^cum ircPGc 

i  ^.li.i .  n.ii  jiib)HPiPE,adrcaangi»lafubiHP|5j  Corol);  r; 
portionc,  DPG>fimt  vtiEP.ad  portioncmiDPGi  .f.vf,ZP,  *  ^^:^^ 
Sitlcompofitamcx-i-.ZPi&r.PGscadcm  autcmrcaian- 
ai ila  fub  > HP»  PE I  fun t  diipla  rcdanguloriimfub  poi tioni-  ^^^^^ 
biisi^DBip^DPG^.i.fuut  ad  illa,  vc>XpKid  -^.  ZPycrgond" 


Im.A.&j. 
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rr fiduu  r^ilangulorum 
fubiHPt  &i  DPG.dem.      p  , 
ptis  rc£t:agulis  fub  por- 

tionibus.  DBZPtDGP,     H  -^^^^  ^^l«J>mi::.H 

idcft  ad  reaangula  fub     f  SL  9.  T|_\]i|f 

triliaeo  t  DPG,  &l  trili-       1/  — 
nCoiBHZi  •i.trilinco>       ^  Q.       J-  w 

DEG>  erunt  \u  ZP,  ad  i .  PGi  .i.fumptai  PG^communi  al- 
titudine,  vt  reaangulum,  ZPG.ad  re^tangulum  fubi  PG,&: 
PGi  A.  ad  quadrati ,  PG  i  funt  autcm  omnia  quadra- 
tai  DG»  ad  rcaangub  fub  ♦  EPp  PH  $  vt  quadratum ,  GP,  ad 
rcdanguiumi  GHZo  ergo,  ex  a?quali,omnia  quadrata^DG, 
ad  rcxaangula  lub  trilineis ,  D  PG ,  DEG ,  erunt  vt  quadra- 
tum ,  PG^ad-ir.quadratijPG^  .i.erunteorumfexcupla: 
Quoniam  ergo  omnia  quadrata,  DG, ad reaangula  fub>D 
G^  &  trilinco,  DG  P,  funt  vt,  DG,  ad,  DG  P,  .i.  vt,  ZP.  ad 
compofitamcx  ^.ZP^&t.  PG^funtautem  cmnia  qua- 
dratn  ,  DG , fexcupla  redanaulorum  fiib  trilineis ,  DPG, 
DEG  5  .i.  ad  ea  5  vt  5  ZP  5  ad  ie.  ZP  5  ergo  omnia  quadrata, 
DG,  ad  omnia  quadratajDGP^erunt  vt,  ZP, ad  rcliduum, 
dempto  -r.  Z P,  a  compofita  ex  i •  Z  P,  &  -r.  PG ,  quia  vc- 
ro ab  ;  . ZPjdematur  Y.  ZP , rcmaiiiCt  t.  ZP,  ideo  om- 
nia  quadrataj  DG,  ad  omnia  quadrataiD  PG,eruat  vt,Z  P, 
ad  compofitam  ex  -r.  Z  Pi  &  i  .  PG,vt  diaum  eft. 

Qnia  vero  nunc  oftcnfum  cft  omnia  quadrata  ^ DG ,  ad 
omnia  quadrata  ^  DPG ,  effe  vt  ,ZPi  ad  compofitam  ex  r. 
ZPi&v.PG,  omnia  autcm  quadrata,  DG ,  ad  rCiilangula 
fub  trilincisi  DPQ, D^G , funt  vt , Z P,  ad  t.  ZP,  &  ad  ca^ 
dem  bis  fumpta ,  vt ,  Z P  >  ad  t .  Z P ,  ideo  omnia  qundrata^ 
DGi  ad  omma  quadratai  DPG,  &:  ad  rcdangula  bis  fub,  D 
PG , DEG  t  cruat  vt , Z Pi  ad  compofiram  cx  -7 . 7. P ,  &  v. 
PGfCrgo  omnia  quadrata,  DGi  ad  rcnduum^  dcmy^tis  om- 
nibus  quadratis.  DPG,&  revaangulis  bis  fub.DPG,  DEG, 
.i.  ad  omnia  qvudrata  triUaei>  DEGi.erunt  vt,  ZP,ad  rclK 

duumj 
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Amm ,  demptis     ZP,  &  t.  PG ,  abcadcm  ,IP ,  quat  iio- 
bis  oftcndcrtda  crant . 

THEOREMA  XLVI.  PROPOS.  XLm 

1N  fupradidae  Propof.  figura ,  dud-a >  AX,  pa- 
Mlleld  bafi,  ZG,quat  langct  parabolam  in,A, 
cuio€currat,GE,  produfta  ,in  pun^o,  X,o. 
Itendcrousomnia  quadrata  triHaei,  DPG,ad  om- 
nia  quadrata  femiparabol»,  AQG ,  haberc  raii». 
oem  compofiram  cx  ea,quam  habct  compofita  cr 
.  ZP,  &  Ir.  PG,ad ,  ZP,  &  ex  ratione  parallele- 
pipedi  fub ,  DP,  &  quadrato ,  PG ,  ad  dimidium_r 
parallelepipcdi  fub,  AQ,  &  quadrato,  QG :  Om- 
oia  verb  quadrata  inlinci ,  AXG,  ad  omnia  qua- 
drata  triiinci ,  DEG,  habere  rationecompofiram 
ex  ea,  qua  habet  parallelcpipedi  fub,  AQ,&  qua- 
draro,  QG,  fexta  pirs , ad  parallelepipcdum  {ub^ 
DP,&qu.idrato,PG,&  cxea,quam  habet,ZP, 
ad  refiduujdemptis  ab  cadcm,ZP, :  .ZP,cu  i.PG, 

Ooniia  .n.qtiadrata  irilinci,DPG,ad  omnijqujdrata 
fcmiparraholje,  AQO,h.5bc -.t  rationcm  compcflitim  cx  cj, 
qiiain  h>bcnt  om  ua  qiia  Jr.ira ,  DPG  >  ad  oninia  qiiadrara, 
1>G,  idcft  cx  rarionc ca-j^olu.r  cx  r.  /,  P,  &:  7.  PG,ad,ZP, 
&  cx  cj,  c^am  hiibcnt  ola  qiiad.ata,  DG,;id  oia  qiiadrata, 
AG,.i.cx  ratioiie  p->r;illc!cpipedi  fiib,DP,&: qiiadrato, 
PG,  ad  parallclepipedfi  fnb,  AQ,  &  qiiadr.uo,  QG ,  tan- 
dcm  cx  ca,qtt-jm  habent  omnia  qtiadrata,  AG,adomni^ 
qiiadrata  femiparab      AQG, .i  cx  rattonc paralldepipc-  Eittj^et» 
di  flibi  ^Q^^  qiiad,ato,QG..id  diifdein  dimidiri;  Dux au-  » i-  >•  t- 
tcm  ratioiiCJ  paiallclcpiped»  fub,  DP>  &  quadrato,  PG,  ;v<i  t»-  k«Hi«. 

paraU 
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parallelepipcdum  fub  j  AQ ,  &  quadrato,  Q£j,  &  ratiobiiU 
ius  ad.eiufdem  dimidium,coaficiuat  ratioacm  parallel.epi- 
©cfin.  u.  pedifub,  DP,  &  quadrato  .  PGi  ad^: .  parallclcpipcdiiub, 
quadrato,  Q^^ergo  omnia  quadratajDPG^ad  o.m- 
nia  quadrata  femipar^iboUv,  AQ^>habent  ratioaem  com-. 
pofitaui  exriatioaejeiaarcompofitae  ex  t..ZP>&  V^  l^G^ 
ad>  ZP,  &  ex  ratione  parallelepipcdi  fub,  DP5&:  quadrato, 
PG>  ad-T .  parallekpipedi  fub ,  AQ^&:  quadratb  5  (1^^  >  vt 
diciumeft. 

Infuper  omnia  quadrata  triliaei ,  AxG  >  ad  omnia  •qua.- 
drata  tiilinei  ^DEG  .habent  ratioaem  compofitam  .exra- 
tione  omiiium  quadratorum,  AXGyad  omnia  quadrata_^^ 

^o.  uiui.  AG^  j.  fubfexcupla  .1.  ex  raiio|ie  ^-/par.allclcp.ipcjdi  fub> 
AQ.  &  quadiato,  QO,ad  idon  paraUclcpip.edumjiSc  cx  ra- 
tione  6tn:mim  quadratorum^AG  adomnia  quadrata^DG^ 
♦i.  parallclfepipedi  fub,  &  quadrcTtc^Q^"^  ad  parallcle'- 
pipcdam fub, D P.&: quadrato^  PG.qua? duaetitiones coa- 
ficiunt  iationem  *  .  paraiklep;pcdi  fub,  AQj^quadfato^ 
Q^.>  ad paralleicpipcdu  fiib;>  DP>  quadrato,  P|L»>,  &:  .taA- 
dcm  ex  ratione  omniam  quaHratorum^DG^ad.omnia  qua- 
^rata  trilinei,  DHG,  .i.  cx  ca>  quam  habct,  ZP^ad  rcf  duu^ 
abeadem.Z' vdemptis  T.ZP^^cum-.  PG^ergoomni-ju^ 
^W.drxitxtrilinei,  AxG^ad  c.mnia  quadrata  trilinei^^DEG^ 
habcnt  rationem  compofitam  cx ea^quam  habct  ^  paral^ 
lelepipcdifubi  AQ;  S^quadrato,  QG»2d  parallclcpipcdr.m 
fubj  D P>  &  quadiato,  PG,  Sccx  ea^quam  habct, ZP^ad  fui 

Mijm  <3r  refiduum,  demptis  ab  ea  t.  Z  P>  cum  ir.  PG>  quoe  oftende- 
l^eoportcbat . 

THEOREMA  XLVII.  PROPOS.  XUX. 

1N  «demfiguM  Propof.^^.ofteridemus^proi* 
du^^a,  PPjVerfuSjAXjCui  occurfat  in^Qom-* 
nia  (^uadrata  trilinei^  DGP,  ad  omnia  qua- 

drata 


L  I  B  E  R  IV.  7, 
ifrata  figurae,  C  AZ  P»  demptis  omnibns  quadratis 
triiiaci,  ACD,habi;re  ratioaem  compjruam  cx 
ea,quam  lub^tcompofitaex  r.ZP,  '  .PG,3d, 
ZP,&ex  rationc  paralielepipedifub,  DP,&:qna- 
draro,  PG  ,  ad  parallciepipedum  fub,  AQ,  &  his 
fpatijs .{.  quadrato ,  PQ ,  , .  quadrati ,  QZ ,  &  rc- 
dangulo fub fcxquitertia,  ZQ,  &  fub,  QP,  ab  eo- 
dcm  derapta  t.parallelepipedi  fub,  CD,  &  qua- 
drato,  QP. 

Cjmplcto  p3rallclogrammo,KP,omnia  jgitur  qua- 
drata  triUnci ,  DPG,  :ul  ^ 


P  G 


omnia  qiiadr.ita  ngurcV, 
CAZP5  dcniptis  oinni- 
bus  quadrjtis  trilinci,  I 
ACD^habent  rationcm 
compolitacx  ca  ^qnam 
hibcat  om  iia  quaJra- 
ta,  DPG5  ad  omnia  quadrata,  DG,  .f.  cx  rationc  compofu  47.  hmm 
t jp  cx  T .  ZP,  Sc  \  .  PG,  adj  ZP5  &  cx  rationc  omnium  qua- 
dratorum ,  DG,  ad  omnia  quadrata  ^  KP,  .i.  cx  rationc  pa- 
rallclepipcdi  fub ,  DP,  &  quadrato ,  PG ,  ad  parallcicpipc- 
dum  fub,  AQ^&  quadrato  , ZP,  Sc  tandcm  cx  rationc  om- 
nium  quadrat  )rum,KP,ad  (Mnnia  quad/.ua  figuicrjCAZP, 
dcmptis  omnibiis  quadratii  rrilinci»  ACD».f.cx  r.uiont^v 
parallclcpjpcdi  fub  ,  AQj^^'  quadrato ,  ZP,  ad  parallclcpi- 
pedum  fub,  AQj^&his  fpati)S .(.  quadrato,  PQ^--  qnadra-  54-  haios 
ti,  QTo  &  rcaangulo  fub,  PQj^,&:  fcxquitcrtia ,  QZ  ,  nb  co  > 
dcm  dcinpta  t-  parallclcpipcdi  fub,  CDA'  qundrato,!^Qi 
du.r  nutcm rationcs  parallclcpipcdi  fub  ->  DP ,  &  quad  ato, 
PC,  .ld  paraliclcpipcdum  fub ,  AQi^&  quadrato,  ZP,  &:  hu- 
ius  parallclcpipcdi  ad  parnllclcpipcd iim  fub,  AQij^:  fpatijs 
iam  Jiclis  5  ab  codcm  dcmpta     parallelcpipcdi  fub  ,  CD, 

"     K  &:qua- 
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X>eSt. lu  & quadratO)  PC>c6pot;iunt ratiouGm  parallelepIpcJi Tub» 
' DP>  &  quadrato,  PG,  ad  parallelepipedum  fub,  AQi  &  di- 
dis  fpatijs  ab  codem  dempta  b .  parallelepipedi  fub  5  CD, 
&  quadrato,  PQ^ergo  omuia  quadrata  trilinei ,  DGP5  ad 
om.iia  quadrata  ligurir  yCAZP.dcmptis  omnibus  quadra- 
tis  trilineij  ACD^  cruiit  in  rat i juc  compofita  ex  ea  y  quan^ 
faabet  -T.  Z\\  cum  i .  PG^  ad,  ZP>&  cx  ea^quam  habet  p^:- 
rallclepipedum fub,  DP,  &  qiiadrato>  PG  > ad  parallclepi- 
pcdumiub,  AQ^&hisfpLnijs.f.quadratOjPQ»  ^  .quadra- 
li,  QZ,  cum  rectangulo  fiib,  PQ»&  fexquitertia,QZonb  eo- 
dcm  paraHelepipcdo  dempta  T^parallclepipedi  fub>CD> 
&:  quadrator  PQ>  quod  oftenderc  opus  erat» 

THEOREMA  XLVIII.  PROPOS.  L. 

IN  eadem  figura ,  cfuda  per >  I, I  L ,  ^Equidi- 
ftante  ipfi  y  AQ ,  adhuc  oftendemus  omnia-i 
quadrara  trilinci ,  DGP,  ad  omnia  quadrata 
trilinei,  DTI^habere  rationem  compofiram  ex  ea, 
quara  haber  redtangulum ,  ZPG,  cum  i-.  quadra- 
tijPGjad  redangulum,  STI,cum  ^.quadrati,TI, 
&  ex  ea^  quam  habet  quadratu^  PG>  ad  quad.TL 

Nam  omiiia  quadrata^  DGP,  adomnia  quadrata ,  DITy 
habent  ratioiiem  eompofitam  cx  ea  5  quam  habeat  omnia 
quadrata  5  DGP^  ad  omnia  quadrata  r  DG>  i.  ex  ea  ?  quani 
habct  f .  ZPj  cum  ^  •  PG5  ad,  ZP5  .i  fumpta,  PG>c omuni 
altitudine  5  ex  ea  > quam  liabet  redtangiilum  fub  -f .  ZP^  & 
-i",  PG5&:  fub,  PG,  ad  rcdangulumj  ZPGi  item  cx  rationc 
omaium  quadratorumiDGi  ad  omnia  quadrata^  DI^  fcili- 
ctt  compofita  cx  ea  5  quam  habet  >  PDi  ad,  DTi  &  quad?a*r 
tum)  PGi  ad  quadratumiTI,  eft  autem,  vt,  PD>  ad^DT^ita 
tCvaangulum  5  ZPG > ad re£tan^ulum  ^  STI  >  Tandem  vera 


4r»  buitt«. 
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0  T 

P  G 


coponitur  cx  ea  5  qiiaiu 

habet  omnia  qiiadrata, 

DI  >  ad  omma  quadrata» 

DIT5  .i.  ex  rationc ,  ST> 

nd  T.  ST5  cum  / .  TI,  .i.  4i«(iui(]}7 

fumpta,  T 1 5  comuni  al- 

titudinc,  cx  ea,  quara— * 


habet  rechnguUnnj  STI,  ad  rectanguuim  fub,  TI ,  &:  copo- 
fitacx  T.  ST,  &  T.TI  5  ilh^autcm  rationcs  .f.quam  habct 
rcttangulum  fub  t-  Z-P,  &  t-  PG^  &  fub ,  PG,  adreclagu- 
lum,  ZPG,  &  huius  ad  rc£tanguhim>STI,&:  tandem  rcdtaii' 
guU)  STIi  ad  rc^taguUim  fubi  II»  &  t.  STi  cum  t.TIk:(  m- 
ponunt  rationcm  rcLtanguh  fub  t-ZP,  &T«PG5&:fub, 
PG,  ad  rectnnguhmi  fub  t •  ST^  Sc  t-  TI ,  &  fub,  1 U  .i.  tri- 
phcatis  terminis,componunt  rationcm  rcdanguU  fub,ZP, 
PG, cum  rctftangulo, iub  t.  PG^  &:  fub,  PG,  .1.  cii  ~.  qua- 
drati,  PG»  ad  rcdangulum  fub,  ST,TI,  cum  rcdangulo  fub 
T.  TI,  &:  fub,  TI 5  .i.  cum  -^.  quadrati,  TI ,  &:  rcmanfit  fola 
ratio  quadrati»  PG,  ad  quadratumiTI,  crgo  cmnia  quadra- 
ta  triUnci  1 DG P  >  ad  omnia  quadrata  triUnci  •  DIT ,  habe- 
bunt  rationcm  compofitam  ex  ca,  quam  habct  rcdati*^ulu, 
ZPG,  cum  T .  quadrati>  PGi  ad  rcctangulum ,  S Tl ,  cum 
quadrati,  TIi  cx  ea^  quam  habct  quadratumiPG,  ad  qua- 
dratum,  TI,  quod  &:c. 

THEOREMA  XLIK.  PROPOS.  LI. 

1N  omnibus  huius  Libri  4  PropofitionibnSjTn 
quibusduarum  quarunicunq^  fi.iur:irfmi  no- 
tificaca  fuit  ratioomniumquadratorum,iux- 
taregulas  in  cifdcm  aflTumpras,  nora  ctiam  cuadit 
ratio  fimilarium  foh*dorum,quae  cx  illis  gignuntur 
figuris^iuxta  cafdem  rcgulas. 


7^  G  E  O  M  E  T  R  I  ^ 

Quoniam  eniin  oftenfum  eft  Lib.  2 .  Prop.  5  3  •  vt  omnia 
xjuadrata  duarum  figfirarum  intcr  fe  funipta  cum  datis  rc- 
gulis,  ita  elfe  folida  iimilaria  genita  ex  ijfdem  figuris  iuxta 
cafdem  regulas ,  ideo  cuni  in  Propofitionibus  huiU^Librt 
inuenta  elt  ratio  omnium  quadratorum  duarum  figurarum 
cum  quibufdam  reguUsjCoUigcmus  etiam  nunc  eandc  s 
clferationeniduorum  fimida^rium  folidorum  5  qua*  ex  illis 
figuris  iuxta  eafdem  rcgulas,  gcnita  dicuntur.  Vt  ex.  g.  m 
Prop.  2 1 ,  confpcda  demio  illuis  figura  5  cum  oftenfum  cfl: 
omnia  quadrata  >  AF>  elle  dupla  omnium  quadratorum  pa- 
rabolae » VEF> rcgiila  fumpta  5  VF  5  &  item  omnia  quadrata 
parabolajj  VEF3  elTe  fexquialtera  omnium  quadratoru  tri- 
.  anguli,  VEFyConcludemus  pariter  folidu  fimilare  genituin 
cx^  AF5  ad  fibi  fimilare  genitum  ex  parabolajVEF^duplani 
habere  rationem  sboc  veroadfolidufibifimilarcgenitiim 
cx  trianguloj  VEFj  habererationem  (exquialteranV^  g^i^^- 
ta  autem  dicta  folida  intelljge  iuxta  diclam  rcgulam  >  VF  j 
patet  ergo  propofitum, 

S  C  H  O  L  I  V  M- 


Voniam Amem aperte caUigitnf  exlih.  uFrcp.^^.f^ i^j, 
fi  omnes  figura  fimtUs  parahoU,qua  fumaiur  reguU  etuf- 
^^i*^  dem  hafhjmt  circuii,diametros  in  cadem  paraboUfitos 
hdentes,  cuiftnt  ereSli.folidum fimdare gtmtt^m  ex  dtcla parM* 
hoU  e^e  conotdes paraholtcum^  cutus  hafis  reii}  fecat  axtm  j  /i  ve^ 
fofmt  eUtpfiS  homohgas  diametrcs  tn  cadtmparabcU  ftcs  haherf- 
tes  eidem  ere£la,  (jHarum  ftcunda  dtametn  fm  aquales  diflantit 
faralleUrum ,  ^«j  ducuntur  ah  extremtsprima  dtametri  aquidi^ 
Ranteraxi,  efse partter  comtdes paraholtcu,  cutus  haftstunc  olTt* 
fie  axtmfecat.  Ideb  ex  hts  tnfrafcnpti  fe^uuntur  Corollaria,  m 
qu  hits  exempU  adhthebimHs,  vtlutt  Lth.  5 ,  effc6lumep,  afs  tm^ 
ftis  nempe  ommous  figurtsft^tltbusgenttrtiiurHfigkrarum  ,  quti 
fint  ctrcuh ,  diametros  tn  ipfis  gemtrialmfgtirts  l qutii^s  ft^nt  eSf 

reiiis 
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fiEti.fttos  hxhtntts,  (^ui per  rekoltitionem  figMrdfUm  circs  fuos  4* 
xesdtfcriki  f4c:l}  dpprehendi  pofsstnt  ,propfer  ^uod  in  excr^pli^ 
fdnfummoda  dxes  afsumemus  congrttenter  tpfdrum  genitrtctum 
figurdrumreuoluttom  Jtcetexenipld(tidm  dfsutnptis  didmeiris 
confict pofsent per  de fcrtpttonem  omntum fimiUum  jigurdru  hdud 
tdmen per  reu$lutionemfd£Jum .  Lictdt  duttm  Frcp,  dnttceden- 
tium  rcdfsumptds  figurds  fub  dmpltoriformd  (jud»dOij\  propcnert, 
vel  fub  dngufttori ,  prcut  expedtre  itmpertttur ,  ferudtd  femper 
tdrumdtm  ftmtlttudtnc^ . 

COROLLARIVM  I. 

IN  Prop.  2 1 .  crv^o  fi  iiucllig.iiitiii  ucs  hgurcr^  ncmpc  pa- 
rallclogrammum,  Ar>triangulus,E\l  A'  pnrabul  -^.j 
VEF  5  circa  communem  nxcra 
rcuolui,  qui  fupponntur  eflc,  E 
fiet  ex ,  Al' ,  cylindrus ,  AF^ 
cx  t; lagulo,  VEF,  conus,  VEF^ 
Jc  ex  pnrnbola  ,  VEF,  conoidcs 
parabolicum,  VEF,  vndc  patc- 
bit  cylindrumiAFf  cllc  duplum 
conoidis  f  VEFi  &  hoc  cifc  fcx- 
quinlterum  coni ,  VEF  ;  &  vni- 
wcrfaliflim(>5  vt  didum  eft,  folidum  fimilare  genitu  ex,  AF, 
ad  fibi  fimilare  genitum  ex  parabola  >\^F,habcre  duplam 
rationem ,  hoc  vcro  adfibi  fimilare gcnitum  cx  triangulo, 
\T.Fi  rationcm  fexquialteram,quod  tamenjnc  figura?  mul^ 
tipliccntur^  feu  nimis  confundantur  ^uod  ctinm  impofte- 
rum  obferuabimus)  vno  Ciitum  adhibito  exemplo,  reuolu- 
tionis  figuraru  gcnitriciu  circa  fuos  axes  j  explicarc  volun 

C  O  R  O  L  L  A  R  I  V  M  TT. 

IM  Prop. 2 2 .  affumpra  eius  figura,  fiat  exerrpl^m  per  re- 
uolutioncm  paral>olar  i  FCH>  circa  axcm  >  CGi  dimiflt?; 

parnl- 


7^  GEOMETRIiE 

pnralklogi-amisj  AH.RM,fient 
igitur  iii  hac  reuolutioncco- 
noidea  parabolica  ex>  FCH,  O 
CM,  parabolis^quae  dnt}  FCH^ 
OCM  s  vndc  patebit  conoides 
parabolicum ,  FCHi  adconoi- 
dcs  parabolicum>  OCMieflfc 
vt  quadratuuiiGC,  ad  quadra- 
tum  I CI  >  &  fic  elfe  quodlibet  folidum  fimilarc  gcnitum  ex 
parabola)  FCH>  ad  fibi  fimilare  genit  u  ex  parabola  •  OCM> 
iuxta  commuaem  regulam>  FH,  fiuci  CG?  fit  axis^fiuc  tan- 
tum  diameter,  quodiuxta  antecedcntis  explicationcm  fa- 
cileiiitelligipotcft. 

COROLLARIVM  ni. 


IN  Prop.  2  3.affumpta  figuraProp.  12.  fcilicet  parabo- 
la,  BNH>  parallelogramisi  PH,  AGi  !k  trianguloiERH 
jreuoluatur  parabola  •  BNH  >  vt  N 
fiat  noftrum  exemplum  ^circa 
axem,  N0>  &  infimul)  PHi  AG, 
&  triangulus,  BRH  •  circa,  RO5 
patebit  ergo  cylindrum  exjPO, 
adfruftum  conoidis  cxiABOR> 
in  rcuolutione  genitum^effc  vt> 
0N>  ad  compofitam  ex#NRi  &  V .  ROi  ipfim  verd  ad  idem 
dcmpto  cylindro  ex>  AOi  .f  AG,  vt)  NO,  ad  ^ .  ROjCx  Co- 
roUario  huic  Propofitioni  fubiedo  ,  hoc  faiftum  tadcm  ad 
conum  genitum  cx  triangulo.  RBO>  vt  cumpofita  cx,  ON, 
dupla,  NRi  &  r.  RO  lad  ipfam  >  NO  s  &  vnmcrfalitcr  qua:-. 
cunq;  folida  fimilaria  cx  eifdcm  figuris  genitricibus  gcni- 
ta,  iuxta  communcm  rcgulam,  BH,cafdcm  rationcs  habe- 
rc,  yt  fupradida  ad inuiccm  comparata  ^  fiuc  1  NOi fit  axis, 
fiuc  tantum  diametcr;  quod  ex  Propof  5 1 .  clarc  patet.  In^ 

tcl- 


L  I  B  E  R    IV-  7) 

ccUigatur  aiitcm  ia  fcqueiuibus ,  licct  fcmpcr  affumatur  a- 
xis  jtamcuprofolidisllmilaribus  ctiam  alfumptis  diapc- 
tii%  cadcm  ibi  appoUta  veriticari . 

C  O  R  O  L  L  A  R  I  V  M  IV- 

IM  Propof.  26.  vcluii  oftcndimus  in  ciufdem  figiira  hic 
appofita  omnia  quadratn  portionis ,  BSF> ad  rcdangu- 
la  i  ub  portionc ,        ^  h^ur  a  dilbutiarum  >  SEF  >  clfc  vt^ 
BF5  ad  >  FEj  fic  oltcafuin  fuiflct 
(afsuptis  vicequadratoru  alijs 
figuris  fimilibus5&  vicc  rcclan- 
gulorum>alTumptis  ali)s  fimili- 
bus  figuris  cius  gcucris ,  vt  ve- 
iiiti  crtvnu  quoduis  diclorum    j^  (}V 
omaium  quadratoru  ad  rcctm- 
gulumadiaccnslatcri^aquo  dcfcribitur  ^  ita  fit  fignra  nb 
codcm  latcrc  dcfcripta  vicc  quadrati  fumpta ,  ad  hguram 
dcfcriptameodcm  latcrc  vicc  reclanguli  fumptam  ,  fict  e- 
nim  codcm  modo  dcmonrtratio  his  figuris  aUumptis)  om- 
ncs  figuras  fimilcs  portionis  5  BSF  >  ad  figuras  vicc  redan- 
gulorum  fumptas  cfTc  pariter,  vt,  BFo  ad,  FE5&  pariter  fo- 
!idum  >  quorura  omnes  diclo:  figura?  fimiles  vicc  qundrato- 
rumfumptr funt  omniaplana^adfolidum^quorum  figu- 
rx vicereclangulorumfumptx  funt  omnia  plana,cficvt, 
BF>  ad>  FE ;  qux  quidcm  folida  non  funt  folida  ad  muicem 
fimilaria  >  quia  vtriufq;  fohdi  figurx  non  funt  intcr  fe  fimi- 
lcs  5  fcd  tantum  funt  fimilcs  intcr  fc  >  qux  funt  in  vnoquoq^ 
borum  fohdorum  fmgiUatim  fumpto . 


I 


COROLL.  V.  SEC  riO  I. 

MProp.zy.fimilitcr  alTumpta  ciiifdcm  {igLira,vt  fiat  iio* 
ftrum  cxcmpliim  rcuoliutur  parnbola>  BAC>  circa, 

AP, 


9r6 

AP 
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5  axcm,  vt  fi.at  conoides  pa- 
rQbolicu  5  BAC>  a  qiio  pci  p'a- 
num  a^DZxiefcriptum  iii  reuo- 
lutiouc  abfciadctLir  conoidcs 
parabolicum^DAF^  cuius  b^ifis 
rcdtc  axim,  AP,  fecatvS:  cft  cir- 
ciilus  5  intclligatur  aute  etiam 
per,  MOplaiium  extendi  rcctum  ad  planfi  parabol3?,BAQ 
per  hoc  igitur  abfciiidetur  pariter  conoidcs  parabolicum, 
cuiiis  b-iiis  erit  eUipfis,  cuius  maior  diametcr,  MC,  minor 
autem  ^rit,  CR .  Dico  nunc  hxc  duo  conoidea  efle  intcr 
fc  xcjualia,  cum  diamctri  eorundcm,  AZ-)HO,fint  c-^quales: 
fi  lenim  intellexerimus  conoideso  DAF,  planis  parallelis 
bafi  fecari ,  &  paritcr  ccjioidcs  ^  MHC,  fecari  planis  pnral- 
^>  ^       lelis  (dx bafi?  fient,  dii(ftis  omnibus  eorundem  planis , 

iconoide,  DAF^dida  omnia  plana^omnes  figurae  fimiles  in- 
ter  fe  .f  omnes  circuli  figura?  genitricis  ^  qun?  eft  paraboia, 
DAF5  in  conoidc  vero,  MHC^,  di6ta  omnia  plana  fient  om- 
nes  figurx  fimiles  figurcT  genitricis  MHC,  S.  omnes  cllip- 
fes  eiufdemjquarum  coniugata?  diametri  crunt  jnter  fe,vt> 
MCp  adp  CR^maiores  diametros  in  figur;i  gcnitrice,  MHC, 
fitashabentes.  Intelligantur  nunccirca  illasmaiores  dia- 
metros  defcribi  circulj  in  planis  ellipfium  iaccntcs  ,  crit 
ip.l  $f  crgo  quilibct  circulus  ad  cllipfim  ab  eo  comprchcnfam,  vt 
maior  diameter  ad  miuorem3&  qula  ift^  coningatxiliame- 
tri  funt  omnes  inter  fe,  maiores  .f  ad  minoresj  vt  MCvad^ 
CR  vf-  vt  quadratum ,  MC ,  ad  rcdanguhmi ,  MCR  ^  &  vt 
vnum  ad  vnum  5  fic  omnia  ad  omnia  J.  vt  omncs  circuh  fi- 
gurx  gcnitricis  ^  MHC,  ad  omnes  eiufdcm  fimiles  cUipfcs, 
ita  circukis  circa^MC^adellipfim  circa,  MC,  .f  fic  quadra- 
tum,  MC^  ad  rcaanguhnii,  MCR^  .f  ita  omnia  quadratd^ 
figura?  gcnitricis ,  vcl  pa rabola::,  MHC^,  ad  rcdnngula  ,  fub 
3. 1.  parabola  5  MHC ,  &  figura  diftantiarum  ,  HRC,  .f.  ita  foli- 
clum>  cuius  omnes  circuli  figura:  genitricisj  MHCj  iuxtiu 

regu- 
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I-  I  B  E  R  IV. 

culi  naMK^l        P^"'»^"^"» MHC ;  fiint  vcrd  omncs  cir- 

-,DAF,.do..n.;.3dr3C.Sj^^^^^^^^^ 

dco CK  «quah  omncs c.rcuH parabolx.  DAF.ad  omn'es  e  ' 

^U,.  figurx,  MHC,  vcrum  omncs  circul,  parabolx ,  DAF 
fumpt,  ,uxta  rcgubm,  DF,quorum  d.omir,  funr  in  Inn. 
geaKr.cc,  DAF,  funt  <,mn.a  pbna  cono.d.s  gcn.r,  .  rC 
lut.one  cx  ic,..,paraboln,  D  \Z,omncs  vcr6  clUpfcs  lin  ,  cs 
nmd.^xparabolx,NWC,fu.nomn.apl3,,acono,d,^p^^^^  • 

±tr"'^^2'//'^r^'''''^  Pcr,MC,c..,oconoidcs?  -  c^^^l 
rabol.cu,n,^AF  eftxqualc  cono.di  pn -.^bol.co ,  MHC 
Scd  vn.ucrfabtcr  foUdum  gcn.rum  cx,  DAF,  h.,bcs  ommi 
p.ana,  quiefint  omncs  fig„rx  fnu.lcs  .ntcr  fc  ciiridcm  oc  ,il 
tr.cis  ,  DAF,  cr.t xquak-  f >I,do  gcnito  cx  ,  MHC ,  habcnti 

Qmn.a  plana^quc  fuK  omncs  figurv  Hm^Ics  ,ntcrfccn.fdcm 
genitr.c.s  figurr,  MHOad  quns  omncs  figurx  fimilcs  fiy„. 
rx  gcnitr.cis- ,  DAF  ,  f.nt  vt  omn.a  qujdra^ta  ,  DAF  ,  ad% 
A.ingala  fub  figura  gcnrtricc,  .MHC,  .^  fiaur.T  dift.iri,,rum, 
•HRC,  dnmmodo  di.mictr, ,  AZ  ,H0,  mtcr  fc  fintxqiiales' 
qur  h.c  nobis  crant  colligend.<j .  ' 


■s  E  C  T  I  o  ir. 

N  Coroll.i,colligiturfoIidumfi,Tiilarcgcnitiijii'.\  pa- 
rabola  ,DAF,adfio,fimi!arc  gcniti;,Ticx  parabol , 
MHC,  effc  vt,  DF,  ad,  MC,  d«m,  AZ,HO,diainetri  fiwr;  inr 
a:qu3  ks . 


I 


Sz  G  E  O  M  E  f  R  I  M 

s  E  c  X I  O:  ni- 


IN.  CoiolK:i.cc4lu^itiin,rifuea.-t  duo  plana  ax^^cor 
aoiJis  pjiabolkg  oblique  fccantu/i  -t  autem  abfcifsa- 
rvm  conoidum.  diamctri  later  fe  aiqualcs ,  qiiod  ablcifsae; 
coDoidcs  eiuintintcr  fe;rquales  >  fcd  vniuc;faliter;>,y 
milium  cllipriu^ii  ^quas:  funt  omnia  plana  diii^^ ^^^^^  c ongi- 
dum  jalijs  figuris  fimi^ibus  feochm  i.i  vnoquoque  folido. 
afsumptisy intcr  fc  eandem  rationcm,  qu'^m  pra?diclae  fimi-- 
les  elliptcs  habciuibus  ^quodca  folida  5  quorum  afsumptae 
fimiles  figurse  funromiiia  plana^eruiic  inter  fe  ^ quaba,dum. 
diamcni  genitricium  eorundem  figuranmi  5  quaefunt  ab-- 
fcifsa? parabolarj  iiucr-fc  quoqs  cTqualcs  fucnnt. 

C  O  H  O  L  L  A  R  r  V  M  VL- 

!N  Propof.  28.  & euis CoroU.  afsumpta  illius  figura  3  &' 
fado  folito  excmplo  pci  reuolutioncnrj  ADHjparabo- 
ije  circa.axim^  DO^habetur^^ld' 
fi  qoaois  parabolica  ^  Al)H:,  in 
reuolutione  dcfGiipta  fccctur 
quomodocunquc  planis  fiut_^ 
ad  axcm  rcdiSjfiuc  obliquis^qi^ 
abfcifsx  conoides  erunt  intcr  , 
ic^.vt  quadrata  diamctrori jx\— i 
corundcm,Nam  vt  omnia  quadiata,  BDF,  rcgula^BF,  qu3C 
axim,  DO^  rcclc  fccat,ad  rcclangula  fub  parabolaXEG,85 
ru^  ira  diftantiarum  ,HIvG ,  ita  cfse  omncs  circulos ,  BDFy 
diamctros  inea  fitashabcntes,  fumptos  iuxfa  regula^BFr 
a'd  cmnes  fimile:^>  ellipfcs  figirra:  gcnicricis,  CEG,  fumptas 
itixta  rcgulam,  CG^quarum  diametri  maiorcs  funt  in  figu- 
r:r>  CRGy  minorcs  vcro  in  figura  dilbntia .  um,  REGioftenV 
^eniiis  mcthodoanteqcdcntis,  crgo  dicli  omnes  circuli  pa- 
raiboiar^RDFi  ad  didas  omnc::  clUpfes  paraboUr,CEGierut 

vtcfua' 


■    I- I  B  E  H  1«  ^  f 

«  q-.SS  ad  n''°^  ™  P""^"'-"'" .  CEG,  c„, 

c  ai'aUud  , ad  quadrntum,  DK  Ci 

crgo aliud  platium,  vtcunq:  obliqu^ a vcm.  I^n  rJ 

Cnccono.p3rab.Uca,BI^i,33iro\^^^^^^^^ 

h    u    ^V^  *^«"o'd^ni  vltxmo  rcfcdnm,  cuius  bafis  in7, 
er obbqH^  fccat .XUX1.  DO, cr;t  vt  qundrntMm. EM   i hu 
iusd..mecr,  quadratum,quomodocl.que  igu  .r^^^^^^^^ 
conois  pbms  nxcm  .ccnnt.bus ,  refcaa Vcolnta  Amt^^^^^^^^^ 

rum,  vcl d,v:brum  elhpHum,  fumamus  nl.ns  H^,u,s  fimilcs 
in  vnoquoq^  fohdo  fcorfim ,  quorum  funt omn»  plana  S 
exut^u.bus  omn,bus  figur.s  fim.hbus  gcn.tracum;  figu^ 
rum  qu,les  A.,„  pnrnbolx, BDF,  CEG,d.aa  cx  ,fdcm  1 
d"tl£f'  '"^^.■•-§)'l-^^  bnfcs  nbfcularuu.  pnrnbolnrum'  fi 
fi    f  fig  ■•.^ fi-uiles  fucrmt  inter fc ,  vt  pr^dic^  circuli ,  ver 
f.m.lc.  clhpfcs  vcl  vt  omn.n  qund  nm  ,  &:rcAnn.uln 
ab  c.ir.s parabohs,  &  figur.s  d.ftnnt.nru.n  cnrundar,rcc.u 
Jis  lcmpcr  pro  vnnquaquc  canindcm  pnrnbolnrum  b  .Hbus 
lumptn,  crunt  mtcr  fe,  vt  quadrnta  diamctrort.m  abfcfsi- 
rum  pcr  di.a,i  pinna  pambolnrum ,  inrcM.gc  tamcn  rcfcc  l- 
r.a  plana  fcmpcr  m  fupradi(fl.s  cflV  crccb  plnno  fTcnirr-ciu 
hgurarum  ,  vt  pinnum  pcr,  CG.  crcctu.ii  parnbora:,  Al )  H 
plano,  fim.htcr  &  quod  per,  BF,  fiuc  in  donoidc ,  fiuc  jn_* 
ahjs  iam  diclis  lohdis,  vt  fupradiclum  cft  gcnitis. 

A  P  P  E  N  D  I  X. 

EXpon3turpnriboIa,ACE,circaaxim,CM,inb;,fi,AE, 
cui  parallcla  ducatur  vtcunque ,  BD ,  intra  ipfnm ,  & 

L     2  iim. 


«  4  G  E  O  M  B  T  R  I  >« 

iungaturjBE,  ducaturque,,RSr 
dumieter  parabolx,  BRE,  &  vt 
fiatiioftrum  exemplum  reuol- 
uatur  parabolayACE  ,>circa  a- 
xim  ma  iiciitemi  CMiv  t  {iat  co- 
noides  parabolicf  jACEjBCD^ 
&  per ,  BE  ^  ducatur  pla  aum  c- 

refikumplaiio  parabolxjACEy 
fciiideiis  fiuftumconoidis,  BAED^in  dttas  portioncs  5  fci*- 
licct,  BAE5  BDE.  Dico  ergo  portionem,  BAE,  ad  portio-^ 
ncm^BDE,  (refeaajCO,  a^qualiiprirRS^j.effe  vt  quadratu, 
MOjCLim  redanguio  bis  fubj^MOGjad  quadratUjONjCum 
reaangulo  bis  fub,  ONC. 

Nam  conoisj  ACE  5  ad  couoidem  5  BRE  ^  eft  vt  quadra- 
tuniyMC,  adquadratumySRyveladquadratum^jOC^ergOy 
per  conuerfioncmTationisj  &cQnuertcado>  portio  folidav 
BAEyad  conoidem  parabolicam^ACEjCrit  vt  refiduunu^^ 
quadrati,  MC,  dempto  quadratOyOC^ad  quadratum^MC^^ 
.f.  vt  quadratum  5  MO ,  cuni  rCiftangulo  bis fub ,  MOC #  ad' 
quadratum,  MC,  quod  fcrua.  Itcm  quia  conoidemy  ACEj: 
ad  conoidem,  BRE5  diximus  c^Te  vt  quadratn,  MC^ad  qua- 
dratum ,  CO  5  eadcm  autem  conois  5  ACE  5  ad  conoidem,^ 
BCDycft  vt  quadratum,  MCjadquadratumrCN^ergo  eo- 
wois,  ACE5  ad  reliquum  dcmpta  conoidc ,  BCD5  a  conoi^ 
dc,  BREr  erit  vt  idem  q?iadratum,  MGi  ad  reliqur.m ,  dem^'^ 
pto  quadratOjCN^  a  quadrato,GOi..i.ad  quadrati.m^ON,^: 
€um  reaangnlo  bis  f  b ,  ONC ,  cft  crgo  conois ,  ACE ,  ad^ 
portionem  folidam^  BDE,  vt  quadratum.  MC 5  ad  quadra- 
tum,  ON5  cum  reaangulo  bis  fub,  ONC,  erat  antcm  por- 
tio  folida,  BAE,  ad  conoidem  parabolicnm,  ACE,  vt  qua- 
dra  lum,  MOr  cum  re^aagulo  bis  fub^  MOC,ad  quadratrm,. 
MC,  ergo,  cx  cTqualirportio  folida,  ABE,  ad  portioncm^ 
fotidam,  BDE,  Crit  vt  quadrafum,  MOicum  reaangulo  bis^ 
/ub>MOC^ad(jiiad.0N,cuxcaag.bis  fub.ONQ  quod  &c, 

Scd' 


•ous, A(_b,  BCD.iuiita  communcni  rcaulam,  AE  &  J.. 
«n,rp        p„  BE,c,cau.  pbuop.^bZAck/ct 
ocasiohdumlimilarcaenitumev  nj)PA  ;  i 
-  roi.das,  BAE,  BDL ,  adl^c^^it^^^^^^^^^^ 
«nucnxcmus  h.s  duas  portionrs foHdas  dfc m  i  £  r  t  o 

£ub ,  ONC ,  quod  cx  fuprad.d,.  crurfaclc  poteft  3  Cdt 
monftratio  curr.t  et.am,  1.,  CM,non  fit  ax.s,  lcd  tamunC. 
<lumeter,vtco*ilidcranticlar^patcbit. 

A.    COROLL.  VIL  SECTIO  T. 

I M  Prop.2,.^Cor.Scd.  i.&i.coIligimusrolidnnmiJ 
I  bru  gcnua  cx  pnrabol.s  m  cndcm  .^lf.cud.ne conlhul. 
tis ,  genita  mqu.,m  iuxta  rcgufas  ,pfi rum  bafcs ,  cfll-  uucr 
fc,  vt  quadrata  bal.um ,  &  in  i^fdcm  ballbus  conftuut.s ,  vt 
carum  ah.tud.ncs ,  vd  vt  d.amctro.  arqual.tcr  bafibus  in. 
cl.n.-,tas;  hocig.tur  ncd.m  concUidkur  dc  conoid.bus  pa- 
rabohcs  m  eadcm  alt.tud.acftnntibus ,  quod  fint ,  vt  qua- 
drata  bahum ,  vcl  m  eadcm  bafi  cxiflcnt.um  ,  quod  fint,  vc 
sltitudines ,  fed  de  cxterfs  fimilar.bus  folidis  cx  .pfis  para- 
bolis  genitis  iuxta  rcgulas  b.fcs,  vt  dic^um  eft . 

B.    S  E  C  T  I  O  IL 

ITem  habemus  conoidcs  parnbolicas,  &:cartcrfl  foTida  Cu 
milarij  cx  parabolis  gcnita  luxtn  rCgulns  bafcs,  habcrc 
ruer  fe  rat..inemcompolitnm  ex  rarionc?  quadrntorum  ba- 
ftum ,  &  altitudinum ,  vd  diamctrorum  yquahtcr  bafibus 
inclinatariwn.  j . 


t6 


C  B  O  M  E  T  a  I  ^ 
C.    S  E  C  T  10  III 


Tem  eadem  folida»  quarum  bafes  altitudinibus ,  vel  dia- 
metns  cequalitcr  bafibus  inclinatis  reciprocantur>cfle 
aequalia  j&quiefuntjequalia  habere  bafes  altitudinibus, 
vel  diametris  aequaliter  balibus  inclinatis,  reciprocas. 


I 


P.    SECTIO  IV. 


T Andcm  colligemus  conojdc^  parabolicas  5  &  caetera 
folida  fimilaria  ex  parabolis  genita  iuxta  regulas  ip-? 
rarum  bafesj  quarum  axes,  v.eldiametrj  ad  hojiiolbgas  ba^ 
fium  diametros^vellatera  habeanteandem  ratioucm  .1.  fi- 
a6>  I  r.  miles  conoides  parabolicas5&  fimilia  fohda  fimilaria  geni- 
ta  ex  parabolis  iam  didis^elTe  in tripla  ratione  diclarunu^ 
homologarum  linearum. 

^  ^  COROLL,,:yn^,  §.E.CTIO  I. 

^y\n      •:    ■  • 

IN  Prop.  ^p.expofitafiguravvt  fiatfolitum  exemplum, 
reuohiatur>  ACD>  circa  manentem  axim>DC>  patebit 
crgo  cylin^rum  genitu  cxiBD^ 
In  reuohjtionc  .f.  BF  5  effe  fcx-  ' 
cuplum  fohdi  geniti  ex  triU- 
neoi  CD  A,  .f  folidi,  C  AF,  Sed 
vniuerfaUter  foUdum  fimilare 
genitum  ex,  BD»ad  fibi  fimila- 
re  genitii  ex>  CDA>  fexcuplam 
irationcm  habere ,  fiucj  CD>  fit 
perpcndicularis  ipfi ,  D  A,  fuie 

non;  voceturautcm  foUdum  gcnitum  j^erreuolutionem 
Cx,  CDA^  Apcx  paraboUcus, . 


SE^ 


1.1  6  E  R  IV. 
A.  s  E  c  T  r  o  ir. 


S7 


I  e-dcra     H^^^^^^^^^  »P.C«  pnrnbolicos  i« 

fimi  ar^a;^  ^  '"'r '  '^^'^"^"--^'  ''^  «inm  4 fol.d.L 
S^ces  ^^^^^^^^^^^^  -Sui.  t3.. 

B.   S  E  C  T  I  o  rii. 

I  Tcm,  q„od  cndcm  fol.da  q..o,nodocunq.,cfint,habcant 
M  i.tcr  fc  rat.oncm  c  mpc.)lt.,m  cx  rnnone  bniium,  &  al- 
mudnn.,veUccantn1a-qtu!itcrtan.c:  r.N,.  i;.dinatnnHn, 

C_S  E  CTIO 

f  TcTTi,quodeadcmfolidn  hifc^ h.tbcnt...  ..:utiidn.>bi.s 
1  vcl  fccnnt,b«s  vqu.Uitcr  mnacrtt,b-...s  i.ici.nnt.s  rccipro- 
cas  fi:it  xqi.  Jl,a;'t5i  qn.^  fu.it  xqi,.ilin,bnfehabcn.it  nlt.ti,- 
^«ibus^x-cr  fccantjbus  .«jualitcr  tjngcntibus  inclinatis 
rcoprocas . 

]>.    S  E  C  T  I  O  V. 

TAndcm,  quod  cndc.n  foiida  fint  in  tripln  rationetan- 
gcntiu,n,vcl  fccantium  parnbolas,fi  tan^ciitcs  nd  fc 
cantes  fcmiparnb'  das ,  cx  q::iln.s  m  rcu,  Im  i  ,nc  i^cnci  an. 
tur>  habcjnt  eandcm  rationcni.  * . 

C  O  R  O  L  I.  \  n  ]  V  M  IX. 

TN  Propof.  5 1 .  cxpofTta  figura,  8<  vt  fiat  noflri^m  excm- 
phim  rcuoluto ,  ACrcirca  mancntem  axim  ,  Al^,p;,tct 
folKlun^,qaod  ui  rcuoluttoiic  fit  c.-c  trilinco,  ADC,  nd  foH- 

d'.,.n. 


A 


B 


D 


1% 


! 
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du,  quocl  ftt  cx  tiilineo ,  MFC, 


cifc  Yt<iuacVLatum,  AB,ad  qiia- 
dcatum ,  B  E ,  &:  vniuerfaliter,' 
folidum  fimilare  gcnitum  ex, 
ACdempto  folido  fimilari  ge- 
nito  ex  femiparabola,ACB,ad 
fibi  fimilare  gemtumex_,ECj 

dcmpto  folido  fimilari  geiiito  ,      j  •  -  -01: 

cx  frutto,  EMCB,e{re  vt  quadratum,  AB,  ad  quadratu,BE, 
gcuita,  in  quamjnteUige  iuxta  communcm  regulam,  BC. 

COROLL.  X.  SECTIO  PRIOR. 

IN  Prop.  3  2 .  expofita  figura  ,  & ,  vt  fiat  noftrum  exem- 
plum  rcuoluto,  AF,  cuca  mancntcm  axun,CF,  patebic 
cylindiii 
in  reuolu 
tioae  ge- 
nitum  ex 
AF^adlb- 
lidum  ge 
aitum  ex 
pauabolai 
DBF.effe 

vt  3  AF  j  ad  parabolam  i  DBF  •  &  ita  cffe  quodlibet  folidum 
fimilare  gcnitum  cx ,  AF  5  ad  fibi  fimilare  gcnitum^x  figti- 
r.i,  CBDF)  dcrapto  folido  fimilari  gcnito  ex  trilineo,  BCF: 
cylindrum  vero  genitum  cx^  AFi  .f.  AM^  ad  folidum  in  rc- 
uolutione  genitum  cx  figurajCBDF^eflc  vt ,  AF^adpara- 
bolam,  DBF5  cura  r*-.  parallelogrammif  AF,  .i.  vt  24.  ad 
ly.&ita  elTe  folidum  fimilare  genitum  ex^AFrad  fibi  fimi- 
lare  gcnitum  ex  figura, CBDF^  genita  inquam  iuxta  com- 
muncm  regulam,  DF.  Vocctur  autcm  folidum,  quod  in^» 
rcuolutionc  generatur  ex  parabokj  DBF.  Semianulus  ftri- 

dus 
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3> 


Ihi5  parabolicu$i  quod  vero  gignttur  cx  figiuaj  CBDrj  Sc- 
mibaiis  colufnnaris  parabolica  llri<.l3 . 

SECTIO  POSTERIOR. 

IN  Corollario  coUigitur  cy Uiidrum ,  AM ,  effc  fcxquial- 
tcrum  fcmianuli  ftndi  paraboUci,  DBFXM.  vnde  coUi- 

ti  poteft  proprictatcs  ,  qux  conoidibus ,  vcl  apicibus  pa; 
olicis  in  CoroUarijs  7.  &  8. Propofit.  5 1 .  huius  incirc_^ 
oftcnfa  funt,&  de  fcmianuUs  ftridis  paraboUcis  paruej: 
Coacludi. 

COROLLARIVM  XI. 

IN  Propof«,33.habcinus  partemnatcriorcm fcmbnult 
ftriai  paraboUci,  ad  cxtcriorcm  ^qux  partcs  dilfcp.iraii- 
turpcrfupcrficieminrcuoUitioncdcfcriptamuifiipmoas 

figura  per  Uneam,fu»c  axim,  B&l  clTe  vt  y .  ad  1 1 .  &  lic  crtt 
qSodUbet  foUdum  funibre  gcnitum  cx,  KF,  dcmpto  (oUdo 
fimilarigcmtoextnUnco,BCF.adlibi  l.mijarc  gcmtimi 
cx  figura,  CBDF,  dcmpto  foUdu  Hmilari  gcmto  cx,BI  .gc- 
nita,  inquam,  iuxta  communcra  rcgulam,DF. 

COROLL.  xn.  SECTIO  PRIOR. 

fN  Prop.  34.  alTumpta  cmfdcm  figura ,  vt  fi.-.t  cxcmplu.n 
reuoluatur,  AM,circa  manentcm  axun,HM>  fiat  nut c m 
ex,  A.M,inrcuolutionc  cyUndrus ,  AL  j  patct  .giturcy  ui- 
drum,  AL ,  ad  foUdum  in  rcuolutionc  gcmtt.m  cx  parabo- 
1I  DBF  cffc  vt,  AF.ad  parabolam,DBF,  (hoc  autcm  vocc- 

lur^mfanu^^^^ 

<r^.  HRDM.  eife  vt  quadratum,  DM  .ad  quadratum, 

;uadr?t^Eac\.t'caangulofubf^^ 
SECodvocecurScP.b?fis^colua.nat.par^b^^ 


GEOMETRf^ 


M 

T'. 

-^^^^^^  -....| 

kta  5  Et  vniuerfalitcr  folidutn  fiiTiilaTe  genitum  ex,  AMj 
fibi  fimilare  geiiitum  ex  figura,.HBDM»habcre  eandem  ra- 
tionem  proxime  dict^iad  idem  vero  dcmpto  folido  fimiljr 
ri  genito  ex  quadrilineo,  BFMH  ,.efle  vt,  AFyadparabola,-. 
DBF».i.inratiohefe"XQ[uiiilter;i_^ ..'  ;    y  ; 

SECTIO  POSTERIOR.  | 

IN  Coroll.poteft  colligi  etiam  in-Cor.n  o.Pr^pi^  i  ^at» 
pofter.cocludj  poflecylindrum  in  retjblutione  geiiitujff 
cx,  AF,ad  fcmibafim  columnarem  ftri(ftijm'parabt»Uc'i  g,e» 
nitaex  figura,  CBDF,cfl'e  vt  qu*dratu,.DF»  au  <iuadrati»nn- 
FE»  i.  quadfati,  ED»&  reaangulum  tiib  fexquirerria,DE^, 
&  fub,  EFr &  fic  cffe folida: fimilaria  ex  cifdenr genit a  luxta 
communem  regulam,  DF. 


COROLLv  XIII, 


SECTIO  PRIOR, 


1^^  Prop.  ^  j.iterum  afrumpta  antecedcntisrfiguraipl 
ret  cyhiidrum  gcninim  in  reualntionc  ex  ,  BM  r  J  cy. 

g^nitum  ex  rcuolutione  fi^uray 

BHMF.Xadfohd«,BFK.R/^uodvocetii/.5>mityntpJ,j„nt 
parabahaim^>©(fc^t  quad^-^iiun,  BM,  3d.(,aadraiuin  ,MF* 
oun  rc6t.rrgula  Jrtb-ir.rEF  r  & ,  FM'^,vvfcUm  ^..qvadmti, 
fcF )  ik  iic  ciTc  fohduiivfiintlare-^fiity^nY-Qx^'  BM  ^ad  ^bHfi- 

iniUrfc  gcuitunicx  figura,  EHMltotacotin  regifla,DM. 

SE- 


/ 


L  I  B  E  R  IV. 

SECTra  ^OSTEIUOR 


EX  CoroHario  habetur  cylindrum,BY.aclrcfiduirtn, 
dempto  lemitympano  parabollco,  Bl  KR>  ab  eodem,^ 
cfle  vt  quadratum,  EM>ad  rcaangulum  ri;b,MP,&:  lub  fcx- 
quitcrtia, FEjCum  '  .  qiudrati,  tE>&: lic cilc (blidiim  (imi- 
lare  genitum  cx,  BM»  ad  rcfiduum,  dempto  ad  cc  dcm  foli- 
do  fimilari  gciiito  cx  figura  ,  ttHMF^  iuxtacommuncnuji 
rcgulam,  DM. 

COROLLARIVM  XIV. 

IN  Prop.  3^ .  vifi  adhuc  eadcm  figtira,  patct  portionum 
fcmianuh  lati  parabohci cx  ,  DBF,  parnbola  m  rcuolu- 
tionegc:iiti,qiia?fcparanturafupcrficic  dcfcripta  abaxi, 
BE,cxtcriorcra  adintcriorxjm  .f.quargigiutur  afcmipara- 
bolaj  BDE,  adcam,  qux  gignitur.a  fcmiparabola,  BFE^cf- 
fc  vt,  EM,  cu  V.  EM,  &  -r  •  ED,  ad,  MF,  cum  -f.  MF.  &  t. 
FEi  &:  fic  cfsc  folidum  fimilarc  gcnitum  ex  figura,  DBHM, 
dcmptofohdo  fimilari  gcnitocx^BM,  ad  fohdum  fimilarc 
gc.Mtum  ex,  BM,  dcmpto  foUdo  fimilari  gcnito  cx  figur^ 
BFMH,iuxta  communcm  rcgiUam,  DM. 

C  O  R  O  L  L  A  R  I  V  M  XV. 

ISPro\).37.vifa  fig.Cor.io.P.5 1  .huius^patct.conoidem 
parabol. 
gcnitd  in 
rcuolutio- 
ne  cx  fc- 
miparabo-  ^ 
la^BDE, 
ad  femia-  D 
Duhim  ftri 
^um  paca- 


M  z 


boli. 
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bolicuni  gcnitimi  cx  p^rabola  rDBFt  cfse  vt  t  .  DF ,  -f 
DFj  .i.  vt  3.  ad  1 6.  & fic efse  folidum  fimilare  genitum  ex> 
DBE » femiparabola ,  ad  fibi  fimilare gcnitum  ex  figur 
CBDFjdempto  folido  fimilari  genitocx  triliiieo  >;BCF^ 
iiuxta  communcm  regulam,.DF- 

COROLLARIVM  XVI. 

IN  Propof.  38.  confpeda  adhuc  eadem  fuperiori  figura^ 
habetur  femianulu  latum  parabolicu  genitiim  in  reuo- 
lutioneexparabola,DBFradfemiaOulum  ftridtum  para- 
bolicum  genitum  ex  eademyefTe  vt,  DM,  MF^^d-^VDySc  fic 
cfse  folidum  fimilare  quodcunq;  genitu  ex  figura,  HBDMV 
dempto  folido  fimilari  gcnito  ex  figurajBHMFKid  foIidiuTi: 
fibi  fimilare  genitumex  figura^CBDFidempto  folido  fimi- 
lari  genito  ex  trilineoj  BCF>  iuxta  CQcm  regubmyDM. 

CORO.LLARrVM  XVIL 

IH  Prop,  3.9.  vifaeadeni  fuperioris  figura  ,habemus  fe- 
mianulum  latum  parabolicum  gcnitum  ex  parabDla_^«,^ 
DBF^ad  conoidcm  parabolicam  genitam  ex  eadcm  pet- 
reuolutionem ,  efse  vt ,  DM ,  MFi  ad  -r  1.  ipfius,  FDv&  fie 
efse  quodhbet  foiidnm  fimilatc  genitum  ex,  HBDM,  dem-- 
^to  fohdo  fimilari'  gcnito  cx  figura,  BHMF  •  ad  fohdum  fil 
bi  fimilare  gcnitum  cx  femiparabobo  BDE,  iuxta  commu- 
nem  regulanij  DM. 

COROLL.  XVriLSECYlO  PRIOR. 

IN  Prop.40.  vifis  fig.Cor ,  ro.& 1 2  .fuperioru,&  duais  vt- 
cuqs  bafi  paraboliP^DBFja^quidiftantib.  inrra  ipfam^quse 
rtnt,GP,GPV»patet  fcmiamilos  paraboUcos  exparabolis,- 
©BF^NBO^in  vtraqi  figura  pcrrcuolutioncm  gcnitos,  cC 

fe-in'- 
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fc  mtcr rc,  vt  ipfns  paraboUs,  DBF»  NBO  ;  5^  fic  cfsc  quod- 
libct  iohdum  funibrc  gcnttum  cx  figiira>  HBDM ,  Jtmpto 
folido  limiluri  genito  cx  hgura,  BFMH>  ad  fibi  fimilarc  gc 
nitum  ex  fi^ura ,  HBNVi  dcmpto  folido  ftmilari.gciiito  cx 
figura,HBOV.  Et  lic  ctiam  folidum  fuuilarc  gcnitum  cx 
figiira  ,  CBDF ,  dcmpto  foUdo  limilari  gcaito  cx  triUuco, 
CBFiad  foUdumfibihmilarc  gcmtum  cx  figura  ,  CBNP, 
«lcmpto  foUdo  fimilari  gc.nto  cx  figura,  BCPO»  gcnita  in- 
qujm  iuxta  communcs  rcgulas,  DF. 

SFXTIO  POSTERIOR. 

EX  Coro'11.  habctur  fcmunulos  latos  pnrabolicos  e:: 
parabolis,  DBF,  NBO,  m  rcuolutionc  cuca,  HM.  gc- 
aitos  cfsc  ai  i;iuicc ,  vc  fcmianulos  ftriitos  parabolicos  cx 
parabolis,  DBE,  NBO,  gcnitos  iu  rcuolut.  circa,  CF,  &:  lic 
foUda  funilaria,?cc.  &:  vtrafqifcmianul..s parab  .licos,luic 
latos ,  fiac  ftria^.s cfsc ad  inuiccm ,  %t  cubi  didarum  para- 
b  slarum  bafium,  DF,  NO.  &:  fic  ctiam  loUda  lumlaria,  Scc. 

COROLLARIVM  XTX. 

INProp.4i.vifisadhuc  fig.Cor.io.&i  2.fupcriorri,patct 
fcmib  ifim  columnarcm  ihiauparnbolicam  gcnitam  m 
rcuolutionc  cx  fignra  ,  CBDF ,  ad  fcnnibafim  columna  cm 
htam  pnrabolicam  gcnit.imcx  figura ,  CBNI  » ^;'';'- ^ t  p.i - 
r  ,llc!cp.pcdum  fub,  BE, c^  i"  i.^uadrati  ipfius,  DF.ad  pa- 
rallclcpipcdum  fub,  BX ,  &  his  fpatijs  .1.  quadrato  ,  XI  .  v. 
ou  vdrati,  NX  ,  &  rcd mgulo  fub  fcxquuci tna  ,  N\ .  &  lub. 
XP  •  &:  fic  ctiam  cfsc  quodlibct  folidu  ltmi'arc  gcnitum  cx 
f  ,  ira  CBDF  .  ad  folidum  fibi  lumbrc  gcmtum  cx  figurn, 
OiNP,  luxta  comuncm  rcgulam,  DF  :  patct  nvfupcr  fcmi- 
tafim  colum.i3rcm  latam  parabolicam  gcmt  tm  m  rouolu- 
doac  cicca,  HM,cx  fisura,DBHM.adfcmib.tl.m  coUunn.v- 
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5  bD,  6C  rcdtagulo  tub  lcxquitcrLia,  i^c-^uc  lu^ 
EM>  adparaildcpipcduni  tuKBX>&  his  fpatiis  quadra 
to , VX . quadrati , XN ,  & rcaangulo  lub fcxquitettiar 
NX3&:  fub^XVs  &  lic  etianxcGc  tolidum  fimilace  quodcuqs: 
gcaitum  cx  figiira,  HliDM,.adfolidu  fbifmiibrc  genitum 
cxfigurajHBNV^iiixtacommunciure^ulair^DM. 

COROLLAIllVxM  XX.. 

IH  Prop.. 42 .  anumpta- figura y  c^uas  ad  ipfuifl  pertinct 
paraJlcl()g.rammj,  MS&:frufto  parabolaemaioriilliia- 
€lu(o  .f.EBHFy  ^ — ^ 
Yt  fiat  noftrum     "  '^'^-^ 
cxcplum  reuo- 
luatur^.AFrcir- 
€3'  manenteia 
axim^CF,  fiat 
autcmex  5  AFy 
cylindrusyAN, 
&ex  figTira5,HBCF5,fxjIidiun,HBONoquodvoccrur:fcmi^ 
bafis  coluiruiaris  mcdia  parabolica  y &  extenfo  plano  3,  AF> 
indefinitc  prodlicarur  m  cylindro  paralierogramum  ^AN^. 
&  m  fcmibafi  columnari  figura^  HBONk^uje  ent  circa  axe,, 
CFyCompofita  ex  duabus  figuris,  EBHF.FEON.fimilibus,, 
5ca^q.ua!jbus  ei  j.qua^  per  reuolutionem  femibafim  colum- 
nnrems  HBON>.gencrat;  patct  ergp  in  hac  Propofit.cylin- 
drum,  AN)  ad leraibafcm  columnarcm  raediam  paraboli- 
fe^am,  HBONyClfc  vt  qiiadratum  bafis ,  HFyad  quad'ratiim5> 
¥Gy    .  quadrati,  GH',  cum  redangulo  fub  fcxquiterti.L^ey 
HG  ,  &:  fub  5  GF  5  fic  vero  ctiam  crit  quodlibet  folidum  fi- 
Biilare  genitum  cx",  AF>  ad  fibi  fimilare  gcnitum  cx  figura^. 
CBHFjiuxta.  coraimmem  rcgulamj  HF. 
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COROLLAIUVM  XXI 


9f 


IN  Prop.  43.  vifa  fupcrioris  figiira  ,  patcbit  cylindrum^ 
AN ,  a J folidum  gcnitiini  in  rcuolutionc  cx  fruito  ma- 
iori  parab  >la:,  EBHl'»(  quod  vocctur  Aceruus  maior  paia- 
bohcus^  .f.ad  Acctuum,HBEON, clfc  vtparalleUpipcdum 
f-ib,  BG,&:  cjuadratOjHF».  ad  iclK|uum  parallclcpipcd^  fub» 
B- 3,  &  his  Ipatijs  .f.  quadrato,  FG,  r  •  quadrati,  GH,ik  r,c- 
tbngnlo  fub  {cxquitcrtia,  HG,  Sc  fub,  GF,  ab  codcm  dcm- 
pto  '  .p3rallelcpipcdiiub,CH,&qjadrato>FGjSicciiam 
crit  fohdum  limilarc  quodcunq;  geuitum  <x,  AF,ad  fibi  fi- 
milarc  gcnitum  ex  figura  ,  CBHF,  dcmpto  folido  fimilari 
gpnito  cx  triluico,  BCE,  iuxta  comniuncm  rcgulaiw,HF^ 

H 

COROLLARIVM    XXII.  > 

IN  Prop.44.  adiuncta  fuperions  hgurcelinea,K\',paral- 
lcla  ipfi,  HF,  qux,  RV,  fit  produaa  vfr^  in,  X,p.cr  ipfan> 
dxJCatur  planumaiqUidilbns  bari,HN,qn6d  fjcict  in  fcmir 
ba£icolumnari,HBON,c{>mmuncm  peftioncmcirculum, 
HX  ihabctur  Crgo  hnc  femibafim  coiumnarcm  mcdiara-* 
parabo!icam,HBON,  ad  nbfcilTum  per  circulum ,  RX,  fiii- 
ftum,  RBO)i,  ertc  vt  parallelcpipcdum  fub ,  BG,    his  fpa- 
Uyi  -f.  quad.ato  ,FG ,  -  .  quadrati ,  GH      rcdangulo  fulx 
fexquitcrtia,  HG,  &  fub,  GF,ad  parallclcpipcdiim  fub,BS» 
&  fub  his  fpatijs  .f.  quadrato,VS,  -r-  qnadratj,  SR,&  rccta- 
^lo  fub  fcxquitcrtu,RS,&  fub,  SV.  Vcluti  etiacrit  quod- 
hbct  f>>hdum  fimilare  gcnitum  cx  fignra ,  CBHF,  ad  libi  Ji- 
mUarcgcmtijnvcx  figur3,CBRV>iuxtacGemtcgula,HF. 

COR:PLLARIVM  XXIII. 

•\ ''  ■ 

I\l  Prop.  45 .  vifa  adhuc  anrcccd.  figura ,  patft  aceruum) 
maiorcm  parabolicum^JIBEONjad  conoide  m  parabo- 

licun^ 
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ilicam  geiutnm  cx  fcmiparnbola,BHG)  efle  vt  reliqiuim  pa- 
raUelepipcdiUib,  BG>  &his  fpatis.f.qaacirato,  FG>  *  •qua- 
drati,  GH,  &  reaangulo  fub,  FG ,  &  fexqiiiccitia)  GH ,  ab 
eode  dempto  ^  .  parallelcpipcdi  fub5CE)&:  quadrato,FG, 
ad  dimidium  parallelepipedi  fub^  BG,  &  quadrato,  GHsvt 
etiamedtquodlibet  folidum  fimilare  gc:i  tum  ex  figurn* 
CBHF,  dempto  folido  fimilari  geaito  extrilineoj-BCE, 
folidiim  fibi  fimilarc  gcuitumex  fcaiiparabola)  BHGjiuX' 
ta  commuiicm  rcgukmj  HF. 


1 


COROLLARIVM  XXTV. 

H  Pvop.  47.fumaturex  figura  Prop.  4^.  fruftum  minus 
paraboUr,  <juod  eft,  DPG,  cum  parallclogrammo^DG^ 
&  iutegr 
bifiparabo- 
IfjlAG^qn^ 
cft,ZG, 
vt  fia^t-folrtu 
excmpltml  i 
tetibluatur^ 
DG^circ:»^.» 

maneiitem  axim,  DP,  &  itcrfi  circa  ma;ncntcm  axim  >  EG5 
liet  ergo  cx  rcuoltitionecireii^DP,  a  parflllclogramo^DG^ 
cylindruS5KG3&  afrufto  parabola^iiiinori^PDG/oHdum, 
quod  fitj-HDG,  quodq,  voc^tur,  Accruus  minor  paraboli- 
tus^  &  CX  reuolutione  circavEG^a  parallclogr-ammo^DGi 
in  alia  figura  cylindrusjDV-)  &  atrilinco  extra  fruftummi- 
iKis  parabolc^conftitirto  folidum ,  DGX ,  qivod  cftfruftuiw 
apicis  parabol.ici rcfcctum  pcr  circubjm,  DX^quodq^  vocc- 
tur  Fruftum  apicis  parabolici.  Parct-crgo  oylindrum,  RG^ 
ad  aceruum  minorem  parabolicum,  HDG ,  cftc  vt ,  ZP5  ad 
«bitlpofKaiti  ex  r .  ZP5  &  y.^>G,  ac  cylindrfi,  DV,  ad  fru- 
-ftum  apicis  parabolicij  DGX^  cik  vt^  ZP^  ad  fiii  reliqui  n», 

.dcm- 
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demptis  abca  f  .IP^cum  tt,  PGi  Sic  auceni  ctijm  cric 
cjiiodlibet  folidumhmibrcgciutum  cx^DG>adfolidum 
fibi  timilai  e  gcaitum  cx  trullo  muiori ,  DGP,  vt ,  inquam^ 
in  pru>ri  partc  huius  Thcor.  dictum  clt  s  &  llc  ctia  folidum 
quodlibet  iimilare gemuun ex >DG •  ad  libi fimilare  gcui- 
tum  cx  tnlLico,  DbG,  luxta  communem  regulam,  ZGi  vo 
in  polknore  dicuThcor.  partc  dictum  clU 

COROLLARIVM  XXV. 

IN  Propofitione  48.  fiimatur  dc  figura  Propofit.  ^6.  pa" 
^ .  rabola,  ZAGi  cum  bali,  ZG>  axi,  AQjjk  rcfedto  cius 
minori  frufto,  DPG,  dc  ciufdcm  tigura  adhuc  fumatut,A  X 
G>  trilincum  5  in  quo  ducitur,  Dt>  a:quidillans  jpli,  AX,  Si 


fcorfini  ponatiir ,  vt  autcm  fiat  folitum  cxanplu ,  rcuolua^ 
tur  parabola^ZAG,  circa  mancntcm  axim,  AQiJ^  fruftum- 
Biinns  cuifdcm,  quod cft,  DPGiCircaiDP,cx  quo  fia t  acer-^ 
iius  minor,  RDG.  Infupcr  trihncum,AXGfrcuoluatiircir- 
ca,  GX  >  vt  fiat  apex  parabolic-us ,  AGZ  •  &c  cx^GDE ,  cius 
fr uftum,  GDYs pntct  igitur  ex  ipfa  Prop.  48.  accruum  mi^ 
norem,  RDG,  ad  conoidcm  parabolicam^ZAGihabcre  ra- 
fioncm compofitam  ex ca,  quam  habct  copofita  cx  t.  ZP, 
Sc  ^ .  PG,  ad,  ZP,  & ex  rationc  paraUclepipcdi  fub ,  DP>  & 
quadrato,  PG>  ad  dimidium  parallclcpipedi  fubv  AQ>  fl^ 
quadrato,  QG5  lic  ctiam  oflc  qutHlIibct  folidum  fimilaic 
gcnitum  cx  frufto  parabola:,DGPfad  fibi  fimilarc  gcnitunv 


^%  GEOMETRI^ 

cx  femiparabob,  AqG  5  iuxta  commiiAcm  regulam  5  ZG. 
Itcm  cx  cadcm  Piop.  patec  apiccmparabolicum,  AGZ)  ad^ 
eius  tcuilum^lXiY,  haberc  ra4:ionemcompofitam  ex  cx-j^. 
quamhabct  lexta  pars  parallelepipedi  fub^  AQ^'  qua  Jra- 
to,  QG^  ad  paraUelepipcdum  fub^  DP,  &:<iuadrat05  PG5& 
cx  ea,<iuam  habet^  ZP,  ad  refiduum,  dcmptisab  eadc,  ZP^ 
T.  cum  -F.  PG:  Mc  autem  .qjuoq^/euc^ciuodcuaq;  foli- 
clum  fimilare  genitumex  trilin^OjAXGjad  fibi  fimilarc  ge- 
nitum  ex  trilinco>  GDE ,  iuxxa  cohimunemxegulam,  AX. 

COKOLLARIVM  XXV. 

IN  Propofitioac 4^.  affjmpta  de  figura Propofit.^^.pa- 
rabola,  ZAG>  cum  axi,  AQ^  ilh  paraUela,DP,abfcin- 
datur  ab  axi,  AQ^pfa,  AVi  excelftb,  AQjupcr,  DP,  &  vt 
fiat  folitu  excmplum, 

reuoluaaturtrifruftum  ^     c  tr 

maiusjZADPjtum  fru- 
ftum  miaus,  DPG,  cir- 
ca  communicm  ^axem, 

.  DP5  vt  exfrjufto  maio- 
ri  5  DAZP5  fiat  accruus 
maior  paraboUcus,  Z  A 
DON,&cxfrufto  mi- 
nori<,  DPG  5  fiat  aceriius  minor  parabolicus,  RDG:  Patet 
crgo  cxhacpropof.accruum  miriorem,  RDG^ad  accruum 
maiorem  ^  ZADON ,  habererationcm  compofiram  exea^ 
quamhabct  compofita  ex  t  .  ZP,  &  PG^  ad ,  ZP  5  &ex 
rationeparaUelcpipcdi  fub^DPi&quadrato.^PQ,  ad  pa- 
raUelepipcdum  fub,  AQ,  &  his fpatijs  .f  quadrato,  PQjjf- 
quadrati,  QZ  ,  &c  redan^ulo  fub  fcxquitcrtia  5  ZQ^&  fub^ 
QP,  dcmpto  ab eodcii?  ^-.paraUelcpii^cdi  fub^AV,  &  qua- 
dratO)QP;Sic  autcm erit  ctiaim  quodhbct  foUdum  fmiilare 

genitum  cx  frufto  minori  ^  DPG  5  ad  fibi  fimilare  gcnitum 

cx 
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rc  figura  ,  CAZP>  Prop.  4^.  dcmpto  fotidafiinihui  gcnito 
cx  tnliaco,  ACD>iuxta  comiiiuucarregiiLuii,  ZG. 

COROLLARIVM  XXVIL 

IN  Propofit ione  5 o.  de  figiira  Propofit.^^.  fumntnr  fru- 
rtum  muuis  parabolx^quod  cft,  DGP,  quodque  lccatur 
pcr  rcctam,  TI,  xquidiftantcmipfi,  rc,accipiatur  infuucr 
dao?  iiuegr Je^  ZG,        vt  fiat 
noftrum  cxcmplumjreuolua- 
cur,  DPG  5  fruftum  circa  ma- 
ncatcmaxinij  DP>  vt  cx,  DP 
G,  fiat  aceruus  minor,  RDG> 
&  cx^DTUeius  fruftum^YDI, 
patct  crgo  exhocTheorcm. 

aceruum  mmorcm>RDG  5  ad  rcfcvaum  fruftum  ,  YDI,  ha- 
bere  rationem  compofita  cxca,  quam  habct  rcdtangulum, 
ZPG,  cum  -r.  quadrati,  PG,  ad  rcAanguIum,  STI>cum  . 
quadrati,TI,  &  ex  ea^quam  habct  quadratum,PG,ad  qua- 
df  atumrll.  Vt  etiam  erit  quodlibct  f  )hdum  fimilarc  ^cni- 
tum  ex  frufto  minori  parabola? ,  quod  eft  >  DPG  5  ad  fibi  fi- 
Itvilarc  genitum  cx  trilinco>  DTI  >  iuxta  cocm  regul  a>  PG. 


S  C  H  O  L  I  V 


PLnfd  dUd pol^emus  ddhac  circd  htc  txdmftife  \ff/icipu} yff 
ltdif4iemeius,{jyo4  producefetHf,  reuolyta  pardtoUcircs 
hafim,  vel  tlli pAralleUm,  ftut  tangentem pArahoUm^  ftue  extrd^ 
ipfim  conflttmiAm ,  (jr  proporttonem  etufdem  fegmeritorum  ;  necr^ 
tf:n  (jr  dltorum  corporum ,  cjuorum  mtttia  tum  ylrfpeckUttoneyn^ 
iucundd,  tnm  in  ordtne  4d pr4xtm  ccn/ideratd,  mn  tnuttlis  ettsm 
ijie  videtur,  fed hu  dtijj  tndagdnda  reltnquam.Hdc  autem  nuu0 
dtUbdfcfufficidt. 

Finis  ^4rti  Litri . 


GEOMETRIiE 

C  A  VA  L  E  R  I  I. 

LIBER  QVINTVS. 

In.quo  de  Hypcrbola,  Oppofltis  Sedlionibus, 
ac  fblidis  ab  ejfdem  genicis ,  habetur 
contemplacio. 

■  t 

THEOREMA  I.  PROPO^.  1. 

M  N  I  A  quadraca  Hypcrbo- 
la? ,  regtila  fumpta  bafi  •f.  vna 
ex  ordinatim  applicaris  ad  a- 
xim,  vel  diamctrum  eiufdcm, 
ad  omnia  quadrata  parallclo- 
grammi  in  eadem  ba(i,&  alti- 
tudine  cum  ipfa ,  erunt  vt  li- 
neacortipofitaexdimidia  trafuerfi  Ijteris  hyper- 
bola?,&  ,  .diametri,vcl  axis  eiufdem,  ad  compo- 
fitam  cx  tranfuerfo  latere ,  &  axi ,  vel  diametro  e- 
iufdem:  Eadem  vcroad  omnia  quadrata  triangu- 
}j  in  eadem  bafi ,  &  altitudine  cum  ipfa  erunt  i  vt 

A 
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compofira  ex  fcxqnialrera  tranfiierfi  lareris  >  5r 
axi^vcl  diametro  eiuidemjad  compofitam  ex  traf 
uerfo  latere,  & ax;^. vel  d>  metro  eiufdem 

Sit  igitur  hypcrbola  yDBF  riu  bafi  r.Drj^ciiius  axis ,  vcl 
diamctcr^  EB,  &tranfuerfum  latus ,  BO^J^ifariaindiuifi^ra 
iiij  N  dcfcribatur  vero  parallelogrammum',  AF^-^in  cadem 
altitudiney&bafifiihyperboia,DBF5'&:i>unecirc3  axim^, 
vel  diametrum  >.BE  5  circa-  quam  fit. 
etiam  triangulum^BDF.  Dico  crgo 
omnia^  qundrata  hyperboLT^  MF^ 

regplajDF,  ad  omnia  quadrata, AFv 
erfe  vt copofitam  ex,  NBy &  -r.  Bfej 
ad  rOE ;  ad  omniar  vero  quadratiLi.. 
trianguhi,  DBF5  eflfe  vt  compqiitai^i^ 
exfexquialtcrajOBy&ipfayBE^ad, 
OE  j  fumatur  iii  5  BE  y.vtcunqspun- 
dum  5  M  5  &  per  5  M ,  ducatur^  MGy. 
parallela  ipfi  5  DF^fecans  curiiani-^' 
S^a^of^  hvi^erbola?  in^  H.  Eft  ergo  quadratum^^  EF^  vel  quadratum^^ 
CjM^iidquadratum,  MH,  vrredangtilum.  OEB5  ad  reclan- 
gullniivOMBycft  autcm^BFyparallelogrammum  iu  eadem 
altitiidine  5  &  bnfi  cum  fcmihypcrbola  yBEF  r&  pimdum, 
vtcunq^  fumptum,  pcr  quod  acta  eft  ipfirDF,  paralleia,, 
MGvrcgula,  DF5  rcpertumquecft  5  yt:quadratum)  GM,  ad 
quadratumj  MFTj  ita  efte  redtanguh.m^  OEB  5  ad  r-edangu- 
lunt 3  OMB-3  ergp  horiihr qVinruor  ordinum  ma gninidines 
cruntpropornonales  .f  omnia  quadrata  ,  BF  yinagnitudi- 
nes  primiorduiiscollcdcT  iuxta' primam  .f.  iuxta  quadra- 
tum^GM^ad  oninia  quadrata  fcmihyperbpla:5BEF5magni- 
tudines  fecundi  prdinisxolleaias  iuxta  fccundam  .f.  iuxta' 
quadratum  3  MH  5'eruni:  vt  reaangula  fub  maximis  aWcif- 
fcrum,  BE,  magiiitudines  fcrtij  ordiiiis  collcdx  iuxtti  ter- 
lium  .lLiuxta.rea^iiSiih!m  fub^OEj  EBj  >ad  reaai^^^^^ 
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.omaibus  abfciflriS5EB3adiuncb5BO>&:  fub  omnibus  abfcif 
11^3  EB>u^ag.Htudini^j$  quaiti  ordiaisfoUcclas  iuxta  prmia, 
.f.  luxta  rcc^tangulum,  OMB  ;  vcrum  rcdangula  f  ib  maxi- 
mii  abfcilflirum,  EB,  adiunela,  BO)  &:  fub  maximis  abfcif- 
larum,  EB,  ad  rcdangula  fub  omnibus  abfciiris^EB^a  Jiun- 
da,  BO,  ^  fub  omnibus  abfciflis,  EB,  rcdi ,  vcl  ciufdciiu-t 
obliqm  tra  Ahtus,  funt  vt/)E,adcompohtam  cx,NB,&:  x.  Corol 

BE,  crg  \,conuc.tciidojomaia  quadrata  fcmihypcrbolar,  ^ 
BSF^  ad  omnia  quadrata  5  BF,  vclcorum  quadrupla  .i.  om- 
nia  quadiata  hypcrbolje,  Di^F, ad  omnia  quadrata,  AF,  c- 
tiam  fi3  AF3  non  clfct  circa  axim  >  vcl  diamctrum ,  BE ,  fed 
tantum  in  cadcm  altitudinc  cum  hypcrbola  5  DBF  5  crunt 
vt  compofita  cx  r.  OB,  &  f.  BE,  ad^OE. 

Qjonia  vcro  omnia  quadrata ,  AF,  funt tripla  omnium  i#.lt. 
quadratorum  trianguHo  DBF,  idco  funt  ad  illa  ,  vt,  OE,  ad 
V.  OE,  ollcnfum^utcm  cft  omnia  quadrata  hypcrbolx,  D 

BF,  ad  omnia  quadrata,  AF,  clfc  vt  compofitam  cx  -r.OB, 
&c  r.  BE,ad,OE,ergo,cx3Pqua]i,omnia  quadrata  hypcr- 
bolje,  DBF,  ad  omnia  quadrata  tManguU,  DBF,  cui  fi  noii 
crtct  circa  axim  ,  vcl  diamctrum,  BE,  fcd  t antum  in  cadcm 
aUitudme  cum  hvpcrbola,  DBF,  crunt  vt  compofita  cx  f . 
OB,  &:  r.  BE,  ad  T.  OE,  vcl  vt horum  tnpla  .i.  vt  compo- 
fita  cx  fexquialtcra ,  OB ,  & ipfa.  BE ,  ad ,  OE,  quod oftcu^ 
^crc  opus  erat. 


THEOREMA  II.  PROPOS.  II. 

I  duge  ad  axim,  vc  \  diamctrurn  liy perbolceor- 
-|  dinatimapplica^fucrincicaa?  linCcT,  hy- 
^  perbolas  conftit  ^entcs ,  fic  autcm  carum  al- 
tera  regula.:  omniaqi  idraca  hypcrboLxab  vnci^ 
«arundemconftitut;^  ad  omnia  quadrata  hyper- 
bolsperaliamconftituc.T.eruntvtparallclcpipe- 


s 


4 

dum  fubcompofita  exfexquialtera  tranfiierfi  la- 
teris  hy perbolarum  didarum ,  &  fub  axi,  vel  dia- 
inetro  hyperbol^  primo  didse,  &  fub  quadrato  e- 
iufdem  axis ,  vel  diametri ,  ad  parallelepipedum-# 
fub  compofita  ex  eiufdem  trafuerfi  lateris  fexqui- 
altera,&  axi,  vel  diametro  hyperbolae  fecund6  di- 
&  fub  quadrato  eiufdem  axis,  vel  diametri. 

Sint  intra  curiiam  hyperbola:  duae  vtcunq;  ad  aximj  vet 
diametrumjNE,oidiuatim  dndx 
redb: 

NHG5  NDFjConftitiicntcs  5  (it  aii- 

tem  earum  altera  5  vt  yDF  5  lumpta 

proregiila5  &  tranfiicrfLim  eorun- 

dcm  latuSjNOjbifariam  diuifuoi-^ 

iiH  B5  cuiin  direclu  fit  adiedaj  OX5 

aequalis  dimidia? ,  ON .  Dico  ergo 

omnia  quadrata  hyperbohi?  ^  DNF, 

ad  omnia  quadrata  hyperboUryHN 

G-,  cile  vt  parallelepipcdu  fub  5  XE, 

ik  quadrato^  EN  jad  pavallelcpipc- 

dum  fubj  XM>&:  quadrato^  MN.  Fiant  ergo  in  bnribus,DFy 

HGy&rcirca-axesjvelGiametrosjNM^ME^parallclogram- 

ma^  AF3  CG :  Omnia  ergo  quadrata  hypcrbob ,  DNF,  adS 
2)ciin.  xa.  .omn-n  quadrata  hypcrbola?,  HNG,  habcnt  rationcm  comv 

pofitam  cx  ca ,  quam  habcnt  omnia  quadiata  hypcrbol^,. 

DNF,  ad  omnia  qiiadratajAFjomuia  quadrataiAFjad  omv 

aia  quadiata,  CGj  &  omnia  quadrata,  CG^  ad  omnia  qua- 

drata  hypcrbt  >lx ,  HNG 1  fcd  omnin  quadrata  hyperbolsey 
Exsmu.  .^a  omnia  quadrata,  AF^  funt  vt  copofTta  cx  i .  ONy 

.1.  cx,  BN,  &  f .  NE,  ad,  OE.vel  vt  iftorum  tripla.f.vr.X^,; 

5  d  tripl  a,  OE.  Infuper  omnia  quadrata,  AF,  ad  omnia  qua> 
lu  h      drataj  CG>  babcnt  ratioacm  compofitam  ex  ea  >  quam  ha- 
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l>ctciuaarntum,Dr,adcliiadratum,HG,idcft  rcclangu-  coroi.j^ 

Jum  ,  OHN ,  ad  rcctangulum ,  OMN ,  .1.  horum  tnula ,  ki-  f  ^'^' 

licct  rcdtKigaluiiiiubtripla,OE,&:,EHfola,adrcaan- 

gulum  iub  tripb ,  OM,  &:  fola ,  MN,  &  ex  ratione ,  EN,  ad, 

NM  s  taadcm  omnia  quadrata  ,  CG  ,  ad  omnin  quadratr..  «««ntfi. 

h)  perbolx>  HNG,  funt  vt,  OM,  ad  compofitam  cx,  BN,  Sc 

T.  NM,  .i,  vt  tripla,  OM,  ad,  MX,  .i.fiimpca,  MN^comnnw 

nt  altitudnic,  vt  rcdan^uliMii  fub  tripla ,  OM,  &  fub  >  M^ 

ad  rcc^agulum  fub,  XM,  MN,  crgo  omnia  quadrata  hyper- 

bolx>  DNr,  ad  omnia  quadrata  hypcrbolxj  HNG^  habent 
ratioaem  compofitam  cx  ca  >  cjuam  habct,  XH,  ad  triplam  ^ 
EO5  .i.  fumpta,  ENj  communi  altituduK  y  ex  ca,  quam  ha- 
bet  rcc^tanguium,  XEN,  ad  rcvaanguhim  fub,  NE,&:  tripLt, 
HO5  ^c  cx  ca,  quam  habct  reaangulum  lub  tripla,  OE,  \^ 
fub,  EN^  ad  rcdtanguium  fub  tripb,  OM,  &  fub,  ^fN.dc  re- 
(aangulum  fub  tripla,  OM,  i  fub  y  MN ,  ad  rcaangidu  fub, 
MN,  MX  5  &:  tandcm  cx  ca ,  quam  habct ,  EN ,  ad,  NM  s 
porro  rationcs  .f  quam  habct  rcclangulum  fub,XE5&:> 
EN,  nd  rc^a ngulum  fub  tripla,  OE,  EN^itcm  qunm  ha- 
bct  rcctangulum  fub  tripla,  OE,  EN ,  ad  rcclanguhl  fub 
Cripla,  O^M,  &:5MN,&:  quam  habct  rcclangulum  fub  tripla, 
OM5  &:,  MN,  ad  rcclanguhnn,  XMN ,  conficiunt  rationcni 
redangulijXEN,  ad  rccbngulum,  XMNjqux  fimul  cum— > 
ratione ,  quam  habct ,  EN,  ad  ,  NM,  conficit  rationem  pa- 
rallelepipedi  f  ib,  NE,  &  rcc^ingulo ,  NEX ,  .1.  fub,  XE,  &:  ^s.  1 
quadrato,  E>4,  ad  Darallclepipcdum  fub,  NM,&:  rc6lnigu- 
lo,  Ni^X,  .i.  fub,  XM,  &:  quadrato ,  MN ,  ergo  omnia  qua- 
drata  hypcibolje,  DNF,ad  oia  quadrata  hypcrbolx^HNG, 
crunt  vt  parallclcpipcdum  fub,  XE,&:  quadrato^EN^ad  pa- 
rallclcpipcdum  fub,  XM,  &:  quadrato,  MN ,  quodoftende- 
rcoportcbnt. 
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THEOREMA  III.  PROPOS.  III 


IN  eadcm  antecedentis  figura,  riproducatuf, 
HG ,  hinc  inde  vfque  ad  curuam  hyperboli- 
cam,  cui  incidat  in,  SZ,  iungaBturquc,DM, 
MF,  regula  eadem,  DF,retentaj  oftendemus  om- 
nia  quadrata  parallelogrammi,SF,ad  omnia  qua- 
drata  frufti  hyperbola?,  HDFG,  efl"e  vt  redangu- 
lum,  OEN,  ad  redangulum  fub,  OE,&,N  M,vna 
cum  redangulo fub  compofita  ex  ir.  N  O,  &  t- 
ME,  &fub,  ME;  Omnia  vero  quadrata  triangu- 
li,  DMF, ad  pmnia  quadrata  eiufdem  frufti ,  HO 
FGjclTe  vt  redangulum,  OEN,ad.reaanguIum 
^ub,  OE,  &  tripla,  NM ,  vnacum  redangulo  fui> 
ijcompofita  ex,  NX,  &,  ME,  fub,  ME. 

Sumatur  in  jME,  vtcung;  pun(51:um,L ,  &:  per  ipfum  re- 
guls,  DF;,  parallela  ducatur,  LK,curuam  hyperbulicam..* 
in,I,  fecans  ;  Eftergo  quadratuni, 
EF,vel  quadratum,  LKjad  quadra- 
tum,  LI,  vt  redhngulum,  OEN,ad 
redangulum,  OLN ;  eft  autempa- 
rallclogrammum,  MF,in  eadcm_# 
bafi,  8c  altitudiaecum  figura,  MG 
FE ,  puncliun ,  L ,  fumptum  eft  vt- 
cunquc ,  perq;  ipfum  rcgulx ,  DF, 
,du£ta  parallela,  LK ,  repcrtum  cft, 
vt  quadratum,  KL.-atl  quadratum, 
LI,  ita  effe  redangulum,OEN,  ad 
re6i:angulum,0LN;  quatuorcrgo 
ordinum  magnitudines  conftru(5lx  iuxta  has  quatuor  iiv 
«cntas  magnitudines  proportionales,crunt  quoq;  propor- 
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^rtalcs  .I.wortinia  quadrata-^MF,  ad  otnnia  cjiuidrnta  figu*.  coroii. 

^^^'  runopvignitudmcs  primi  ,&ifccnndi  ordi-  * 
r^s  copllrivct^^  luxta  prunam,,&:fccundamXiuxta  quadra- 
tum,  KU    quadratum,  LI ,  crunt    rcctangiila  (iib  maxi- 
mis  abfciirarum,  tM,  adiunaa,  fub  nuximis  abfcif- 

ferunly  EMs  adiuncb,  MN ,  ad  rcaangnla  fiib  omnibiis  at- 
ki&s^  EMv  jdiunCta,  MO^i^  fub  omnibus  nbfcilTiSjHMjad- 
lUnc^^^MN  >quxiiintL4;up^nii:udii\<^s  tartij>v&  quarti  ordi  • 
nis  coUcct.v  iuxta  tcrtiam,  vix  quartam  A\  iuxra  rcdnngulu, 
OEN>  OLN  y  vcrum  rcc^angula  fub  maximis  abfciflartim, 
EM,  adumc^i,  MO5  Jv:  fub  cifdcm  adiuncla^MNj^ad  rccbn- 
guVi  fub-omnibus  abfcirsiSyEM^adiunda,  MO^  &  fub  ijfde 
adiunct;:^MN,  omnibus  rccli ,  vcl  ciufdcm  obliqui  tranfi-  Corol  j 
cus  fampti$5  funt  vt  rcctaugulumVrOEN^ad  reciangulu  fub^  ^ 
OH,      NSl,vna  cum  rcctangulo fub compoiita  ex  i-.ON> 
&  r.  MEi^k  fub,  ME>  crgo omma  quadrata,  MF^ad  omnia 
qnadrata'figurtJ^MEr>  velhorimi  quadrupla  .i.  omniLL..'^ 
qMadrata^^yl^ad^nfu^^ia  quadratalVufti^HDl  GiCrunt  vt  rc- 
du. i^jlum^OENtjad  rc^^angulumfub-,  OE>  &:5  NM»  vn:^„., 
ciim^rcwla^g.fjibcopolita  cx  i .  ONi  &  t  .  MF>  &:  fubDME; 

Qm  vv*i6omQia  quadrata  trianguli^DMFjfunt  7  .om-  i^A,t 
nium  quadratorum,  SFiidco  ad  ^mnia  quadrnta  frufti^HD 
FG,  crnnt  vt  V .  rectanguli^OENiad  rcdangulum  fub^OE, 
i!c5NM»viia  cum  reclangulo  fub  compofita  ex  4^.0N>&  V, 
MEf  &  fub,  ME>  vel  vt  horum  tripla.i.vt  reaangulu,  OEN, 
at^:  evSbng.ilum  fub,  OE>  &c  tripla,  NM>  vna'cum  recbngu- 
fn  fub  compofita  cx  fcxquiaUcra ,  ON>  .i.  cx  5  MX,  ME, 
&.fub5  ME>  qua?  oftcndcr c  opus  erat. 


I 


THEOREMA  IV.  PKOPOS.  IV. 

N"  eadcm  antecedcntis  figura  produnftis^CH',. 
RG,  verfus  bafcm,  DF,  cui  incidant  in,  PQy 
regiuh  eadem  rctenta ,  oftendemus  omnia^ 
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quadrata>  SF,  ad  omnfa  quadrata  frufti,  HDFG, 
demptis  omnibus  quadratis ,  HQ  ,€fle  vr  redan- 
gulum ,  OEN ,  ad  redangulum  fub ,  fiM ,  &  fub 
com,pofitaexT.EM,integra,MN,&  '  .NO;Om- 
nia  ver6  quadrata  tria,nguii,DMF,  ad  eadem  elTe 
oftendemus,vt  red:angulum,OEN,  ad  re^aangu- 
Aumfubcopofitaex,  tX,dupla,  NM,  &c  fub,ME* 

Omnia  .n.  quadiata,  SFf  ad  omnia  quadrata  fruftijHDF 
G>  ollcnlaiiint  .G^CjVt  reutagulumj 
OEN>  ad.Fc6l?ngulu^B  fub^  OE>,&5 
NM>  vn,a  Ci,mi  rc-^lanaulo  fub  cum^ 
pofita  ex  QN,  r.  MEi  &  (v.h, 
ME ;  Onjnia  yero  quadi.ataj  SF>  acj 
oninia  quadrata,  HQ^funt  vt  qua^ 
dratum,  PF>ad  quadratumjPCVvel 
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&  Sch.  quadratiii^i,  HG>  .i.vt  recTiaagu- 
*  luuij  OEN>  ad  rcda ngiilumjOMNj 
ergoeadcm  ad  rcliquum  omnium 
.  quadratorCi  frufti,  DHGFi  dcmptis 
omnibus  quadratis ,  HQK?runt  vt 
ycdaDgulum^OENuad  rclfquu,  dcmpto  reaangulo,OMN^ 
a  redangulis  kibyOEiMN ,  &  fub  compofita  ex  v .  ONi  & 
f^.f.\cm.  .  ME,  5^  fubj  ME  >^ft  autem  rcaangulum  fub  ,  OE  >  MN, 
a^quale  r<2cl;agul;is  fub,  OM>MNi&:  fub,  EM>MN>ergo  dem- 
pto  reaangulovPMN,  a  redangulo  fub:,  OE,  MN^iemanct 
rcaangulunijEMHad  quod  vna  cum  rcdangulofub  coni- 
pofita  ex  {- .  ON>  Sc  {-  •  ME,  &  fub,  ME,  ipfum  rcaangulu, 
OEN,erit.vt  omnia  quad;SF,ad  omnia  qaad.fruftijHDFG, 
demptis  omnibus  qnadratis,  HQ.  cTquatur  autcm  redagu- 
lum,  EMN,  cum  rettangulo  fub.TlM,  &  fiib  copofitaix  f .. 
EM,  &  f .  NO  >  rcclangulo  fub ,  F:M  >  &  fiib  compofita  tx 
TfhM)  inte^r;^,  MN>  &  -f .  N0>  erjgo  omnia  quadrata,  SF, 

ad 
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adcmviiaquadrata  frufti,DHGF,dcmptisomn,biis  qua- 
dratis,  HQj  cruiit  vt  reibngulum,  OEN ,  ad  rcdangulum 
lut>,  hM,  :k  lub  copodta  cx  f .  EM,intcgra,MN,&  ^  .NO. 

Omnu  vero  quadrata  trianguli,  DMF,  ad  cadcm  erunt, 
vt  t .  rcdangul»,  OEN,ad  rc.aangulu  llib,  EM,&:  fub  com- 
po  ua  cx  EM,  intcgra,  MN,&:  -!r .NO,  .i.vt  tot«  rcdaa- 
galum  iub,pEN,  ad  rcaangiOum  iub,  EM  ,  &  fub  compo- 
lita  cx,  EM,  tnpla,  MN,  &,  NX,  .1.  A;b,  1  M  A  A.b  coinpo- 
•iita  cx,  EX,'.Sc  dupla,  MN,  cjuxoftcndcnd  1  crant .  ' 

THEOREMA  V.  PROPOS.  V. 

1N  eadem  figiira,  regula  eadem  reteta,oflen- 
demusomdia  quadrata,  AF,dempris  omni- 
bi'S  quadratis  hypcrboKT,  DNF,  ad  omnii^ 
•quadrara,SF,dcmptjs omnibus  quadratis fruftf, 
HDFG ,  efle  vt  p jrallclepipedum  fub  compofita 
cx  ipfa,XE,  F-N, &  fubquadrato, NE , ad  paral- 
lelepipedumiub compofita  cx  eadcm,XE,cum^ 
JEN,  N  M,  &  fub  quadrato,  ME. 

Quia  cnim  omnia  quadrata,  AF,ad  omnia  quadrata  hy- 
perbulx,  DNF,  funt  vt,  OE ,  ad  co- 
poiitam  cx  ir- ON,  &  r.  NF.,  idcd 
pcr  conucrfionem  rationis ,  &  con- 
ucrtcdo  onnia  quadrata,  AF»  dcm- 
ptis  omnibus  quadratis  hypcrbol^-, 
DNF,  ad  omnia  quadrata,  AF,crut 
vt  compofitj  cx  X  •  ON,  Sc  f .  NB, 
ad ,  OE,  .i.  fumpta ,  NE,  communi 
'aicitudine,  vt  rcclagiiUnn  fubcom- 
poiita  cx  ^.  OS.ic  ?  .NE,&fub, 
N£>ad  rCctXgulum,OEN.Qupnia 

B 


Ix. 


K 
o 

iB 

M 


R  T 


K 

z 

K 


D  P    E    a  F 


fo  G  E  O  M  E  1  R  I 

vero  oia  quadrata,  AFjdemJjms  omnibub  qu^diatis  hyp<^f-? 
boLT,  DNr,  ad  oia  quadratai,SF,dempti.s  ommbus  quadrar: 
tis  fruftij  DHGF5  habcntratioaemcopofitam  ex  ca^quaP^' 
habent  omnia  quadrata ,  A  F  5  dcmptis  omnibus  quadratJ^ 
hyperbolx^DNFjud  omnia  qua- 
drata  5  AF  5  .i.  ex  ea  5  quam  habct 
redanguhim  fub  conipolitaex-f  r 
ON,  &  t .  NE ,  &  fub  5  NE  y  ad  f  c- 
(ftangdumj  NEO  5  &  cx  rationcy 
quam  habct  omnia  quadrata^  AFj 
adomniaquadrata^SFj  -i-^^  ^^r 
qiiam  liabet^  NE  5  ad->  EM  5  &  tan- 
dcm  cx:  ca>  quam  habent  omnu. 
quadrata^SFiad  omnia  quadrata, 
SF)  dcmptis  omnib.  quadratis  fru-. 
iVh  KDFG  5  ideo  omnia  quadrata, 

AF^dcmptis  onmMbus  quadratis  hypcrbohr  ^  DNF^  nd  om- 
nia  quadrata,  SF^d-cptis  omuibus  qujdratis  frufti, «DFGp 
habebuntra.tioneii3  compolitauTex  oa^quam  hal^ct^fcdan^ 
gukim  fnb  oompofita  ex  -rrON^&g-^ .  NE>  &  fubj  NE  5 
re^tangulfi,  NIEO^  &  ex  ea,  quanj  hri[u:t,  NFyad  j  tMjSc  eif 
ta^  quamhabent  omnia  quadrata  5  SF5  ad  cmnia  quadratay 
SF)  dcmptis  omnibus  quadratis  frufii^jHDFG .  Qupniam 
autcnxomnia  quadrata  ^  SF,  ad  omnia  quadrata  friifti  ^  HD 
^.Bttitts.   Y<}^  fuj^  yt  rcftanguium  5  OEN  5  ad  rc<ftanguhuTi  fub,  OE,, 
NM,  cuifireaangulofubcopoflta  ex  ^  .ON ,  &  t.  ME5  & 
fubxME,  idco  omnia  quadrata  ^SF  5  ad  refiduum ,  dcmptis 
omnibus  quadratis  frufti  jHDFGyerunt  vt  rcdlangulum, 
OEN,  ad  refTduumj  dcmptis  a"  redangulo,  OEN,  rcdangu- 
lo  fub,  OE5  NM5  vna  cum  reitangulo  fub  compofua  ex 
ON:r&  -T  .ME A  fub^MEsfi  igitur  a  rcaangulcOENjdcm- 
pfcris  rcdmguhmi  fub,  OE>  MNr  rcmancbit  redanguhim 
fubi  OE>  EM>  rui  fii^/i  a  reaangulo  fub,  OE,EM>  dcmpferis- 
pcaangulumfub  cSgofita  cx  T.ON>»&;f  •  fub^ME^ 

idcft. 
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J.  fi  dcmpfcris  rcflanguUim  lub ,  OB  ^  &  3  ME  5  rcmancbtc 
rcftangulum  fub,  BE^  EM  i  a  quo  fi  adhuc  aufcras  rcdagu- 
lum  fub  f .  fiib,  MEo  .i.  T.quadrati>ME>habtbiinug 

rccranguUim,  BEM>dcmpto  t.  quadrati>ME,  adquod  rc- 
ibiigtiUuB  >  OEN  >  cnt  vt  omiiia  quadrata  >  SE  >  ad  fui  rcU- 
quum>  dc-mptis  omnibus  quadratisfrulU«,HDFG>crgoom- 
nra  quadrc>ta>  AF  idcmptis  omaibus  quadratis  hypcrboJx) 
DNl\adom  na  quadrata,SF>  dcmptisomiiibus  quadratis 
failb ,  Hi3FG  1  habcbimt  ratioivcm  compofitam  cx  his  ra- 
tionibus  .f.  cx  ca,  quam  habct  rcclanguUmi  fub  compofica 

OSi  &  r.  NE,  &  fub>  NEi  ad rcu^angulum,  OEMi  &: 
cx  rationc>  NE>  ad>  EMi  &  cx  ca,  quam  habcc  rcaiguhim, 
OES  ad  rcdanguInm>BEVI)dcmpto  7-*  qiwdratii  MEs  ha- 
rum  autcm dua:,  quam  .f.  habct  rcclangulum  hib  com- 
pofita  cx  -^-  ONi  ScT.  NE,  fub  >  NEiad  rcdanguhuu, 
OENi  &  quam  habct  rcvfl;mgu1um>  OENi  ad  rcclanguhini, 
BEMidempto  r.  quadrati,  ME»conhciunt  ratiDnc  r<rclan- 
guh  fub  coni> )fit a  cx  ^ .  ONi &  t.  NE >  &  fub>  NE >ad  rc 
ilangahnn,  BEMtdcmpto  x.  quadrati> ME>  vcl>his  tnph- 
catis>conrtcmnt  rationcm  rcaangidi  fiib  compolitrcx  tri- 
bus>  BNi  .f.  cx>  NX.  3o  tcr  v.NEi  .f  dupla,NE,  .f  fifb  com- 
pofita  cx>  N^i  &>  EK 1  &:  fub,  NE  •  ad  rcdangulum  fub  tri- 
pla>  BEi  &  fub,  EM,  dcmptis  V .  idcft  intcgro  dcmpto  qua- 
drato,  ME,  quia  vcro  tripla  >  BE  >  cft  compofita  cx  >  EX ,  & 
dupla,  EN>  fi  i  rcaangulo  fub  compoiita  cx>  EX>  &  duplo, 
ES>  fub>  EM,  abftulcns  quadratum,  ME>  .1.  rcclaguhim 
fub>  ME,  &,  ME>  rcmanebit  rcdbngulum  fubcompofitA^,. 
cx  ipfa,  XF^  EN  >  NM  >  8c  fub ,  EM ,  Ulas  crgo  trc^s  compo- 
ncntcs  rationcs  inhas  duas  rcfolutas  habcmus  >  fcihcct  m 
e3m>  quam hnbct  reaanguhim  fub,  XEN ,  intcgra  >  &  fub, 
EN>ad  rcaangulum  fub  3ntcgra>XE,EN>NM>  &  fub, 
ME  >  &  ii^  cam  >  quam  habet  >  NE>  ad,  EM ,  c\ux  du.r  ratio- 
ncs componunt  rationcm parallclcpipcdi  fub , NE, &lub 
rectan-ulo  integrx,  XEN,  du^x  m ,  EN .  idcft  paraUc lcp»- 
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^edifub  intiSgra^  XENy&  quadrato^NEjaa  paiaHeleprpC- 
dunxfub  rMt,  Screaangulo  iategrcTyXE,  ENyNM^jd 
^itijiME^  .i-  ad  parailelepipedum  iub  iiitegra,  XE>  EN,  NM^^ 
&  quadiato^^MEj  ergo  omnia  quadrata ,  AFydemptis  om- 
nibus  quadratis  hyperbolae,  DNF>  ad  omoia  quadiataySF? 
demptis  omnibus  quadratis  frufti,  HDFG ,  erunt  ytparal- 
klcpipttdumfubintegrayXENj&quadrato^  NEyadparal- 
lekpipcdum  fiibintegrayXE5EN>.NM^&  quadrato  jME? 
<|uod^atoftendenduai— » • 

PROBLEMA  1.  PROPOS.  VL 

ADaraFiyperbola  portionem  abfcmderc-p» 
per  lineam  ad  eiufdem  axim ,  vel  diame- 
rrum  ordinatim  applicatam,  cuius  omnia 
quadrata,rcgula  propofit^  hyperbol£bafi>ad  om- 
nia  quadrardi  trjaguli  in  eadem  bafi^  &  circaeun- 
dem  aximj  vetdiamerrum  cum  portionej  fiue  hy- 
pert^la  abfcilTaj exiftentis, habean tdaram  ratio- 
laem ,  quam  oportet  efTe  quidem  maioris  insequa* 
l!itatis>  fed  tamtn  minoremifexq.uiakera»» 

Sitcrgp  data  hyperbolaj  FEGyCuius  axis^vcl  diameter^ 
EM5  &:lar.us  tiauruerfuniyCEyCuiAis  fityAEy  fexquialteraj 
bafiS5.>':  regulab  FG  ,data  ratio  y.qiiam  habet  yHli^  ad^  RL^ 
niaioris  inLtqpalitatis  5  fcd  mmor  lexqubltera-,  oportet  er- 
go  ab  hyperbcla^  FEGyper  iitieam  ad  5  EM  7  ordiiiatini  ap- 
pUcaram  •i^  bafiyluiereguLTyFGy  parallelam  yportioncirij^ 
liuehyperbolam  jbfciridcre^Guius  rmnia  quadrata  ad  omr^ 
nia/y-.iadrata  tria  ig.iii  in  e.idem  b-ali,^^  circa  cBdcm  axim^ 
vel  diamctrum  C  -  n:  ipfa  habeant  rauonem  5  quam  habetj 
BIR,  aJj  RLs  qv.ia  ergo  ratioyHR,  ad,  KLt^eff  minor  fexqui- 
alta2ra^,.Ciit  iniiiorcaj  c^iiam  habct^  AE^  ad^  ECj  &  ctiam-? 
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iiii<rcdominorca>qu3mhabct,AC, 
>  CE ,  candcm  ergo ,  quam  haber, 
HL,  ad,  LR  ,habcbu ,  AC ,  ad  maio- 
rem,  CE,  fit  ilb,  CO,A-  pcr,0,duca. 
t»r,SV,  parallela  jpli  reg»l.-p,FG,iuii- 
ganturquc,SE,EV:  Omaia  ergo  qua- 
drata  hyperbolae ,  SEV ,  ad  omni 
qiiadrata  trianguh,SEV,  fiint  vt,  AO,. 
ad,  OC,  quia  vcro  ,  AC  .id ,  CO ,  clt 
vt,  HL,  ad,  LR,  copo!ieado,  AO,3d, 
OC,  eni  vt,  HR,  ad,  RL,ergo  omma 
quadrata  hypcrbolx,  SEV,  ad  om.iia 

q.iiad  atatiia  >giiIi,SEV,crunt  vt,HR,:ul,RL,.i.iuiaUo- 
nc  djr.i,  quod  f.iccrc  opus  cr  jr. 

THEOREMA  VL  PROPOS.  VII. 

SI  circa  datam  hyperbolam  dcrcribatur  afym- 
ptoti,  ciufdcm  autcm  bafis  vfq;  ad  arympto- 
ros  producarur,  qu^e  fumatur  pro rcgula_»f 
Omnia  quadrara  hyperbolx  adomnia  quadrara-» 
frranguli  afymptotis ,  &  bafi  comprehcnfi ,  habc- 
bunt  rarionemc6pofitanTexea,quam  habctqua- 
dratum  bafis  hyperboliPad  quadratum  bafis  rri5'. 
guli,  &  cx  ca  ,  quam  habct  r^  (fV ingulum  fub  com- 
pofita  cx  fcxqnialtcra  tranfucrfi  latcris,  &  axi,vel' 
diamctro  data.-  hypcrbolje ,  &  fub  codem  axi,  vel 
diamctro,ad  rciflanguium  fubcompofita  cxtranf- 
uerfo  latere ,  &  axi ,  vel  dia mctro  ciufdcm  hypcr- 
bolsB ;  &  fiib  compofita  cx  , ,  tranfuerfi  lareris,  6c 
eodc{n-4ixi;,vd  diamctfOv 

Sic 
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Sit  igitur  data  hypcrbo]a,cu- 
iusbalis^SX^circa  axitn^vcl  dia- 
fnctrum^OV^c  lius  tranfuerfum 
latus  tlt,  BO  5  bifariain  iii  Q  di- 
wifum,  fit  autem  illi  m  dirc£t:i!m 
adiuncla,  AB,  sequalis^BQ  de- 
inde  ducta  per,  tangcnte  hy- 
perbolam ,  qu^-e  fit,  ED,  cui  erit 
parallela  bafis^  SX^abfcindatur, 
EOjOD^ita  vtquadratum^EO, 
&  quadratumj  OD  3  feorfim  fmt 
a^qualia  qiia.tne  parti  re<3tangali 
fub:  BO ,  latere  tranfuerfo  ^  \^ 
fub  eiufdem  redo  laterc,  fi  ergo  iun<5lis>  CE5CD5  ipCx  pro- 
ducantur  indcfimte  vcrfus  bafim,  SX  ^cin  produda?  occur- 
i: itCon.  rant  in  punftis,  H ,  R ,  erunt ,  CH^  CR,  afymptoti  data?  hy- 
perbola:.  Dico  igitur  omnia  quad-ata  hyperboli^^  SOX5  ad 
omnia  quadrata^trianguli,  HCR^habere  rationem  compo- 
fitam  ex  ca,  quam  habet  quadratum^SX,  ad  quadiatUjHR, 
&  reaanaulum,  AVO,  ad  rcaangulum,  BVC ,  iunpantur, 
OS5  OX:  bmnin  ergo  quadrata  hyperbolx,  SOX^ad  omnia 
quadrata  trianguli,HCR  ^habet  rationem  compofitam  ex 
lufia.xt.  ca^  quam  h.ibent  omnia  quadrata  hy pcrbolx^  SOX^ad  om* 
'  nia  quadrata  trianguli,  SOX,  .i.  cx  ea,quam  habct ^AV^ad, 

1.  huius.   VB5  &  cx  ea^quam  habent  omnia  quadrata  trianguli^SOX, 
jy  Corat  adomnia  quadrata  trlanguli^HCR^qui^  eftcompofita  CK 
1-1.         ea,  quam  habet  quadratum,  SX ,  ad  quadratum,  HR ,  &  cx 
ea,  quam  habct,  OV^  ad,  VC,  habemus  ergo  has  tres  ratio- 
nes  componentes  rationem^quamhabent  omnia  quadrata 
hyperbol^e,  SOX ,  ad  omnia  quadrata  triaaguli^  HCR ,  fci- 
hcct  cam^  quam  habet  quadratum,  SX  ad  q.iadratum^HRj 
&  quam  habct,  AVyad,  VB,  &:  tandcm ,  quam  habet,  OV, 
VC,  harum  autem  ifta?  dux  S.  quam habct, AV5  ad,VB, 
^  &5  OVj  ad,  VC5  componunt  rationcm  rcaanguli, AVO^ad 
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f c<ftangulum,BVC,crgo  cmnia  quadrata  hyperbol.T,S(  )X, 
ad  omnuquadrata  trungt,!i,HCR,habcnt  rationcm  co...- 
po  'tam  cx  ca,  quam  habct  quadratum,  SX,ad  quadratm-s 
HK ,  Sc rcdangulum  ,  AVO,  adrcctangulum ,  BVC,  o  :  ! 
©Ucudcrc  opus  erat .  • 


THEOREMA  VII.  PROPoS 


\    .  J. 


IN  ca  Jem  antccrd.figura,  rcgub  eadern  rcrg- 
tajoftcndcmus^duda  intr?,  hypcrhoIa.SOX, 
ipH?,  lY,  occurrente  arymprotJS,CH,CR,  jn, 
T>  ^^y^mnia  quadrara  trapezij^THRP^ad  omnia 
quadrjta  frulli  hyperbolx,  lSXY,eirc  in  ranone 
compofita  cx  ea,quam  habec  reftangulu  fub,Gl\ 
VR,cumf  .quadratij  PM,ad quadracum,VX,& 
ex  ea,  quam  habct  rcdangulum,  BVO,  ad redan- 
gulum  fub,  B V,  OG,  vna  cum  rcifirmulo  fub  com- 
pofiu  €x    BO,  &:     G  V,  &  fub,  G  V. 

Ducaiitur  pcr  piincb,  X,.R,  XN,  RM ,  rcax pnr.i!- 
lelxaxi,  v<l  dmmctro  liypcibuLr  jOViciCciirrcntcs/H^, 
jfzodwS^x  in,  N>M  :  Ommn  crgo  quadrata  trnpczijj  Gl  RV> 
atJ  omnia  quadrafn  quadriliiuM ,  GVXY,  habcnt  rntioncni 
compofitamcxcajquam  habcnt  omnia  quadr^^ta  trapczij, 
PGVR/t  ad  omnia  quadrata  ,  GR>  .i.  ck  ca  ,  quam  habct  rc- 
ilangulum  fub^  IKi>  VR,  cum  f .  qundratii  PM,  ad  quadra-- 
f  um  5  VR  >  &:  cx  ea  ,  quam  hjbcnt  omnia  quadrata,  GR  ,  nd 
omiiia  quad.ata,  GX,  rdeft  cx  ca  ,  quam  habcr  qundrarrm, 
RVradquadratum ,  VX  5  qua:  dua^  rntioncs  compoiuint  rn 
fjoncm^quam  habct  rcclangulum  fub  ,  GP» VRjcuni  \  . 
quadratij  PMi  ad  quadratum  5  VX5  ffcrandcm  cx  ea  vquam 
habcnt  omnia  quadrnta  ,  GX >  ad  omnia  quadrnta,  GYXV. 
•i.  cx  ca  5  quam  habct  rcdanjulum,  BVO^adrcdanoulnui 
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fiib)  BViGOjvna  cum  re£i;angu-' 
lo  fub  compofita  ex  '  •  B0.>  & 
-f .  GV,  &  fiib  5  GVi  crgo  omaij 
quadiita  tiapezij,PGVRiad 
omiua  quadrata  c[uadriliiiei>  Y 
GVX,  vcl  eorfi  quadrupla  .i.om- 
nia  quadrata  trapezij)!  HRPi  ad 
omnia  quadrata  fruftiJSXYiha- 
bebut  rationcm  compofitam  cx 
ea  ^  quam  habct  redangulu  fub, 
GP.VR,  cii  T .  quadrati,  PM,  ad 
qundratiim^VX,  &exea5quam 
habct  reaanguUmi,  BVO,  ad  rc6bngulu  fub,  BVi  GO, vii4 
cum  redangulo  fnb  compofita  ex  -r.  BO,&:  r..  GV> & fui>, 
iGVi  quod  oftenderc  opus  erat. 

THEOREMA  VIII.  PROPOS.  IX. 

Vlfa  adhuc  anteced.  figura,  exponemusa- 
literrationem  ibi  adinuentam  tantun> 
modo compofitam  ex  duabus,  ad  vnanu. 
folum  eandcm  reducentes ,  probando  S.  omnia^ 
quadrata  trianguliVHCR,regula.eadem,HR,rc- 
tenta, ad  omnia  quadrata  byperbola?,  SOX  >  effe 
vc  cubus^  CV,  cft  ad  parallelepipcdum  ter  fub> 
CO,  &quadraro,OV,cum,cubo,OV. 

Nam  n  in  fupradiaa  Propofit.Qftenfumcfto  omnla  qua- 
;drata  trianguli,  GHRiad  omnia  quadrata  bypcrbolaeiSOX^ 
conuertcndo^habcnt  rationcm  compofttanicx  ea  j  quam' 
habct  quadratum,  HRi  ad  quadratum,  SXrS:  rcdangulum, 
PjVCi^J  rcdangulum ,  AVOi  quxcftcompofita  paritcr  cx 
duabus  .f.  ex  ea  ^quam  habctj  CVi  ad)  VOi  &  cx<'a  ,quam 

habeti 
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habct.BV,  a  J,  VA,  vt  autcm ,  BV,  ad ,  VA ,  fic  cft ,  fumpta, 
OV,  commutu  altitudinc,  redanguluDi,  BVO.ad 
lunii  AVO>  quod  fcriia.  Sumatur  uuiic  harum  rationunu* 
componcntium  ca  ,  quam habet  quadratm  HR,  ad  quadra^ 
tiun»  SXi  qu^^  cft  cadcm  ci,  quam  lubct  quadratum,HViad 
cjuadratum,  VS,  quia  vcro  rcaangulum.HSK^cimi  quadra- 
to, SV. cft  xqualc  quadrato .  HV*  idco  quadrat um ,  VS  i  cft  y .i.Elem. 
cxccftiis,  quo  quadratum,  HV>  fupcrat  rcaangulum,HSR,  lo.t.cciu 
&  quia  roibngulum,  HSR,  cft  arqualc  quadrato ,  EO,  idco, 
•vt  quadratum,  HV,  ad  rcaangulum,  HSR , ita  crit  idc  qua- 
<lratum,  HV>  ad  quadratum,  EO,&  ita  crit  quadratum,VC,  4-^l]cay 
ad  quadratumi  CO,  quia  triaiigula  ,  CEO,  CH\^  funt  fimi- 
lia,  crgo,  pcr  conucrfioncm  rationis ,  qundratum  > HVi  ad 
cxccrtum  fui  fupcr  quadratum  >  EO  >  .f.  ad  quadratum ,  VS^ 
ctk  vt  quadratunif  VC>  adcxccftumfui  fupcr  quadratum, 
COi  .i.  adrcaangulu bis  fub,  COiOVicum  quadrato, OVt 
ad  rcclangulum  fcmcl  fubi  \lOi  OVi  cum  quadrnto,  OV^ 
A.  ad  integrum  rcclancuKu  BVOs  crit  crgo,vt  quadratum, 
HV>  ad  quadratum  ,  VS ,  ita  qundratum  ,  C\%  ad  rcdangu- 
lum>  BVO,  hxc  crgo  ratio,quam  ncmp^  hnbct  quadratijm, 
CV,  ad  rcclingulum  ,  BVOifumpta  vicc  cius  ,  qunm  habcr 
quadratum,  HV#  ad  quadrntum,VSf  vcl  quadratuir>  HR,  ad 
qujdratum,SX,(quxcrat  vnn  r;itionum  componcntium) 
componit  rationcm  omnium  quadratorum  trijguliiHCR, 
ad  omnia  qtiadrata  hypcrbolx,  SOX,<unul  fuinpta  cum  ca, 
quam  habct  rCLtangulum ,  BVO>  nd  rcdangulum,  AVO>  &c 
cum  cn,  quamhnbct,  CV,  ad,  VO  ;hnrum  autcm  trii  m  rn- 
tionum  compoiicntium  ca  ,  qunm'  hnbct  qtiadrntum  ,  CV, 
ad  rcuangulum,  BVO,  &  quam  habct  hoc  rcdanguluni^. , 
BVO,  ad  rcd.bngukim ,  AVO5  copoiiunt  rationcm  quadra- 
cijCV^ad  rCifbngulumiAVO,  illas  crgo  trcs  inhasduasra- 
tioncs  rcfokitas  habcmus  .f.  in  cam ,  cjunmhnbct  quadra- 
tum  ■>  CV%  ad  rcdnngulum  ,  AVO,  &:  in  cnm  ,  quam  haber^ 
CV,  ad,\'0^  porro  ifta:  dux  rationcs  componunt  rntioncin 
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patallelepipcdi  llibyCV,  &  quadratoi  GV<>->.i.  cubi>  CVyadf 
'  parallelepipcdum  llib^OVi.&refetanguloj  AVO5  .i.parallc- 
icpipcdi luby  AVd  6c c]Liadrato>. VO5  .iv  parallelepipcdi 
AO  3  &  quadrato  yOV  3  cum  cubo  5  OVr  .i.  parallclcpipedi^ 
ter  fub,  C05:.&:  quadrato^.OV,  cum  cuboy OVs  ^^rgp  omnia 
qiiadrata.tnanguli.5  HGR  jadomnia  quadtatjliypciljfola?,^ 
SOX5  eruntvt  cubusyCV)  ad  patallelepipedu  ter  fcb,  GO^^ 
&c  quadratOjOVrCum  ci:b<)>OVyqtiod  oilendcrc  bpus  crac.. 


-  THEOREM A.  ix;  PROPOS.  X, 

1  a  centro  hyperbofedu^eintra  arymptctcS^ 
emfdem  dudae  fuerintreda^lineseind^finu 
produdae ,  agantur  autem  intra  curuam  By^ 
perholicam  parallelaj  tang:cntibus-in  pnncf^ris  con^ 
curlusducffctrum  linearuirj  &  euru^  hyperbclicas' 
Rincinde  adeandem  produd^,  erunt  iftaj  bafcS* 
h ype rbol a ru nt ,  qu a r am-  diam e tr i  y. v el  a x es  e r u n c 
portioncsdui^arumaccntro  intercepias.inter  ip-' 
fcs  y  &earundcm  hyp^rbolarum  vcrticcs  :  Dico* 
autem  omnia  qvadrata  vnius  didiarum  hypeibo-' 
liarum,  regula  eiufd^em  bafi  ,  ad  omnia  quadrataL*^ 
airerius,regula  qiuoqi  huiusbafi^habere  rationcm^ 
fompofrcam  cx  ratione  re(^ianguli  fub  ccmpofita 
cx  fcxquiartera  tranfijcrfr  [atens  hyperbolce  pri- 
mo  dit^ae^&axrjvcl  diamerroeiufdem5&  fub  ccm-' 
po  fl  ra  e  X  t  r  afu  e  r  fo  la  t  e  r  c,  &  a  xi  y  v  c  l  d  ia  nre  t  r  o  h 
perboTx  fccundo  dida^^.ad  rcdangufum  fub  com- 
pofita  exfcxquialrera  tranfueifi  lareris  hyperbolg 
4€i^i^dadida2>&  axi^  vel  diam'etro^eiufdcm5&  fub 


L  I  B  E  R  V. 


^9 


compofira  cx  tranfucrfo  Uterc„&axi,ycldiame- 
«rohypcrboIxpriniodja<r;&ex  rarioncparallc- 
lcp:pedi  fub  alticndine  hyperbol^  primo  did^, 
bali  vcro  bafis  ciufdcm  quadrato  ad  parallclepi- 
pcdum  fubaltitudinc  hypcrbol^  rccund6.di(a^^ 
.bjfiq;  p^ritcr  ciu/dcm  Jbafij  quadrato. 

Sit  crgo  hypcrbolx.  ADC,  vtcunqj  hafis,  ACccntruin, 
E,pcc qaod i  itra  ciafJcmufym- 
ptotos,  EV,  EZ.  duaxfi:it,FED 
B'HEVlivtcun.]jindch  iitc  pro- 
d  Jci  u^  fit  t  anua  alccra  ca riim^ 
diameccr^aiii  cxpoCitehypcrbo- 
lx,pro  aliahypc.hora  autcm«^ 
conftitucnda  5  diicia  parjtcr  lit 
vtcunqjintra  curuam  hypcrjbo- 
licam,&dn  cjvidcm  hnicindc 
producli  ipfa,OXf  parallcla  ta- 
gcnti  curuam  hypcrbolicam  in 
p  incto,  Vjiu  quoipfam,  HI  >  fc- 
cat .  Dico  crgo  cannia  qua  Jr^- 

ta  hypcrboKr,ADCircgu!a,  AQ^^d  omnia  quadratahypcr- 
bolje,  OVXi  rcgula,  OXi  liabcr^  rationcm  compollc a  fum- 
pcis,  EF,  FM  ixqualibus  jpfi ,  ED  s  ?^oEH,:HK  ,axji:alibu$ 
.ipfi,  EW;  cx  rationc  rcc^aQguUfub-,  i\lB ,  HI ,  ad  rcdangu- 
lum  fiib,  iU,  FB;  &cx  rationc  parallclcpipcdiiub  altitudi- 
nc  hvpCiboKr,  ADCv^nc  bafi  quadrato,  AC,  ad  parallclcpi- 
pcduiTi  fub  a!titudinchypcrboLT  ,OVX,bafi  autcin  ( iun- 
£tJi  jpfa  ,0)^-5  )quadrato,OX.  Nam  cmnia  quadratii_^ 
hvp^'rhoLr,  ADC,rcgula,  AC^adomnia  quadrata  hy- 
perbolx,  OVX,  rcgula  ,  OX ,  ^  iun^is ,  AD,  DC,  OV,  VX,) 
lumTtis  mcdi)S  omnibus  quadratis  triangulorum ,  AD(  ,  TWinii. 
OVX^habciiir  rationaii  compofuam  cx  rationc  oinniiini-*  »• 

C    2  qua- 
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quadratorinn  hyperbol»  ,  ADC^  ad  omiiiaquadrata'  triiW- 

h  kwun   guli,  ADQ  .i.  cx  rationcj  MBjad^  BFy&  cx  ra tionc  onTnm 
c^uadratorumtnaaguli,  ADCjad  omuia  quadrata  triaagu^ 

C  C-.i%.  lijOVX  5 qux  cft  compofitaex  ratione  altitudinis  trianga- 

—  li,  ADC  5  vel  hyperbolse  ^  ADC  5  ad  ahitudinem  trianguli> 
OVX5  velhypcrbok.OVXj  &  cx  ratione  quadrafi^AC^axl 
quadratum  5OX  ^  &  tfandcm  eft  compofita  ex  r^kionCoiiv- 
mum  quadratorum  trianguh  y OVX?  ad  omnia  quadratr^ 

i.  bms»  frypcrboke,  OVX5  .iv..ex  ea,  qu^m  habet,  HI^  ad,  ni,  harunt 
autem  rationum  componentiuiri  iftce  dua:  .f.  quam  habcrV 
1.  MB5  ad,  BF,  HIj  adjIR,  eomponunt  rationem  rea:%jli' 
fubyMBj  HI5  ad  rcdtaagiihim  fub  5  RI5FB  3  aliaf  autcm  duct' 
rationes  comp<^ncntes  .f.c]nam  hnbet altitndo  hypcrbx>la> 
ADC5  ad  aititudincm  hyperboltryOVXj  &  qurthabcc  qua- 
dratum^  AC,  adquadratnm,  OX,  eomponunt  rationcnL-j- 
parallelepipedi  fubaltitudmehyperbolse,  ADCibafi  qu:l- 
dratOyAQadparalMenipcdumfiibalritudinchyperboIor)^ 
OVXybafi  quadratOj^OXoergo  ornnia  qUcidraCa  hypcrbol^y 
ADC>  reguhbAC^ad  omnw  quadAata  hypcrbola^jOVXDTC- 
gulayOX^habent  rationcm  compolk  am  ex  ratione  redt-ani- 
guli  fub^  MBj  HI5  ad  redangulum  fxib ,  RI 5  FB5-  &  ex  ratio^ 
ne  parallelepipedi  fub  ahltudinc  hypcrboLr  vADCjbalt 
«[iiadrato,  AC,  ad  parallclcpipedum  fub  altitudine  hypcr- 
bola^rOVXrbafi  vero'  quadrato^^OX  yquod  oftaidci^^ 
©pus  erat . 

THEOREMA       PROPaS.  XL 

1N  eaxJeni  antec.  figura,  iundra,DV,  &  a  pim-^ 
aoyX^ duda, XP, paranela ipfi,  DV,  indefi- 
nke  produ<Jla  ,  a  pundfo  auteniy  O,  ipfa^, 
OP,  parallela  ei,  quse  tangeret  hyperbola,  A  DCy 
m  pun^o ,  D  >cju«  indefini|e  (poqj  produ<aa  oc- 

currat 
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conrat  fpfi ,  XP>  in  pnndo ,  P,  fuppofitoquc ,  BD, 
effe  axim,  oftcndemus  omnfa  quadrata  hyperbo- 
lap,  ADC,ad  rc^aangula  omnia  hypcrbolse^OVX, 
firailia  redlangulo  fub,  XO>  OP,habere  rationcin 
compofitam  ex  ratione  reaanguli  fub>MB>HI,ad 
re^langulum  fub,  R I,  FB,  &  cx  ration^  parallcle- 
pipedi  fub  altitudine  hyperbola?,  ADC,&ba(i 
quadrato,  AC,  ad  paralJclepipcdum  fub  akitudi- 
nc  hyperbote,  OVX,  bafi  autcra  reaangulo  fub* 
XO,  OP. 

Nam  omnia  quaJrata  %pcrboIaf:>  ADQ  i-tgula  cadcm, 
ACjad  omuUquadrata  hypcr- 
bolx,  OVX>rcg  il3yOX>  oftciifa 
funt  habcrc  rationcni  compoli- 
tam  ex  ratiouc  rcctanguU  fub, 
MBjHI,  ad  rccbngulum  fub,lll, 
Fii5&:  pnrjrllclcpipcdi  fub  a!ti- 
fudr.ic  hypcrbjlx,  ADC,  bah 
quadn>toyAC>ad  parallelepipc- 
dmu  Uib  altitudi  le  hypcrboLr, 
OyX,  bafi  autcm  quadrato^OX; 
Jiifupcr  omnia  quadrata  hypcr- 
t)oIae,OVX>adrcdlangula  oni- 
nia  ckifdcm  hypcrbola?  fimilia 

rcvflangido,  XOP,  regula,  XO ,  funt  vt  vmim  ad  vnum ,  fci- 
Jiccc  vt  quaJratum,  XO ,  ad  rcclangulum,  XOP,  .f.  fumpta 
communialtitudincciufdcmhypcrbola:,  OVXjaltituduic,. 
Vt  parallcfcpipcdum  fub  altitudine  hypcrbolx ,  OVX  5  bafi 
qnadrato^OX^adLparallclcpipcdum  fub  ca  Jcm  altitudincf, 
bafi  autcm  rcclangulo ,  XOP5  crgo  omnia  quadrata  hypcr* 
tol«>ADC>reg4iia>AC>ad  omnia  rcvtan^uU  hyperbol», 

OVX> 
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OVX,  riiTiilicv;rcas«gi|l^XOP,  xepi\»p  pX,  criiQt  itif^or 
iic  coiup<;^ita  cx  ratiaa!?^e.(aangiUi/;i]),MBj  HU 
.gi^lumXub,  lU,  FB,^  parallekpipcdi  lub..alt^t,iidi;ie  hypcrr 
boh3,  ADC,  fub  ^uadratOoAC ,  ad  paraUcIepipcduii;!) 
altrtn.dinchyperbol2e,OVX,  bafi  quadrata^OXi&.exratio- 
ne huiusparailelepipedi  ad parallelepipedum  iubeiufdcm 
hype^b^U>  OVXyahiiudinc  ballxcUagulo,  X01^,quy  duie 
vltim^o  didx  ratioues  .<:o,n>ponut  ratioi>c  ip  pa  raljclepipedi 
fub  altitudine  hypcrbola:,  AD.C,  bari,quadiatOpAC,ad  pa- 
rallefcpipedunvAib  altitii.dinc  hypprboLT,  O^^X^bafi  rcaa- 
gulo,  XOP,  ergo  omnia  quadrata  hyptrbola-,,  AE  C,  rcgu- 
la,  AC ,  ad  omiua  rcaangula  hy perbola;^  OVX ,  rimdia  le- 
flangulo,  XOP,  rcgula,  OX,  hjbcbunt  rationcm  compofi- 
tam  ex  ca,quam  habc.t  reaanguium  rub,MB,HI,ad  redan- 
gnlum  fub,  RI,  FB,  &  ex  ea,  quam  hahct  parallciepipediuu 
fubaltitudinchypcrbolx,  ADCbafi  quad.ato,AC,adpa- 
.rallelcpipedu  fubaltitudinehyperboL-E,  OVX ,  bafi  icaai*- 
gulo,  XOP,  quod  erat  dcmonftrandmTi . 

THEOREMA       PROPOS.  XII. 

A'Sfumptisquibufcunq;byperbolis,  in  vna* 
quaq;  regula  bafi, oft.edemus  omnia  qu^- 
drata  ynius  adpmnia  quadrata  alttrius^ 
iiabere  rationem  compofitani  ex  ratione  reAagu^ 
li  fub  compofita  ex  fexquiaJtera  tranfuerfi  l.ateri^, 
&  axi,yel  diametro  hypcrbola?  primb  di<ftje,&  fub 
compofita  ex  tranfuerfo  latere, & a:xi ,  vel  drame- 
trohyperbo'ae  fccundo  did^,ad  redangalum  fub 
compofita  ex  trafucrfi  lateris  fexquialtera  ,  &  axi, 
vcl  diameirohyperbolsE  fecund^)  dijftje,  .&  fub  cq- 
pofica  ex  tranfuerfo  latcre^  &  axi,  vel  diametr« 

hy- 


fcypcrbol^  primo  di<ai,& er.  ratione  parallclepi* 
pedi  fubalritudtnchyperboi.r^prim6di(aie,  balr'^ 
autem  quadratobafis  ciurdem,  ad  paralldepipc- 

dumfubaltitudinehypcrbola^fccund6di(ft.'E,baa 
pariterquadratobaliseiufdem.  Vd  ftcoraparen- 
tur  omnia  quadrata  hypefboKx  primo  didse,  ad 
omnia  rcdangula  hypcrboIjE  fecund6didt.-c  fimi^ 
lia  cuidam  rcdlagulo,  illa  ad  hxc  hibcbunt  ratio- 
Hcm  compofitam  cx  ratione  pr^didorunv  reaan- 
gulorum ,  &  cx  ratione  paralklcpipedi  primo  di- 
ad  parailelcpipcdum  fub  ahitudtnc  hypcibo- 
Is  fecund6dic1.eb3fi  redangulo,cui-omnia  d»(Jta 
rc(f>jngula  funt  fimilia.  Vel  randcm  fi  comparcn- 
fur  omniare^^langfula  prim.-e  hyperbola:  fimilia_r 
cuidam  redangulo  ad  omnia  re(^langula  fccund« 
hyperbols  fimilia  parirer  cuidamredangulo,illi 
ad  ha?c  habtbunr  rationcm  compcfitam  cx  ratio- 
ric  parallelepipedi  fub  ahitudine  hypcrbol^  pri- 
modiclx  bafi  rc(fi:anguro,cuiomnia  ciufJcm  re- 
<fVangula  funt  fimilia,ad  parallclcpipcdumfubaf- 
titudine  fecunda?  hypcrbola8,bah  rcdl^angulojcui 
omnia  ciufttenv  rc^ii^angnla  iam  dKfta  funtfimilia, 
&^ex'ratioTie,  quacin  huius  Th^orematisfupradi- 
^Jriscafibus  inter  illaduorc(5langula  prim6  loco 
cx^jofica  fuit^ 

Smt  artiimptarqifecimqjhyperbolce,  BAD,  HMcT^ircaC 
ar^itfs ,  vel  dijmctro?  y  AC,Mi*,circ3  qtias  ruitqiioqjtriafii- 
g'ila,  BAD,  HMCV  in  bafibivs BlJ,HtiL!^f ^''^^'  ''""^- 
«firfumh  g^erbolx,  BAD>iu,CA,cuiiisl"cxqui.i'.tcra;V  \v 
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&  Utus  tranfucrfum  hyperbofe,  HMQ»  fit>  MX,  cuius  fe<. 
quialtera,  MR,  fmt  autcm  expofitxdux  vtcunque  rcas  li. 
nex,  FY,  EN.  Dico  omoia  quadcata  hypcrbolaei  BADj  rc- 
gula,BD,adom- 
nia  quadrata  hy-  "V 
perbolsjHMQire- 
gula,HQ»habcrc 
rationcm  compo- 
fitam  cx  ea ,  quam 
habet  re*aagulum 
fab,VC,XP,3dre- 

»aagulumfub,RP> 
CG,&cxea,qua 
habet  parallelepL- 

pcduro  fub  alti^i- 
<linehyperbol3e,B 
AD,&fubquadra  F 

to,BD,adparallc-  n^/^L  r  j 

lepipcdum  fub  altitudine  hyperbolce,HMQ]^afi  qua  drato,. 
HQ  i  quod  oft€demus  ad  modum  Propof.  10.  Si  vcro£om- 
pareiuur  omnia  quadrata  hyperbol^ ,  BAD      ^^"'^  r^^ 
aancnla  hy  perbol^^HMQ^fimllia  rca^ngulo  fub^HQ^FN, 
oftcdemus  iUa  adhxc  habcrc  rationem  compofitam  ex  r?- 
tioncprimo  di^a  inter  iUa  rcaangula,&  ex  ratione  paral- 
Ulcpipedi  fub  altitudine  hyperbol^E,  B  AD ,  bafi  ^"adrato, 
BD,ad  parallelepipedum  fub  altitudinehypcrbolx>,HMU, 
bafi  rcaangulo  fub,HQjENihocq;  oftendemus  luxta  mc. 
thodum  Propof.  antecedentis.  Si  tandcm  ^^^?^'^'^'^"'' 
nia  rcaaneula  hyperbol:e,BAD,fimili3  rcaagulo  fi.b,BD, 
FY,  ad  omnia  reaangula  hyperbok,  HMQ^imil.a  rcaan- 
fiulo  fub,  HQ»EN ,  oftendcmus  propofitum  de  hishoc  pa- 
do:  Namomnia reaangulahyperbok,BAD,fimiUare- 
aangulo  fub,  BD,  FY,  ad  omnia  quadrata  ciufdem ,  BAD, 
fimt  vt  reaaneulum  fub,  BD,FY,  ad  quadratum,  BD,  ,i.vs 
"  paral- 
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parallelcpipcdum  fiib  altitiidine  hypcrbola!,  BAD,  bafi  rc 
aaiigulo  lub ,  BD,  FV,  ad  parallclcpipcdum  fub  cadcm  aU 
titudiiic  bali  quadi ato,BD:  pnritcr  omnia  quadrata  hy pcr- 
bolx.  liADjadomnu  rccbngula hypcrbolar.HMQjimi- 
lia  redangulo  fub,  HQJEN,  habcnt  rationcm  compolitam 
cx  ratioiie  rcdanguli  fub,  VQ  XP,  ad  reaangulu  fub ,  RP, 
GCj  &:  parallclcpipcdi  fub  altitudmc  hypcrbolo:,  BAD,  Sc 
fub  quadrato,  BD,  ad  pjrallclcpipcdum  fub  altitudinc  hy- 
pcrbol^j HMQibafi  rcdangulo  fub, HQj^EN, crgo,cx 
quo,  omnia  rcctangula  hypcrbola-^BAD^funiUa  rcClangu- 
lo  fub,  BD,  FY,  rcgula^BD^ad  omnia  rcdangula  hypcrbo- 
Lr,  HMQ^funiha  rcc^angulo  fub,  HQ^HN,  rcguIa^HQjha- 
bcbunt  rationcmcompofitam  cxratioi^c  rcctanguh  fub, 
VC,  XP,  ad  redanguhuu  fub,  RP,GC,  &  cx  rationc  paral- 
Iclcpipedi  fub  altitudmc  hypcrboLr,  BAD,bafircclangulo 
fub>  BD,  F ad  parallclcpipcdum  fub  cadcm  altitudinc5& 
bafi  quadrato-,  BD ,  &  cx  rationc  huius  parallclcpipcdi  ad 
parallelcpipcdunifubaltitudinc  hypcrboLT>HMQ»J)afi  rc- 
^aiigulo  lub^  HQjiN ,  .i.  compofitam  cx  rationc  parallc- 
lcpipcdi  fub  altitudinc  hypcrbolx ,  ABD  ,  bafi  rccbngulo 
fubi  BD,F ad  parallclcpipcdum  fub  altitudmc  hypcrbo- 
H.'vlQiJ)ali  rcdangul  j  fub,  HQ^EN,  qua?^raiu  oftcnd. 


s 


THEORFMA  XIT.  PROPOS.  XIIT. 

Imilium  hypcrbolarum  omnia  qnadrata,  re- 
gulis  ep.rurn  bafibus ,  funz  in  tnpla  rationc-i 
axium,  veldiametrorum  earundcm* 

Sint  fimilcs  hyperbolx>BAD:,HMQ,carum  latcra  tranf- 
ucrfa,  GA,  XM,  quorum  Unt  fcxquijitcrcx:,  AV  MU,  in  di- 
rcdum  axibusvcl  diametris,AGMP,  bjfcs,&:  rcgulrfint, 
BD,  HQ;^  D«co  omnia  qundrata  hvpcrbolac,  BAD,  ad  om- 
nia  quadrata  hyperbolcc^  HMQ^ciTc  in  tripb  ratio^iccius^ 

D  quam 


Ivra  def. 
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fti'  pnmi 

COB. 

Comand. 


2^  GEoMETRIiC 

quam  habct  >  AC, 

BA,AD,HM>MQ^ 
Quoniamergohy 
perbolarfuat  limi- 
ks  balis  >BD>3d, 
CAjCrit  vt  bafis> 
HQjid,PM>fi^ 
fiuu  aiiguli  incli- 
nationis5AC>ac]> 
BD^&MP^ad^H 
Q^iater  fc  xqm- 
lesjcrgotriagula, 

BAD.HMQ^funt  ,  ^ 

fimilia,&idcaoia 

quadrata  corundcm,  regulis  ijfdem,  erunt  inter  fe  in  tripla 
ratione  latt* rum  homologorum  .i.  eius  ^  qiiam habct ,  BD, 
ad>HQ,  vcl^  AC,  ad,  MP,  quia  vero  quadratum^EC^ad  re- 
(aanguUim^  GCA>  eft  vt  hyperbol^e^  BAD^redum  latus  ad 
tranfuerfum  X  vt  rcdum  latus  ad  tranfuerfum  hyperbolT, 
H^AQ,  quia  illse  funt  fimilcs  vt  quadratu ,  HP,  ad  rea^n- 
gukimj  MPX>idc6  quadratiim,  BC>  ad  redangula ,  ACG> 
erit  vt  quadratum> HP> ad  reaangulum,  MPX5  quia  autem 
ratio>  quam  hab^t>BC>  ad,  CA,  BC>  ad,  CCcomponit 
rationcm  quadratf,  BCi  ad  rcaanguhim,  ACG>&:  itcm  ra- 
tio,  quam  habet,  HP,  ad,  PMr  &>HP^  ad,  PX^eomponit  ra- 
lioncm  quadrari>HP>  adredfangulum  5  MPX  >  harfi  autem 
ratioiium  componentiumea,  quam  habet,  BC>  acl,  CA^efl 
cadem  ci^quamhibcr, HP>ad>PM)  idco  rcliqu.T  eoponen- 
tium  crunt  eardcm  .L  BCi  ad,  CG>  crit  vt  5  UP,  ^ d ,  PX ,  ef! 
autem  cdam,  AC,  ad,  CB>coiTucrtcndo  >  vt ,  MP^ad,  PH,. 
crgo,  ex  cequali,  &  conucrtendo,  GC)  ad,  CA)  erit  vt,XP, 
ad>  PM>  &  diuidcndo>  G  A>  ad,  AC>  erir  vt>  XMi  ad,  MP,& 
aatcccdcatium  dimidia  £  VG>ad»AC>^iic  vr>RXKid>MPi^ 
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cft  Mxtcm  cadcm>VG»ad,  GA>vt  cadcm,  RX,  ad,  XM,orgo, 
VGi  ad,  GC>  crir  vt,  RXiad,  XP,  &:componcndo,  VC,  nd, 
CG,  crit  vt,  RP,  ad>  PX,  cft  autcm ,  VC> ad,  CG  i  vt  omnia 
qiudrata  hy pcrboL-e ,  BAD ,  ad  omnia  quadrata  tnnnguli, 
BADi  Sco  RPi  ad,  PX»vt  omnia  quadrata  hypcrbola^jKMQ,  i.  hiite» 
adomnia  quadrata  trianguli,  HMQ^crgo  omnia  quadrata 
bypCLbolx^  BAD»  ad  orn  lia  quadrata  triangulijBAD,  crut 
vt  omnia  quadrata  hypcrboIxjHMQj^idomnia  qundrnta 
trianguli,  HMQ,  pcrmutando,  omnia  quadrata  h  pcr- 
boU>  BAD,ad  omnia  quadrata  hypcrbolx>HMQ^rui  t  vt 
omnia  qundrata  trianguli^  BAD»  ad  omnia  qundrata  trian- 
gah>  HMQ^i.  in  tripla  rationc  cius,  quam  habct,  AC;  ad, 
MP)  quod  oltcndcrc  opus  crat. 

THEOREMA  XHL  PROPOS.  XIV. 


SI  etponatur  fetnihyperbola ,  qu^  per  axcm-ii 
vel  diametrum  incegrg  fit  abfcina^habes  pro 
bafi  dimidiam  bafis  integrx  hypcrbolje,  fiac 
autem  paraHelogrammum  fub  di<lia  bafi,&ari, 
vel  diametro,  in  angulo  ab  eifdcm  contento,fum- 
ptabafi  pro  regula:Omniaquadratadi(fliparallc- 
logrami  ad  omnia  quadrata  trilinei  cxtra  hypcr- 
bolam  conftituti,erunt  vtidem  parallelogramum 
ad  fui  reliquum  ab  eodem  dcmpta  fcmihypcrbo* 
la ,  vna  cum  excelTu ,  quo  dicfta  fcmihyperbcla  fu- 
perac  t-  didi  parallelogrammi,  cum  v.  parallclo* 
grammi  fub  ta^:jentc  hyperbolam,  &  axis,vcl  dia- 
metri  hyperbolse  ca  port?one ,  ad  quam  reliqui^ 
fit,  vt  inregra  axis,  vel  diameter  ad  ciufdcm  latus 
tranfucrfum-i# 

D    2  Sit 


9«  buius. 
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Sk  crgo  axis^  vcl  diauieter  hyperbokey 
BE,  cuiiis  dimidia,  BED  5,latu$  traafucr- 
fum,  AB,  &  ia  augulo5BED/ub,BE,ED, 
conftitiitum  parallelogrammum  5  GE5  lit 
autcm,  vtjEB,  ad,  Bx^,  ita^  EH5  adjHB^&c 
per,  H^  du^tij  HM^  parallclaipfijEDjqua? 
iumatur,  pro  rcgula  ,  ita  vt  fit  coftitutum 
parallelogrammum  fi:b,  HB  5  &  fub  >  BG, 
quas  ent  tagciis  hyperbplamaa  puiictooB,- 
Dico  igitur  omaia  quadrata^  BD5  ad  omnia  quadrata  trihV 
nei,  BGDj  elfc  vt,  BD,  ad  fuireliquum^  dempto  ab  eodcm 
fcmihypcrbola^BED^vna  cum  cxceflliyquo  ipfafuperat 
di6li  parallelogcammi,  BD,  cum  0".  BM,  Nam  omnia  qua^^ 
diata,  BD:>ad  redingula  ftibyBDt  &  femihyperboboBED,. 
funt  v.ty BD5  adipfam  5 BEDrrc^5bngiila  vero fub.5 BD,  &, 
BED5  a^quantur  recbngulis  fub^  BGD,  BED5  fimul  cunx^ 
omnibus  quadratis,  BEDiergo  omnia  quadrarajBDiad  re- 
(ftangulafub,  BGDyBED,  cunromnibus  quadratis,.  BED, 
erimr  vt;,  BD,  ad,  BED  3  funt  autem  omnia  quadrata-^  BDy 
ad  omnia  quadratir,  BED5  vt*,  AE>  ad  copolitam  ex'-^.AB^ 
&  f .  BE,  .i.  vt  tBEyad  ccDitipbfitafii^  ex  -^.  BH  i  &  HE^. 
quia  5  AE ,  BE ,  proportionalitcr  diuidiintu)-  in  puridisj  By 
Hi  a.  vt  parallelogrammum^  BD,  ad  copofitum  cx  .BMy 
&  f .  HD,  .i.  vt,  BDyad  compofitum  ex  t  .  BD5&  t.BM^ 
ergo  omnia  quadrata,  BD^ ad  reaanaula  fub^  B.GD,  BEDv 
erunt  vt,  BD5  ad  excefTum^^quo  fcmihypcrbola  fuperat  f 
BD,  cum  f .  BM5  erant  autcm  omnia  quadrata,  BD,  adre- 
itangiila  fub^BGD^rBED^vnaciim  omnib.quadratis^^ED, 
V   BD,  ad,  BED,  crgo  omnia  quadrata,  BD,ad  rcaanonla: 
bis  fub,  BGDrBEDi  vna  eum  omnibus  quadratisjBED,  c- 
runt  vt,  BD>  ad,  BED,  vna  cum  cxceiTl; ,  quo  5  BED5  fijpe- 
rat  \  .  BD,  cu  f  •  BMicrgo  pcr  conucrfioncm  rat ionis  om- 

nia  quadratayBDiad  omiiiaquadratajBGDiCruntvr^BDj 
aa.fuvreliq^um>  ab  eodem  dempta  fcmihype^rbola  ,  BED?- 

&CX- 
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&e>tcc(rii,  quo  «adcm  fupcrat  r.  BD,&  f .  BM,quodeiac 
oftcadcndunx-r. 

^  S  C  H  O  L  I  \  M . 

H^ne  Prdffofiieicn^m  gppfffMi ,  vt  &  nofjnunas  slias  wfe. 
rs0s;^u  t  (fces  rsspp^H^nt  (jUAiramtdm  byperhUd  idm 
tAm  ^jus  dr.  iffi  :6mflai  intellig^p^tur ,      i^ustUtertdmen  ali^ 
qsMster  fm  exi0$''nsfH  r^'t  fi  dlscsstus  indujhtd  tlUus  (juadra^ 
$ur4  tm  lucem  prode^* ,  ilitco  &  htc  dpfofiSd  notd  fidni ;  vel  i 
€$9suers$,  vt ftr  hic  dlujMtndc  adtnuenia  Hdiim  tlltus  qu4  iralu^ 
Td  nUis  tn^otefai ;  vnde  cmm  faef^ius  j  (fuam  rdtionem  hdheat^ 
BD ,  dJ  femthypfrhclam,  SEO,  ajprehcmdemus  ^iaiim ,  quam^ 
fdttonem  hahedni  vmnid  qua4rata,B!>,  4s4 ownia  quadrdtd  Srtlt^ 
met,  B3D :  yelcfiontrd^fiquanda  nonfikdbtmus ,  tjuam  rdttonem 
kdb^ks$$9tmnid  quJJrdtd,  BD,  ddomntd^adfdtasrtltnett  BGd\ 
ffatimrom^ertum  hahebsmuSj(juam  raiiauem  haheat,  HO^dd  ft'^ 
vsihypcrbdam,  BcD,     etus quadraiurd  nota  icddetur^  \  • 

THfe'«5nitMA  XI  V.  PROP^bS»  XV.  . 

SI  paralltfIogra(nnium,&  Iiyperbola  fuerfnt  iti 
eadem  ba(i ,  &  circa  eur>dem  axim ,  vcl  dia-' 
meerum,  regula  bafi ,  Omnia  quadrara  diOA 
parallefogrammi  ad  omnia  quadrata  figurse  com- 
pofitx  ex  hyperbola ,  &  alterutro  trilineorum  ex- 
tra  hyperbolam  conftitutorum,demptis omnibus 
quadratis  aflumpti  trilinei,erunt  vc dic^um parat^. 
klogrammum  ad  infcriptam  hyperbolam.. 

Sit  hyperbob,  CBCS  iw  bari^^CDiCirca  axim,vcl  diamc- 
truiT»,  BE,  ciiis  Intus  tranfuerUmV,  A B,  in eadcm  aiitem-^ 
l>»li^  CD>  i^:  circa  candcm  axijibvcl  diamctrumjBH^lit  pa- 
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rallclogrammum,  FD,rcguli^ 
vero,  CD,  Dico  crgo  omnii^ 

3U3drata>FD,3domma  qua- 
rata  figurae  >  GBCD  >  demptis 
omuibus  quadratis  trilinei>  BG 
P>alterutrius  cx  duobus,  BFC> 
BGD,  cflTe  vt>  FD>  ad  hypcrbo- 
Um>  CBD>  quod  patet  nam>  C 
BD>cftfigura  qualemppftulat  CVI  E  S  P  M 
Prop,  2 p  •  Lib.  3 .  cft  cnim>  BE> 

tpomjnunis  axis>vcldiametcr>  FD>parallelograii^mi>&:  hy- 
pcrbolse,  CBD^  vnde  patct  propofitujTW* 

THEOREMA  XV.  PROPOS.  XVL 

1N  cadem  anteced.Propof.figura,fi  produca- 
tur>CD,vtcnnqj  in,  M,  &  complcatur  paral- 
lclogramraum,HC,regula,CM:Omniaqua- 
drata,  FM,  demptis  omnibus  quadratis ,  GM,  ad 
pmnia  quadrata  figurae ,  HBCM ,  demptis  omni- 
bus  quadratis  figurx ,  HBDM ,  erunt  vt  >  FD,  ad 
byperbolam,  CBD, 

•  Patet  hoc  Theor,  nam ,  CBD,  cft  figura ,  qualem  poftu. 
I^tProp.  3o.Lib.  5.quia,BE,eftcommunis2xis, vcldij. 
mctcr)paraUelogrammi,FD»&  hypcrbol^,CBD,vnde  &:c, 

COROLLARIVM. 

Hlne  hthttHr  mniA  t^uadrdtd,  FD,  ddomnu  (jnad.  flgurd, 
GBCD,  dmptis  emailius  tjuddratis  trilinei,  BGD,e^e  vt 
tmoia  ^uddrata,  FM,  demptis(imml>usqtiadr4tis,GM,4domni4 
quadratafigura,  HBCM,  diptis  emmbus  ^uadratis fig,  HBDM, 
^uia  vtraj'j  /ttnt,  vt,  FD,  ad  hyperboUm,  C£0* 

THEO- 
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THEO|EMA  XVI.  PROPOS.  XVII. 

1N  eadem  Prop. 1 5. figura  fi  intclligamus du- 
djLvn  vtcunq;  axi,  vel  diametro,  BE,  paralle- 
hm,  RS,  fiat  autem,  vt  pmnia  quadrata,  FE, 
adcmniaquadratafemihyperbolae,  BCE,regula, 
CD,  .i.vt,  AE,  ad  compolitam  ex  ir.AB,&  f  .BE, 
ita  quadratum,  CE,  ad  quadratum,  EI,  &  vt,FE, 
ad  femihyperbola,  BCE,ita  efl"e  fupponatur,  CE, 
ad,  EV,  vbicunqj  cadat  pundum,  V.  Dico  omnia 
quadrata,  FS ,  ad  omnia  quadrata  figuras,  RBCS, 
regula,CD,e(re  vtquadratum,CD,ad  quadra- 
tum,  SE,  quadratum,  £1,  &  rei5^angulum  bis  fub, 
VE,  ES. 

Omnij  .n.  quadfata  figurx,  RBCS,  fccantnr  pcr,  BE,  ia 
omnia  quadrata  ,  BS,  in  omnia  quadr-ta  femihypcrbolx,  o.Com) 
BCE>  &  in  reaaagula  bis  fub,  BCE,  &  fub ,  BS ,  ad  horum  '  »♦ 
crg  )  i\  igula  comparcmus  omnia  quadr3ta,FS  j  ha.'C  igitur 
ad  aronia  quadrata,  BS,  funt  vt  quadrarum,  CS,ad  quadra- 
«um,  SE,  paritcr  om:iia  quadrata ,  FS  ,ad  omnia  quadrata» 
FE,  funt  vt  quad.atum,  SC,  ad  quadr.Ttum,  CF,,omnia  vc- 
16  quadrata,  FE,  ad  omaia  quadrata,  BCE,  funt  vt  qu.ndra- 
f  uni,  CE,  ad  quadratum,  EI,  ergo ,  cx  squaH ,  omnu  qua- 
<fe-3t.a,  FS,  ad  omnia  quadrata  ,  BCE ,  erunt  vt  quadratum, 
CS,  ad  quadratum,  EI  j  quod  ferua.  Item  omnia  quadrata, 
FS,  ad  rcdangiila  fiib,  FE,  EK,  funt  vt  quadratum ,  CS ,  ad  14.  «i 
rccbngulum,  CES,  rCw^ingula  vcro  fub,  FE,ER,adrcaan- 
gula  fiib,  BCE^ER,  funt  vt,  FE, ad,BCE,  .i.vt,CE,  ad,VE,  Co.o 
j.  fumpt:»,  ES>comnnini  .altitudinc,vt  rcdanguUim,CES, 
»d  rca.v,igulum,  VF^S,  crgo,  ex  xquo,  omnia  quadratn,FS, 
adicctongiila  fub>  BCE>  ER  >  crunt  vt  quadratum  >CS,  ai 

it- 
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TcdangiilumjVESj  ad  eadcm 
vero  bis  fumptajvt  quadratiim, 
GS,ad  redangulum  bis  fub^VE 
*'*J  Ss^J^goj^^^^^^^^^^^^^bus  fimul 
coUedtis  5  omnia  quadrata  5  FS, 
ad  omnia  quadrata,  BS^  ad  om- 
nia  quadrata,  BCE5  &  ad  rcda- 
gula  bis  fub,  BCE,  ER  ;ideft  ad 
omnia  quadrata  figura^  5  RBCS^ 
crut  vt  quadratum^CS,  ad  qua- 
dratum,  SE,  quadratum,  EI5  &:  rcaagulum  bis  fub^VF^FS; 
quamethodo  fimiliter  oftcndcmus  omnia  quadrata^FD^ad 
omnia  quadrata  figura?,  GBCD^cftc  vt  qiiadrarum^CD!)  ad 
<]uadratum5  5  quadratum  5  EIj  &  rcdangulum  bis  fub^ 
VE5  ED  $  &  fimiliter  omnia  quadrata  ,  FM  3  ad  omnia  qua- 
drata  figurar,  HBCM  5  e{fe  vt  quadratum ,  CM  ^  ad  quadra- 
tum,  ME5  quadratum^  EI,  &  redanguliUTi  bis  fubjVEjEM^ 
jquod  oftendere  opus  erat, 

THEOREMA  XVII.  PROPOS.  XVIII. 

1N  ^adem  Prop.i^.figura  oftendcrnus omnia 
quadrata  figurse,  HBCM,  dcmptisonnnibus 
guadratis  figurir,  HBDM  ^  reguJa  eadem  rc- 
teta,  ad  omnia  quadrata  figur^e,  GBCD,dempti$ 
omnibus  quadraris  trilinei,  bGD^  efle  vt  compo- 
fita  ex,  CM,  MD,  ad,  DC. 

Hoc  Theorcma  dcmoiiftrabitur  merhodo  Sc(fl.  2.  Co- 
rollarij  2^.  Prop.  34.  Lib.  3.  quod  fimihtcr  quacunqs  ligu- 
ra  cxiftentc,  CBDjdummodojBE,  lit  communis  axis  cius, 

FDj  facilc  coJhgemus. 
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IN  eadem  Prop.  1 5 .  figura  oftcndemus  omnia 
quadrata,  BCE,  regula,  CD,  ad  omnia  qua- 
drata  figurar,  GBCD,dcmptis  omnibus  qua- 
dfatis  trilinei,  BGD,  dTe  vt  quadratura,IE,ad  rc-' 
aangulum  fub,  CD,  &  dupla,  V£. 

Nd  omnia  quadrata,  BCE,  ad  omiua ^uadrati,  l-E,  fum 
vt  quadratum,  lE,  quadratum,  ECi  item  omuiaqujdra- 
ta,  FEf  ad  omnin  quadrata,  FD,  funt  vt  quadrat;uii)  EU ad 
quadratum,  CDi&  tandcm  omnia  quadrnta^FDiad  omnia 
quadrata  hgurx,  GBCDi  dcmptis  omnibiis  quadratis  trili- 
nci,  BGD,runt  vt,  FD,ad  liypcrbolam.CliD»  .i.vtjCEiad, 
EV*  vcl  vtvCO.adduphm,  VE*  vel  yt  quadrat|im,  CD»ad 
^daagulum  Uib,  CDi  &  duplj>  VE»/cj:^o  ,  cx  a-quab  ,  um- 
Oia  quadrata  fcmihypcrbolv,  BCEia^  omnu  quadrntaiL- 
giiri  j  GBCD  I  demptis  oninibus'quadr.nis  rnlinc/;  BGD, 
cnmt  vt  quadrjtinTi,  Ef,  ad  rcdangirfiim  fub>CD>3(:  dui^ti. 
VEf  qilod  er:it  demonllrandum^ , 

C  O  R  O  L  L  A  K  1  \  M, 

QFi^  vtfo omfiu  qf44dfAtA pgntn,  CBCD,  demptis  mnihtis 
cfUMdratis  trtltnet,  BGO,  4d$9nttiM  ijmddrdta  fig.  HBCM, 
demptls  ommifts  (fitddrdfts  fifmrt ,  BHMD,oftfnft.j 
fm^t  ifie.  vt,  CD,4d ,  DMC,  .u  fumpiM  commurti  sttttttdttte  dti-  ^ 
pU,  y£.yt  ftadngmUm  fmi>.  CD.dr  dm^4,  FE,  4dfefiatigttlum 
fnb,  CMD,  dr  dupU,  tdeo  ett4m»ex  .i^m^li.cmttrj  (jm4df4t4, 
BZE,  4i $mmt4  tfm4dr4t4 figmr^ ,  HBCM,  demptts  omftthmf  fjua- 
df4tisfigmf4,  BHMD,  ermmt  vt  qm4dr4tmm ,  El,  MdreclaguUm 
fmh,  CMD,  f}rdttf44,  VE. 
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msmtemfldri,  qfiofnmflmtm^UBorisinduftrp^  ex4^ 
mwanda  felinquif  ,  Jum  4d  9ifmum  proftxitatem  emrandam,^ 
tum  ttiam,  quia  hac  T heofemata  fnihks  firte  relicjuts  iucund^:^ 
erunt  ,  eum  completa  eorum  rtottti^'  in  fhfpnfitmeeiufdim^hj^ 
perhla^uadraturadeficiatift^uisr^^ 
circa  eandem  contemplari ,  methodum  tenere  poterit Lib.  2.  &^ 
^ime  profecfuutam,  mihi  vetb  poji hyperbolarum  fpeculatio^ 
nemad  oppofitas  feSliotUs^y&comugatas  j^pollonii  oppQrtune  vi^ 
detur  tfanfeundum^     ^  » J 

THEOREM  A  XIX.  PROPOS::  XX- 

1  ad  axirti  i  ver  diamerrum  vrriufqj  oppofitav 
rum  fe(5tionum^ordinarim  applicenfuf  refc 
:    linese  in  eafdern  terminarf ^jia  yr  fil)fci(r*  per 
cafdeab  axibusy.vel  diamerris  verfus  v^rricesfint 
icquales )  erunt  ifta?  applicat^e  [^arallelograroi  op- 
pofita  laterayquod  parallelogrammum  fi  coplea-- 
toir ,  regulia  applicararuiti  altera  fumpra  vomniai,' 
quadrata  paraUelbgrammi  coftirutiadteliquum,^ 
dempiis  ab  ijfdem^  omnibus  quadiratis  opp^^^ 
hyperbolarum  iam  perdicaas  ordin^atim  appllca-- 
rasconftitutarum^erunt  vrredangulum  fub  com- 
pofita  ex  tranfuerfo  latere^&axi,  veldiametroal-^ 
cenitrius  oppofitarum  Hyperbblarum5&  fuB  com^ 
pofita  ex  hocaxi>el  dkm^ 
tterisyad  redangulum  bis  fub  r.  tranruerfi 
fi^fub^comgofita  ex.ir.  eiufdem  iranfuerfi  Iateris,> 
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&  axi ,  vel  diamctro  alterutrius  oppofitarum  1i Jr- 
perbolarum>cum  f ^uadrari piufdcm  axis,  vd 
idiametrL 

Sint  oppolitx  fcdioncs,  AMQ  BNDi  <juaru  btus  tra' 
.ucrium  fiti  NMi  conimiims  axis, 
vcl  dumctcr  carunJcm,ad  quani 
hinc  indc  produdam.ordinatim 
applicctur>  BDj  ACi.in  fccHoucs 
tcrminatx^  ablcindcntc^  vcrlus 
vcrticesi  Ni  M  •  axcs ,  vcl  diame- 
,tros,PN,MEJiypcrbolaru»liND, 
AMC,(quas  paritcr  oppofitas  V 
*  voco  )  qux  Imt  intcr  fca^qualcs, 
iunganturque»  BA>  DC.  &  (it^  O, 
xctrum  oppofitarum  fcclionuin, 
BND,AMC:  C>K)niam  crgotFNi 
MEifunt  ojqualcs,  erunt  ctiam  x- 
qualcsi  BD  >  AC  >  &  lunt  xquidi- 

ftantcsi  quia  adcandcm  diamctrumi  vclnximt  FEi  funt  or- 
.dinatim  applicatx^crgo,  BA>  DC,  crunt  xquidiftantcs,&5 
BC,  parallclogrammum.  Dicorrgo  (rcgula  lumpta  nltcra 
.applicatarum^ AC,  JiD,  vt,  AC, )  omnia  qundrata,  BC,  ad 
jcliquum  eorundcm  demptis  omnibus  quadratis  oppofita- 
rum  hypcrbolawm,  BND,  AMCcne^t  rca:inoulu,NllO, 
.ad  reclangirfiim^NOE, bis,  cum  t .  quadrat i,EM.  Ducatur 
pcr,  M^O^pun^^a  parallcljf^  AC>ipfx,  VS/TK,  igitur-jTO., 
tanget  fectioDcm)AMC,&:  fum  parnllclog-amma^TC^VC, 
VD :  Omnia  crgo  quadrata  parallclogrammi ,  VC,  ad  om- 
nia  qundrata  hvpcrboLr ,  AMC ,  habcnt  rntKmcm  compo- 
fitam  cx  ca>  quam  habcnt  omnia  quadrata  ,  VC ,  nd  omnia 
qnadrata/rC,  .i.  cx  rationc, OE,-ad,  EM,  &  cx r atioi^^^ 
.ommum  qundratorum,  TC,  ad  cmma  quadratahypcrbo-. 
Ix,  AMC,idcilcx  ca,  quamhabct^NE^adcc  nipcritanvcx, 

E    z  a3M, 
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OM,  &  Tiv  ME»  tftx  duae  rati&nes 
autcm  S.  quam  Jiabct,  OEf,  ad>  E 
M,  &,  NE,  ad  compofitain  ex,  O 
M,  &  T.  ME,  componunt  ratio- 
nem  redangulifubvNE,  EO ,  ad 
redagulum  fub,  EM,&  lub  com- 
pofua.  cx ,  OM  5  &  T .  ME ,  ergo 
omnia  qttadrata^,  VC ,  ad  omnia 
quadj-d^a  hypcrbol*,' AMC,funt 
vt  rcaailgulijm,NEO,ad  rcdan- 
gulum  fub,  EM,&  ftb  t^jmpoiita 
cx,OM,&:  f  .ME,quodeftsqi,a- 
Ic  rcaanguiis  fub,OM,  Sc,  ME,& 
fub  f.  ME,  &  fub,  M!Ep..i.  reiaangulo , OME,  cum  f ,  qua^ 
dr.iti,  MEj  quia-y^foT^-aangiilum  ,  NEO,aequatur  redan^ 
gulo,  NOE,  cum  Jiu:i]drato,OE,quadratu  ver6,OE,  ^qua- 
tur  quadratis,  EM,Mb,cum  rcdangulis  bis  fub,EMO,ided 
li  ab  hjs  dcn\pfcris1"qwcl  reaangulum,  EMO,rcmanebir  dc 
quadrato,.OB,  rcctangulum,  EMO,  cfi  quadr.uis,EM,MOv 
rurfus  fi  dempfcris  r.  quadrati,EM,a  quadrato,EM,rcma- 
ncbunt  T.  quadratj,  EM,  reaanguhim,EMO,cum.quadra.. 
to,MO,  rectanguln  vero,  EMO,  cum  qnadr^to,OM,  arqua^ 
uir  reaangulo,-EOM,ve],EON>quodeolledum  iimul  cum 
V  .  quadrati,  EM,  cft  rcfiduum ,  quod  rcmanct  dcrr-.ao  rc 

aangulo,  EMOi  cum  f .  quadr3ti,EM,  a  quadfato,EO,cr- 
go  dctraao  redangulo,  EMO,  cum  f  .quadrati,FM,a  qua- 
drato,  EO,  lunao  redangulo,EON,..i.  a  rcc'tanPulo,NEO 

ergooftenfum  eft  omnia  quadrata  ,  VC, ad  omn:-,  qu.d 
ta  hyperbol.,.AMC,  effc  ^  treaan.ulum,  NFoXdtn" 
guIum,OME,cum  f .  quadrati,ME,.dc;,.p^  1'^^^^^ 
ncm  rat,oms,  omma  quadrata,  VC,  ad  rcli;^  J  "rtipHs" 
nb  ijfdem  ommbus  quadratis  hvperbol-.  ,AMC  ertm?  v 
x-^-.ngulum,  NEO,  adrectangulun.  bis  fJb^Noic^^^ 
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dfpns  ommbus  quadratis  hypcrbula-,  BND,  ( lumpfirme 
d.js  omnabus  qundrat.s,  BP,  'e.rc  vt  rcaang;.  um,K  d 
redangulum  bis  fub,  MOF,  cum  f .  quadran,  FN  .,.  vt  rc^ 
-aangulun, ,  NHO ,  ad  rcdangulum  b,s  lub ,  NOE,  cum  f . 
quadrati  EM,  namMI,clUqMalis,NF,&;  .dc6  ct,am,EN, 
a:quaLs,  MF,  EO,  panrcr  cl\  a-qualis  ipfi,  OF.  I  anduu 
vt  vnumad ynum,  ita  omnw  adomnia.i.vt  omnia  quadn- 
ta,  BS,  ad  rdiquum,  dcmptis  ommbus  quadratis  hvpcrb.;- 
Ix,  BND,  ...^vt  rea,nguU.m ,  MI  O ,  ad  rcdanguln  b.s  fub, 
MOl-,  cum  T.  quadrati,  FN,ira  omnia  quadrata,BC\ad  rc- 
iiqiu.m,  dcmptis  ab  cddcm  omnibus  qur.dranshyperbola- 

"'"^'^'^^'  ^^"^^'  ^  '  rcctLuU,,.,, 

MFO,  ad  rcc^ngulum  b.s  fub,  MOF,  cum  -f  .quadr.?t,,FN, 
ua  rcdanguU.m,  NEO,  ad  rcaanguU.m  b.s  fub,  N()E,cun, 
.-.  quadrat. ,  EM,  crgo  omnia  qiia  Ji ata  ,  BC ,  ad  rc  l,q„un. 
flcmptisab  jjkiem  onrnibus  quadratis  opp«.(ltari,m  h  vpcr- 
bolarum,  AMC,  BND.  crunt  vt  rcdanuuhim  fub>NE(  )ml 
rcaangulum  b.s  fub,  NOE,  cum  ^  .  quadrati,  Mb  quod  o 
llci1c'i  'c  .  >(nis  crat. 


S 


THEORtMA  XX.  PROPOS.  XXI. 

I,,  veluti  inanteced.  fitparallelogrammiirn- 
^  habens  oppofita  latera  ,  qiia:  fint  ad  diamc- 
trum  trafuerfam  oppofitarum  fijaionum  or- 
dinatim  applicata,  qu^q;  oppofitarum  hypcrbo- 
larum  fint  bafes,  infupcr  dcfcribantur  caru  iCyn:- 
ptoti,  &  regula  fit  larus  tranfijcrfiim,  coftituti  pa- 
raHelogrammiomniaquadrata  adomni^quadra- 
ta  figura?,q.u»  cotinctur  lareribus  p^.raliciogranv 
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«ni  iam  diaiy  lateri  tranfuerfo  parallelis>&  portiV 
nibusoppoficaruai  fe(3:ionum  inter  eadem  Jatera 
.comprehenfis^  erunt  vt  guadratum  vniufcuiufuis 
jaterum  di^ai  parallejogrammi  Jateri  tranfuerfo 
.jequidHhntiu  ad.guadratw  Jateris  tranfuerfi,  vna 
cu  r.quadrati  portionisdidilateris  eiufde  paral- 
lelogrammi^quseinter  afymprotos  inclufa  xiianet. 

Sint  pppofitx  fedioiiesyFAD^EVGquarumiatus  tranr- 
uerfumj  A\',  ccntrum, 

0  5  per  quod  tranfcant 
earuafymptoti,  YOH, 
NOSi.fit  autcm,  veluti 
inantcced.  Prop./:on- 
ftitutu  parallelogramr 
mum,  FOcuius  cppo- 
ftta  latera,  FDVEC)  fmt 
ad  axim,  vel  diamctr  u, 
A  Vi  in  eadem  produ- 
dam,  ordinatim  appli- 
cata  5  erunt  jDCjFE, 
ipli  5  AV,  aequidiftates, 
fint  earu  portionesin- 
ter  afymptotos  coclu- 

5  HS ,  N Yi  rcorula  fit, 
AV.  D;co  crgo  omnia 

quadrata;,  FC,  ad  omnia  quadrata  figura?,FADCVE  ,  ideft 
figiiras  concluf^  intcr  latera,  FE,  DC,  &.appontaru  kStio 
nfi  portioncs  inter  cadcm  manentes,  qua:  funt,FAD,EVC> 
crtc  vt  quadratiyn,  DC,  vcl ,  FE ,  ad  quadratum ,  AV,  cum 

1  .  quadrati  ,HS>vel,NY.  Pcrpun£la  crga,0,  V.Jucaiv- 
tur,  XLiVBk  ad  ipfam,  AV>  ordinatim  applicat.T,  erir  igituf^ 
XL,  fccunda  diamctcr,  &c,VP,  tangct  fcaiong^  EVC  Qup- 

iiiani 
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fliamergo  reaanguUim,  HCS,«quatiir  quadraro,OV',idcft 
quadrato,  LP.  rcctangulum  vcro,  HGS,  a:quatur  reaangu- 
lo,  LSC,  bis  vna  cum  quadrato,  idco  rcaangulfiyLSC, 
bis  vna  cum  quadratxt,  SC ,  erit  xquaie  quadi ato ,  LP s  co- 
dem  pa^o  li  imcliigamus  ipfi,  LO  xquidiftuucm  itt^untijr 
dudam  iiura  parallclogrammum , OP, \  fq;  nd  (cthonem, 
VC,produaam,oftcndcmus  rcdaagalum  bis  ftib  eius  pcyr- 
tionibus  intcrrOL,  OS,  &  intcr,  Obi&  fcaioncmjVCcon- 
clulis,  vna  cum  quadrato  cius,  qua?  intcr^OSjSl  fcdioncm, 
VCfclaudituryajquan  quadrato  cius^qiu-e  Inanct  intcr.OLi 
VP»  &:  lic  dc  rcliquis  colinuiiccr  rumptis,  vndc  patcbit  tait4^ 
dcnrrcaangiila  fub  triangulo  vLOS  ,AMigura'i  O 
ftim^a,  vna  ciuu  omnibus  guadratis  figurajyOVCS,  a?qua- 
ri  omni^us  tfuadratis,  OlVrcguIa,  AV,  iam  fili^pofif .i.quia 
ergo  om  lia  quadrata,  CO,  ad  omnia  quadrat:i,OP>funt  vt 
quadratum,  ZO,  ad  quadratum  ,  0\%  idcopantcr  omnii_^ 
quadrata,  OC,  rd  rcctangivla  fubtriangulo,LOS,&  figura,- 
OVCS,  bis,  vna  cu  omnibn^  qnadratis  hgurrr^OVCS^crunt 
vt  quadratum,  ZO^  ad  qundraf  um^OVs  quod  rorua.. 

IiiAipcromnia  quadrata^CO^adomnm  qu-^cWata  paral- 

lclogrammi,  SO5  fi  complerctur,  clTcnrvt  quadratum,  CL, 
atl  quadratum,  LS,  funt  atitcm  omnia  quadratn  trian^uli;^ 
OLS^  T  .  omnium  quadratorlim  par.illeloarammi ,  SO ,  ep^ 
gro  omniA  qifadrata,  CO^ad  omnia.quadiata  trKig-,,lf,LO!^^> 
cruntvtquidracumyCL^ad  T.-qu:ldrati  ,'L5  ;&  qubniam^ 
oftcnfum  cft  omnia  q«»adrnrj  , GO,  ad  r^fVangula  bis  fub^ 
rna  v  '  LOS5  &  figiira  -,OVCS  yvna  ciml  oir.niBus  qira- 
d-ari^  ryOVCS,clTcvtquadrntum,XO,vcl,CL5ad 
qiiadr3t\im,  OV5  idc^  omnia  quadrata  ,  CO,  ad  rcaandula^ 
Bis  fub  triangiilo,  tOS,  5.  fiiMira^Ovr^^.vvia  cumrjiiv.^rib^ 
qiiadratis  tlim  fignra?,  OVC- ,  tntntVianguli ,  OLS ,  .i.  bm- 
niaquadrata>0>,::lomnia  quadrata  figurar,OLCV,crunt 
vf^/.irrjraium ,  CL ,  ad  qliadratum ,  OV ,  vna  cum  7- .  qua- 
(k^UyLSrSc  antcccdcntium  dupla  .f.oitinia  qitadrara,N;Cy 
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afl  omiiia  qiudrata  fi-,  ,,;)^ 

gar9,EVCLX>erunt-vi; 

quadratri,  CL,adqiia- 

dratum,()V,cu  T.qua- 

drati,LS,&adhucifto- 
9. 1.  *;     nun  quadrupla .{,  oin- 

nia  quadr3ta,FC,ad 

oinnia  quadrata  figu- 

r.e,FADCVE,cruiitvc 

quadratfi ,  CL,  ad  qua- 

dratum ,  OV,  yna  cum 

ir.quadrati,  LS,  vel  vt 

iftorum  quadrupla,fci- 

licet,  vt  quadratum,  C 

D,  ad  quadratum,  AVj 

yna  cumr.  quadrati, 

HS,  vel,  NY,quod  oftcndere  opus  erat . 

^liter/itprddiliamrstienemexplicMre.  < 
Dico  omnia  quadrata     C  j  ad  onuiia  quadrata  fic^urje, 

FADCVE,  cfTe  vt  quadratum,  RZ,  compolitx  cx  traafucr- 

fo  latcre,  Av,  &  axibus,  vcl  diamctris  oppofitarnm  hyper- 

bolarum,  FAD,  EVC,  ad  quadratum,AV,  vna  cum  redan- 

gulo  fub,AZ,&:  fcxquitcrtia,  ZV.  Nam  oftcnfum  cft  eadcm 

efle,  vt  quadratum,  CL,  vel,  ZO,  ad  quadratum ,  OV,  cum 

, .  quadrati,  LS,  &quoniam  reaanguIum,CSD,cum  qua- 
y.SecEfe.  drato, SL,  eft a^qualc  quadrato,  CL,  vcl,  ZO,  reaaneuluin 
2Ik.-,u,  ^^"^'^  qnadrato,  OV,  ideo  quadratu,LS, 

ex  1 1.  fee.  rehquo  quadrati ,  ZO ,  dcmpto  quadrato ,  OV 

'^"i^^"^'^J^^^^';g^;]«^      '  OVZ ,  b.s,  vna  cum  quadra- 
con.  VZ,  .1.  reaingulo  fiib,  AVZ,  fcmcl  cum  quadrato  VZ* 

.f.  rectangulo  fub,  AZV,  5:  idco  T.quadrat,,LS,crit  Jqua* 

A7'  '/'f o  ^"i".^^'  ''^S--I^^rcaagulofub, 

, .  ZV,  &  ideo  omnia  quadrata, FC,  ad  omnia  a 
dr.ta  figur..,  FADCVE ,  erunt  vc  quadratum,  ZO,"  d  qC 

dra- 
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dratum.  OV,  cum  rcdangulo  lub  y  M,  &  t  .  IVy  a.  hr)- 
runi  quadrupLi,  nempcjn  quaclratum:>  RZ,  ad  qLadratum^ 
AV,  cum  rcaan^ulo  fub,  AZ,  &  ^ .  ZV,  .i.  Tub,  AZ>  &  fcx- 
quitcrtia,  ZV>  qux  ratio  fic  propoaicbatur  cxplicaada,quf- 
<1UC5  vt  libct,  rctiucripotcrit. 

COROLLARIVM. 

Hfnc^Mtet  if^dJrMf^m  dimiJidti$is  ^  ^^^ldtcfitYdnfntff^ 
opfofttMTitm  f^niomum  a^tJtfftinter  dttcftur ,  fithendu 
t  ur^i  M  ngmU.qfit  deinc(j>s  efi  MrguU,  fmh  afymptotts  lomprehenfi^ 
feltones  continenti»  dq'44le  efie  re&dngklo  fmb  compcfitd cx  lase* 
re  tfdnfmerfo.^  dxi^  vtl  dtmmetro  altefutnms conflitmtArym  hj^ 
ft  rhlarmm  per  srdinaiim  apf  ltcatas  a  pmnCits,  qmoimj  dtffa  fmb^ 
tenfa  tnctdtt^pro  iuifa ,  tpfts  oppofitis  fe3tor>ikms .  fub  eodtm^ 
axhveldiAmetro^^mod pates,  vetmtt  oflemfmm  eft  qmadratmm^Sl^ 
Mjmdri  reilamgmlo,  AZr. 

THEOREMA  XXL  PROPOS.  XXIL 

Sl  pcr  vcrtices  oppoficarum  fc^aionum  xtOtr, 
linc^  ordinatim  ad  corum  axim ,  vcl  diamc- 
trum  applicencur  vfquc ad  afymptotos  pro- 
<3uc!ia?j  quarum  cxtrema  adeafdem  parcesfumpta 
iungantur  recfiis  lincis,  iungentcfq;  vfq;  ad  oppo- 
fitas  fe<Iliones  producantur,  crunt  ifta?  parallelo- 
grammi  oppofica  laccra ,  quod  parallelogramum 
complcacurjTcgula  exiftcncelacerecranfuerfo: 
Omniaquadraca  confticuci  parallelogrami  crunt 
fexquialcera  omnium  quadracorum  figurar  com- 
prchenfa?  fub  laceribus  A\(!t\  parallelogrammi  la- 
leri  cranfuerfo3equidiftacibus,&fub  oppoficarum 
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cdiionum  portionibus  inter  eadcm  latera  cocla- 
fis:  Omnia  verb  quadrata  diax  figur*  erunt qua- 
drupla  omnium  quadratorum  triangulorum ,  qui 
fub  afymptotis ,  &  ijfdem  inclufis  portionibus  Ja- 
terum  paralIelogrammi>tranfuerfo  lateri  a^quidi-' 
ftantium  continentur» 

Sint  oppofitse  fcdiones^  FAD^  EVQ  quarum  latus  ct a/? 
uerfum  fitj  AV^ceiiU-umjOyafymptoti  iii-  . 
dcfinite  praductiyNP>l I per  piuicia  au- 
tem,  AVyfi'^t  dudbeorduiatuu,  NHj  YP^ 
prodii(£ia^  vfq >  ^d  afymptotos  ^  in  punclib> 
H,  P5  ipfis  incidentcs^quas  fecliones 
tangent ,  deinde  iundiSj  NY,  HP5  prodii- 
caiuur  ipfx  iiMgeates  vfqs  ad  fedioncs  il- 
lis  in  pundiSjFjEjCjDjOccurrentcsj  iur^- 
ganturquc ,  FD5  EC  y&c  per  >  Oyad  ipfamj 

^^^ecoti,  AVi  ordmatim  applicetur,  XL  5  incidcnsj^ 

FE5  in,  Xj&^DC^  uij  L,  qiixcrit  fccundadiameterj&pro- 
diiGatur^  AVa  indcfinitc  incidens  ipfis,  FD?  ECVi"^  pundis^ 
R5.Z5  erit  crgo,  FC,  parallelogrnmmum  5  nam  rcdagulumy 

Coa"""'  ^^^"^^  .i.  reaangulumb  ENF^eft  cxquale  quadrato^ACidcfl 
reaangulo  5  CHD  5  itcm  qundratum ,  NX ,  eft  a?qual'e  qua- 
drato,  HLj  &  ideo  rcrtangulum,  ENF,  cum  quadratcNXy 

5  Sec  Ele.  -i-  quadratum,  XF>  erit  aequale  rcclangulo ,  CHD,  cu  qua- 
drato,  LH^.i.-quadral05  LD,  &  idco  y  XF,  erit  a^qualis  ipfi, 
LD,  &  eiiis  dupla  PE ^r.qualis  dupla?,  CD,  &:  cidem  paraU 
lela  5  vnde, FD,  cnt, EC  5 parallcla  5  & amb;^  ordinatim  ad 
axim^  vel  diametrum,  Ri,  ordinatim  applicafX5&:  ideo  in^ 
RjZ^  bifariam  feda?,  FC,  erit  paranelogrammumjfit  re- 
gula  laxas  tranfuerfum  5  AV.  Dico  nunc  omnia  quadrata 
parallclogrammi^FCjcflc  fexquialt<;ra  omnium  quadtato- 
rum  fi^urir,  FADCVE3&  Ihc  cflb  quadrupla  omnium  qua- 

dra*- 


L  1  B  R  R    V.  4^ 

dratorumuinngHlorurn,KOY,HOP>nain(Mnirta  qundra- 
ta,FQndomnia  quadrata  Hg^i^^^jFADCVHioftenfa  funt  n.iiuJiic. 
effc,  vt  quadratuni,  DC,  ad  quadratuni,  AV,  cuni  ~.  qv.a- 
drati,HP,cllautcm  quadratumjHl^aqualcquadiatOjAVi 
ic  ideo  funt ,  vt  ^^uadratum ,  DC^  ;ul  quadratmn,  HP,  cum 
T.  quadrati,  HP,  vcl  vt  quadratum,  RZ,  ad  quadratu,  AV> 
cum  • :  quadrati,  AV.  Producantur  nunc  afymptoti,NPf 
H V,  vcrfus,  EQ  cui  productx  incidant  in  S,  1 ,  cft  crgo  rc- 
dangulum,  SEU  .tqualc  quadrato,  \  V,  .i.  quadrato,  EZ,&  1 1.  sectto. 
idco  rcclangulum,  SEUcum  quadrato,  EZ^duplucltqua- 
drati,EZ,  vclquadrati,  YV,eftautem  rcclangulu,SEI,cum 
quadrato,  EZ,  xqualc  quadrato,SZi  &:  idco  quadratu,SZ, 
dupkmi  cft  quadrati,  YV-,  cft  aiitcip,  vt  quadratuni,  SZ,  .id 
quadratum  ,  YV^  ita  quadratum ,  ZO  >  ad  quadratum^OV^ 
Crgo  quadratum, ZO,  crit  duplum  quadrari,0\  ^vcl  corum 
qitadnipla  quadratum,  ZR,  dupliuB  quadrati ,  AV  h  quia 
ycro  diclum  cft  omnia  quadrata,l-C,  adcMiimn  quadrat^^^ 
figurcT,  FADCVE,  clTc  vt  quadratum ,  RZ ,  ad  quadratum, 
AV,  cum  T .  quadrati,  AV,  .i.\t  quadratuni,RZ^ad  t-  qua- 
drati,  \\\  Sc  cft  quadi'atum,RZ,  duplu  qiudrati,AV^  idc6 
qu3dratiim,KZ,  crit  t-  q^^^drati,  A\',  crgo  quadraiu,  RZf 
ad  quadratum,  AV,  cum  t«  quadrati,  AN'^,  cnt  \t  ^ .  ad  j . 
.i.  vt  6.  ad  4.  .i.  in  ratione  fcxquialtcra  9  crgo  omnia  qua- 
drata,  FC,  ad  omnia  quadrata  figurar,  FADCVE ,  crunt  in 
cationc  fcxqiiialter.L^ . 

Igitur  conucrtcndo  omnia  quadrata  fignrr, FADCVF, 
ad  omnia  quadrata  ,  FC,  crunt  in  rationc  fubfcxquialtcra, 
.i.  vt  4.  ad  (5.  funt  autcm  omnia  quadrata,FC,ad  omniiL^* 
quadrata>  NP,vt  quadrntum,ZRv^d  quadratum,  A\\  idcft 
dupla  .i.vt  6.ad  3.  &:  omnia  qnadrata,NP,funt  tripla  om- 
nium  quadratorum  triangulorum , NYO^  OHP,  .i.  funt  ad 
illa^vt  3.ad  i.crgo,cx aequali,omnia quad  ata figurx^FA 
DCVE,  ad  omnia  quad.  triangulorum,  NYO,  OHP,  crunt 
vt  4.  ad  I. .!.  corum  quadrupb, qux  crant  oftcndcnda. 

F    i  CO- 
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,   C  O  R  O  L  L  A  R  I  V  M  I. 

VonUm  vtro  In  Frtpof.  anfee.  ojlenfum  efl,  4e  in  elus  fig0. 
omnit  (juadrata,  FC,  ad  omma  qitadrata figura  ,■  Fd 
DC VE,  t^e  vt  quadratum  DC,  ad  quadratum ,  AV, 
^um  T .  quadrati,  ffStdr  quia  emma  quadrata,  ZL,  ad  omniii^ 
quadrata  trianguti,0&L,vet  eorum  quadrupla.fomniaquadra" 
ta,  RCrad cmnia  quadrata  trianguli,SOH,ontnfa funt  efst,  vt 
.  ftadraium.CL,  ad T.ffuadrati,  LS,velvt quadrafum,CD,  ai 
y '  ftadrafi ,HS,  (jr/ic  eorum dupla  .f  vt  quiidratum ,  LC,ad 
T.  quadrati,  SH ,  tfa  omnia  quadrata,  FC,  ad  omnia  epiadrartL^ 
trrangulorum,  NOT,  HOS,  erant  auiem  omnia  (fuadrata,FC,ad 
«mnia  cjfuadrata  fgura,  FADCVE,  vi  quadratum,  DC,  adqua- 
dratum,  AV ,  cum  \ ,  qvadrati,  HS,  ergeomnia  quadrata,  FC^ 
ad reliqmm  edemptisemntbus  quadrafts  triangukrum  ,  NOT,, 
HOSrah  mmbits  quadratis  figura,  FADCVE,eruntvt  quadrif. 
tum,  DCad  quadratum,  AV ;  &  ideo  in  prafentt  Profof  emms 
ftiadrata:  FC ,  ad omniaquadrata  figura.  Fad.  CVt,.  denptis' 
ao  ffiem  omnibus  qnadratts  tnanguhrum ,  NOTr,  HOP,  eiunt: 
vt^jtadratum,  RZ,. ad  q,u4dratttm„  AF,..i,duf>la.. 

€  O  R  o  L  L  A  R  r  V  M  II. 

Ex  prxcedenti  dedu(aiia-L_- . 

J>  Afefetiam  nospofSe  inuentrrperaUelogrammum  circumfcrt. 
A    ptum  fcatombus  eppofitis,velutt,  FC,tdeli  tta  qmd  eius  ^uiy 

W'''il*'frafintbafesoppofitarumhyperbdart^m^ret,in.aduiP 

t^^mtranf«erfoparaUfU.<juodfumattnpyo  r.gula„ta  tJ^am,, 
2''^«^;j;^r.tad,fr^^^^ 

f^ura  dtats  laterthus ,  qt,t  tranfuerfo  latert  ac/.idtflaL  .  &  d 

9f^''»fi^'o>>l*^»oppefitarun.inctuftsportm.l.ineompr 
'^^y^^^omnihuscjuadrattssri.ngub^^^^^  . 
'f^'H'spornon.busUterump.raM^^^^ 
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miM4^0MU4fir:  Sil^f;.u,4Prop»f.ti.d4t4rat,9m4iotis», 
Tv  c'  ^'^-  ""^'  ^^'  &l''PPo**tur  duUafmr, 

fCFE,  ^qn,d,fi4n,cm  Uttn  tr.nfutrfo ,  AV,  ,t*U  qu4urm  m, 
^E,  4dqu4dr4tum,  Af^.ft  vt,  R'B,  4d,  CM,  ^  ccrflruaa  fu,f 
'L  iT"':  w/*/  ihfaiium  rft,p4,ct  ,g„ur,qu,4  omn,4  quadra- 
n,  FC, 4d$mu,a qu4dra,4fgHr4,  FADCFE.funt x,  ^uadra. 
f>"».  FE,  4dqu4dr4,um,  AV,  exCorvlLantccdim^^stameoalf 
•mnibuTquairatts  difia  fgura,  cmmtus  quadratts  triagutotum, 
KOr.  HOS,  qMod ,deo  ad  t4dcm  trHt.t  ,n  rat  onc  dat4 ./.  tn  ta^^ 
f-tm  haiet.  KB.  ad.  GM, 

.•i^itoREMA  XXII.  pRopos.  xxni. 

SI  duo  parallclogramma  vccunq^Monibufc 
oppofitis  circumfcripta  fucrint  modo  folito„ 
habentia  .f.  duo  oppollta  latcra,quac  fmt  op- 
pofTtarum  hypcrbolarum  bafes,  &  rciiqua  duo  la- 
reri  tranfucrfo  iquidirtatia ,  rcgula  vna  diaarum 
bafiumi  Omnia  quadrata  vnius  parjllclogrammi, 
rfcmptis  omnibus  quadratis  oppofitarum  hypcr- 
bolarum  communcs  cum  co  bafcs  habcntium,  ad 
oronia  quadrata  altcrius  parallelogrammi ,  dem- 
pcisomnibusqiiadratis  oppofitarum  hypcrbola- 
rum  commuficscum  co  bafts  habcntiumjcrunt  vt 
paralklcpipedum  fub  altitudine  axi ,  vcl  diame- 
tro  vnius  hy^crbolarum  ,  cuius  ell-  commnnis  ba- 
fiscum  parallclogram^Do  prim6  d:(flo,bafi  rccil^an- 
gulo  fub  dimrdta  rranfuerfi  lateris ,  &:  fub  compo- 
fita  cvcadcm  Jimidia ,  &  axi ,.  vcl  di^amctro  didxs 
hyperbolae,  vna  cum  .'  .quadrati  ciufJem  axiSjVell 
dwtnctrj,ad  parallelepipcdum  fubaliitudinc  a»f, 
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vei  diametro  hyperbola: ,  cuius  eft  cominunis  ba- 
fis cum parallelogrammo  Tecundo  didlo,  bafi  rc- 
dagulo  fub  dimidia  tranfuerfi  lateris,  &  fub  cora- 
pofita  ex  eadem  dimidia,  &  axi,  vel  diametro  hy- 
perbol?  poftremo  di<aae,vna  cum  r.quadrati  eiuf- 
dem  axis,  vel  diametri . 

Sint  oppofitis  fe(aionibus,FAD,EVC,quoru  latus  tranf- 

iicrfum,  AV-)  ccntrum,0,  circum- 

fcripta  parallelogianij  vtcunqiic, 

FCjTN,  quorum  duo  oppofita  la- 

tera  lint  bafcs  oppolitarfi  hyper- 

bolarura,  FD,  EC,  ncmp^  hypcr- 

bolarum,  FAD,EVQ&,TY,  MN, 

hypcrbolarum,TAY,MVN,  nem- 

pe  iiiit  ad  axim,  vcl  diaraetriim__» 

tranfuerfam,AV,ordinatim  appli- 

cata ,  &:fchqua  latera  ad  fecuiidu 

a-xim,  vcl  diamctrum,qua?  fit,  XL, 

parker  ordinatim  applicata  ,  re- 
gula  autenj  viiadi(5tarumbafium, 

vt,  EC.  Dico  ergo  omnia  quadra- 

ta,FQdemptis  omiiibus  quadratis  oppofitarumhyperbo- 

larum,  FAD,  EVC,  ad  omnia  quadrata,  TN,  demptis  om- 

mbus  quadratis  oppofitarum  hyperboIarum,TAY,  MVN, 
effe  yt  parallclcpipedum  fub  altitudine,  ZV,baf.  rcdanau. 
lo,VOZ,cum  r.quadrati,ZV,  ad  parallelcpipcdum  fub  al- 
t;tudmc,  SV,  bafi  rccaangulo ,  VOS ,  cum  qua drati,  SV: 
0;iy,i,a  .n.  quadrata ,  FC,  dcmptxs  oranibus  quadratis  op. 
po  .tarum  hypcrboIarum,FAD,EVQ  ad  omnia  quadrata, 

TA^' MUM  t  u^"'^"'''  ^PP^'^^^"»'"  hypcrbola- 
rum, TAY, MVN, liabent  rat.oncm  compofitatr.  ex  e^., 
nuam  habeut  omnia  quadrata, FQdemptis  omnibus  q«a! 

^  dratis 
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Aaiis  oppofuarum  hypcibolariim.FAD,  EVQad  omm^ 
<juadrat.i,  FQ  &:  ex  rationc  horu  ad  omnia  ciuadi ai;i>  TN, 
&  cx  rntionc  il\orum  ad  omma  corundcm  quadrata»  dcm- 
ptis  omnibus  quadratis  oppo^itarum  hy  pcrbolarum;i  AY, 
MVN^  vcrum  omnb  quadi ata,  FC,dcmptis  omnibus  qua^ 
dratis  oppolitarum  hypcibolarum  ,FAl),  HVQ  ad  omnia 
quadrata,  FQlunt  vt  rcdanguhim,  AOZ.bis,  cum  7  .qua-  ^^'^^^ 
drati ,  ZV,  ad  rcdanguhim  ,  .^ZO  :  Omnia  itcm  quadrat 
FC>ad  omnia  qnadratjjTNj  habet  rationcnvccimpolitam  Dcfi»'»^ 
cx  raiionc,  FE5  ad, TM^  vcl^  EX,  ad^  MH^  fiuc,  ZO,  ad,OS, 
&  cx  ratione  quadrati^  EC^  ad  qiiadratUjMN, liuc  rcaaii- 
guh,  A7A%  ad  rcdangulunv,  ASV:  Tandcm  omnia  quadra- 
ta,TN>a4  cadcm  dcmptis  omnibus  quadratis  oj^polit^rum 
hypcrbolarum,  TAV^  MVN,  funt  vt  rcdanguhun^ASO^ad  ^**'***" 
r€wtangulumv^0S>biS5Cum  -f  ^quadrati^.SV^h.ibcmus  cr- 
go  has  quaruor  rationcs  pnmodictam  rationcmcoponcn- 
tcs  .f.  iati4)ncm  rcclanguh^AOZjbis,  cum  ^  .qi!adrati,VZ, 
ad  rcdangiihun,  AZO,  rationcm,  ZO,  ad>  OS^  rationcm_3 
rccianguh  ,  AZVj  ad  rcdangulum>  ASV>  &  taiidnn  ratio- 
ncm  rcctanguh  >  ASO  ,  ad  rccungulum  >  AOS,  bis  cum  i. 
quadrati,  SV>harum  autcm  rationum  il!a>quam  habct  rc- 
itaiigaluii>>  AZV>  ad  rcdanguhim  >  ASV>  coponitur  cx  ra- 
tionc, ZVyad>VS>&cx  rationc, ZA, ad^  AS,habcmus  cr- 
go  qui  ique  rationcs  coponcntcs  rationcm  primo  diCtam, 
m  igitur  primc  !oco  difpofita  ratio,quam  habct  rcctaivni- 
fum  bis  fubj  AOZ>  cum  .  qu.idrati^  ZV5  ad  rcctanguhmi» 
AZO>  rirurfus  a{f?;mamus  excxtcris  quatuor  rationibu^ 
cam^  quam  habcr,  ZA,  ad,  AS,  vcl  f  fumpta,  ZO^communi 
altitudmc)  quam  hjbct  rcciangulu,  AZO>  ad  rcdanguhun 
fub>  ZO  >  AS  >  qua:  habcatur  fccundo  loco  ;  infupcr  fi  cx 
cactcris  tribus  rationibus  fumamiis  yquam  babct  ^  ZO  5  adj^ 
OS5  vcl  Tumpta,  AS> communi  ahitudmc)  quam  hnhct  rc 
6angu!um  fubyZO,  AS,  ad  rc(fhnguKim,  ASO,  qu.Tfit  p6- 
i"ti  tcrtio  \nKf^ ,  Sc  tandcmfi  tcncamns  quai  to  ]oro  cnm< 
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quam  habct  rcdanguliim,  ASO, 
ad  xeaangulum  fub ,  AOS,  bis, 
V.  quadrati,  SV,-habcbimus  has 
quatuor  hoc  ordine  difpofitas 
confeguenter  Tationes  .f  ratio- 
ne  reda  nguli  fub,  AOZ,  bis  cum 

•  qu3<irati,  Z\^  ad  re^taguhmi, 
AZO,  rationem  hiiius  ad  reftan- 
gulum  fub,  AS,  OZ,  ratio;icm-* 
huius  ad  reaanguhim ,  ASO,  !k 
tandem  ratione  huius  ad  redan- 
gulu,  AO$,bis,  vna  cum  r.  qua- 
drati,SV,  qusecomponeat  ratio- 
nem  primn?^d  vltijpam.f  e;wn_i), 
quam  hnbet  reaanguhim,  AOZ,  bis  vna  cum  J  .  quadrati, 
ZV,  ad  rea.ingiihim,  AOS,bis ,  vna  cimi  r.  quadrati ,  SVy 
vel  quam  habent  horum  dimidia    ic.aangulu,AOZ,  cum 

.  quadrati,  ZV,  ad  reaangulujn,  AOS,cum  quadrati, 
SV,illas  ergo  quatuor  rationes  in  folam  hanc  redc^imus  3 
huic  fi  iungamus  eam,  quam  habet ,  ZV,  ad ,  VS ,  qu^  cral 
quinta  ratio,  quae  refidua  erar,componetur  cx  diais  quin- 
querationibus  hxc  fola  .f.  quam  habet  parallclepipedimi 
fub  altitudine,ZV,bafi  rcaangulo,  AOZ ,  vel ,  VOZ,  cum 
r-  quadrati,ZV,ad  parallelepipedum  fub  altitudine,  SV, 
bafi  reaangulc,  AOS,  vcl,VOS,  cum  ^ .  quadrati,SV,qucB 
crit  C3,  quam  habcbunt  omnia  quadrata,FC,demptis  om- 
nibus  quadratis  oppofitarum  hyperbolarum ,  FAD,  EVQ 
4d  omnia  qiiadr3ta,TN,dcmptis  omnibus  quadratis  oppo- 
litaruui  hyperbolarum,  TAY, MVN,  quod  &c. 

THEOREMA  XXIII.  PROPOS.  XXIV. 

I N  eadem anteccdentis %ura, Tegulafuropta, 
*  DC,  oftendemus  omnia  quad.  fig.  FADC VE, 
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adomnia  quadrata  figurf,TAY^^VM;c(re  vtpa- 
f  ailelcpipcdiim  ful>,  Xl, ,  &  qaa  Jrato,  KZ,  cum^ 
duplo  quadrati, AV,  ad  parallelepipcdii  fub^HG; 
&  quadraco,  BS,  cuoi  duplo  quadratij  A  V. 

Omnia  namqu.-  qua  3  ata  figur.t ,  FADCVH ,  ad  om.iii 
qiijdrar.!  hgurx ,  TA  i  NVM ,  hjbc.u  ratioiicin  copofiti^in 
exea,qtiamh!bc  it oin  \ia  quadrata  figura;i'FADCVE,ad 
om  liu  q  jadrat:, ,  FC,  .i.  cx  tationc  guadrati ,  AV,  cum      „.  fc.i^ 

quadrati,K  ,{quvfitpoTtio,DC,capt3i,ircrarvii.;>tot<,5, 
qui  jint,  PI, KQ,  dudi  pcr,  O,  rccantcs,  VN,m,'  % 
in,  P,  Q,  6i,TM,  i  i,a,  n,^  ;,a  quadratum,  DC,  <v  cx  rjti^ 
nc oin lium quaJratoru,FC,adomnia quadrata,TN,.quz  «..I.». 
cft  coinp.  ,fua  cx  ca,  qUain  hj^ct  quadratum,  DC,  ad  qua-- 
-dratum,  Y"N,  S: cx ca,  quam  habct,  HC,ad,  MN,S.-  taiidcm 
ex  tationeoninium  quadrntorum,TN,  ad  omina  qiindrata 
figi.r.T,  TAyN\'M,  .1.  cx  rjtiouc  quadrati,YN,  ad  quadr.a-  ■» t>*m 
tuin,AV,cum  1-.qi>iili5iti,^»,porro  cx  his  ratioiubus 
com'>oi»ciUjbusca,vm.inf  b>bct  quadratuin,  AVjCuin  -j-. 
quadrjti,KJ,  ad  quadtatiun,  DC,  itcm  qujdtat!ini,DC,ad 
«jiwdratum,  YN ,    quadratiim ,  YN^-ad quadr.irum,  AV, 
£um  T.quad  3ti,S^R,c<»^nponuntrati'(,:'.tmqundiati,.\V,  dcSb.u. 
<iim'-,qundrati,KI,adqiiadraii'm,  A\L,cum  T.qiiadra-  ' 
«i,  8(^,  vel,triplicatif  rc-nnuiis,conTponiMit rjrioiKin_j 
tnum  qiiad.-atoiu,AV,ciun.qii.i£lrato, Kl,adtria  oijadra- 
ta,  A\',  ciun  qii.idrato,         c!  coniponu.it  rationc  trn  m 
<juadr.ntorum,  OV,  cfi  qnadrnto,  LI,  ad  tria  q.'adi at.-;,  (T\', 
cum  quadraro,       •  quadratum  autrm ,  LI,cft  .rqiuilcrc- 
(ftangulo,  OVZ,,  hts  cv.m  quadnto,  VZ,  &  quadi:itiim,GAr, 
afq'ia!c  rec^tar gulo ,  OVS ,  bi  ctim  qundrato , V.S  i  nam  rc- 
^fi.inguhim,  KC',I,  cx  Prop.  1 1 .  Lib.2 .  Conichri.Tn  xquatur 
«[uadr.ito,  OV-i    idcm  rcctangulum,  KCI, ci  m  quadrato, 
IIS^^irqfatifrquadratcLC;  vclqundrntr),OZ,  vndequa- 
<lratiim,  LI,  rtmanct  jcqualc  rcclangiilo  fijb,OVZ,bis  cum 
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qiiadrat  6;  >  VZ  ^  ^  fic  et^aip  ctuij/iratunr^  G^f  .^^oncWdefur 
jequale efle reaan^ido bi$^(iib ^^VSpf ym  qua^rato  j  VS^ 
componuntcrgo.ratip  q^iadratorum^  OVjCtin:^ 

teilanguloj  dS%%^^  ^^iadratOjVif,  .5.  dubru  quadrato- 
rum  ^OV^cum  quadrat^b  ^OZ  ^  adtria  quadrata  jOV,  tum 
rc^aangulojOVS^bis  &quadrat05  VS^  .1.  ad  duo  quadrat^j 
OViCum  quacIrafiJ|;,0S3h^c  autem  ratio  (imuicuipfs^jquije 
Tematyfirjxum  r^tioi]^^:^!^^^ 

pQrallclcpipcdi       ^Cy^h^^tp^^^^  j»,cum  4i»pl9 

quadrati,  Oy,  adparallelcpipedit.fubiMNp  &^  bafiqucidrar 
to,  SO,^  cum  duplo.qiiadrati^OV  5  paraOclepipcdi  fub, 
kL>  bafi  quadratoj  RZ^  cum  duplo  qu^^dna  ti,  AVj  att  paralt^ 
lclcpipedum  fub,  HG,  bafijquadrato,  BS  ^  ciun  duplo  quarr 
dca^AV^  quodaobis  eraj;j9^nd^ 

THEOREMA  OQilV^V  XXV. 

1N  eadem%iira  PTap.2  j.ofienJeninsorrinia 
quadrara  figara?^  FADCVE,(regula  eadem, 
AVJdemptjsomnibus  qu^dratis  rriangDro- 
tum,  KOl,  POQ,  ad  omnia  quadrata  figur3e,TA 
YNVMjdemptis  omnibus  qiiadratis  triangulo- 
fum,&Oi^5av  nTcffevr,EC,5d5MN,vel,XL^^ 
HG,  qui  funt  fecundi  axes^  vcl  diametri» 

.  Nam  omnia;  qivaxV at a-  figur ,  F ADCVE  j-demptis  om^ 
nibus  quadratis  triangulorum^KOI,  POQ,  ad  omnia  qiia- 
drata  figi.rxyTAYN^/M,  demptis  omnibus  qiiadratis  tria-r 
g'ilorL:mi  &-O.?i,a0n,habGt  rationcm  compofitaHi  cx  raC 
tione  omaium  qup.d  atorimifigura' ,  FADCVE  ,  dcmptis 
omnibus  quadratis  triangulorum,  KOIy POQ,  ad  omni,:^, 
quadrata^  ^Cjsf.  ex  ratione  quadrati ,  AV^  ad  quadratum^ 
DCj  item  ex  ratione  omninm  quadratorumjFC.ad  omnia: 

^ua>-- 
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cx  ratiouc  i]i.adrati,  DC,  ad  qvu,- 

dratum,  VN ,  &  cx  ratione ,  CE, 

ad  ,  NM ,    tandcm  componitur 

cx  rationc  omniri  quadratorum, 

TN,ad  omnia  quadrata  %nnc, 

TAYNVM,dcmpti$  omiub.qna- 

dratis  tnagulorum,  &:OlV,nC)n,  ^ 

•i.cx  C3,quara  habct  qu.idratum, 
YN ,  ad  quadratii,  AV,  cx  his  au- 
tcm  rationibus  illa  ,  quain  habct 
quadratuai,AV,ad  quadratum, 
DC,  quadratum^DCa  J  qu.idra- 
tum,  YN,  &quadratimi ,  YN,  ad 
quadratum,  AV,compoa„m  rntioncm  quadrati,  AV  ad 

quadrarum,.M^q.,:e(,mulcunirationc.p^fius,EC,;d,l  N 
co.ponu  rationcm  paral Iclclcp.pcd.  fub',  EC? ,  .^'qn  dr^' 

::.^V/iP^^ll^'!P'^^^"'l'^:^^>^l^Suadrato,AV,qu. 


lorum,  Koi,  POQ,  adnn.nia  q;;;^:^:^;^^^^^^^^^ 

dcmptis  omnibus  qiud.atK  triangulorum ,  &Oft,  non 
crunt  vt,  EC,  ad,  MN,  vcl,  XL,  adf  HG,  quod  dl^X: 
rcopuscrat.  ^  "i.i 

THEOREMA  XXV.  PROPOS.  XXVI. 

ASfumpta  iterum  figura  Propor  2  ^.dimitfo 
quouisparalIclogrammorum,FC,TN,vt 
<J^miiro,TN,c2tensijrdcmmancntibus4 
oftendemus  omnia  quadrara,  FC,  dcmptis  omni- 
DUS  quadratis  oppofiiarum  hyperbolarum,F  AD, 

G    2  HVC, 
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E  VC,  regula,  EC,ad  bmnia  quadrara  figurarjFA 
DCVE ,  regula>,DC,  vel ,  AV,  habere  rarionem_p. 
compoficam  ex  ratione  redtanguli,.  A  OZ,  bis  cuiii; 

.  quadratiy  VZ,  adre^ftangulum,  AZO,  &  ex  ra- 
tione  rcd:angulifub,  DC,  vel,  RZ,  &  fub,EC,adi 
quadratura,AVvCum  f  •  quadrati,K(,vel  Gumre- 
diang^ro  fub,  A21j  &  £exquitertia,  Z  V.. 

Omaiknamq;:qyadrata,FC,  demptis  onTiiibus  qi  adra» 
tis  Qppolitarum  hypeibolarri,, 
FAD,  EVCiregula  3l2;,ad  oni- 
nia  quadrata  figur^^;ADCVEy 
reg  ila',  AV,  habcnt  ratibncm 
corapofitam  ex  ratjoue  omniu 
qua  dra  tor  um,  FC,dcm;ptis  o  m 
nibus  quadratis  oppofitarum 
hyperbol  arumy  F  AD,  EVC,  ad 
omaia  quadrat.i,rC,convmunii 
rcgii !  a,KC5  .f.ex  ratipn  c  vecla- ' 
gulij  AOZj  bis  cimi  y.quadra- 
ti,  VZ,  ad  ccctangulum ,  AZOy 
&  exratione  omnium^  quadra- 
torum,  FCj  rcgula,  EC,a  d  om  - 
nia'  auadiat.ijFC,  regula,  Cl>,veV,  AV,  .f.  cx-ratione,  EC, 
ad,  CDrvel  rcaanguli  fab ,  EC,  CD,ad  qv.adracum  ,  CD^ 
&  tandemcomponitur  ex  ratione  omniumqinidritorum,, 
FC,  regnla,DC,  ad  omnia  quadrata  fig'.UTc,FADCVE, re- 
gula  cad€ipiDC,,.i^eK  rationc  quadrati>.DCj  quadra- 
tiun,  AVrCiii" j.<i,uaxr:-atiiKT»du3e:vcr6.rationes ,  itilicet 
reaa'ngu\i'  fub,-EC^,  CDi  adquadracvm  yCD^&  quadrati,, 
CD*  ad quadVatutY*,'  AVy  eiim-  f  ^  oti  ,id'rati,Ki,componunt 
ratioiicnvrcdsiigunv  DeiCF^A-eVITib^.RZ^ECad  quadra- 
surav,  AVxCuni  f  .quadi  ati,KI,.  crgp  Gmnia  quadrata^FC, 

ckm- 
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•ftV?  Sr"*^'!  cn>pofitni-um  hvp^rbolarum 

JAD,  hV  Q  rc-iaa  ,  EC,  ad  omn.a  quad.  ata'  iigura^ ,  FAD 
CVT:,  i cgula,  DQ  vel ,  AV,  habcbunt  ratioucm  c.mpor,- 

tam  cx  rac ,onc  rcda nguli,  AOZ,  bis,  cum -r .  quadi  at;,Kl, 
adrccbnguKi,  AZO,  &  cx  rntic>nc  rcaangu!,  fub,  RZ,EC, 
ad  quad.atiun,  AV,  cum  ^  .quadrati,  KI,  .i.cum  -  *  -rj. 
acat4, KI,qux  Junt  ^  .quadrati,  LI, .i.rcthngul,,  AZX^vn-  con,! 
dc  i  cctano  .:lum  fub  ,  AZ ,  &:  lcxquitcrtia  ,  ZV,  crit  .vqualc  '»'■»» 
tciiuv  pa.a  -iuadrati,KI,crit  igitur  dicb  ratiu  compc  fira 
ex  r.uioitc  piimc»  dicta-,  &  cx  rationc  rcaa-i<Tuli  (\  b ,  Rz, 
EC,  ad  quauratum,  AV,  cum  r .  quadrati,  KUliuc  cum  rc- 
fiUivgulo  fub,AZ,ai  fcxc^uitcrtia,  ZV,  «luod  oftcndcrc  pro- 
pofitum  Ci  at , 

THEORE.MA  XXVT.  PROP05.  XXVIf. 

SI  in  eadem  antcccd.  Propofit.  fTgura  intclli- 
garur  defcr  ptae kdioncs,qu£e  ab  Apollonio 
coniugaraEvocantur,qi'xrinr,r&:B,  HTNy 
coniugata?  pra:di(f^is  F AD, EVC, habentes  fcili- 
cer  quadra  tum  tranfucrfi  Jateris,  &  T,  jcqualc  re- 
(flanguto  fub  alio tranfuerfo  latcrc ,  A  V,  &  linca^ 
iuxta  quam  pr{runt,(iuelatercrc(flooppo(Ttarura. 
fcaionum ,  F A D ,  E VC, &  rcgula  fir ,  DC ,  latus 

patallcIog.i3mmi,FC,c)*pofitisprim6fc(llionibus- 
oppofitis,  FAD,  EVC,  circumrcriptum,a?quidi- 
ftaiisearumlateritrafucrfo,  AV;  Omniaquadra- 
fa,FC,adomnia  quadrata  figurae,  FADCVE,. 
demptisomnibusquadratis  oppofitarum  hyper- 
bolarum,  Y&B,  HTN, qua?  portionibus  laterum, 
f  B>DC ,inter  oppofiras  fc(aioncs,y&B>  HTN, 


exi- 
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cxiftentium  conftitiiuntur,  erunt  vt parallelepi- 
pedum  fub  dimidia  bafis  primo  expofitarum  alte- 
rutrius  hyperbolarum,  vt  fub,  ZC,  &  fub  quadra- 
10,  ZS,  (qu£B  habetur,  produiais,  ZC,OI,  donec  fi- 
bi  occurraat,vt  in,  S,)  ad  parallelepipedu  bis  fub, 
LT,  &  quadrato,  TO,  cum  cubo,  TO,  &  ampiius 
-T .  eiufdem  cubi. 

Producatiir,OL,indefinitc,cui  occiirrat,  SG,  duc1:a  pcr, 

S,  ipli,  ZO,  xquidiftans,  &  oc- 

curfus  lit  in  pundo,  G,  &  per, 

T,  ipfa,  MT,xquidiftans  duca- 

tur  ipfi,  AV,  &c  per,  V,  VM,  x- 

quidiftans  ipfi,VT,quiE  tangct 

fe£liones  in  pua:is,VT,&  cou- 

uenict  iiucr  fc  in  afymptoto, 

QSjvt  in,M,vt  ex  pri,  Secundi 

Conicorum  clici  potcft:  Ora- 

nia  erg)  quadrata,  FC,ad  om- 

nia  quadrata  figuri',  FADCV 
E,  vcl  omuia  quadrata,RC,;!d 
omnia  quadrata  figtirce,  DAV 
C,  func  v't  quadratum,DC,  ad 
quadratum  AV,cum  '  .  quadrati,Kr,fiue  vtquadratum. 
CL,  adquadratum,OV,ve!,TM,cum  .*  .quadrati,  LLquia 
veto  quadratum,  CL,  vel,  SG ,  ad  quadratum,  MT,  eft  vt 
quadratum,  GO,  ad  quadnitum, OT,&  quadratum,GS,ad 
quadratum,  LI,  eft  vt  quadr.tum,  GO,  ad  quadratum,^, 
idco  quadratum,SG,ad  quadratum,  TM,  vcl,OV,cum  -f 
quadrati,  LI ,  cnt  vt  quadratum ,  GO,  ad  quadratum,  Ot! 

<lr,itiun ,  LO,  cum  tnbus  quadra tis ,  O  T,  vcl  fumpta ,  LO, 
commun,  altitudmc ,  n  paiallelepipcdum  fub ,  LO,  &  tri- 

plo 
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guhjKOIjfuntvtqindratum  I^^  -.A  •     1 '^*^'"^^"»'»- 
vt4uaarattn.,CL?vefe 

quadr^tj,  GO,  ad  quadratuni,OL,  vcl ,  fumpta,OL,  com 

T^^'     P^ra  lelepipcdum  f«b,  LO,  &  quadr.tc„Lo> 
4.ad  cubum,LO.  Vltcuus  omnia  quadrara  ?ruguli,KOi: 
ad  omuu  quadrata  hypcrbolx,  HTN,  funt  vt  cAus ,  LO  , 
ad  paralldcpipcdum  tcr  fub,  OT,&  quadrato,TL,cum  c«- 
bo,  TL,  ergo,  cx  xquali,  omnia  quadratn,  RQnd  omn. ,  . 

quadnta  hypcrbo  avHTN,eruat  vt  parallclcp.pcduf.b, 
LO ,  &  triplo  quadrati ,  OG,  ad  pnrallckp.pcdum  tc,  fnb, 

cub,>  ,TL  , c, ar.t  ai.tem  omnia 
quadrat^iVt-j  ad.«iimi4  qu^drata  hgurx,  DAVC,  vt  idcm 
parallclcpipcdum  fub,  LO,  &:.triplo  quadrati ,  OG  ,  ad  pa- 
rallclepipcd^nn  fub,  LO,  &  quadrar,,,  OL,  cura  trip^o  qiia, 
drat),01,ergoomiiia  quadrata^UCnrfomnia  quadrnri 
hgurs,DA\'C dcmptis  om^ibtis  qun Jrati.s  h\  pcrboLr, 
T--^5."'"j  vt  parallcicpipcdum  fub,  LO,  tiiplo  qtiadfa- 
tit,  OG,  id  rcliquuni,quodh;ibccuc,  dcnipto  paralldcpipc, 
tcr  fub,  OT,&  quadrnto, TL,  cum  cuhn,  TL,  i  pnialle: 
kpipodo  firt»,  tO,  &  quaddtl,  Lo,' .i.  a  cubo LO,  pa- 
sailckpipcio  liibvLO^iJiCfipl;)  qjadraji,  0;r,ver«m,  qni* 
<;ubus,  LO,  rqudtiic  para!k-]cpi,>cdts  :ter  fiib>.>OT ,  &  qwA'  g 
dr.>to,  TL,  tcr  fub,  TL,  .^:  qiradi  aro  ,  TO,  ciim  cr.bis ,  0T> 
tL,  idco  11  a  cubo,  OL,dcm.>tur  paralldcpipedi:m  tcr  f«b,. 
OT,  Sc quadi^atOjTL,  cuM  c-ibo,  TL,rcmniicb.t  p.iraljde- 
pt|.>ctkimtcr  fub,  LT,  l^tn,  TO,  ^i^  iubo,TO,quQ(r 

uingendum  cft  pniallcicpipcdo  fub ,  LO,'-S^  h-iplr)  quadrti-^ 
UyiO,  habcbjmu>  crgo  pro  (jujcijto  rcfiduQfJaullcIepi^f 

dnmi 
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3«.  J 1.  jdum  fubj  LO,  &  qua  drato ,  OT,  ter  .i.  /iib,  LT ,  ^  quadra- 
to,TO,ter,cumtribus  cubis,TO,  &adhiu:paraUelepipc- 
dum  fub,  LT,  &  quadiato,  TO,  ter,  cum  cubo,  TO,  .i.  ha- 
bcbimus  parallelepipcdu  fub,  LT,  &quadrato,TO,fcxics3 
cum  quatuor  cubis,  TO,  prb  quxfito  refiduo,  igitur  omnia 
^uadrata,RQ  ad  omnia  quadiata  figurajjDAVQdemptis 
ommbus  quadratishypcrbolar,  HTN,vel  oiniua  quadrata, 
FC,adoro  lia  quadrata  figura^^FADCVEo  dcmptis  omni- 
\ym  quadiatis  oppafitarum  hypei1>ol-ar  litt^,  Y&B,  HTN,  e- 
runt  vt  parallclepjpedumfub,  LO,  &  tiriplo  quadrati,OGi 
ad  parallelepipedani  fcxies  fub,LT,  ifc  quadrato,TO,cum 
quatuor  cubis ,  TO,  .i.  vt  parallelepipedum  fub ,  LO ,  vcl, 
2Q  &  qu3drato,OG,  vel,  ZS,  ad  parallelcpipedu  bis  fiib, 
LT,  &  quadr3to,TO,  cum  cub;>  ,TO,&:  ampUus  — .  ciuf- 
<3em  cnti,  TO,  nam  hac  funt  corundem  fubtripla ,  vt  coa- 
fidcraniifacilepatebit,  quod  erat  oftendendum. 

THEOREMA  XXVIL  PROPOS.  5&VIIL 

SI ,  expofitis  fciftionibus  coniugat?s,paralleIo- 
graminum  defcrib3tor,habcns  latera  earun- 
dem  axibus,  vel  diametris  coniugatis  paral- 
lela,in  earum  afymptotis  conuenicntia,eafdemq; 
oppofitas  fedionesdiuidentia  alterutro  axium.-, 
vel  diametroru ,  fiimpto  pro  regula :  Omnia  qua- 
drata  dcfcripti  parallelogrammi  ad  omnia  qua- 
drata  figur^  duobus  oppofitis  lateribus  parallelo- 
grammi  reguLT  aequidiftatibus,  &  reliquorum  la- 
terum  portiooibus  inter  fe<ftiones  coniugatas,  & 
prxdiaa  latera  concIufis,&  ipfis  coiugatis  fedio- 
nibus,  comprehcnfsB,  demptis  ab  ijfdem  omnibus 
quadratis  oppofitarum  hypcrbolarum  jquarum^ 

iatus 
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latus  tranfucrfutn  non  fuit  fumptum  pro  regiila^, 
erut  vt  cubus  dimidij  latcris  parallelogrammi  rc- 
gul«  non  afquidiftantis ,  ad  duo  parallelepipcda, 
quorum  vnum  continctur  fub  dimidio  cxceflus 
didi  laterisfuperbafim  hypcrbola?,  quam  idem^^ 
latusabfcindit,  &fubquadraco  dimidij  eiufdem 
lateris ,  aliud  vero  fub  dimidio  bafis  diCkx  hyper- 
holx ,  &  fub  r.  quadrati  eiufdem  ,  cum  quadrato 
dimidij  latcris  tranfuerfi,  quod  non  eft  regula,  ab 
his  tamen  dempco  parallelepipedo  fub  dimidio 
lateris  tranfuerfi,  quod  non  eft  regula,&  fub  qua- 
drato  axis,  vel  diamctri  alcerutrius  hyperbolaru, 
quarum  eft  latus  tranfuerfum,  vna  cum  Vt  cubi  e- 
iufdera  axis,  vel  diametri. 

Sint  i^itur  cxpofux  fcAioiirs  coniug.it ,  AEC,  NlON, 
PlQ>BFHUquarum  comnui- 
ncs  afymptoti  indcHnitc  cQ 
feclionib.  fmt  producii,  qui 
fmt  ^TSVSRSX,  fint  autcm 
caru  axes^vel  diamctncou 
iugatx^  EO5  FI ,  quarum  al- 
tcrulra  fit  fumpt.i  prorcgu- 

vt,  FI,  fic  vltcruis  dcfcii- 
ptum  parallclogrammum -I 
TVjatcra  hiibcns  aequidi 
(hntia  ipfu^EO.FU  &  iii-^ 
afymptotis^TV,  XR^conuc 
nientia  in  pun^ftis^T^R-jV^X, 

ipf^q;  fcaiones  diuidctia,  ,11 
ita  vt ,  quseintcr  fcc^ioncs  minent ,  fiuntq;hypcrboIaiuut 
bifes  finc,  PQ,  NM,  HB,  AC,  quorun.  xquidifbnt la  crunt 

H  aequa- 
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Kqualif.  Dfco  efgo-btpnia  qua&ata  pa(rallel9gr3mfnr,TVy 
ad  omniar  quadraj;a%pras  iiueT*  TX,  Ky_,TB^%yQ-,?^^ 
&.fe6lioncS}  BFt^,  PIQ,  canclufs  ,demptis  ab  ijfdcm.omr. 
nibus  quadratis  oppofitarum  hyperboJarum-j  AEQMOMy' 
efle  vt  cubus  dimidijj  XV,  ad  parallelepipcdum  fub,Qy,& 
qnadtato  dimidij  latferis,XVi  vna  aim  parfiMtJcpifJedo-fub' 
«fimidiOyPQ,  &fub  compofitqex  T.^"^'^*'^^*'''^^"^^***^ 
midij,  PQ ,  &  qiiadcato,  SO,abfhis  taroen  dc;«p«o.gasalj?-; 
lepipcdo  fub,  S0,&:  quadrato  teliquje  ad  mcdietatem,  XV^ 
cum     cubi eiufdem reliquje^  Producantur, Fr,£d,Jiin^ 
inde  vfqiadlatera,  tx,  XV,  VHi  j  RT,  'qUibus'  occurraht  m 
punais,  &,'Z.',  Y,  G,  in  qiTibus  ilfa  bifariam  dfuiduntuf ,  &r 
per,  Q£ducatitr,  QK ,  cequidifta ns  ipfi ,  R V ciQmnia  igitur 
qu3dratapa,raUelogiammt,  SV,iad  onjnja  qHatdnalta  figuraE*,, 
SlQK j,  liabeac  rationeni j;ompofif am  ey<  ca  ~;,qVan^  h.i]5ent 
omnia  quadrata,SV,  ad^otiinia  quadrajtai,, SQ^.t:  exratio- 
ne,  YS,  ad,  SK ,  &:  ex  ratJone'omhi\niVquacir'atorunV,'SQ,. 
»i.lMiio».  adomnta  q«adratafigur£e  xSlQK ,  .i,  ex  ratione  :quadrati, ' 
KQ^ad quadratiim,  Sl,cuni  jr.  quadrati,  KD^ .i.  ex  ratio-. 
ne  quadratr,  YS,-3d  qtradr  a^umi;  SO,  cum.  f .  qua<^rati ,  SK^ 
du^  3 ut  5.  ra tiories,  YS,  ad'  SK,    qu adratr,  YS,  ad  qu a dra - 
tum,^Q,  eutn^  ..qH^drati ,  SK;,  componunt  rationcro  tli- 
bi,  Y5,  adparallclepipedum  fub,  KS,  &  compofito  cx  qua- 
dratQiSQ,  &:  "r.  quadrati ,  SK ,  ergo  omnia  quadrata  ,f  53/, 
ad  oirinia'  quadrata  fig;iiraf,SlQK,erunt  vt  cl;bus,VS,crim- 
rallelcpipcdun?  fiib,KS,  ^  compofito  cx  qnadratovSO,  -Sc 
T .  quadrati,  SK:  Omnia  ftem  qu3drat»,SV,  ad  omni.-r qwa^ 
drata,KV,funt  vt,SY,  ad,YK,  .f.fumpra  comuni  bafiqua- 
drato,SY,vrciibus,SY,  adparaHeIcpipedt:tn  fub,  YKi  & 
qu^drato,YS,  ^rgo  omnia  quadrat3,SV,  ad omnia- qnadra- 
ta  figur^,SlQK,&  parallejograirmi^  K-V,  ;i.ad«mnta:qiia- 
drata-  ffgurs,  STQyY,  erunt  vt  cubus,Y'S,ad'  pdfaWelepipe- 
dUm  fub ,  KY,  &:  quadraro  , YS,  vna-  cum  pjraMtrepipedo 
&b,  KS,&  compofito  ex  qradrato,SO,  &  f  .quadrarJ,SKr 

Qup- 
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Qiioiiiim  vcro  omnia  qua- 

dracajSVjlaiit  tripla  omiiiu    sj^^^^  ^  ^rO^/  * 

quairatorum  trianguli,  SY 
V>h-cc  vCLoaiomiua  qua- 
drata  rcmihy^^crbolx,  OY 
Njlunt  vt  cubas>S,Y>ad  pa- 
rallclcpipcJiun  tcr  Tub,  SO> 
&  quadi  atOjOV^cum  cubo, 
OY>  iJco  omui.i  quairata, 
SV5  ad  omnia  ouadrata  fc- 
mihypcrbolx,  YON ,  crunt 
vt  trcs  cubi,  SY,  ad  parallc- 
lcpipcium  tcr  fub ,  SO^  & 
quadrato^OY^cum  dihoy 
OY,  -i.  vt  cubus,  SY,  ad  pamllclcpipcdum  fub,  SO,  &:  qua- 
ilrato,  OY,  cum  i .  cubi,  OY;  crant  autcm  oninia  quadra- 
ta,  S\\  id  omnia  qiuidrata  figurx,  SIQVY,  vt  ciibus^SYjad 
pi  >v|icdum  fub  >  KY,  6c  quadrato ,  YS,  vua  cun\pa- 

ral  ,  fub,KS,&:compofirocxquadrato,SO,&:  ;  , 

quaJ:aLi5:>lv,  crt^o  omnia  quadrara,SV,  ad  omnia  quadra  ' 
ta  figurx,  SlQV Y,  dcmptis  omnibus  quadratis  fcmihypcr 
bolr,  YON,  vcl  horum  quadruplji  .f.  cnnnin  quadriita,  G\\ 
3d  omnia  quadrata  hgurcr^FlQVKH ,  demptis  omnihus 
qnadratis  hypcrbola:,  MON ,  vcl  horum  dupla  .i.  omni:, 
qJadrnta,TV^adomnw  qiiad.ata  (igura:,XPlQVRHriir, 
.  dcmptis  omnibus  quadratis  pppofitarum  hypcrbolariim^ 
AEC,M0M5trunt  vt  cttblis ,  YS, vcl,ZV,  adparallc^cpi- 
p^dum  fub,  K Y,  &:  quadrato,YS,vcl  fub,  QV,  <S:  quadrato, 
VZo  vna  cum  parallclcpipcdo  lub,  KS,  &:  copoiito  cx  qua- 
dxttto,  SO,  &  f .  quadrati  >  SK ,  vel  vna  qum  paralUlcpipc- 
dolub,ZQ>Sccorapcriitocxquadrato,SO,&:  \  .quadrati, 
ZQ,  ibhis  tamcn  dcmpto  parallclcpipcdo  fub,SO,&:qna- 
drato,  OY,  qux  crt  rchqua  ad  ipfam,  SY,  vcl,  ZV,  vna  cum 
f .  cubi  ciufdemrchqux,  NY,qucr  cft  diamcter  alterutnus 
hvperbobrum  di(5hrum,  quod  &:c.       H    2  CO- 
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C  Q  R  O  L  L  :A  R  r  V  M 

Hlffc  habetur  ommaquadrdia,  ry.  ad  omnia  quadrata  fg^ 
iam  dt£i.i ,  cju^  corr^prehendituY  termims ,  qut  f$fnt ,  T^C^ 
Ry,  TB,  HR,  PXy^  fechombus  oppvfitis ,  BFl^,  Pl^,  e^i 
vt  cubus,  TS,  adpara/Ie/eptped^r/f  fubjKT,  ^qujdraro,TS,vh4^ 
cum  tarateltpipedo  fuby  KS,  cr  compoftto  ex  ciuradrato',  ^t>,  &\w 
ftahati,SK,vt fi4perius  ofle7}jum)eH. 

THEOKEMA  XXVIII.  iPROPOS. 

N  eadem  anteced.  figura  fi  aliud  parallelo^ 
grammum  defcribatur  vtcunqu€,conditio- 
nibus  tamen,  quo,TV,  defcriptum  eft,  cuius 
Ilatera  fe<aionesconiugatasdiuidanr,quodfit  pa^ 
rallelogrammum,  ^n^  cuius  iatera  feCtiones  con- 
iugatasdiuidant  in  pundis,  L,r,<i.,  a,^-,^,^,^,. 
^axes  5  vel  diametros  coniugatas ,  &Y,  GZ,  in_^ 
pundis,     8,  5,4,regula  aiterutro  axiuro,vel  dia- 
metrorum  Goniugacarum,VT,Fl:Ofledcmus  om- 
nia  quadrata  figuraf,quiB  remanecdemptis  oppo- 
fitis  hyperbolis,  BFH,  PIQ ,  ^  parallelogrammo^ 
TV,  ablatis  ab  ijfdem  omnibus  quadratis  oppofi- 
rarum  hyperboiarum,  AEC,.MON,  (qu^  fi,-ura- 
breuitatis  caufa  dicatur,  figura  paralidogrammi,. 
T V, )  ad  omnia  quadrata  figurs ,  qu«  rcmaner,, 
demptis  oppofitis  hyperbolis,  ^.la  ,  5F7, i  paral- 
Jtiogrammo,  /2r),aMatis  ab  ijfdem  omnibusqua-^ 
draiis  oppoficarum  hyperbolaru ,  LEr,  205,  qu«- 
(iicatur  figura  paralleiograaimi,  ^i),effe  vt  paral- 

lcle- 
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felepipedum  fub,  QV,  &  quadrato,  VZ,  vna  cum 
parallelcpipedo  fub,  QZ ,  &  copofito  cx  quadr a- 
tOy  SOy  &  \ .  quadrati,  QZ ,  ab  his  dcmpto  paral- 
relcpipedo  fub,  SO,  &  quadrato,  O Y,  &  -i-.  cubi^ 
OY,ad  parallelepipedum  fub,  Aa,  &quadrato, 
n^y  vna  cum  parallclcpipedo  fub,  a^.,  compo-t 
fito  ex  quadrato,  SO,  &  -f.  quadrati,  A4 ,  dcmprd 
parallclcpipcdo  fub  >  SO^  3:  quadiaio >  06^cuiii 
T#cubi>0(5r 

Nam  omnia  qunJratLi  figiira:  par.UlclogramijTV}  dcm- 
ptis  iam  diwtisyad  omnin  quadrata  hgurf  parallclogrammij 
/SX^  dcmptis  iani  dichs  ^habcnt  ratioacm  compolitarri  ac 
ratioiicomniiim  quadratoru  primo  dicbe  hguri'5  dcmptis 
&c.  ad  omaiii  quadratijTV^  .1.  ex  ca,  quam  habct  parallc-  E««nict» 
lcpipcdiim  hib,  (W,  &  quadr.uo  ,  VL vua  cum  parallclc: 
pipcdo  rub,Q^,  Jc  c  ^mpoiita  C\  quadrato,  OS,  8c  ~.  qua- 
dr«ti^<;^/,  dc^Tipto  ab  his  pif allclcpipcdo  fub,  SO,  &'<jua- 
dratOyOf^  &?  T .  c\ibi^'OY,ad  cubum^ZV^  itcm  cx  racionc 
onimimiqua<!ratoriim,T\'vad  omnia  qnndrata^^/Sn^idcR 
cx  raciouccubi,  yL->  adcubum,  Xl^^quia  parallclograma,  '^^**^ 
T\^  /3i^5  lunt  rmiilia,cum  fmt  circa  candtm  diamctrum, Jc 
tandaux:!tiaticAic<><T\ni\im  qiiadratorum ,  /3Ci  yad  omnia 

quadrata    ^  parallclogrnmr  •  " '\dcmptis  iam  didis, 

.l.exrat:         1^15^4, jdparj  1  pcdiunfub, AQ^S;^  iKautct.- 

c^yadi-^to,  n^-^vnj  cum  parallcicpipcdolbb  5  &  com- 
poruo  cx  quacli:ato,SOr&  t  .  quadrotjj  A4,  abbis  dempto 
para!Iclcpi^c(io  fub,  SO,  &  ruadrato^O(^>  vna  cum  cu* 
{fi  O^.^-nCioncs  antcm  j)aral!cic  v'^:' !(  •  i'  pi  (Hci6riimj 
c|.        >parallclepipcd(5  fi»l^;<'.  ,  ciunf, 

c  ub  O  ad  c  ubuin,  IVi^ciib  ZVy  ^id  €A*B  d^rKy  n*:^,^  &  ^t^^^ 
l^i,  114,  ad  parallclcpipcda  pollrcmo  dicti dcmpto  paral- 
lcl  cpipcdo  fub^  SOj'^:  quadrato^  O^;  cum  r .  mbi^O^sco- 


<f*  G  E  O  M  B  T  R  I  ^ 

»•  ponuijtrationeiii  parallelepipedorumprilno  di<flon%tCjk 
dempto  iam  di;Va    parallelepipeda pollrcmo  dicln,dq^ 
pto  iam  dicto,  ergo  oniiiia  quadrata  figuraD  paralleIogra|n- 
mi  jlV,  dcmptis  om  libus  quadratis  oppolitarfi  hyperbo- 
larum  ,  A.EC,  MOM ,  ad  om;iia  quadrata  figur.-e  parallelo- 
grammi,;Sfl,dcmptis  om  libus  quadratis  oppofitarumhy- 
perbolarum,  LEr,  2O3,  erunt  vt  parallelepipedu  fub,qjV» 
&:  qiiadrato,VZ>vna  cum  parallelepipedo  ltib,QZ,3<:  com- 
pofitocx  quadrato,  SO,  &:  t.  quadrati,  QZ,,ab  his  dcmptjj 
parallelcpipedo  ftib,SO,  &  quadrato,OY,  cu  r.  cubi^OYi 
,ad parallclepipcdnm  fub ,  AH ,  &:  quadrato,  n.} ,  vna  cUm 
j^arallelcpiped j  fiib,  A4,  & compofito  cx  quadrato, S0,& 
■r.  quadrati ,  A4 ,  ab  his  dempto  parallclcpipedo  fub ,  SGtj 
&  qiiadrato,0<5,  cu  t.  cubi,06,quod  oftcndcre opus  crat,' 

C  O  R  O  L  L  A  R  1  y  xM, 

Hlncpitet,  (jmd eaiem  methodo  oUeiemus  tmma  quadrd» 
ta  figur*  paraUelogrammi ,  TV,  mhil  al>  eti  dempto ,  ai 
omnia  ^uadratafguraparaUeUgrammi,Bn,  mhtipattttr  abfu 
dempto,  elTe  vt paraUeUftpedaprmp  di£ia  ad  tarMttpeda 
fnndfidiili^.  s:        fr  J 

THEOREMA  XXIX.  PROPOS.XXX.- 

IN  omnibushuiusLib.  5.Propofitionibus,ia 
quibUsduarum,quarumcunc|;figurarumno- 
tificatafuitratioomniumquadratorum,iux- 
la  regulasin  eifdem  afTumptas.nota  etiam  euadic 
ratio  fimilarium  folidorum ,  qux  ex  illis  gignua- 
iur  figuris,  iuxta  eafdera  regulas. 

Qnoaiam ciiim  oftenfum  cftLib,  2.  Prop.23.  vt orania 

qua- 
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cjuadrua  diuuum  figurarum  mter  feliimpta  cumdatis  rc- 
gvihsvAta  clk  loliA>  nmilariA  gcmta  cx  i)ldcm  hguris  iuxta 
caldcm  ccgulas ,  iJgo  cum  ui  huius  Libri  Propolitiombus 
mucta  cll  ratio  omnium  quadrator um  duarum  figurarum 
cum  tahbus  rcguhs ,  c  jlhgcmus  cnam  nuiic  candcm  cilc 
raiv>ncm  duoruinlimilarium  lolulorum ,  quo:  cx  iUis  figli- 
cis.iuxxa  Cdtdcmr€guUs.gcjwUTdicuutur  ,qu3QamphMs  juv 
fcqutinibus  dLuudabmius  fuagulas  Propofuioiacsjqu^-  opf^ 
portuao:  fucrhu,  dc\\u6  alfumcutcs. 

Vndc  cum  m  prima  Propof  cxcmph  gratia  oftcnfum  cft 
(confpccla  dcnuo  ciufdcm  figura  )  omnia  quadrata  hypcr- 
boLr,  DBr,  rcgubyDtvid  omnia  qu^drat.i,  AF>cflc  \ t  c6- 
pofiram  cx,  NB,  &c  V  •  BH,  ad ,  OE ,  candcni  compcru  mus 
h^berc;.rationcm  (ohd^ju  fim^larc  gcnitum  cxhypcrb^L]^ 
.^flfohdum  fimilaic  gcmtum  cx^  AjF,  u|xt;|  c^mn^ 
ncm  rcgiilam,  DF,  &:  codcm  paclp  coUigcmus,  ycluti  om-* 
nin  quadfitj^hypcrboLv,DBr,adomnia  quadrata  triagu-, 
hjDBFjuilt  vtcompofita  cx  fcxquuUcra, cx,BE, 
ad^OEji^a  tllc  lohdum  fimilarcgcnitum  cxhypcrbpl^* 
D^F,aiiiibvCmilarcj^cnitum  cx  tnangulo  ,DBp^^inyta_^ 
comHiun^na  rCgu£HT^5  DFr 

S  C  H  O  L  I  V  M. 


Vontamvero  cx^Propcfl       Ltb.  Frtms  hdbetiir ,  quQd  fi 
cp$Mctt9i<jU€ conois  hjftfb%hcM ,  tn  $94tui  hdfi /li^yltfidrus, 
^^■■1  »  (fr  C0WI4S»  (jr  ctfcd  eundern  Mxem ,  vet  dUmctrfifn  /f • 
ittuf  pUnu  tsfi  dqmdtftafitilus  ,<ftitb9is  p4rtter  fectntur  cyltn^ 
dfttr,  &  conus ,  fientconcepr  t  in  foitdts  fgufi  fifntleshfi p  tdea  ^t-  1. 1 
omnh pUnM  torundem  reguU  lafi  erunt  omnes  figuri  firfitles  di 
ilorum fUtdofum^  tn  qutbus fi d^aturpUr^um pef Axem ,ffodu  ^^'"'^ 
$ti  tn  tpfis  figuras  genttricts  tdfundem,  nempe pdrdUilogramum  Ccno»dc 
in  cyHndfO ,  hyperhoUm  in  con^tdt ,  dr  trtJfj^tf/um  tn  con^;  dt£fj^  ^  ^^cot.  ^ 
MUm  ffUdA  tfHt  fimtUnagemtA  tx  htsfigyrisgenttficttus  tux^  i ^  j  ^  rro 


Flicifurrjr 
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/4  cmmunem  reguUm  iffkm  idfim^t^r  idee  eorum  rdtio  Mtd  efii^ 
ijuidfcimus  qudm  fdUonemhdhednt  inter  fe  mnia  quairdtd  dir 
itdfUm  gefmicium  figurarum ,  reguU  bafi.  Hac  auiem  fimilir 
tefffo  fequentfhus  memma  teneantttr,  in  quihusfiet  nofirumfr 
litum  exemplum  per  reuolutionemfigurarum  eirca  fuos  dites ,  v$ 
hdbedmus  omnes  figuras  fimiles  genitorum  fdidorttm ,  qud  fini 
tifcuU  didmetfos  in  figuris  genitricibus ,  quihuts fint  ei^elii/fitdi 
hdhentesMcet  eddem  verificentur  afumptis  noft  dxthus.fedtdni^ 
tum  diametris,  vt  althipluries  repetitum  efi,  ex  difHs  dutem  /i^- 
frafcriptahahmurCoroHarir., 

'      e  O  R  O  L  L  A  R  I  y  M  I. 

VT igitur fiat aoftriim exempliim  inProp.  i.rcuolua- 
tur  parallelogrammum^AF^ci^cam  mancntem  axim, 
BEjVt  fiat  ex  parallelogrSmo,  AF^  ^ 
cylindrus,  AF^  ex  hyperbola  ^  DB 
conois ,  DBF ,  &  ex  triangulo, 
DBF^conusijDBFjColligitur  ergo 
Cylindrumy  AF,  ad  c6n6idem,DB  a 
Ft)  efle  vt,  OE ,  ad  compofitam  ex,  ^ 
NB  >  &  T.  BE  5  conoidem  autem^ 
DBF,  ad  conum ,  DBF,  effe  vt  co- 
pofita  ex  fexquialtera ,  OB,  &  ex, 
BEy  ad,  OE  s  &  ita  effe  folida  quce- 

€unque  iimilaria  genita  ex  eifdem  figuris  .f.  cx  parallelp- 
grammo  ,  AF,  hypcrbola ,  DBF,  &  triangulo ,  DBF,  iuxta 
communem  regulam ,  DF,  vt  fupra  diaum  eft ,  quc^  dechi^ 
riire  oportebat , 


C  O  R  O  L  L  A  R  I  V  M  IL 

IN  Prop.2.  afTumpta  eius  figura,  dimiflis  parallclogram- 
mis,  AZ,  CGy  &c  re£lis,  CH,  RG^  LK,  vt  fiat  noftrum-» 

cxem- 
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cxemplum  rcuoluatur  f^ura 
circa  mancutcm  axim ,  Nh,  vt 
fiat  cx  pariilclogrammojSF, 
cylmdrus ,  Sr,  cx  uiangulo,  D 
MF,  C01UIS5  DMF,  &:  cx  hypcr- 
bolis ,  DNF ,  HNG ,  conoidcs 
hy  pcrbolica! ,  DNF,  HNG,  pa- 
tetcrgo  cxhacPropof.  conoi- 
dcm,  DNF,  ad  conoidcm ,  HN 
G,  abfciiTim  plano ,  HG,  xqui- 
diftante  ipfi  pland,  DF ,  clfc  vt 
parallclcpipcdum  fub,\E,vk 
quadrato ,  EN ,  ad  pnrallclcpi- 

pcdum  fub,  XM,  &  quadrato,  MN>  fic  ciTcquodhbct  fo- 
lidum  fimilarc  gcnitum  cx  hypcrbola,DNF,  ad  fibi  funila- 
rc  gcnitum  cx  hypcrbola , HNG,  iuxta  communcm  rcgu- 
bm,DF. 


COROLLARIVM  llf. 

IN  Prop.  3.  patct  in  fupcrioris  figura,  in  qua  cius  excm- 
phun  contlrULtum  clt,cyUndrum,SF,ad  fruflum  co- 
noidis,  HDFG,  clfc  vt  rcdanguhuii^OEN,  ad  rcdtaguluni 
fubi  OE,  NM-,vna  cum  redangulo  fubcompofitj  cx  \  . 
NO,  &  T.  ME>  &  fub,  ME.  Et  conum,  DMF,ad  idcm  fru- 
ftum  c(fc,  vt  rc^languhun,  OKN,  ad  rcdangulum  (ub,OE, 
&  tripla,  NM-)  vna  cum  rcctmgulo  fub  con  pofita  c.\,NX, 
ME,&  fub^  MEs  &  fic  c{fc  fohda  fimilarin  quxcunq^  gc- 
nita  ex  cifdcm  figuris,  parallclogr.immo  ncmpc,SF,fru{lo 
h vpcrbohx,  HDFGj&i  triangulo,  DMF,  iuxta  communcm 
rcgulam:>  DF, 


I 


C  O  R  O  L  L  A  R  I  V  M  IV. 
N  Prop.  4.  itcrum  nffumpta  figurn  CorolL  2.  patcbit 
cyUndrum^SF,  ad  fruftum  hypcrbr»hcum  ,  HDFG  ,  ab 


I 


co 
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eo  dempto  cylmdro ,  HQ^efTe 
vt  rcaangulib  OEN5  ad  redlaa- 
gulu  fub  coitipofita  ex  -f.  EM> 
iiitegra.MN,  &  f -NO.  Conu 
vero  5  DMF » ad  idem  fruftum, 
dempro  cyUndro ,  HQ ,  efic  vt 
reaanguUuia,  OEN,  ad  reaaii- 
gulum  lub  conipofita  ex5EX5&: 
dupla^  NM  :  &  ficeffc  qusecfiq; 
lolida  rimilarb  genita^-cx  eifdc 
figuris  .f.parallclogrammo^^Fj 
fruijo  hyperbolxjHDFG^dcm- 
pto  folido  fimilari  genito  ex,  H 
Qy&triai^.gnlo7DMF5  iuxta  comniuncm  rcguInmj  DF. 

C  O  R  O  L  L  A  R  I  V  M    V . 

IN  Prop.  5.  alTumpta  iterum  figura  Prop.  2.  dimiflls  re^ 
ais^  CP:!  RQ5LK:,  &  tfianguto,  DM,  &: ,  vt  fiar  {o^AXixm, 
excmpium  sCarcuDlutacirca 
axcm,  N£,  vt  ex,  AF,  fiat  cy - 
lindruso  AF^exhypcrboIa,  D 
NFj  conois,  DNF,  qua?  f  jlida- 
fmt  fccl:i  planovSZ,  bafi,  DF> 
^qu id i ft.i  ntc^  p.U c t  c ylin dr u , 
AF  5  dcmpta  conoidc ,  DNF, 
adcylmdru,  SFj  dempco  f  u- 
fto  conoidis  5DHGF  5  cfTc  vt 
parallclepipedii  fub  ccmpifi- 
fuj  cx,XE3EN^&  f  :b  qua  Jra- 
to,  NE  5  ad  parallclcpipcd'  m 
fub  copofita  cx^jXF^ENJ^iM, 
& fub  quadrato^MEj  ^\\^ cflc quodlibct  folidum  fimilare 
genitum  cx ,  AF ,  dcmpto  folido  fimilar i  gcnito  ex  hypcr- 

bola^ 


/ 
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.bola>DMF5  ad  fibrfimilarc  gciiitunl  cx,  SF^deinpto  folido 
limibri  geiiito  ex  frufto  hy  pcrbolx  >  DHFG  y  iuxta  com- 
muacm  icgubm,  DF. 

C  O  II  O  L  L  A  R  Ur  M  VL 

IN  Prop.^.cxpofitj  cius  figura,5v:  vt  fiat  iiollriim  cxem- 
plum  cadcm  circa  >  EM  >  rcuoluta  ,  patet  planum  tf aiu 
liciis  pcr  5  SV>  a:quidiftans  bali, 
FG>  acoiioiJc ,  FEG  >  rcfccarc 
conoidcm,  SEV^qur  confi, 
SEV>  habet  rationcni  datnni^, 
qua  ncmpe  habct,  HR,  ad,  RL> 
idqidifcimus  cfficcre  quocu  i- 
cjuefolido  fimilari  cxiftcntc, F 
EG,  cuius  figura  genitrix  fir,  F 
EG,  i  quo.f.  fcicmiis  abfcindc- 
re  pcr  planum  bafi  xquidiftans 
folidii  fibi  fimilarc  >  quod  pcm- 
peeritgeniturri  exhvpcrboln, 
SEV>quod  ad  folidum  fibi  fimi- 
larc  gcnitum  ex  trianc;ulo ,  SEV->  habcat  rationcm  datam, 
dinnmodo  data  ratio  iit  quidcm  maiotis  in  arqualitatis^fcd 
minor  fcxquialtcr  l-^  .  .  A 


COiUjLL.  \'IL 

IN  Prop.y.cxpofita  cius 
figura  >  dimirtis  tamcn 
reais>ED>SO>XO,&pa^ 
rallclogrammis  >  GX,  GK> 
cadcni  rcuoluatur  circ.i^» 
rDanctem  axim>  CV,  vt  cx 
triagulo,  HCR,fiat  conus> 
HCR>&  ex  hyperbola>S 
OXjConoisjSOX,  patct 


ergo 
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ergo  conum,  HCR,  ad  coiioidem,  SOX,  efTe  iii  rationc.^ 
compofita  ex  ea,  quam  habet  quadratum  ,  SX ,  ad  quadra- 
tum,HR,  &  redangulum,  AVO,  ad  reaangulum,  BVC. 

C  O  R  OiiL  L  A  R  I  V  M  Vlir. 

f  N  Prop.  8 .  fumpto  exemplo  ex  anteced.  figura  ,  in  qua 
«  trapezium,THRP,ia  reuolutione  geluiitfruftum  coni, 

TrlRPjScfruftuin  hypcrbo- 
j  lYXS ,  gcnuk  fruftu  co- 

noidi;,IfX^j  p.itftfruftum 

coni,ni.V:>i  ad_^iiftum  co- 

noiJis,  1/  XS.habfcce  ratio- 

nem  c^aipofitaAf  ex  e.^, 

quam  hjbet-jre iig  iliiin 

fub ,  G?,  VR ,  cU  m  r .  q  u  a  - 

drati  earum  di  fe;-c;iti.e  ad 
-nquadrattiip,VX,  &  ex.p 

quam"  habet  rectangulum, 

BVO,ad  refiangulum  fub, 

BV,  OG,  vna  cum  reaang.iIo  fub  compofita  ex  ir .  BO>  & 

T.GVj&fubjGVj&ficcn^equodlibet  folidum  fimilare 

gen.tum  ex  trapezio,  THRP,adfibi  fimilare gcnitum cx 

frufto  hypcrbok,  ISXY,  iuxta  communcm  regulam,HR." 

C  d  R  O  L  L  A  R  I  V  M  IX. 

P  ^  confpcaa  figura  Corollarijy.  manifcft6 

colh.5,tur  Conum,HCR,adconoiden,SOX,elTevt 
cubns  CV,  ad  parallelepipedum  ter  fub,  CO,.?cquadrato, 
OV,  cum  c  .bo,  OV,  & fic  ctiam  elTe  qufcunq;  folida  fimi! 
laria  genKa  ex  tnanguIo,HCR ,  ad  fibi  fimibru  genita  ex 
nypcrbola,  SOX,  uixta  communcm  rcgulani,  HR. 


CO- 
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IN  Propof.  lo.colligimusfolida  fimilariagcnitaexhy- 
pcrbolis ,  A0C5  OVX  -i  habcix  iutcr  fc  l  aLioncm  com- 
pofitam  cx  ratiombiis  ibi  appofitis ,  qiur  brciutatis  gratu 
iiubirecolantur. 


C  O  R  O  L  L  A  R  I  V  M  XL 

fN  Propof.  1 1 .  expolita  cius  figura  ,  habcmus  conoides 
hy  pcrbolicas  ab  cadcm  coaoide  dircmptas,  habcrc  iu- 
tcr  fc  rationcmcompofitam 
cx  duabus  ratiomb.  ibidcm 
appofitis.  Vt  autcm  fiat  no- 
ftrum  cxcmpliim,intclhga- 
tnr  in  ipfi  ( in  qua  dimittan- 
tur  afymptoti ,  &:  rcctx-,  ad, 
DQOV5VX,  PO,PX,;bL), 
cfle  axcni,circa  quam  rcuo- 
luatur  figura^vt  cx  hypcr- 
bola  5  A  D  C  ,  fiat  conois 
hyperboUca  ,  A  D  C ;  vltc- 
rius  pcr,OX,traducatur  pla- 
num,  OX^  crcclum  plano  genitricis  hyperbola:,  ADCj  cu- 
ius  pars  in  co:i  jide  conccpta  erit  clhpfi:^,  OX,  cuius  maior 
diamctcr^OX  ^  mm.jr  aucc«Ti  in  figura  propofitionis  hnca, 
PO^  habemus  igitur  ex  Prop.  1 1 .  conoidcm,  ADC,ad  co- 
noiJem,  OVX  jhabercrationcm  compofitam  ex  ratione 
rcvflanguh  fub,  MB,  HI,  ad  rciflanguhmi  fub,  KI,  TB  ,  A:  cx 
rationc  parallelepipcdi  fub  aUitudmc  hypcrbolx ,  ADC5 
bafi  quadrato,ACvid  parallclcpipcdum  fub  altitudinchy- 
pcrbola^,  OVX,  ba  fi  uutcm  rcdtangulo  fub,  XO,  OP^vehiti 
fu  at  om.ii.i  aua^rata  hyperboUs  A^D(  orcguln.AC.ad  om- 
ni  D  rc^  ri^ala  h/pcrbola^  OVX,-  rcgii!  k  '       iMv.iHa  rc- 
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Corol  1.  aangulo  rub ,  XO,  OP,  fiue  omnes  circuli  ciufdcm  ad  oiti- 
nes  ellipfcs  hyperbolc-e ,  OVX ,  fimilcs  ellipfi  ,  cuius  coniu- 
gati  axcs,  vel  diamctri  funt,  XO,  OP,  XO,  maior,OP,  mi- 
nor,  nam  omnes  didti  eircuU  funt  omnia  plana  conoidis, 
ADC,  legula,  AC,  &  didx  onmcs  cUipfcs  ^iuit  omnia  pla- 
na  conoidis,OVX,candcm  autcm  rationem  fupradid^  co- 
pericmus  habcre  quajcunq;  folida,  non  quidem  fimilariu.^ 
intcr  fcjfed  quorum  orania  plana  lint  omncs  figurie  fimilcs 
genitricium  hgurarum ,  ADC ,  OVX ,  a  quibus  gcnita  di- 
«untur ,  qu^e liabcant  intcr  fe  eandem  rationcm  ci ,  quam 
habct  quadratym,  AC,  ad  rcciangulum,  XOP. 

COROLLARIVM  XII. 

!N  Propof.  1 2 .  confpcaa  illius  figura,  &  completls  co- 
noidibus,  BAD,  HMQ,  pntet  corum  rationem  efTe  c6- 
pofitamcx  rationibus  ibi  evplicatis,  vbi  videri  poterunt. 
Qiias  quidcm  rationcs  comperiemus  etiam  habere  qux- 
cunq;  folida,  licerctiam  non  fimilniia  ad  inuicem  ,  genita 
tamcn  cx  eifdcm  figuns,  quarura  omncs  figurjc  fimiles  (in, 
tcr  fe,  qua:  funt  vniiis,vtriufq;  tamcn  figura-  gcnitricis  dif- 
iimiles)  habeant  eandcm  rationcm,quam  habent  pra?diaa 
omnia  quad.vel  redangula,vt  fupra  ad  muiccm  coparata. 

COROLLARIVM  XIII- 
cSo.  I  ^  P-^^P;  1 3.  habetur  limilcs  conoidcs  hypcrbolicis  cf- 
1.  X.        «  le  in  tripla  rationc  axium ,  vel  diametrorum  carudcm 
qiiippe  qua^  ex  fimilibus  hvperbolis  nafcuntur  :  Igitur  iiv 
aateccd.CorolIanj  figura,fi  fupponantur  fimilcs  hvpcrbo- 
co,o..o.  -^BAI)HMQ,v.^ 

Ar  MP  ^  r    '  ""f       ^"P'^  ratione  a xium, 

hyperbola,  FEG ,  ad  f.b,  fimilarc  genitum  ex  hvperbola, 
H rs,  luxta  rcgulas,  FG, HS.  - T  ^ 

CO- 
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IN  Prop.  14,  cxpofita  cius  figiirn,  vt  fiat  cxcmplum,  rc- 
uoluatur  circi  axim,  DG,vt  cx,  EG,fiat  cylmdrus^EP, 
&  cx  trilinco>  DGB>f  )lidum.  DB 
GF  5  quod  vocctur  :  Apex  h)  pcr- 
bolicus,  patct  ergo  cylindrfb  EF, 
:ad apicem^ BDF, clfcN t , BD ,  ad 
fui  rdiquum  ^dcmpta  ab  codcm 
lcmihype.bola,  BED^vnn  c:  ai— 5 
cxcellu,quoipfarupcrat  \  .paral- 
Iclogrammi^ BD,  &     B\ti  fic 
ellc  patct,quodIibct  f^lidiim  fi- 
milarc  gciiitum  cx,  BD,ad  libi  fi- 
milare  genitum  ex  fcmihypcrbola ,  BED  >  luxta  commu- 
ncmrcgulam,  ED»  • 

C  O  R  O  L  L  A  R  I  V  M  XV- 

fM  Prop.  1 5 .  expofita  cius  figura,  vt  fiat  excmplum,  ea- 
dc  voluatur  circa  aximj  GDj  vt  cx,  FD5  fiat  eyliudrus, 
FH  5  &:  ex  hypcrbo- 
b,CBD,foliJum,C 
BDNH^quod  voce- 
turrScmianuUis  ftri- 
clns  hypcrbolicus: 
intelli^antur  a  atcm 
fempcr  hxc  folid.u^ 
fccari  pcr  axcm  ,  vt 
in  ijs  producantur 
fi^ura:,  quae  in  rciio- 
lutionc  eadcm  gc- 
ncraiu ,  ncmpc  ex- 

tcnfo  planoj  FD,  pcr  axcm,  GD,  produci  figurUjFH,  com- 

pofi;- 
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pofitam  cx  duobus  parallelogramis,  FD,  DM,  &c  figuram, 
CBD-^iH,  copodtam  cx  diuibiis  hyperbolis,  CBD,  DNHj 
patet  ergo  cylindrum,  FH,  ad  rolidum ,  CBDNH ,  f  ife  vf, 
FD ,  ad  hypcrb^lam ,  CBD ,  &  fic  c^Te  quodlibet  folidum 
limuarc  geaitum  cx ,  FD ,  ad  fibi  fimilare  geiiitum  ex  hy- 
pe.bob,  CBD,  iuxta  communcm  regulam,  CD. 

COROLL,  XVL  SECTIO  PRIOR. 

IN  Prop.  1 6.  vt  fiat  exemplum ,  reuoluatur  eius  figura 
circa  axim ,  HM,  vt  ex  ,  FM ,  fiat  cylindais,  FO ,  &  ex 
nyperbo- 
la ,  CBD, 
folidfi,CB 
D, SOQ^ 
quod  vo- 
cetur :  Se- 
miaiiulus 
latus  hy- 
pCrbolic': 
patet  ergo 
cyliiidrfi , 

FQ,adrc!nia  iuhi;n  IatumhyperboIicum,CBDSOO,e(rc 
vt,  FD,  ad  hype  rbolam,  CBD,  &  fic  efl-c  quodlibet  folidu 
fimilare  gemt  um  ex ,  FD ,  ad  fibi  fimilare  gcnitum  ex  hy- 
perboia,  CBl>,  uixta  communcm  regulam,CD. 

SECTIO  P0STER|I0R. 

Nde  hnbetur  ex  Corollario  cylindrum,  FH,  in  figura 

pe,bo£::^:sss:fns^^ 

CO- 
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FH.,adf>lidimi,CBMH,  '  ^ 

qnodvocctar;  Scmibafis 
colum  la;  is  ftricb  hypcr- 


nllcla  iiCjHM^pjccc  i  i  fi. 
giira  CoroIIaiij  a  itcccd. 
q iiarationcm  habcat  cy- 
li  id  us,  FQ^adfoIidiim, 
C  liO       quod  vocctur : ' 
Scmibaiiscoluninaris  la- 
ta  h/pcrbolica  :  fi  tandcm  fit^RS,  voluto,  FS^circa  axim, 
RS>  vt  cx,  FS^.fiat  cylindrus,  1 H ,  &:  cx  figura,  CBRS,  foh- 
dum,  CBDH,  quod  vocetur: Scmibafis  colum  inns  mcdia 
hypcrbolica  :  patct  cylit^idrunijrH^ad  fcmibafunjCBDH, 
c;l^  vt  quadratum,  CS,  ad  quadratum,  SE,  quadratum,EI> 
&:  r<?da!igulum  bis  fub^VE^ES,  vt  &:folida  fimibria  cx 
cifdcm  gCiiita  iuxta  cwmmuiicm  rcgulanij  CS. 

C  O  R  O  L  L  A  R  I  V  M  XVIII. 

IN  Prop.  iS.habctur,  vifis  proximis  antcccdcutibus  fi- 
guris,femianuhim  latimi  hypcibolicum ,CBDSOQ^ 
ad  fcmianulum  ftric^tum  hypcrbolicum,  CBDNH^cfTc  vt, 
CM,  MD,  ad,  DCs  &  fic  folida  fimilaria  &c. 


I 


COROLL.  XIX.  SECTIO  PRIOR. 

N  Prop.  1 9.  hibctur,  vift»  figur.i  CoroUarij  1 5.  conoi- 
dcm  hvperbolicain  genitam  ex  fcniihypcrbola,  CBE> 

K  ad 
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ad  femiatiuliun  ftri^lum  hyperbolicum ,  CBDNH  5  efl*^  vC 

qiudratumD  IE5  ad  rcctangulum  fub^  CD, &:  dupla^VE. 

SECTIO  POSTEIUOR. 

VNde  ia  Corollario  colligitur  eadem  conoidem  ad  fc- 
miaiiulum  latum  hypcibolicum  cire  vt  quadratum, 
EIo  ad  rcdanguhim  fub  comporita  ex,  CM,  MD5&  fub  du^ 
pla,  VE5  &  fic  folida  fimilaria  cx  eifdcm  figuris  genita  inx- 
ta  communem  regulam)  CD. 

C  O  R  O  L  L  A  R  I  V  M  XX. 

IM  Prop.  20.  expofita  eius  figura  5  &  vt  fiat  folitu  exem- 
plum,  ea  circa  axim  ,  FE ,  reuoUita 5  vt  cx  5  BE,  fiat  cy- 
lindrus,  BC:,&  cx  opporttis  hy 
perbohs,  B^<D,  AMC^fiant  co- 
noides,  BND,  AMC,  q^itc-c  pari- 
ter  dicantiirsConoides  oppoU- 
ta:,  patet  cyIihdrum*,BC,ad  fc- 
liquum,  demptis  ab  eod<fni^  ©p- 
pofitis  conoidibus ,  AMC  5  BN' 
D  5  crtc  vt  re^Vangulum ,  NEO, 
ad  rednnguhmi,  NOE-ibis^cum 
j-.  quadiati ,  ME  ^  &  fic  efTt.^ 
quodlibet  folfdum  fimilarc  ge- 
,nitu  m  cx,  BEj  ad  reliquu,  dcm-. 
'ptis  trb^bdem  foUdis  fimilari- 
bus  genitis  exfcmihypeibolis^  ^^^"'^^^^'^^ 
BNF5  AME  3  vcl  fic  folidum  quodiibet  finiilare  genitfi  tx? 
BC5  ndi-cliqiriii-n  ab  eodem ,  dcmptis  folidis.f;nnlarib.  ge- 
nitis  cx  hypcrboJis  oppofitisj  BND5  AMC^  iuxta  commu- 
acmjregulambAC' 
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IN  Prop.  2 1 .  expofita  cius  figura,  5.'  ea  circa  axim,  LX, 
7.  A  eilwl"'';  f     '      '      cy  lindrus,  DE ,  &:  ex  figura, 

diim,DAFEVC  Ts  .W-fci=^=::=^^- ^ ^  ^  QL 
cjuod  vocctur : 
Tyrapaaum  hy- 
pcrbolicfi :  cx 
trungulis^HLO, 
OXN,  oppoliti 
coni^HJb^NO 
Y,  patct  cyliii- 
driim, DE,  ad  tympjnum ,DAFEVC,  cfTc  vt  quadrntum, 
FE,adqujdratum,  AVjCum  quadrati,HS  Vcl  (vtali- 
teribi  cxplicatur)  vt  qujdratum,  RZ ,  ad  quadratum,  AV, 
vaa  cum  rcajngulo  fub,  AZ,  3c  fcxquitCL tia,  ZV;  &  fic  cf. 
fc  quodlibct  folidum  fimilarc  gcnitum  cx,DFoacl  hbi  rnni- 
lare  genitum  cx  figura.  DAFEVQiuxta  c6cm  rc§ula,FE. 

COROLL.  aXIL  SECTIO  PRIMA. 

rN  Prop.  i  2 .  fi  in  fupcrioris  figura  fupponamMs^FRj  crtc 
acquilem  ci,  quje  tangens  fcdioncm,  DAF,  in,  A,  con- 
cluditur  intcr,  A,  &:  afymptoton^ON^habctur  cyHndrum, 
DEyeflfc  fcxquialtcrum  tympani  hypcrboljci ,  DAFEVC, 
&hoc  tv^mpanum  cifc  quadruphim  conorum,  NOV^HOS, 
&Tic  c(ic  fohda  fimilaria  cx  cifdcm  figuris  gcnita  iuxta_^ 
communcm  rcgulam,  DC. 


I 


S  E  C  T  I  O  II. 

N  Coroll.  i.h.ihcturcylindrum,DE,adtympanri  hy- 
perbolicum,  DAFEVC,  dcmptisconisoppofitis,HOS, 

K    2  NOY, 


I 
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NOY,  elfe  vt  quadratum,  DQad  quadratum,  AVj  &  in  ca- 
fupr^feiitis  Prop.clle  eoru  duplaj&r  lic  folida  fimilaria  &c. 

S  E  C  T  I  O  IIL 

fN  Coroll.  2.  difcimus  iauenirc  cylindrum  defcriptum 
aparallelogrammo  fedionib.  oppofitis  circumfcripto» 
vt  ibi  dicitur^  quod  ad  reliquu  tympani  hyperbolici^  dcm- 
ptis  oppofitis  conis^  habeat  ronem  datam^dummodo  ea  fit 
maioris  in^qualit.idemintellige  defolidis  fimilaribus  &:c. 

COROLLARIVM  XXIII. 

N  Prop.2  3 .  alTumpta  eius  fTgura,,  vt  ffat  cxcmpTumj^ 
ea  circa  axim^  RZ.>  reuoluta  ^  vt  ex^,  FC:>  fint  cyhndrus^ 
FCy&  ex^T>I,  cylindrus^TNj  &  ex 
oppoficis  hypcfbolis ,  FAD,  EVC,  F 
oppofict  c onoidcs,  FAD^  EVCj.  & 
ex  5  TA  Y  5  M ,  oppofitx  conoi- 
des,  TAY,  MVNT,  patct  ergr>  cyhn- 
drum ,  FC>  dcptis  oppofitis  conoi 
dibjs,FAD,^^VC,adcyhndn-i>TN,  X 
demptis  oppofitis  conoidib.  TAX, 
MVN^elfe  vt  pa^-allelepipeiri  fub, 
ZV,  &  bafi rcarr igulo,  V07ocu -r. 
quadrati^ZV,  a  1  pa:allelepiocd:im 
fub,  SV,  bafi  L-ea.]ng'ilo>VO.^c:im 
■f .  quad  -ati,  S  V ;  fic  eifc  quodli- 
bet  folidum  fimilare  genitum  ex^  FC,  dcmptis  folidis  {:m- 
laribus  genitis  ex  oppofitis  hypcrbolis^FAD^  EVQ  ad  fo- 
lidumfibi  fimilare  gcnitnm  cz^TN,  dcmptis  folidis  fimila- 
ribns  genitis  exoppofitis  hypcrbohs^TAYjMVN^iuxta 
commuaem  regnl  am>  EC» 
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IN  Pmp.  24.  ejq)ofita  ciiis  figura,  &,  vt  fiat  cxcmplum, 
ca  circa  j  xcni,  XL ,  reuoUua ,  vt  cx  figura ,  EVCDAl-, 
fiat  tympa.uiin  hypcrbolicum ,  EVCDAi^ ,  &  cx  figur;^., 
MVNYAT,fiattym- 
panu  hvpcrbulicum.  q  ^ 
MVNvAT,patec  E,^=^ 
tympaiium,EVCDA 
F,ad  tympaaum,MV 
NYAijcUc  vt  paral- 
lelepipcdiim  lub^XL, 
&:  CiUadratc,KZ,,cum 
duplo  quadrati,  AV, 
ad  parallclcpipedum 
fiib,  HG,  q.iadr.itr>,  RS,  cum  dup!o  quadrati,  AV;  &  fic 
elk  qu  ;d'ibctl  >hdum  limilarc  gciutum  cx  figura,EVCD 
AF,ad  fibilimilaic  gcmtuincx  figura , MVNY AT , uixta 
communcm  :egi»Iam,  CD. 


COROLLARIVM  XXV. 

IN  Prop.2  ^.vifa  figura  antcccd.Coroll.  in  qua  ex  trian- 
guUs,  QOP,  lOK,  geniti  fint  coni  oppofiti,  QOP,  lOK, 
&  cx  trianguli  ,  n  lf>,  RKD&r,  coni  oppr^fiti,  non,  ReO&-, 
patct  tympanum ,  EVCDAF ,  dcmptis  conis ,  QOP,  lOK, 
ad  tympaniim ,  MVNY.Af  , dcmptis  conis ,  nOa ,  9iO&:, 
elTc  vt,  XL,  nd,HGj  &  fic  circ  folidum  fimilarc  gcnitrm— • 
ex  figiira,EVCD.\Fj  dcmptis  fohdis  fimilaribus  genitis  cx 
triaiig'dis,QOP,IOK,adf()hdum  fimilarc  gcmt^cm  ex  fi- 
gura,TAYNVM,  demptis  foUdis  fimilaribus  ceniris  cx 
tnaugiiUs,  6cO%  ClOn^  iuxta  communcm  rcgalam, AV. 


CO- 
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J  N  Prop.  i6.  vifis  figuris  CoroUarij  2  5.24.&  fuppofito, 
A  FC,  ellcidcm  paraltclogrammum ,  iii  vtnfq;  figuris  pa- 
^et  cylindrum  FC, in  figura  Coroll.2 3.  demptis  oppofitis 
conoidibus,  FAD,  EVCjud  tvmpanum  hypcrbolicum  ge- 
nitum  ex  figura,  EVCDAF,  iu  figura  Corol.^^.fcilicet  ad 
tympanum  hypcrbolicum,  EVCDAF,habcrc  rationciTLj 
cumpofitam  ex  rationc  rcaanguli,  AOZ,  bis  cum  r.  qua- 
dtati,  VZ,ad  reaangulum,AZO,&  ex  rationereaanguli 
fub,  DC, vcl,RZ,  &  fub,  EC,  ad quadratum ,  AV,cum  r.' 
quadrati,  Kl,  vel  cum  redtangulo  fub,  AZ,&  fexquitertia, 
ZV,  &  lic  clfe  quodlibet  folidum  fimilarc  geniti-.m  ex,FC, 
dcmptis  folidis  fimilarib.  genitis  ex  oppofitis  hyperbolis, 
FAD,EVC,  uixta  cocm  regulam,  EC,  ad  folidum  fimilare 
f.bi  genjtum  ex  figura,EVCDAF,  iuxta  regulam,  CD. 

,  C  O  R  O  L  L  A  R  I  V  M  XXVIL 

IN  Prop.  27. confpecta  figura  Coroll.  2 1.  intelligantur 
^   dclciipta»  fecliones,  BIG,KMP,qua?dicuntur  cCiuaat^ 
(eaionibus,  DAF,  CVE,  cx  quibus  in  rcuolutione  ee^iitae 

5f"^''T?#''^'' KMP,  patct  igltur  cyli>l> 
rifum,  DE,^ad  tympanum  hyperbolicu,  DAF,  EVC,  dem» 
ptis  oppol.tjs  conoidibus ,  BIG ,  KMP,  efTe  vt  pa-allelepi. 
ped^mi  fub,ZC,&  fub  quadrato,  Z(^(qt!a:  habetur  exten> 
^,ZC,  ad  a^Miiptoton  produaa.fad,  OS,  cui  occurrar in, 
Q,)  ad  paralleiep.pedu  bis  fub,  XM,  &  quadrato,MO,cum. 
cub6,MO,&  ampHus  ^.ciufdemcubi;  &  fic  clfe  quodlibct 
fohdtMB  fiiiiilare  genitum  ex, FQadfibi  fimib 
cx  figu^a  ,  DAFEVC,  demptis  fohdis  fimilaribus^ecniti. 

gulam,FE,vcJ,AV. 


CO- 
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IN  Pr^n^^.Mr  ^^^CTIO  PRIOR. 

■  IN  b^rop.  28.  ilhus  aaiimpta  figura ,  cadcm  rciioluatur 

t^.r^r^  ,  *^^^*'^^>^^tautcmrCLioluciocil:caj^v:Y; 

patct  cf  go  cy  li;idi  u  gcintum 

cx,TV>  Km^c,T\sadrcIi- 
quumjab  codcm  dcmptis  fo- 
lidis  gciutis  cx  quatuor  hy- 
pciboliscomugatis,  BFH,  P 
IQ^AEQ  MOvN ,  cilc  vc  cu- 
bu.s  ZVo  vcl  5  SY,  ad  parallc- 
lcpipedum  lub,QV,  &  quad. 
Z\'5vna  cum  paraliclcpipcdo 
luUZ-CY^Si:  lub  compolito  cx 
■f.  qiiaaiati,  ZQ^6c  quadra- 
to,  S05.)fb  his  tamcii  dcmpto 
parallciepipedo  ftib^SO, 
quadrato,  OVi  cuili  r.  ciibi, 
-OVjoC  lic<tl'c  (oUdum  lin.ila- 
rcquoilcuivqucgcnitumcx  parallclo^ramincTV^ad  f.bi 
lumlare  gc  utuip  cx  figura,  TBrHRVQn,^X ,  dcmptis  foli- 
dis  limilanb.  getiitiscx  oppofitis  hypcrboUs,AEC,MON> 
iuxta  cocm  rcg  Ji,  RVs  cadcm  vcco  cHcoftcudcmMs  fum- 
pta  pror^gu!a7pfaA'X,  3c  rcuohitioac  (^cta  ciica  axc^GZ. 
SEGTIO  POSTRRIOR. 

I N  Coroll.colligitur  cvU.vJ.um/I  ViadcyHiHlrnin^TP^ 
tSc-jHX^cum  tympano^BFHQlP^eflc  vt  cubus ,  YS,ad 
pa-aUclcpipcdiim  fub^KY,  i':  quadrato,  VS  >viva  cimi  p^- 
ranclepipcdolub,  IvS^&compofito  ex  quadrat05SO>&:  -r. 
quadratijSKi  &  fic  foUda  fimiiaria  cx  cifdem  figuris  gcni- 
ta  iuxta  ibi  alTumpram  rcc^ulam,  R\^ 

COROLL.  XXIX.  SECTIO  PRIOR. 

1N  Propof.  2y.  vif^  ckis  figura ,  caquc  rCuoUita  cirtoJ^ 
axcni,  &iY,  vt  in  antcccd.  coivfpicirm^pntec  f  Jiduna  m 
rcuoiutionc  dcfcripsym  afigura  rcfHiiia dcmptis  a  pnraU 


m 


8o  GEOMETRIit  LIB.  V- 

lelogrammo ,  TV,  qiiatuor  hyperbolis^BFH,  PlQ^AEC> 
MON,  ad  folidum  defcriptiim  iii  reuolutione  ex  figura  re- 
fidua,  dcmptis  a^parallcbgramoj  /SH^quatuor  hyperbolis, 
^F7>  <^lAy  LEr,  SO^jCiTe  vt  paralleiepipcdum  (ubyQVpSc 
quadrato,  VI,  vna  cum  parallelepipcdo  fub  5  QZ ,  &  com- 
•  pofito  ex  quadrato,S05&:  t.  quadrati,  QZo  ab  his  dempto 
parallclepipedo  fub, SO,  &  quadrato, O^ 5  &  !*•  cubi^OY, 
ad  parallelcpipedum  fub,  Aa,  &  quadrato  5  fl^  ^  vna  cum 
parallelepipedo  fub,  A45  &  compofito  cx  quadraro/jO>  8c 
-r.  quadrati,  A4,  dcmpto  parallelepipedo  fub,  SO,  &  qua- 
drato,  O^^cum  f.  cubi,0^:  Sic  etiam  patet  c  (fc  quodlibec 
folidum  fimilare  gcuitum  ex  figura,TBFHRVQ[PX,  dcm- 
ptis^folidis  fimllarib.genitis  cx  oppofitis  hyperbolis,  AEQ 
MON ,  ad  fibi  fimilare  gcnit um  cx  figura ,  B^F?  -  Al^ A, 
dcmptis  foUdis  fimilaribus  gcnitis  ex  oppofitis  hyperbo- 
lis,  LEr,  2O35  iuxta  commivnem  regulam,  RV. 
SECTIO  POSTERIOR. 

IN  Coroll.  coUigltiir  eadcm  f  >lida  vgenica  ncmpe  ex  fi- 
guris ^ TBFHRVQTPX5  /3^F7 2 n A; a>A ,  iuxta  commu- 
nem  regulam,RV^  nihil  ab  cis  dcmpto  5  cffc  vt  di^la  paral- 
lelcpipcdaj  nihil  pariter  ab  cifdcm  dempto. 

S  C  H  O  L  I  V  M. 

S/  veto  intelligerimus  tfcmUittonem  patatlelogrdmmf  ^TV, 
non  fieri  cirea  >  (^T^frdctrca ,  Xf^,  z  el  dli parallflam ,  ftu 
xirca,TX,  autilh  paralleUm.quonumfigura,!  BFHRV^lPX, 
txevli gratta,  talts  tft.f^ualem poflf4ant  Prfipoftg  &  ^o,  LtL^. 
v$  faetle patet^  idto  cylindrus^vel  fafcia  cyhndrtca gemfa  ex  pa^ 
rallelogrammo,  r  V,  ad  fvlidum  gcntium  in  talt  reuoluttonf 
di£la figura,  T BFHRV^PX,  erit  vt  di^um parallelcgramum, 
7 V,  ad  dtSiam  figuram,  TB  FHRV^PX.  Mttto  autem  htc pa. 
riter  quamplurtma^qua  adhac  ctrca  hac  tndaganda  ftfprrfunt^vi 
L((iori  in  hts  labotandi  locus  rettncjuatur.  HjiC  vero  ctrc a  hyper^ 
bolam,  oppofitas  feHiones pro  nunc  adtnuentfe fit  fatts. 
Finis  ^wti  Libri . 


GEOMETRIiE 

CAVALERIl 

LIBER  SEPTIMVS. 

In  quoquxcumquein  antecedenribus  Librii 
methodo  indiuifibilium  demonftrata  fue- 
xc.alia  ratione,  ab  cadem  independente, 
brcuitcroflenduntur. 

P  R  ^  F  A  T  I  O. 

EOMETRI^,  inftxffrlorikus 
Lihisiper  *4W,^«4«»  indtuijiln^ 
lium  metbodum  non  mcongrue 
4ppell4mus ,  b*3enus  prttnotde, 
talis/uit,  quAlts  hucufp  njtder^ 
fetmt ,  firu^ura ,  mcnon  ta/niy 
quslta  idcld  funt  fundamtntA* 
lUd  quidem  ddeo  frma,  atqi  inconcuffa,  ejje  decutt ,  ut 
n/tlut  ddamdntina  fummorum  tngentorum  tamquam 
arietum  iBihus  pulfata  ne  mintmum  quidtm  nutantia 
agnofctrentur:  Hoctnim  Mathematiearum  digmtatiiac 
fumm^t  ctnttudmi ,  quam  pr*  emmbm  alijs  bumanis 

4  Jctea^ 


^u.  GEOMETRI^ 
/(ienti}s,nemint  philo/ophorii  recUmanteJpfr  fil>i  nAn- 
dKATunt ,  mixime  conuenire  mant/e/lum  e/l.  tAn  tdego 
/ufficienter prafiittrim  Altorum  iudicio  reluiqumi  <ytti' 
euique  enim  hac perlegenti ex animi  /ui /ententidiudi^ 
care  licebit,  H^udquidm  me  Utet  circa  contmui  copo/t* 
imem^necnon  circa  infinitum>plurima  a  philo/ophts  di^ 
/putari,qo£  meisprinctpijs  obej/e  non  paitcts/ortafe  yt' 
debuntur,propterea  nempe  hafitantes.quodomnium 
vearum,/eu  omnium  pUnorum,  conceptus  cmerijsivem 
litti  ob/cftrior  tencbris  inapprehenjtbtlis  rvtdeatur :  V tl 
quoA  m  continui  ex  indtut/ibilibus  compofitionem  mes 
/ementia  proUbatur:  Vel  tandem  quod  njnuminfini, 
tum  alto  matus  dari  poj/e pro /irmtjfimo  Gecmetri^  fter' 
nere  au/enm  /undamento,circa  quf  milltbus,qua  pa/fim 
iu/cholis  cmu/eruntur  argumentts,ne  AchiUea  quidem 
arma  refi  Here  pojfe  exi/iimanturMis  tamen  egoper  «a, 
qua  Ltb.2.Prop.  i.ac  illius  Scholto  prfcipue  decUrata,ac 
demonftrata/unt,/attsperi poffe  dijudtcaui:quoad con- 
ceptum.n.  omnium  Unearum, /euomniumplanorume/' 
/ormandum,factle  hocpernegationemnos  con/equipojfe 
exiftimaui,  tta  nempe  yt  nulla  Imearum, /eu  planorum, 
excludi  hitelltgatur.^oad  continui  aute  compo/itionem 
m(tni/efiumeiiex  pntofienfts  adip/um  ex  indiut/ibili- 
bus  componendum  nos  minime  cogt ,  /oUm  enim  conti" 
nua  fequi  indttti/ibtlium  proportionem ,      e  conuerso, 
probareintentti  /uit,quod  qutdem  cum  rvtraqipofitiont 
iiare  potefi.  Tandem  *verb  dtCia  indtuifibtlium  aggre- 
gita  Koita  pertra^auimui  ^vt  infinitatis  rationem,pro» 
pter  tnpmtas  Imeasjeu  pUna./ul/tre  yid(ntur,  fedqtta^ 

tenus 


~     L  I  B  E  R    VII.  3 
Vtnus  finlutls  ^Mdnddm  cenditionem ,  tr  nmrdm  ftr- 
tiuntMT»  'vtpropttrea  ^  auieri,e^  dtminuipojfmtyyt 
iHdem  oilenfumfuit.  ft  ipf*  frout dtffinitd  funt  Acd* 
fldntur.Sti  his  nihtlominut/orti  ohfirepent  Philofopbi, 
tttUmdbUtqiGeometr^e.quipuriJftmos  •peritdtis  Uttces 
txtidrijfftmis  haurire  fontthus  cofuefcunt  ftc  obijctentes, 
Hie  dicendi  modus  adhuc  'videtur  fubobfturus ,  durior 
ft$dm  p4r  eii  euddit  bic  omnium  linedrum  ^feu  ommum 
fUnorum  conceptus^qudpropter  hunc  tu*  GeometrU  ccm 
Cordtum  nodum  aut  dufetds ,  dut  fdltem  frdngds ,  ntft 
dtffoluds .  Fre0em  efutdem  fateor ,  o  Geometra ,  o'?/ 
^mnino  i  prioribus  Libris  fuflultljem^nift  indtgnum fa' 
imus  mihi  nj  fum  fuijfet  noua  hdc  GeometrtxiTjeluti 
mjfieria fapienttjftmis  abfconderfvtriss  o/r,  his Junda- 
mentist  tfuibus  tot  concluftonum  abdlijs  ^uop  oflenf^ 
rmm  'veritdtes  adeo  miri  eoucorddnt ,  dltcuius  induflrid 
pseitus  forte  concinndtis ,  hutufce  nodi  exoptdtdm  [iUif 
dijfolutionem  atiquando  pr^ejlare pofjint .  Intertm  qud' 
Itfcumqimea  fuerit  illius  tentatd  dilfolutio,  ipfumtd- 
men  m  prtfentt  Libro,  mouis  dlijs  denuo  Hrdtts  funda^ 
mentis,  quibus  tg  omnid,qu4e  indiuiftbiltum  metbodo  im 
Mtecedenttbus  Libris  idm  oHenfd  funt ,  dlid  ratione  ait 
injSmitdtit  exemptd  conceptu  c^probdntur»  omnino  ^ 
dio  tollendum  ejje  cenfut,  Hoc  fvero  pr^ectpui  a  nobis  fa- 
Qum  efi,  tum  yt  dpud eos ,  qutbus  nofird  bxc  indiuifi' 
htltum  methodus  minus  probabttur,non  indi^ne  noftrdm 
bdnc  de  Continuis  doSlriuam  Geometri^e  titulo  infi^niri 
clarius  elucefcats  tum  ettam  'vt  appareat,  quodnon  leui 
rdtieoe  du^i ,  cum  pojfemus  cunSla  per  tndiuifbtltum 
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4  GEOMETRI^ 
tnethodum  ^uoHtnfA ,  tMtum  per  buks  Librl  funiA* 
ment^  dtmonHrart ,  illm  quoqut  metbodum  tanquam 
noudm,dc  conftderatione  dt^nam ,fuimus  profequufh 
liedum  rvero  ipfum ,  cui  negotium  facefferet,  non  inMii^ 
ter  in  prtecedentibus  Libris  rtlMum  effe ,  quintmmo  nes 
ipfum  alicui  Me^vandroaut  frangendum.aut  wstafcru^^ 
polofijfimi  cmufqi  Geomttra  yota  diffoiuendum,  meritl 
referuajje,  non  inepte  quifpiam  iudicabit, 

THEOREMA  I.  PROPOS.  I. 

Flgurac  planac  quaecunq;  in  cifdem  parallelis 
conftitutae ,  in  quibus ,  duc^is  quibufcunqj 
cifdem  parallelis  aequidiftantibus  redis  li- 
neis,  conceptaecuiufcumqj  reda;  lineai^poftiones 
funtaequales,etiaiii  interfe  «quales  erunt.Et  fi- 
gur«'folid«qu£ecumq;in  eifdem  planis  parallelis 
conftitutae|,in  quibus ,  du^iis  quibufcunq;  planis 
cifdem  planis  parallelis  aequidiftantibus ,  conce- 
ptae cuiufcunq;  fic  du^ti  plani  in  ipfis  folidis  figu- 
raeplanae  funt  ajquales,  pariter  inter  feacqualcs 
erunt.  Dicantur  autem  figura:  aequaliter  analo- 
gae ,  tum  planac ,  tum  ipfa?  folidae  inter  fe  compa- 
ratae,  ac  etiam  iuxta  r eguias  lineas,  feu  plana  pa- 
rallcla,  in  quibus  elfc  fupponuntur,cum  hoc  fue- 
lit  opus  explicare-» . 

Siiit  quscuiiqi  plai  ac  figura-,  BZ&:,  C/3 A ,  in  cifdcm  pa- 
rallelis,  AD,  Y41  conltitutie ,  ductis  autcm  ipfis ,  AD ,  Y4, 
qujbuicunquc  parallclis ,    ,  L2 ,  portioats  cx.  g.  ipfius. 


E6y  in  figuris  coccptx,  ncmpc,  FQ,  HI,  intcr  f  ^  -  qiia- 
lcs^  nccnon  ipfms,  Lx,  portioncs,  MN,  OP,  fu .  .ptx 
(fit  cnim  figura>  cx.g,  intus  caua  fccundir  ambitum, 
1»,  N,  «J,O0  ipfi^  SV,  fint  paritcr  x^iialcs ,  &  hoc  contm- 
gat  in  quibufcunqi  alijs  ipli ,  AD,  arquidiftantibus  .  Dico 
figuras,  BZvSl,  C>S A,  intcr  fc  xqualcs  clTc.  Ailiimpta  crgo 
altcrutra  figurarum,  BZ&,  C>9A,Yt  ipfa,BZ&:,  cum  paral- 
lclaru,AD,Y4>portio   '  contcrnfiinantibus,  ncm- 

pi  cum ,  AB,  Y&:,  fupc;^  . .  ^ t  jr  rcliqusp figura: ,  C|9A  ,  ita 
tamcn  vt  ipfar ,  AB,  Y& ,  cndant  fupcr,  BD,  ,  vcl  crgo 
tota,  BZ&,  congruit  toti,  C^A,  &  ita  cum  fibi  congruant 
i  int,  vcl  nonjali'  cn  parscfto,quodcon- 

n,vt,C^.   ^  >,^P'  -  ''7^^^pl]^ 


^il  fu- 


ir3e,C73A 

pcrpofitionc  figurorum  talitcr  cfftda  >vtporticnc.s  paral- 
1  '  -^Y^ji  iminantcsfint  limiccm 

{  '1   ■  vlinco?!  ^  '  isconcc- 

j .  •  ctjnm  i;  Jicclum, 

rcdtum  ipfi,SV,did  L-# 
i  i.im  fibi  in  dircch:m,  ncm- 
Vjcft.n.di^'  'irum, 
,   .iatia:^V>aL  ^  -iJ,vii- 

ac 


Vt  CX.g.  CUi: 
fupcrpofitionc  : 
pc,  QR^  ST,  in  . 
MN.OP^abjA 


r 
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€lc  quotiefcunque,  AB,  extcndatur  fupcr,  BD,  vbicunquc 
hoc  fiat,  femperj  MN,  OP,  manebunt  in  dire(5tum  ipfi,SVs 
quod  &  de  casteris  quibufcunq-  ipfi^ADjparallelis  in  vtra- 
quefigura  liquidoapparet.  Quodvero  pars  vniusfigura?i 
vt,  BZ&:,  congruat  neceflario  parti  figura?j  C/3 &  non— » 
tpti^  dum  fit  fuperpofitio  tali  lege,  quali  didum  eft,  fic  de- 
monftrabitur .  Cum.n.dudlis  quibufcunqjipfi,  AD^pa- 
rallelis  conceptse  in  figuris  ipfarum  portiones ,  quae  erant 
fibi  in  dircdum,  adhuc  poft  fuperpofitionem  maneant  fibi 
in  diredum  5  illa^  vero  ante  fuperpofitionem  elfent  cx  hy- 
potefi  a^quales  5  crgo  poft  fupcrpofitioncm  portioncs  pa- 
rallclarum  ipCh  AD^in  figuris  fuperpofitis  conccptse  crunt 
paritcr  asquales,  vt  ex.g.  QR,  ST5  fimul  fumptse  a?quabun- 
tur  ipfi,  SV5  ergo  nifi  vtr^quc,  QR,  ST,  cogruant  toti,  SV> 
congrucntc  partcalicui  parti,  vt,  ST,  ipfi,  ST,  erit,  QRj^e- 
qualis  ipfi^TV^&j  QRj  quidem  erit  in  refiduo  figur^^BZ&j 
fuperpofitse^TV,  vero  in  rcfiduo  figurse,  C^A^cui  fit  fupcr- 
pofitio.  Eodem  modo  oftcndemus  cuicunq^  parallela?  ipfi, 
AD,  conceptx  in  rcfiduo  figura?,  BZ&5  fuperpofit.T ,  quod 
fitjH^i^pyjrefpondcreindircari  a^qualem  reaam  lincam^ 
quascritin  refiduo  figura?,  CjSA ,  cui  fit  fuperpofitio ,  crgo 
fupcfpofitioncUae lcgcfa(aa,cumfupcrcft  aliquid  dc  fi- 

gura 
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gura  fiipcrpofita,  quod  non  cada  t  fupcr  figuram,  cui  fit  fu- 
perpolitio ,  ncccirc  cft  icliqua:  hgurar  aljquid  ctiam  fupcr- 
cfle,lupcrquodiuhilf,t  fupcrpofitum .  Gumautcm vni. 
cuiqj  rcavlinc.rparallclx,AL),coaccpta:inrcfiduo,vcI 
rcnduis  ( quia  poifunt  cffc  plurcs  figurx  rcfidux )  figura?,  B 
fuic,  CeiFj  fupcrpoiita:,  rcfpondcat  in  dirc^um  in  rc- 
liduo,  vel  rcfiduis  figura^,  C(3A,  alia  rc^a  linca  ,  manifefta 
cft  has  refiduas  figuras,  fiucrcfiduaru^i  ^ggrcgata  3  cffcifi 
cjfJcm  parallclisjcum  crgo  rcfidua  figura.HPij^y.fitinL^ 
parallelis,  E^^Y^,  ctiam  refidua  figura,  vcl  rcfiduarum  ag- 
grcguum^ipfius.C/SA,  (quod  fit  ipfa  fruftajFA,  785,)  crit 
in  cifdcm  parallcliss  £^,¥4,  fi  .n.  non  pcrtingcrct  hinc  in- 
de  ad  parallclas,  E^,  ¥4,  vt  cx.  g.  fi  pcrtingcrct  quidcm_9 
vfq^  ad,  E6,  non  tamen  vfqj  ad,  Y4  ,  fcd  tantum  vfquc  ad, 
L2 ,  conceptis  rc^is  lincis  in  frufto 5  Q^0^ pK ,  ipfi ,  AD, 
pnraliclis  non  rcfponderent  in  refiduo  figurar,  C/S/,  fcu  cx 
rcfiduis  nggregato,  aliar  rcd.r  lincT,  vt  fupcrius  ncccffe  cf. 
fc  probatum  cft,  funt  crgo  ha:c  rcfidua,  vcl  rcfiduorum  ag- 
gregata  in  cifdem  parallclis,  &.  in  illis  conceptxparaUela- 
rum  ipfis ,  ADj  Y4 ,  portioncs  intcr  fc  huu  arqualcs ,  vt  fu- 
pra  oftcndimus ,  ergo  refidua  ,  fcu  rcfiduorum  aggrccrata, 
lunt  clus  conditionis,  cuiiis  ipfas,  liZ^',  C/SA,  figurafiam 
clTc  fuppofitum  fuir,  idcft  a^qualitcr  anaJoga.  Fiat  crgo  de- 
nuo  refiduorum  fuperpofitio  5  Jta  tamcn  vt  parallcla^^  GH 
&:3y  fiipcr  parallcl  is,  HK,  164,  fint  conftitucx,  &  congruat 
pars,  VAA,  frufti,  H^>y  97,  parujVAA,  frufti,  IFA,  oftcncic- 
mus  crgo  vt  fupra ,  dinn  vnius  habctur  rcfidunni  haberi  e- 
tiam  alterius ,  &c  hxc  refidua  5  fiuc  refuiuorum  aggrcgata^ 
c(fc in  cifdcm  parallclis ,  fit  autcm  ad  figuram , BZ&: , fpc- 
^ta ns rcfiduu, KV^^nAy ad  fig'-ira  autcm, C/SAjfint  pcrti- 
ncntia  refidua,  iFAVj  785,  quorum  aggrcga tum  cft  in  cif- 
dem  parallelis  cum  rcfiduo,  K  VA3  nX^ncmpc  in  parallclis^ 
E^jY^/iergohorum  rcfiduorum  fiiitdcnuofupcrpofitio, 
ka  tamcn  vt  parallclx^inquibus  cxiftunt,fintfcmpcr  ad 
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mmccfuperpofitsc,  &hocfempcr  fieiri  intelligatur,  doncc 
cota  fiaura,BZ&,fuerit  faperpofitn,dicototam  deberc.-» 
ipfi ,  Q3A ,  congruere ,  alioquia  fi  efibt  aliquod  refiduum 
vt  fi^-urx,  C/SA,  cui  uihil  clTet  fuperpoficum ,  efibt  etiaiTy 
aliquod  refiduum  figurce ,  BZ& ,  quod  noa  cflfet  fupcrpoii- 
tum ,  vt  fupra  oftendimus  necclfe  elfe ,  pomtur  autem  to- 
tam,  BZc%  eirc  fupcrpofitam  ipfi,C^A,ergo  ita  funt  ad  m- 
uicem  fuperpofit.^,  vt  ncutrius  refidua  habeantur,  ergo  ita 
funt  fuperpofitce,  vt  fibi  congruant ,  ergo  figurx ,  BZ,5c,  <^ 
/8Ajiaterfefunta»quales. 

Sint  nunc  in  eodem  fchemate  dusfigurx  fohdx  qux- 
cunque,  BZ&,  C/3A ,  in  eifdem  planis  parallehs ,  AD,  Y4, 
conftitutaj,  du^is  autem  quibuicunqj  planis,  E6,  L2,  pr^- 
fatis  a:quidiftantibus ,  fint  conceptce  in  fohdis  figurx ,  q"» 
iacent  in  eodem  plano,femper  inter  fe  ^quales,  vt,  FG,  x- 
qualis,  HI,  &,  MN, OP,  fimul  fumpts  ( fit  .n.  folida  figuri 
ex.g.  BZ&r,  intus  vteunq;  cnua  fecundumfuperficiem, »», 
N,  I J,  O,)  scqunles  ipfi,  SV.  Dico  eafdcm  folidas  figuras  x- 
quales  cife .  Si  .n.  folidum ,  BZ& ,  cum  portionibus,  AB, 
Y& ,  planorum ,  AD,  Y4 ,  ipfi  contcrminantibus ,  folido, 
C/3A,  ita  fuperpofuerimus,  vt  planum,  AB,  fit  in  plano,  A 
D,  &,  Y&,  ia  plano ,  Y4,  oftendennis  (vt  fccimus  fuperius 
circa  parallclarum  ipfi,  AD,  conccptas  in  figuris  pLinis,  B 
Z&,  C/3A,  portiones)  figuras  in  folidis,  BZ&,C^A,conce- 
ptas ,  quse  crant  ia  codem  plaao ,  etiam  poft  (uperpofitio- 
nem  maacrc  ia  codcai  plnno ,  &  idco  adhuc  ajquales  cfte 
figuras  ia  fuperpofitis  folidis  conceptas,  &  ipiis,  AD,  Y^, 
parallelas.  Nificrgototum  folidum  toticongruatin  pri- 
ma  fupcrpofitione,  rclinqucntur  refidua  folida ,  vel  cx  cc- 
fiduis  compofita  in  vtroq;  folido  ,  c\ux  non  crunt  ad  inui- 
cem  fuperpofita,  cum  .n.  cii.  g.  figurx , QR,  ST,  arquentur 
figurx)  SV,  dcmpta  communi  figura ,  ST,  rcliqua ,  QR,  x- 
quabitur  rcliquaj ,  TV,  hocqs  contingct  in  quouis  alio  pla- 
no  ipfi ,  AD,  parallclo  occurrcnie  foUdis ,  C9ir,  C^A,  cr- 
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g^rcmpcrhabciucs  rcfiduum  vniuj  foUdi.Iubcbimusc- 
uain  rcliduum  altcriui,  &  patcbit,  iuxta  mcthodum  adhi- 
buampnoripartchuiusProporitwnis  circafigucas  pl,- 
nas ,  rcHdua  folida ,  vel  rcfiduorum  aggregata  (cmpcr  cffe 
m  cifdcm  parallclis  planis ,  vt  rcfidua ,  HPej  <?7,  IFA,  7I  j, 
cilc  m  planis  parallclis  ,£^,¥4,30  a;quahtcr  analoga  :  A 
crgo  hfc  rdidua  adhuc  fupcrponantur,ita  vt  planum,EH, 
locctur  in  planu,  H6y    Y/3,  m,  ^4,^  hoc  fcmpcr  ficri  in- 
tcUigatur,  donec  quod  fuperponitur,vt,  BZ&:,  totuni  fuc- 
rit  airumptum,  tandcm  ipfum  totum,  BZ&.congruct  toti, 
C^A,  nifi  .n.  tuto  folido,  BZ&,  ipfi,C0ii,  fupcrpofito,  ip- 
fa  fibicoagruerent ,  clfct  aUquod  rcfiduum  vnius ,  vt  foli- 
di , C^A ,  crgo  ctiam  ciret  aliquod  rcfiduum  foHdi ,  C^r, 
leu,  bZic,  illudqs  non  clTct  fupcrpofitum ,  quod  cil  abfur- 
dum,  ponitur  .11.  iam  totum  folidum,  BZ&^elfc  ipfi,C,eA« 
fupcrpofitum ,  non  crgo crit  aliquod  rdiduum  in  ipfis  (o- 
lidJs,  ergo  libi  congrucnt,  crgo  diclt  figurx  foUda-,  BZ&* 
C^A,  uncr  fc  xqualcs  crunt ,  qua:  fucrunt  dcmonllranda. 
Prarfatar  autcm  figuraf,  vt  fupra  innuunus ,  dica tur  «quaU- 
tcr  analogx,^<  uopus  crit,iuxta  rcgulas  Uncas  paraUclas» 
fcu  plana  piraUcIa,  AD,  \ 4. 
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C  I  in  cadem,vel  atc  iliBus  bafibus,&  io  cifdcm 
^  parallelis  figuxx  nar  jcqualitcr  analog» 
iuxca  eafdcm  bafcs  fuenuc  conAicutx,  ita  tamca 
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vtqaapcunq;  acquidiftaiinuni  bafibus  linearuta-* 
portiones  in  eifdem  cocepta?  figuris  integrac  finr, 
ac  eidem  bafi ,  vel  bafibus  a^qualcs ,  ipfac  pariter 
figurat  inter  fe  xquaks  crunt  • 

Sint  in  cadcm  bafi,  GH ,  feu  in  arqualibus  bafibus ,  &  in 
cifdem  parallclis ,  AF,  PQ ,  figurae  plan^e ,  AGHB,  EGHF«, 
{qualiterana 

log«  iuxt         A     &  c      D    E  F 

candcm  ba- 
fcm^GH,icu 
bafcs  ^qualcs 
ia  did):^s,cx- 
tcfa  vero  qua 
cunq^  ipfis^P 
AF,  paral- 

lcla^  SRjciufdem  portiones  capta?  in  pr^fetts  figuris>vt,ST, 
NO,  intcgra^fintj  ac  aequalcs  bafi,  GH^feu  didtis  sequalibus 
bafibus.  Dico  ctiam  praefatas  figuras  intcr  fe  2Equa!esc{fe. 
In eadem  .n. bafi,GH  5  feu  in  altcra  dida^rum  aEqualuirxx— ^ 
bafiumfit  conftitutum^&:  in  eifdcra  parallelis ,  AF,PQ» 
quodcunqs  parailclogrammum,  CH^in  quo  portiO  concc- 
pta  ipfius,  SR,  fit,  LM5  qua?  erit  asqualis  ipfi,  GH ,  &  confe- 
qucntcr  ipfi,  NO,  vndc  addita  communi,  MN,  fiet,  LN,ac- 
qualis,  MO.  Eodem  modo  autcra  oftcndcmus,  CE,  cHc^ 
aequalcm^DFj  &  rcliquas  buiufmodi  fimilitcr  adafquarf. 
Nunc  alfumpto  trilinco,  ECG,  & pofito^C,  iujDy&jCG» 
in>  DH,  cadct,  G,  in,  H,  quia,  CG,  DH,  funt  acqualcs ,  ca- 
dencc  vcro  trilinco,  ECG,  fuper ,  FDH  >  cxtcndctur,  CE, 
fupcr ,  DF)  cum  angulus ,  FDH ,  cxtcrior  fit  arqualis  intc- 
riori>  ECG,  parallclarum ,  DH  >  CG ,  &  pun<iium ,  E,  crit 
in,  F,  ambitufquc,  ENG,  cadet  fiipcr  ambitunij  FO^^  fi  c- 
ni4iiii^n,cfto<juodaUo^uod  punituBO  ambitusjENG, non 
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oada* fupet, !?OH > cadct  crgo  vcl  cxtra  triliiiciim , FDHi 
vclthtM,  cada^  cxtia,  vt  iay  R,  ita  vt  ambitus,  ENGH,  ca- 
dat  vt,  FRH,  crit  ergo,  Mll,  inaior,  MO,  fcd,  MR,cft  aequa- 
lis,  LN ,  crgo ,  LN >  crit  maior ,  MO ,  fcd  cft  ctiam  ^equalis 
cidcm,MO, cx  dcmonftratis,crgo clTcc  a:quaIis,&maior 
cadcm,  MO,  quod  cft  abfurdfi,  noii  crge  aliquod  pundlui» 
ambitus»  ENG,  cadit  cxtra  tnlincum,  FDH,  codcm  modo 
probabitur,  ncc  cadcrc  intra  cundcm  trilincum,  crgo  am- 
bitus,  ENG,  cadct  fuper  ambitum,  FRH,  congrucns  totus 
toti,  &  confcqucntcr  ctum  trilincus,  ECG,  congruct  tri- 
lince,  FDH,  &  iUi  xqualis  crit ,  vndc  ablato  communi tri- 
linco,  DIE,  &c  addito  communi  trilineojGIH,  fict,EGHF> 
figura  arqualis  p3ralIclogrammo,CH.  Eodcm  modo  oftcu- 
drmus  figuram,  AGHB,xquaricidem,CH,crgo  figurx,  fii 
GHB,  EGHF,  intcr  fc arqualcs  crunt.  Cum  aucem di6bp fi- 
gurae  fucrint  in  arqualibus  bafibus,tunc  coftitucntes  fupcc 
▼namquamqiparallclogrammum  in  cifdem  paralleiis  cum 
ijfdeai  pofitum,concludemus  rtiam  didas  figuras  apqualcs 
cftc^probantcs  codemmodo  dcfcriptis  parallclogrammis 
adarquari)  qux  quidcm  intcr  fc  crunt  arqunlia,quod  dcmi- 
ftrarc  opus  erat .  Hxc  autem  voccntur  parallelogramma 
curuilinca ,  cum  ,  AG, BH ,  EG,  FH , fucrint  cuvux  hncx^ 
cum  vcro  fucrintrcifbe  lincaf ,  parallclogrammn  rcdlilinct 
ad illorum  diffcrcntinm  cadcm  appelLibimus,fed  vtrnq;  in 
gcnerc,  fi  libucrit^ncnnucparallclogrnnimitantuni  enam 
ttuncupabimus . 
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SI  in  aequalibas  xt€t\s  liacis ,  tamquam  in  ba- 
ribus,&in  eifdem  parallelis, fucrinr  quse- 
cunqj  planap  figurat,  arqualiter  analogac  iur- 
ra  di^as  bafwS  i  portiones  auccm  «quidiftantium 
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^uoccunq;  ipHs  bafibus  liflearum  infiguriicoft^ 

ceptar  iaccgr»  fuerinc,ac  in  alcera  didaruro  figu- 
rarum  ficfe  habenccs,  vcquselibet  propinquior 
bafi  fic  maior  remociori ,  didx  figura:  iacet  fc^ 
arquales  erunc. 

Sint  ia  arqualibus  rcdis  lincis,  QP^TY^  taniquam  in  ba* 
fibus ,  &  m  eifdcm  paraliclis>  AL>  QV>  quaccunqs  plan^  fi- 
gura:,  CQPD  > HTYL ,  arqualitcr  anaioga:  luxta  didas  b^»- 
fcs>  QP5T    dudis  autem  quotcunqj  balibus  parallcljSiVt, 
AX5  rVj  ySK,  carum  ia  figuris  conccpt^e  portioncs  i.itcgi  ac 
fint  ^ac  in  altcra  figurarum  propinquior  bofimaior  icmo- 
tiori,  vt  fi  conccptjE  in,  CQPD,  fint,  N^e,  Ik,  HZ ,  &  in,  H 
TYL5  ipfa?5SX>  RV>  OK,  iftae  quidem  intcgrx  fiiUj  nccnon 
cx.  g.  in  figura,  CQPD,  N%  maior,  I&s  !&> maior,  EZy&c 
fic  in  castcris  (crit  enim  etiaip,  SX,  mn ior,  RV,  &>  RV>  ma- 
ior, OK>  & fic  in  captcris  >  cum  fint.a?qua!iicr  analogse  iux- 
ta  bafcs> QP>  TY. )  Dico  figuras>  CQPD,  HTYL  >  intcr  fe 
aequalcs  effe .  Si  .n.  non  fint  a^qualcs  >  altcra  carum  maior 
crit>  fit  maior>  HTYL,  ipfa>  CQPD,  fp:uio,    ,  tunc  mino- 
ris  figur.Tbafis>QP>moucatur  vcrfus  >  AD,  fcmpcr  ipfi>  A 
P>  ceqindiftanter  >  ac  mauenrc  iugitcr  puncio  >  P>  ia  linca> 
PD,  d:)acc  congruat  ipfi  >  AD>  igitur  pundum  >  Q,  defcri- 
bctliae.im,QrA>  &>  QP>dcfcribct  parallclogrammu^AP, 
rediancu:Ti  >  fcu  curuilineum  >  prout>  AQ,  DP>  fucrint  rc- 
clir>  vel  curux>  crit  autem>  QrA>  tota  c^tra  figuram  >CQ 
PD> cum  parallcla: > QP, in  figura ,  CQPD>  ipfi  ^QP>  pro- 
pinquiorcs  rcmotioribus  fint  fcmper  maiorcs  (quo  pa^o 
data bafij&curua linca  >tota in codcmplanocfi  ipfa bafi, 
ac  vni  cxtrcmoriieiufdcm-contcrminantc>parallelogram- 
mum  curuilineum,  ab  ijfdcm  apprchcnfum>dcfcribcrc  do- 
ccmur)  fimilitcr  compleatuJ:  parallclogrammum , FY>  du- 
caturque  5rV>parallcla^QY,bjfamindiuidcns  altitudi- 
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fiem  figuranim,  CqPD,  H  lYL^rcfpcdujQY^aflumptam, 
Iccaaf  iuc,  AQ,  in,  F,  CQ,  1.1, 1,  DP,  in,  &,  tT,  in,  O, HT, 
in,  R,     LY,  m,V,  pcr,  FV,  igitur  diuidctur  parallclogri-  ilicii  ct 
mijm,  AP,  inxquaijaparallclogramma  ,  A&:,  &Q:  rurfus  •«^^•«■^ 
autcm  pcr  alias  jpfi,QV,parallclas  diuidantur  dida^alti- 
tudincs  portioncs  bifa  jam,&  fic  fcmpcr  fiatf^fcdis  infimul 
conftitutis  parallclogramrais , qur  jdcirco  ctiam  bjfariam 
diuidcntur)  d jncc  ad  parallclogrammum ,  vt  ad  ,  ^^Qj  dc- 
ucnntur  minus  fpatio,    fit  igitur  fcdum  ,  AP,  in  parallc- 
logramma  arquc  nlta  ,  AZ ,  /93c,  Fli,  AP,  per  •TCi|uidiftantcs 
liiicas,  /3K,  rV,  AX,  qux  fcccnt  lincas ,  AQ  ,  in  pundtis,  /3, 
r,  A,  CQ,  in,  E,  I,  N,  DP,  in,  Z ,  &  ,    ,  FT,      A  02 ,  HT; 
in,  O,  R,  S,  &  tandcm,  LY,  jn,  K,V,  X,  complcanturq^  pa- 
rallclogramma,  BZ,  2&:.  3!^,  AP,  iu\ta  dcfcriptioncm  fu- 
pcriiis  traditam^crunc  .n.lincy,  BE,  2  i,  3N,AQ,cxtra_, 
(iguram^CQPD^quodpnrcbit,  vcjuii,AQ,cxtra,CQ£D, 
fimi'itcrcadcrcolknficft,&:confcqucntcr  figura  cxpa- 
railclogrammis  ,BZ,  2&,  39>?,  AP,compofita  comprchcn- 
€lct  fpatium , CQPD , fint  autcm  ctiam  complcta  parallc- 
logramma^  E&,      NP,  quorum  dt  fcriptar  lincnr,  Ifl, 
)sM,  intra  figuram,CQPD^quidcm  cadcrc  oftcndcmus  cx 
cadciD  rationc,quod  dj^iar  parallcLx  ipfi>  PQjpropinqu  io- 
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ccsrcmotioribiis  fint  fcmpcr  roaiorcs, &:  fubindc  patebit 
figuram  cx  parallelogrammis , E&, l^J , NP,  compofiram 
eomprcbendi  a  figura,  CQPD.  Tandcui  complcantur  pa- 
rallclogramma  quoquc,  GK,  tfV,  ^X,  2Y,  ex  quibus  com- 
pofitara  figuram rpatiHm,HTYL, eadcm  methodo  copre- 
hcndcrc  dcmonftrabimus .  Cum  ergo  figura  comprehcn- 
dcnsfpatiura,CQPD,fiiperct  ab  co  comprchenfam  paral- 
lelograramis,  <?Z,  2*,  ^n,  AM,hoccftparallclogrammo, 
AP,  quodcftminusfpatio,4.,dia.icomprehendcns  figura 
fuperabit,CQPD,miilt6minori  fpatio,  quam  fit,+,fed, 
HTYL,  fupcrat ,  CQPD,  cx  hypotefi  fpatio ,  4-,  crgo  figu- 
ra  coraprchendcns ,  CQPD ,  minor  eft ,  HTYL ,  &  multo 
minor  figura  ipfum,  HTYL,  comprchendcntc,  quar  i.im_. 
dcfcripta  fuit,  hoc  autcm  eft  abfurdum,  cum  .n.  parallelo- 

•  grammum,BZ,xqucturipfi,GK,2&r,6V,  39f,9X,&,AP, 
2Y,  tota  toti  adaquatur  contra  prardcmonftrata ,  noii  cr- 
go  figura,  HTYL,  maior  eft,  CQPD. 

Sit  nunc  cadem  minor,  fi  polTibile  eft,  eodcm  fpatio,  4-, 
igitur  dcfcriptis  circa,  CQPD,  cifdem  figuris ,  ita  vt  com- 
prchendeiis,  CQPD,  fuperct  ab  eo  comprchcnfam  mino- 
n  fpatio,  quam  fit, 4., compicantur  parallclogramma,OV, 

RX,  SY,  cx  quibus  compofitam  figurara,  vt  fupra  a  fpatio, 

HTYL, 
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HTYLjCbmprehendi  oftendemus.  Igitur  ftcomprehctt- 
dcns,  CQPp,  fuperat  ftguram  comprchcnfaro  minon  fpa- 
no ,  quam  lit ,  + ,  ipfuni  fpatium ,  CQPD,  fuperabit  ab  co 
comprchcnfam  figuram  multo  miuori  Ipatio ,  quam  fit, 
idcm  aiitem  fupcrat,HTYL,  fpatio  ,^  crgo  figura  coprc 
hci.fa  a  fpatio,  CQPD,  maior  crit  fpatio,  H  L,iSc  muito 
miior  erit  figura  lam  dcfcnpta  ,ab  codcm  fpatio ,  H TVL, 
comprehenfa,quod cft abfurdum,cum.n. parallclogram-  „ 
roum,  H&,a:quctur,OV,U>,ipfi,RX,necnon,NP,ipli,SV, 
trta  toti  adccquatur  contra  prjcdcmoftrata ,  ncc  crgo  figu- 
ra,  HTVL,  minor  efle  potcft  figura,  CQPD,  fcd  ncquc  ca- 
dem  maior,  vt  oftcnfum  cft,  crgo  eidcm  arqualis  crit,quod 
demonftrareoportcbat.  Vnamquamqueauicm  di.5tarum 
figurarum,CQPD,HTVL ,  pi  xtatas  conditionci  habcn- 
tium^figuram  in  ahera  partemdcficicntcm  appcll.ibmnis, 
regula  bafi,  feu  quacunqj  ilhaequtdiftanre. 

L  E  M  M  A  III. 

SI  curua  linea  qujcunq;  rora  fit  in  eodem  pla- 
nojcuioccorrat  re<!^a  in  duobus  pun(ais,auc 
rc<ais  lineis ,  vel  in  teCti ,  &  puncflo,  poteri* 
mus  aliam  redam  lincam  pracfatx  aquidiftantera 
ducere|,  qoae  tangat  portionem  curua:  liocj  inter 
duosprfdi<aosoccurfuseontinuatam. 

D  E  F  I  N  I  T  r  O.  + 

Tjingert  dutcm  dic»  reflam  tmedm  aliam  qudm* 
eamifme  eurmam  totam  tneodem  plano  cum  etu 
extflentem,cum  tpfa  refia  Imea  Jiue  tn  punClo, 
fnt  itt  redA  iiuea ,  euru*  octurrente » eaUem  curua  o/r/ 


itf  GEOMETRIifi 

Mdefl  dd  idndem pdrtemg  W  illi^s  nihUeB  *d  dtte^ 

fdm  pdYtem  iOi  oceurreHtis  rtU^  bne^. 

Sitcurua  liiica,  BAC>tota  in  codcm  cxiftcnsplaiiotcui 
rcfta,  BQ  occurrat  in  duobus  puncUs,  feu  rcdis  linci$,vcl 
i\\tcdi2-i  &  pun^ao,  B,  C.  Dico 
no$  aliainrcdaipfi,  BC^asqui- 
difiantem  duccre  polfc  >  qux 
tangat  portioncm  curua^  Uncae 
intcr  duos  occurfus,  B^C^con* 
tinuatam.  Qupniam  crgo  rcda 
cft,BC5&  curua>BAC>idc6  in- 
tcr  fc  fpatiumcomprchedcnt, 

figuramque ,  vt ,  BAC ,  conftitucnt ,  crgo  poffibilc  crit  h- 
i.lifc  I.  gurse 5  B AC ,  rcfpeau  rcftr , BC,  vcrticcm  uuicnirc ,  fit  is 
punaum,  A,  pcr  quod  ducatur,  DFo  parallcla,  BC  >  igitur, 
BF  ,tanget  figuram  ,  BAC,  ergo  totus  ambitus^BAC  5  cft 
ad candcm  partem  rctlae ,  DF ,  vel  nihil cft faltem  ad  alte- 
ram  partcm,  ficnimaliqua  illius  portio cifetad  aiteram 
partcm  xcQix ,  DF,  iam  reda  5  DF,  fccaretfiguram ,  BAC, 
quod  eft  abfurdum  5 crgo  rediaj  DF,  tangit  curuam^  BAC, 
igitur  polTibilc  eft,&:c. 

COROLLARIVM. 

Hlnc  mdmfeflum  efl  cfMompde  iutendA  fit  rtitd  lined  d^ 
um  cnrudm  t$tdmm  e$dempUnf>  cum  ed  exifitntem  con^- 
nngens ,  qn4  qnidcm  datd  re£ldlined  fit  dquidtfldvsm 

L  E  M  M  A  IV. 

SI  propofica  qu^cumquefigura  plana  vni  regu- 
](parallelis  quoccumque  lineis  ica  fecari  pof* 
fic,  vt  coccpcj  in  figura  re^f  lintf  intcgrj  fempcr 

CXl- 


^  t  f  B  !?  R  vrr.o         i  ^ 

«iftantJ  Ipfa  er  parallclogrammis  rcdillncis,auf 
djjuilineisjfcu  ex  figuris  in  alteram  partcm  dcfi- 
cientibus/rcgula  cadero,con>pQnetur. 

Sit<pjara^iqne  figtJrt  pUnt,SPFH,  talis  tamtrt,  vtfcfM 
qiu»rctfmci$  xiii  rtgarap,vt,  FEi  pnfallclYs,  conccpcx  iii  ipfi 
rctiar  Uttcjc ' iiws^x  fint . 

Dico  ipfam  \  c\  cx  parn!-  A 
leloj 


►grammis  rcdilincis^    '  \^ 
curiiilinc!s>  vclcx  fi*  /    \  ^ 

is  iii  altctampartcm     ■         AR  N 


M  L 


giins  ui  altctafnjpa 
dcficicatibu5,  reg.cidc, 
PE,  c6po»\i.  Sint  .11.  dii- 
SAjFEf^ipporitr  ta- 
fircntcs  fiiz  Jr.v^SPFH^  rc- 
gu!a  c;idcm^r^-  biis 

i^tidaf  qnom      w.  inq;  r>  >1  linca^AE^M  uicjtiir  .aucni:  - 
ltEiVcrfiiSvSA,!'cnip^r  X  .intcrcidcm,SA,ilohCcii*^ 
Kc(>!igruat,i^tei*hTyicp6  piVta,E,ita  in  ipfa  tcrntln^vtdfr^ 
fcVibnt  lincntii  ^  EN ciim  >  Al^'figiiram j  ANE >  Comprc-' 
licndcntc  ,  c[[}x  cidcm ,  SPI-R  ,  fit  xqiial>tcr  nnaloga  iiixta» 
regiilam,  FEs  in  cndcm  mtcgris  cxiftctibus  par jllSlis  ipfi^* 
FE,  ad  ambftnin »  ANE,  tcrminantibiis :  rurftis  fct^^tiir  fe^ 
dalinc3,AE,vcrfus  ambitumjANE,  fcmpcr  ipfi^AEjc-^qui- 
dhViincrdond^totarti  pcrtranfictit  figuram  ,^NE>adno. 
tentur  autcm  contadus  lincxfic  dccurrcntis  in  ambitut 
ANE^vcl  cnlm  tangct  in  linc:>)  autlincis,  vcl  in  pun(ais,& 
lincis )  vcl  taiuum  in  punc^is ,  cfto  quod  fiat  contotilus  iii 
rcAa5LM5&  iQpun^o,N^  tranfcnntq;  pcr  pun^ia^L^MjNy 
tcCtx  lincsE  rcgulr  5  FE,  parallcKv ,  HD,'QQ  PB,  fcc^nw^ 
ambitu  figur^e,  SPFR,  inppn^ftisj  P,  Q^J^C),  Ky&c  rcdan)^ 
f^Bf^piy        '   '  \D,nuliilfqncalius  fa"(5hisiucr(iffcoiii 
tadiisin  aiuDica 5i-i:sMLE.  Quouiamcrgoapuniap^N, 
ad>  A,nullu$  dntur  contaChis,  critjANB?  figura  in  altcraiii 
i.H^,  C  par« 
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i8  G  E  O  M  S  T  R  I  i€ 

partcm,  ntivfh  vcrfw^,  A>  (lcficicns>  hoc  eft  qurlibet  iii  fi-^ 
gura  5  ANB ,  parallela 5NB5 critmaior reiriotiori,fi enim 
non^cfto  qiiod  aliqua  vfjYTjiloii  fit  maior  remotiori>  XV> 
adambituifiterminata^jvtlergo  critilli^^^iaiisjvelcadem 
maior,  fit  .iUia?qu^lis5&  iungaf  ur^YX^^  haec  crgo  crit  paral- 
lclaj  AE>&  occijrric  ambitui  iii  duobus  pundis^Y^Xy.Grga 
poflibile  crit  ducere  redam  lincam  ipfijYX^fcu^AEjparal- 
lelam^tangentcmportioaemcuruaehacfjhoc  eftambitus, 
•  ANjintcr  duo';^  occurfusjYi^^continuatam^quod  eftcon- 
tra  fLi{5pofitri:  quod  fidica^urj  YTjCircmiiiorc^XVj  multo 
magiscQuincetur  prirfuuh¥at)furdui>i>crg<^5  YT>erit  ma- 
ior  5  XV5  &  qUcTlrbet ,  NB  5  propinquior  r.cmot}oic  maior, 
crgo  figiira^ANBjerit  in  alteram  partcm  dcftciensreodem 
mv)do  auccm  oftendcmus  etTaTiijNMCBjLEDsCffe  figuras 
inaltcram  partcm  dchcientcsjLMCD^autem  manifeftum 
cft  cfTc  parallclogranimum  reclilincum,  crgo  in  figura, 
SPFR,  ipfj^SPR^qua^efliequaHter  analoga  ipfi,  ANB,  crit' 
/igura  in  alccram  partcm  dcfipienSj^ficccwm^PQOR,  HFI, 
QHIO5  vero  cric  pacallelogfammiim  re^ihi^cumj  fcucurr 
wilineum  >  prouCj.QH  ^OI^  rccl^,  vc!  curua? ,  effc  polfunt, 
«rgo  figura  ySPFRi,  comppnicurffx  figuris  m  alcerampar- 
tem  dcficieniibus  ,.ac  cx  paralkJpgt;ammo  reciilmco  5  feu 
ci#iu!iiicoyr^ula5  FE,  <jiK>d,Qftcndcje  opus  erav* 

C  O  R  O  L  L  A  R  I  V  M. 

Hlnc  hJetMf  figuram,  SPFR,  ipj!,  ANE ,  defu^Um  tfse, 
vniuer/Mlittr  figsiras pUfids  d^ualtter  dnalogas,  in  qutbuf 
iarnmreguUaqutdiftAmtum  (jumuwf^^kneAtum  ccnapta  fpr- 
$mes  ttftegrd  funt,  inter fe  aquMei  ejic. 

P  Ropofir-antece^enS)  ati^er,quoad  priorcm^ 
*  partem>oftennu> 

Sint 


f  L  l  i    K  'V«.» 


A  B  H 


Sintquxcumquc  fijturaEpIan^atqualitcranalogxiuxU 
rcgulam ,  GM ,  ipHf  >  nHlC,  DC^IC,  qua  r  um  oppotitx ta«- 
gc.uci,  AF,  GM,rcgub  p.inta-,GM,parillclarumaurc« 
ipfi,GM,qi;occum^ucportioncsin  vnaquaquc  diaarum 
fi»»urarum  mtcgrx  ruit,  fiuc  non.  Dico  cafjcm  «qujlcs  cf. 
(c.  Incidat  crgo  par aUcU»,  AF,  GM, quomodocuniquc  re- 
<aa  linca,  EL,inrifiicm  icrminata,  molicatur  autcm,  GM, 
vcrfus ,  AF,  fcmpcr  cidcm ,  AF,  xquidjdiftantcr  doncc  illi 
con»rucrii,  intcrim  autcmvnum  pundtum  m  )ucaturin 
cadcm,  GM,fic  mota  ,  dcfcribcns  ambitum,       ,  figurx 
xq-ialiter  annlogx  ipfi ,  DQK,  &  altud  pun<aum  va  cadcm 
motum  ad  aham  partcm ,  EL ,  dcfcribat  ambitum  figurx, 
EYL,  xqujlifcr  analogx  ipfi,  BHIC,  in  quibus  quidcm  fic  • 
dcfcriptis  figuris  conccptx  ipfi,GM,  parallciarum  portio- 
nes  quxcumquc  integrx  fint.Erit  crgo  figura,  EfiU  «qua-  [l**'^ 
lis  figurx,  I-.YL, cfto  autcm  quod  m  figura  ,  DQK,  conpc- 
ptx porttnncs parallclarum  ipfi , GM ,  non  omncs  lint iti- 
tcgrx,  fcd  ahqut  fraAx  pcr  lutcriorcm  ambitum,  ncmpc, 
qiixintcrcipii»nnirparalIcli$,Q6,<>ft,in  quibus  habcan-  ' 
tur  duo  figurx  frufta,<<7Rft,Q«>R,  in  quorum  tamen  vno- 
quoquc  d^idxparallcbrutnportioncsintcgrxlubcantur, 
fit  autcm  in  motu,  GM,  a  quodam  pundo itfciipta  linca, 

C    a  £^'>, 


W 

!»•■' 
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6S0METRl4r 


A  B 


ifFj,  ricmpcambitus  figurs,  5&:2T,codcm  modo,<5uo 
defcripti  fuermit  ambitus  ,  EySL,  EYL,  figurx  inquam, 
2J;2T,afquaUtcranaloga?fnifto,  7Rn^;  crit  ergorcliqua 
figara,.5  A8c,fqualiter  analoga  frufto,Q*R,cu  tota,TSA2, 
fit  toti  compoCto  cx  fruftjs,  Q<l»R,7RXid,a;qualitcr  analo- 
|a,  &  funt  portiooes  ipfi ,  GM  ,  parallelarum  in  vnaquaq; 
figura,         5&2T,intcgr2omnes,  ficutcDntingerefup- 
poAumus  in firuftis ,  Q*R ,  yR^^, ergo  cum,  Q*R ,  5 
li  antec  ^'"^  '^S"'''^  ctiaaequaliter  analog.^  ,intcr  fe xqualcs  crunr: 
lc«.      E^^^  ■'a^one  patcbit  fruftu,  yRxid, xquari  figura',$&2T, 
ergo  fruib,Q*R,7RX2^,fimulfumpta  xquabuntur  figurae 
T^^as,  fcd  &  figuram^y^D^ipfi^EST^adjequari,  necnon, 
4»Ka,ipii,  AL2,pariter  adicquari  manifeftum  eft,  cum  fint 
figura:  jequalitcr  analogx ,  &  portiones  paralftlarum  ipfi, 
GM,m  eifdera  conccpt3rumintegraefint,ergo  tota  fioura, 
DQK  ,  toti^,  E/gL,  cequalis  cru.  Confimili  modo  in  ficura, 
BHIC,  duccntffs  rcdas  lincas  ipfi, GM,  patalklas,  ncmp^ 
O2,  P3,  quibus  ipfa  diftinguatur  in  frufta,  capientia  didas 
paral!elari;m  pertiones  integras  fciIicetiufrufta,BON, 
CN2,PH4,4l3,OP3z,  PH4, 4I5,  cnfdcm,0^,P3,produ. 
centcs  vt  feccnt  ambitum  figu-x,  EYL,  vclutin,T,  X,  ^tY, 
dticnpt.fq;  liwis,EV,ZL,vr  fuit  dcicripta,^ r6:,vt confti- 

tiiatur 


Is  «n 

lea, 


i;b  e  r  VII.  •«! 

cuatiir  f^gura,ET\%xqualitcr  niuloga  frufto,CN2,(cx  quo 
rcmanct ,  EVX  ^  *Tqualitcr  aiuloga  ipfi  >  liONv)  &;  figura, 
Z9iL,  xqunlitcr  analoga  ipli,  4I55  ( cx  quo,  ZLY,  rcmanct 
€t  f qualitcr  analoga  iphjPH^vCum  in  his  cnpt^^  parallcla- 
rum  didx portioncs  intcgrx  lint  ^  manifcftu  crit  hg.E TV, 
xquari  ipr^CN^^EVX^ipli^BON.ZlJeLjii^ri^^Is/ZLYjipfi,  J« 
PH^A' tandcm,XT5kY,  ipfsOP^z^cx  quococludcmu^jfi- 
gura^BHIC,  xquari  ipfi,EYL>  hoc  cfl  ipfi^E^L,  fcd  cidcm^ 
E/SL,  oftcnfa  cft  arquaHs  ctiam,  DQK,  crgo  figura,  BHIC, 
DQK^intcr  fc  orqunlcs  crunt,  igitur  qufcumq;  plana^  figu- 
rof  xquahicr  analogx intcrfcaequalcs cruni,  quodoften- 
dcndum  crat.  Pcr  hxc  nutcm  priori  parti  Propof  1 .  huius 
iam  fa tisfa<5lum  c(fc  numfcrtum  cft. 

THEOREMA  II.  PROPOS.  II. 

Flgun-^  planar  quxcumq;  in  eifdem  parallclis 
conftitutar,  in  quibus ,  duCkis  quibufcumq; 
eifderaparallelis  aequidiftantibus  rcCkisVi- 
DclS)  conceptx  cuiufcumq;  TQ^kx  lincar  portiones 
funtinter  fe,vt  cuiuslibct  alterius in  eifdem  fi- 
guris  concepta?  portiones  (homologis  tamen^ 
ineadem  figura  iVmper  exiftentibus) eandcnru. 
inter  f:  proportionem  habcbilr,  quam  dida?  por- 
tiones.  Dicantur  autem  proponionaliter  aDaJq- 
gx,  ac  etiam^fi  libuerit,  iuacta  rcgulas  ipfas  paral- 
Jdas,  in  quibus  cxiftunt. 

Sint  duoET  quaehbct  figurn:  planae ,  B&^^KF  COA ,  intcr 
par^ilkljs^AD^XftjConlhtut^-,  ducla  vc»6  vrcuqjtQ^prae- 
«lidlis  parallcbjCuifdcna  portioncs  iii  hgura,  Bvv  concc- 
ptar, q'ia:  fintjHIjLMjfimulfumptx  fmi  ad  cam^lcu  nd  cns^ 

qiix 


T(f  <at. 


GEOMETRliC 
B  C 


quje  conciptuntiir  in  figura,C*A,vt  alis  quaelibct  {imilitcr 
fumptoe,  ncmpc  ex,  g.  vt,  &:B!rA,  ad,  *A .  Dico  figuram, 
B&ftK:rA,ad  figuram,  C^A^cflc  vt,HI,LM,ad,NO,vel  vt. 
8c%  FA,  ad,  «>A,vcl  vt  qua:libct  alix  fimilitcr  fumptje.  Ac- 
tipiantur  in,  fl>A,produ(5ta  verfus,A,quotciimq;cidcm,*A, 
qualcs,  vt,  A2,  fimilirer  qujelibet  linearum  figurs ,  C3>A, 
producatur,&in  ipfa intelligantur tot  alfumptaj^quales 
vnicuiq;  produdarum ,  quot  aflumpta:  funtzquales  ipfi, 
*A,cx.  g.  vnica  tantum,  &:peromnium  tcrminos  ex  pac- 
tc,  2,tranfcatlinea,CP2,fimilttcrinalia  figura,B&:A,  fu- 
mantur  quotcumq;  in  ipfa,A&:,  produ(fla  vcrfus,&:,.-equa- 
les  ipfis,&9j,rA,  fimul  fHmptis,&:  produdis  rcliquis  in  fig. 
B&:A,ipfi,  &:/i,paralleIis,  alix  tot  .-Equales  fuis  produdis  in 
iJirectu  €npiantur,pcr  quorum  omnium  tcrminos  trafeant 
lincx,BGZ,BFY.Quoniam  ergo  figure,BFYZG,BGZ&:H, 
B&^fKFA^funt  in cifde parallclis,AD,Xn;&  dudis in  ciA 
dcm  quomodocuq;ipfis,AD,Xn,paralIeIis,intercccpt«in 
figuris  portiones  sut  a?qualcs,idc6  ipfe  figura:,  BYZ,BZ3f, 

B&9«KrA,xqualiter.'inaloga?,&:fiibindc.-iequalcs,crunt: 
Quo  pafto  criam  oftcndemus  figuras,  <pCA ,  AC2, ^iialcs 
circ:Quotup!cx  crgo  cft  aggrcgatum  cx,Yf!f,rA,aggrcga- 
ti  cx,       rAjtotuplcx  crit  aggrcgatiim  cx  figuris,BYZ> 

BZ&:, 


*L  T  B  E  R    VII.  H 
BIV,BSc9eKrd,fcufi§aiaiBY9eKrA,  \<-m'X,  lic^iJeivrA; 
Uroilitcr  ^oocuplcx  cnr,^2 ,  iplius^^A,  C'jtupi<?x  cat  ag^ic- 
gKu  ex  figuris>  (>A,CA2,  hoc  cft  Hgnra,  Cjpi, ipfius  hgu- 
r«  y  CpA,  h.ibcmiis  crgo  a^que  muit  ipliccs  primx,  5«:  tcrti» 
vtcumqi  nirumpta$>rimilitcr  &:        multipliccs  fccundrt 
&  qiurtap.  Quonnm  vcro  cx.g.Ylfc,r^s  t^i,LM,luiu  xqiii 
multipliccs  iplarum,&9<,  r^^H[,LM,  fimihtcr,  2^,PN,sut 
«quc multiphccs ipfarum,  ^A,  NC),  ipfr  vcro, T^Hly 
LMi?A,NO,srit  proportioiulcs,i(jco  li  aggrcgaru^.j  \% 
FA,  adjpquabitur  ipfi,  fi,  ct  aggrcgn tiim  cx,      LM ,  adx- 
quabitur  ipfijNP^vt  &:  rchqu^e  omncs  fimihtcr  fumptx,  &  ii  •■4 
confcqucntcr  ciiam  figura,  liY9{Kr^^,ndxquabitur  hgurjc, 
C^,  fi  vcro  aggrcgiui.m  cx  ,  ^     Fa^  fupcrct,  (p2,  codcm 
modo  paicbit  figur a,  Bl9^*Kr^,fupcrarc  figuram,  C>2,  vcl 
fupcrari  ab  cadcm,  fi,  YRe,  r^>  fupcrciur  a,<p2,  crgo  prima 
ad  fccundam  crir,vt  rcrtia  ad  quartam.f.figura,lk\:IJeKr.^, 
ad  figuram  ,  C^A  ,  crit ,  vt  aggi  cgatum  cx  ,  &  9«  ^  T^;  ad, 
>A,vcl  vt  agg:  cgatum  cx,  Hl,  LM,ad,NO,  fcu  vt  quxhbct 
ah^  du^  fimihtcr  fiimptx,c^iod  crat  oftcndcndum.  Dican- 
lur  a utcm  didi  v  figura^  propor tionalKCr  2nf»logx  uixu  r/r- 
gulam,  vc!,xn. 


THBOIIEMA  IIL  PROPOS.  IIL 

Flgurajfolidfquafcumqiin  eifdcm  planis  pa- 
rallelis  coaftituta?,  ^n  quibus  duciis  qui- 
bufcumque  planis  diCtis  parallelis  ^quidi- 
ftantibus,conceptatcuiufcumq5  ficdudli  plani  in 
jpfis  folidisfigur^  plang  funt  inrcr  fcjvc  eiufmodi 
cuiuslibetaltcrius  plani  in  eifdemfolisconceptae 
figurae  (homologistameineodem  folidofempcr 
exiften-cibus)eandem  intcrfe,  quamdido^  iam 
co  nceptz  cuiufciiq>plani  figurar^rationem  habe- 

bunt. 
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i^t  G  E'0  M  E  T  R  I 

bufrit.  Dicantur  autem  figurar  propoftidriali tcr' 

analogjc ,  iuxta  regulas  ipfa  plana  parallcla  ,  rn 

quibuscxidunt. 

libet  fig.  folidse^  AMEGF^PQRYfia  cifdem 
phnis  parallelis  conftitutae  5  dudis  vcco  quibufcumq;  pia- 
nis  prcTfatisparallelis  sequidiftantibus,  corumconccptxini 
foltdis  ftgurae  fmt  vnius  plani  ex.  g.  hgura? ,  NSTV  y  ZOAy 
alt^cius  autem^MEGF^QRXjVcI  contingat  has  effe  folido-.' 
rubafcs^ac  in  altcro  pbnoru  paralleiorii,  foIidajAMEGF, 
i^pQR contingcntiu,  fit  vero  figura  ,  MEGF,  ad  figuram> 
QRY  5  vt  figuua  ,  NSTV  ,  ad  ad  figuram ,  lO,/:, , homologis 
ncmpc  in  eoiJc  folido  exiftentibus. Dico  foliduj  AMEGpj 
ad  folidum^PQRY,  elTe  vt^NSTVjfigura^ad  figuram,  ZftA, 
vel  vt  figura^MEGF^ad  figuram,  QRY.  Ducatur.n. in  figu- 
rajMEGF,  vtcumq,  reda,  EFj  nd  illius  ambitum  termina- 
ta^cui  duAa  parallcla  5SV5  in  figura  5NSTV5  producantur 
ambce  indefinite  verfus  punda^S^E^in  quibus  fumantur  vt- 
cuq;«quc multipliccs> BS  >  CE ,  fimiliter  in  cifdcm figuris 
dudisalijs  eifdemjSVjEF^^equidiftantibusj  fumancur  earu' 
paritcra*qucmultipliccs  iuxta  pra^didaru  multiplicitatc> 
&  omnifi  tcrmini  fint  in  lineis ,  NBT,  MICHG  >  ficut  ipfa- 
rum  partiu  tcrmini  fint  in  lincis,  NST,  NOT,  NBT5  MEG, 
MDGjMCG^traduAis  vcro  alijs  quotcumqj  planis  pr^fa- 
tis  parallclis^ac  ipfa  folida  fecantibus  ^hoc  idem  fiat  circa 
ipfoirltm  fi^uras  in  ipfis  folidis  conccptas^omnium  vero  i^ta 
rcfultantiu  figurarii  termini  fint  in  fupcrficiebus, AMCG, 
AMDG^AMEGs  fimiliter  in  alio  folido  cfto  q^  plana,  qug 
produxerunt  in  folido,  AMEGF,  figuras ,  MEGF,  NSTV, 
genucrint  figuras^QRY^ZAfl^ad  quas  illx  habcnt  candcm 
rationcm^du^aisautcm,  vclafTumptis  rctaisjQY^'  ^^.iJkjlntcr 
fc  paralldis ,  illa?producantur  vcrfus  candcm  pairem,  AY,*^ 
in  ijfqs  produ<ais  accipiantiir  quxcumqsxqu^  mUltiplifccs, 
vcl «qualcs,YX> ^%&c idcni  fiat  in  cficris  ipfis  parallclis  in. 
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figuns ,  Qa.V,  ZP.^y  uc  producns ,  S.-  on  muni  t.-i 
m  lincis,  .YXR,A!V£l,hj:  vcro  lincx,  ficut  &  rcliciu.iriim  h- 
gurarum  co-^cm  moaoproilucibilium/mtin  fupcrficichiis 
PVR,  PYXR.  M.initcfiu  cft  auic  hguris ,  MEGF,  MDGEy 
MGGD,  ciTc  x(iu.ilner^analogas ,  &  idco  intcr  fc  xqualcs, 
f  cut  c-       "      r  ,  NSTV, NOTS,  NBTO,  pjntcr  intcr  lc 

fant   larcuq^  nLta:  fuDt  in  <odcm  pbno,cx  quo- 

habcmus  cthm  fohda,  AMHGF,  AMDGE,  AMCGD,cff<g 
xomlitcr  .in.i!og3,  ic  idco  intcr  fc  xqualia.  Eodcm  modc^ 
•.  .-..  .<■•.;,  roRV,  PRXYjp.iritcrintcricacqualM 
^..j.  L  .  .:ofo!idum,  AMCGr,cx  tribus,  A 

klCf  '  E,  AMHGF,  compofitumitotuplcx  efl  fi- 

• '  ':GD,  MDGE  ,  MEGF ,  copo- 
fita,UKii..v,  .  .Mu.imcr  quotuplcx  cA  folidu,rQRX, 

cx  duobus,  PQRY,PVRX,  copofitum  ipfius,PQRY,totu- 
nicx  cftbafisvQRX,cx  du.nbus,QR  V,YRX,c6pohtn,  fig.Q 
RY-tta  vt  habcamus  xquc  multipl.ccs  primv,&:.Krt!{,ncc- 
tionfcc.r  '  ^  ■.,s.am..nutfig^^^^^^^ 

TV  &  pjrircr  figur.T,QRX,  Znt>,  ftin  iquc  nurinphccs  fi- 
gt;rarr,QRY,Zn^,ip(x;crofigurx,M 
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if  nlir^  Za^  ^fint  proportionalcs ,  &  homolog^,  MEGF ,  NSTV^ 

Cjui.EL  '  id^^dfifigiirajMCGFjfaerjltcequalis  figurae,QRX , ctiam 
figura,  NBTV)  erit  xqualis  figur^ ,  Zn^! ,  & quaslibet  alia 
i:i  fohdo,  AMCGFjfibi  rcfpondenti  in  alio  foIido^PQRX,, 

Exi.hu-  vnde&folidum,AMCGF,^quabiturfolido,PQRX.  Et 
fi  figura,  MCGF,  fupcraucf  it  figuram^QRX,  codcm  modo 
oftendemui ,  quod  folidum ,  AMCGF,  fupcrabit  folidum, 
PQRX5  &  fi  illa  fuperabitur , etiam  hoc  fuperabitur  5  ergo 

Befii  prima  ad  fecundam  erit,  vttcrtia  adquartamjhoc  cft  foli- 
dum,  AMEGF^  ad  folidum,  PQRY,  crit  vt  figiira ,  MEGF> 
ad  figuram,  QRYj  vcl  vt  figuraj  NSTV?  ad  figuram ,  ZaA, 
vcl  vt  alia  quselibet  ciwfmodi  in  folido,  AMHGF^ad  iibi  re- 
fpondcntcminaliofolido^PQRYjhoccft  ad  cxiftentem 
in  codcm  cum  ipfa  plano ,  quod  oftcnderc  opus  crat .  Di- 
cantur  autcmfiguraeproportionaliter  analogas^iuxta  rc- 
gulas,MEGF,QRY- 

ANNOTATIO. 

HiEC)&  antecedes  mechodo  ladiuifibiljum  oftenfa;  quoq; 
fucrunt  Lib. 2.  Prop.  4.  cu  vcro  primii  fccundai  &  ter- 
ciaProp.eiufdem  Jibrifinc  jllius  mechodi  fundaisencai  hi  nc 
opus  erit  in  pr«fenci  Lib.  quafcumq;  illas  fubfcqucnces » &  ex 
diaa  Indiuifibilium  mechodo  Pfopoficioncs  dcpendcces»  a  li- 
ccf  demoftrarcift  vel  fcrupolofo  cuiq^Gcomecrf  faciifiac  .Igii^ 
cur ab  hac  Ljb.  1. Propof.  4.  incipicntes >  curabimu s  1 1 Ciqu« 
per  illam  mcchodura  ? cra  effe demonftraca  fuoti  ctiam  pcr  no- 
ua  harc  fundamenra  confirmctur.  Primi  Lib.  autcm  Prop.  nul- 
lacenus  ad  fia  mcihodopendcrc  maniftftum  cft  circa  non» 
nul  Jas  camcn  obiccr  prius  hcc  pauca  maioris  factlicacii  gracia 
l;buicdeclararc. 

In  Pfop.  4.  igifur  Lib.  primi  fciat  Lcaor  tacicc  fupponi 
omnes  vcrticcs  datar  figurar,  rcfpcau  ciufdam  rcguljcaflrum- 
ptosi  effe  in  eadcm  rc^a  linca  rcgular  parallcla;fcu,  pro  figuris 
foIidis,iocodcmpUnoregul«  «qujdiftantcidiffinicionibui 
conformitcr  jqujdob  (ui  cUritatcm  iactr  axiomica  potcrat 
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X  y     ^p.  i6.  pr^rcrmina  fu''r  demonS citio  pr«rtntis  cafuSt 
cum  acmpci  AG.coiuini^itcffc  pcrpcnd»cularcm  )GV,&:  hoc 
com  f3cilciintcllcctodirticilior!cafu(qui  ibidcm  cxplicatur) 
liocprobari  poffct;.  ocluJctur  aut  hoc  modO) quod  prattcndi- 
mus, ncmp:  in  tali  cafu  ctiam>  KYiclTc pcrpcndicularcm  ipfi> 
Yj5^i&  fccunda  plaaa,  AV,  K:^,ad  plam,  HV,&A,«qucad  can- 
dem  partcm  inclioari.  Si t,  AG,  ad,  GP,  vt,  KTiidi  YX,  iudifi 
AP,P£,  KX,  Xr,&  czccris  vt  ibidcm  conr?ruais,codcm  modo 
pnus  oftcod^mus  ?t  ibi  triangula  i  AFB)  KZT, necoon ,  AFGi 
KiYi  EFG,TZV,3Ci  AGE.KYTiClTc  ioccr  fc  fimilia.ac  angului 
PCE,«quari  angulo,  XYT.  Hoc  fuppofito,  cum,  PGi  ad,  G  A , 
fit  f ti XY,  ad,YK,     Ad  ad,GjE,vt,KV,ad. YT,  cx  •qttAliiPGi 
aJ,GE,  r  c  \ f,\V,ad, VT,&  fuotci  caaqualcsangulos.PGEi 
XVTi crgo  triancula  ,  PC £ , XYT,  fuoc  (imilia ,  crgo,  PL',  ad,  6.S«t.Hc. 
EG,  cft  vt,  Xr,  a J.  TY,  &  ,  GE,  adi  E A  ,  vt,  YT,  ad,tK.  crgo. 
PEiaJi  EA,cft  vt,XT,ad|TH.&  fuoc  circa  rcao$,PEAi 
XTK,  crgo  triangula  ,  PEA,XTK  ,  funcfiroiliaicrgo,  AP,adi  ^.Scx.Hlc. 
F£  icrlc  vriKX.id.XTjfcdA'  .PE,ad,lG|fft  vt,XT,adi 
XY,  crpoi  APi  ad  I  PG  ,  cr ic  vr ,  KX,  ad ,  XY.  &|,  PG ,  ad  ,  G A, 
cft  TC,  XYi  td  ,  YK ,  crgo  Ctiangula  ,  APG ,  KXY,  func  fimiliai  j.Scx.Elc 
rcfius  auccm  tftangulus,  AGPiCun.  rc(lJus  pooafur,  AGV| 
crgo,KYX|  Sc,  KVj^,rcaus  criti  vndc  anguIiiAGV,  KY^,«qua- 
lcscruot.Cum  vcroquidratU  TiPAjxquctur  quadratis,PG|  47.  Primi 
GAifcuquadratisiPG.CE.  EA,&  quarira'UtB  PA  ,  arquctur 
c tiam  qu.dratis,  P£,  E A,  duo  quadratai  FE,  EA  i  «qiiabuntuc 
tribus  quadracis,  Ptt,  GtL ,  E  A,  &  ablato  communi  quadratoi 
E A,crit  quadracumiPEi«qualc  quadracis,PG|GE,vodc  angu- 
lus,PGi, rcauscriC|flccoofcqucoccrctiJmrcausipfc,XVT|  ^g.  priisi 
vndcaoguli,  AGE,KYT,cruot  loclmacioocsfccuodorumpla.  ^ 
oorumi AV,Kji,com  fubicdis  plaois,  HV,  &a,  &  ioccr  fc  «qua-  vnd?*£ie*. 
lcs,  pcr  qu«  fuppofico  cafui  fatisficri  maoifcftum  cft. 

iQ  Lcmmacc  j.pott  Prop.28.prf  crroifla  fuicdcmonftratio 
prarfcotis  cafuSiCucDcadc  facilis  cxiftimarctur  ,ocropi  quaq- 
doi  FE,FG,  cumi  AE,  AG,  LI,  LM, cu,  H1,HM.  cotjcurrcra 
(nioimcpofTc  cootingat  1  vtcum  aoguloSiEAF,  GAFilHLi 
MHL )  rcfios,  f  d  rcao  maiorcs  iccidcric  cflc :  Sic  autcm  lum 
hu$  tum  (nppofirui  ibi  cafus  poccrit  voiucrfaiiccr  dcmuftrari» 
Iqtclijgaotur  ipfc^AI^  AF,  AG|H1,  HL,  HM,  iotcr  fc«qualcS| 
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'  &  iuagaacur,  EF,FG,EG,IL,LMiIM:  Cum  crgo  anguli,  PAG> 

LHM  I  fi;pponaotnr  «qualcs  i  &  larcra,  FA,  LH,  &,  AG,  HM, 

4:  Primi  arqujilia,cruntparitcrbafcs,FG,LM,2qualcs:Sicautcmpro- 

ftJciQ^^^^b^  EF,IL,tum,EG,IM,inccrfc«qualescfl>.  Rurfus 

^^"■nf&fprnfa  pyramidc,  AEFG,  pooacur,  F,  in,L,  dcm]Ctacurq;FG> 
fupcr  I LM  ,  cui  congruct ,  &  criangulo ,  EFG,  cadcficc  fuper» 

7.  Primi  iLM^punSum,  E,paritcrcricjn,I;  Sed&punaum,  A,d;co 
forcin,H,trcscnimfph«rica;fupcrficiesfuperccocris,I,  L,  M, 
radijs  iDU!Ccm  fc  fccanribus  dcfcripcap,  ncmpe  radijs,  HI ,  HL$ 
HMifcu,  AE,AF,AG,induobuscantum  punSis  fefedccuffare 
poifuac,  f  t  faciJc  oftendi  poccft, dua?  .n.  quaslibcc  fphxric*  fu- 
pcrficiesiQ  circuli  per  pharriafc  fecabuctcrcia  verd  hanc  pcri- 
phrriam  diuidec  lo  duobus  punSis,quaf  func  ad  ambas  parccs 
pIani,ILM,nempe  vnum  fupra  alcerum  lofra  ipfum,quare  nou 
ad  aliud  punaum ,  quam  ad ,  H ,  concurrcoc  crcs  rc<9a!r  line«, 
AE,AF,AG,  ad  caodein  partcm  pUni,  ILM,cum  ipfis,  HI,  HL, 
HM,  coaftitucas , crgo,  AF,  ca Jct  im,  HL,  A E,  in ,  HI,  &,  AG, 
iQi  HM,  quibus  praeoftcnfis,  reliquum  dcmoaftrationis,v:  ibi^ 
profcquemur. 

THEOREMA  IV.  PROPOS.  IV. 

PArallcIogramma  in  eademaltitudine  exifte- 
tia  incer  fe  funt  vt  bafes. 

Sintiii  hgura  Prop.^.lib.i.paraUelQgrammajAMjMC^ 
in  eadcm  alntudine.  Dico  cadc  cffe  iiuer  fc^vt  bafes,  GM, 
MH,  Hoc  nutem  mamfertum  eft  >  funt  .n.  dida  parallclo- 
J5«  1,  hui  gramma  figura?  proportionalitCr  analogce  ^  luxta  ipfas  ba- 
fes,  cum  fic , GM,  ad,  MH,  vt,  DE,  nd,  EI,  DI,  duda^f  c 
vtcumque ,  vndc  patet  propofitum  etiam  indepcndcntcr 
i  mcthodo  Indiuifibilium  . 

ANNOTATIO. 
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Pfop.  6,7,&  S.abfq;  illa  mcthodo,  vc  intueti  apparcbiCi  olUn- 
duucur,  quaptoptcr,  cum  ab  cadcm  cxcmptac  (iut)  ud  mdigcnc 
VC  fCitautcnCur ,  fcd  lilis  Cjcnquam  Itylo  vctcri  dfaionltratasi 
vt  vcrasiohoc  libroquoq;  vfu^pjbimus,  quodctiaori dcahjs 
Pippolicionibus  ficCi  qu«a:ncthoJo  lodiuifibilium  inr!Dc- 
dutc  dcpcnderc  non  con(picjcntur,ctumfi  mcd  a  c  ab  cadcin 
ftiq;  dcpcodcrc compcriaor ur>  (utiicict.a.iP.iS  P-op.  dc  uouo 
oftf  Gdcrc ,  qu«  nnmcdiate  ab  ipfa  i!iethod>>  I  .diuifib.  fi- 
dcm  fumpfifTc  vidcbuntui.Cum  vcro  fubfcquentcs  Pfopu'itio- 
ocs,in  quibus parillclogrammorum  omniaquidraca,fcu  om- 
D  7  fimilesi  rcguhs  bariousi  cxaminacu  ifior  m  graciam 

C)   .oruiptiaia  vcro  cantu  pcodcat  cx  mecho.io  Indiutfi- 

biUu>propccrcailla  cricdcnu6oUeQdeda,quam  nunc  (ut>AUgo« 

THEOREMA  V.  PROPOS.  V. 


Ylindriciin  cadem  alcitudinc  exiftentesin- 
cerreruncvcbares. 


Manifcfta  cft  fimilitcr  hrc  Prop.  cum  .n.  fcdo  quolibcc 
cvlmdrico  plano  xquidiftanrcr  bali ,  prodiicarnr  in  cofi-  «oroLn 
gura  asqualisipfibali  ^proprcrca  vtbafis  ad  bafim ,  fic  crit  ^*^''* 
figura  ad  figuram  ab  codcm  plano  bafibus  f quidiftantc  vt- 
cumq;  produdam^crgohicylindrici  crunt  figuroepropor-  s-huiuu 
tionahtcr  analog.r^iuxta  ipfas  balcsj  crgo  cylindncixquc 
aln  crunt  intcr  fc  vt  bares. 

ANNOTATIO. 

HOc dcmonftraco  haud  difficilc  cric  ftylo  vcccri oflcndcrc 
cylmdncas  cxiftcnccsin cadcm  bafitffc  inccr  fc  vtalti. 
tudiiiCSi  vcl  Tt  latcra  arqualiccr  bafibus  inciinata. 

Similitcr  cofdcm  haberc  mtct  fc  rationcm  compcficamcx 
rationc  bafium, &  alcicudinum,  vd  Uccrum  arqnalicer  bafibus 
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4  ^bircshiberecilcieudfoibusfrcu  laceribusfqualiccrbafibus 
iuclioacis,  rccipiocas  atq;  fimilcs  cylindricos  t(fc  in  Cfipla  ra- 
CioocUtcrum  homologorum.Sufficict  namq;  nosmechodum 
imirari  i  qua  demonftrata  Prop.  p.  lib.  a.  po/lmodum  rcliqua; 
vfq;  ad  Prop.  1 4.  oftcnf*  fucruot)  probxndo  circa  cylindricos> 
qucd  ibi circa  omnia  quadrata  datoru  parallelogram.  often- 
dcbjtur.Hxc  autcm  pro  cylindricis  poftea  coIIcSa  funt  in  co- 
dcm  lib.  2.  Prop.  J4.  Cor.  4.  geocrali  4  ffc.  B.  rfq;  adfcc,  G. 
quzquidcm  .n.maducrtcrcoposcrac. 

In  Prop.  I  eiufdcm  lib.  2  hxc  fupplcoda  fidentur.  lo  Sec. 
A. probacur  figuram ,  KQM , ipfi >  ABD , &,  nTn>  ipfi> ^SA^ 
«qi  •lemcffc  exProp.  3.eiufdem,ocmpi  cx  methodo  Jodf- 
uifibilium,  hocaucG  paccbitctiam  cxprop.  prima  huius',  func 
O.diac  figur«rqualitcr  analog».  In  fcc.B.  figuram,MZP,  ad- 
acquari  ipfi, KQM, ipfi,  nTn,codcm  modo  dcdoce- 
tur  cx  prima hur us.  In  fcc.  C.  probabitur  vt ,  MP, ad,  PO >  ita 
•irefiguraoa,M2Piad,OZP,ex  prop.a.huiusJo  ffc.D.fimilit;^r 
ofleodecnus  figuraoa  1 OZP,  ad  figuram, a ,  effc  rt%  zP,  ad, 
9tfc>  fioailiter  ex  prop.a.huius.  C?  ccra  vcro  abfq;  methodo  io* 
djuifibilium  fubfiftunt;  vt&  CoroIUria,&prop. 

loProp.  ly.ciufdcm  lib.  2.  hscc  paricer  fuppleodi  funt.  la 
ftc.  A  eltcitur  cx  ^  paritcr  Iib.  2.  folidum, HZ^f,  «quari  foli- 
do,  ABPC,     2^2 , foIido,Vn&ii, cum  vcro  hlcc  folida  fit  fi- 
gorat «qualitcr  anaIog«  vc  corum  conditioncs cxpcndcoti  pa- 
CtbiC» idcoquod  ibi cx    lib.a.  hic  ?x  primi huius  deduccmus. 
Iq  fcc.  B.folidum,  LDGF,arquariipfi,  HZoo,  &,3587,  folido, 
XTi^  piricertx  prima  fauius  colligcmus.la  fec.D.quod  figurai 
LED,ad,OlD,  fitvt,LB,ad,  EO,  fcu  quod  figura.QAMYi 
ad,  TIM Y,  fitvc,  QY,  ad,YT,  idcft  vt,  LE.ad,  EO,  vcl  quod  fi- 
gur«,LFBiad|OFE,  fitvc,Le,ad,  EO,patct,cx  prop.a.huius: 
Quod  vcro  foiid um  ,  LDFE ,  ad  folidum ,  ODFE ,  fit  vt figura, 
lEF,  ad  figuram ,  OEF ,  idcft  vt ,  LE ,  id  ,  EO ,  mtniftft um  cft 
panttr  tx  j.hujus.ln  fcc.F.foIidum,ODFE,ad  folidurojjdy^, 
cffc  vt  figura,  EDF,  ad  figura m ,  467 ,  patebit  ex  j.  huius ,  fuoc 
.D.di6a  /oiida  figut  f  proportiooalicer  analog*  vc  confiderao. 
Cj  manifcftiim  tric.  C^rtcra  huius  prop.  cum  Cor.  &  prop.  1 8* 
abfq;  mtthodolodiuifibiliiim  fubfiftuac,  vt  cxaminaoci  facilc 
apparcbic. 

THEO. 
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QVa^cunq;  de  parallelogrsmmis  oftendun- 
tur  in  Prop.  5 . 6. 7.  &  8,  Lib.  2.  cadem^ 
ctiam  dc  triangulis ,  conditioncs  ibi  fup- 
pofiras  circa  fuas  bafes, &  altitudines, 
feulatcra  arqualiter  baGbus  inclinata^habcnti* 
bus,  vcrificantur, 

Hxc  Propofitio  manifcfta  cft,  cum.n.cxpofito  qiiocuqs 
trnngulo,&:  airumpiisduobiisquibiifuis  latcribus  angi> 
lum  qucmlibcicontincntibus  parallclogrammu  complc- 
ri  poffit  m  illo  anguloj  cuius  iriangulum  cnt  dimidiuiii- 
idcoquaecunq^tiiangulacrunt^vtcorumcomplctaparal-  j4.  Friat 
lclogramma  ,  habcntibus  autcm  triangulis  circa  bafcs ,  ic  ^'^** 
altitudincs ,  fcu  latcra  arqualitcr  bafibus  inclinnta  ,  prafa- 
tasconditioncs  jCam  paritcr  habcnt  complcta  parallclo- 
gramma,&:dcinis  vcrificanturca  ,qux  in  didis  propofi-  4.  kuios. 
tionibus  fucrunt  propofita  ,  crgo  cadcm  dc  corum  mcdic-  An««t. 
tatibus,  hoc  cft  dc  dictis  triangiilis  vcrificabuntur .  Trian- 
gula  crgo^quf  funt  in  cadcm  altitudinc  mtcr  fc  funt  vt  ba- 
ICS5  Et  quar  funt  in  eadcm,  vcl  a^quahbus  bafibus^vt  ahitu- 
dincs  5  vcl  vt  latcra  ,  qux  acquaUtcr  bafi ,  fcu  bafibus,  incU- 
nantur.  Habcnt  mtcr fc  rationcm  compofitam  cx  rationc 
bafium  3  &:  a^titudinum ,  vcl  latcrum  arquahtcr  bafibus  in- 
clinatorum.  Habcntia  bafcs  altitudinibr.s,  vcl  latcribus 
bafibusa^quahtcr  inclinaris,  rcciprocas^funt  arqualia  ,  Et 
qux  funt  apqualia  bafcs  hnbcnt  altitudinibus,  vcl  latcribus 
apquahtcr  bafibus  inclinatis,  rcciprocas.  Et  tandcm  fimi- 
lia  triigula  funt  in  dupla  ratione  latcrum  homologorum  i 
QUcEomnia  ctiamLib.  a.Prop.  ip.Coroll.  i.  cxmctho- 
do  Indiuifibihum  colligcbantur.  Corol.  2.  autcm  fp(£iat 
ad  dictam  mcthodum  pcrtradandamjproptcrca  non  opus 

cft> 
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eft,  quod  alltcr  oftcndatur :  Lemma  vcro  anteccdcns  Pro- 

pof.  20.  ftylo  veteri  'dcmoaflratur ,  ficuc  &  ipfa  Prop.  20, 
6:21.  quoruipCorallaria  haud  nobis  opus  cft  alitcrdc- 
monftrare 5  cum eorpm,vfus  uou lit ,,i>ili Ri;o  methodo In- 
diUJiibiuum  » .    ,  . ' 

theor;ema  VII.  propos.  vil 

.....  ^  r  . 

Onici  in  eadem,vel  ? qualibus  alcitudinibus, 
^  exiftentesinter  fefuncbafcs. 

Sint  quicunc]^  conici  in  eadcm  ,  vcl  xqualibus  a^titudi- 
uibus,  AE,  BP,  exiftcntcs,  AkLM,  BSQl  R.  Dico  hos  cflc 
intcr  fc,  vt  ipfoium  bafes,  KLM,  SQTR  .  AbfcifTis  enjni-^ 
ab  altitudinibus,  AE,  BF>vtcunq:  parnbus  x^qualibus  vcr- 
fus,  A5  B5  ipfis,  AC,  BD,  pcr,  Q  ducatur  planu  bafi^KLMj 
a:quidiftans5  &:  pcr,  fimilitcr  planumbafi^SQTR,  a::qui- 
diftans  5  quibus  in 
conicis  prod.ican- 
turfigurae^GIO^X 

T^.lib.T.  NVP> critcrgOj  GI 

ii.!ib.i.  (j^fii^^jiis  jpfi^KL 

M5  quarum  latera 
liom  jIogayOjLMj 
iimilitcr^  XNVPjC- 
ricfimilisbafi,  >QT 

dudo  ai^tcm  plano  tranfeunte  per  altitudinem ,  PF,  fc- 
pcturbafisin  rcdn^QRjVtcunque^&figura^XNVPj  in-> 
reda,  NP5  fupcrficies  vcro  conicularis  in  rcclis  5  BQ  ^  BR> 
<funtCi;go hctc  fimiliter  fcda  in  pundis,  N ,  P,  ac,  BFji^^ 
K7<  Vndc.      ficut  criam,  AK>  AL ,  AM ,  crunt  fimilitcr  fc^fia  ii^  punj- 

l^iAib  u  ^*^'  '^'^'      V^^^'  ^^^""'^  homolog? 

fimilium  figurarum^SQ^RiXNVPjiunt  autcm  ctiam^AE, 

BFjaltitudincs  a^jualcs  fimiliter  fccte  in  pund^is^C^D. 

Cum 
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Cum  crgo  ngura,KLM,(imiIislitipri5Giv;>h.:b.  bK,KLM, 
ad>  GiO,  dapL^.m  pioportioncm  cius ,  qii.nn ,  LM  ,  a  J,  :^ \  » j.  ii^.i. 
vcU  MA,  ad,  AO,  vcl, EA, ad,  AC,  rcii,l  b,.id,tJD>vcl)Kb, 
ad>  BP>  vcl  tandcm  cius  >  qunm  h ^bct ,  (Ql^  ^  ^d,  N P/cd  c- 
tiim  figiin,  SQJ^ll>  .id,  XSVP,  hjbc t  duphim  nrioncau * 
cius, quam  hab^,  QR>  nd,  NP>  crgo  figura,l^LM,nd,GIO> 
cft  vt,  I^QI  U,  m\,  XN\  l\  &  pcrmutnndo  figufa,  KLM>  nd, 
SQTR.  cru  \  t  figura,  GIu,  ad  figuram ,  XNVP,  punda, 
C>  D, fumpta  fuiu  vtcunquc,  nc  conici  >  AKLM>  BSQTR> 
fvhU  in  xqunlibus  nltitudinibus  ,  AE,  BP>  rcfpcCtu  bnrii!m> 
KLM,  SQTK,,nlliimptis,crgo  funt  figurxproportionnlitcr 
nnalogcjcrg  )  didi  cylindrici  crunt  intcr  fc,vt  bafc^.KLM,  i-  huhu 
SQJ^R,  quod  crat  dcmDnftr.vnduni— • . 

C  O  R  O  L  L  A  R  I  V  M. 

Crm  v(ro  etiim  (yhndrict  in  itfdtm  tdfibus .  (i>  dUuuitn  f 
tuf  ffd-itnis  MquMus  ,fpft  tfitcr  fe  vt  tffd  cifes.propte^  f.  b«iyi. 
rcM  (rumt  cttdm  tntfrfe  v$  tpft  contct .  vndefttm  x  tfd  fpectc  cyltn. 
fincQtum,  onicf^fum  cftenfumfi^erit,  cylmdrtcurt}  tnplum  ef 
fe  contct  tn  cddtm  hdfi ,  c^  sltttudtne  cum  e$  ext/tentts ,  tl/tco  hcc 
ttidm  reltquis  fpectebus  cyttndrtccrum  ,(i  ccntcorum /aciI} 
c^ihgc'^'*'  • 

THEOREMA  VIIL  PROPOS.  VIIL 


Vilibct  Cylindricus  triplus  eft  Conici  ia^ 
eadem  bafi,  &  altitudinc,  cum  eo  txiftetis. 

Sitquicunq;cyHndricus,GO>&conicus  incndcmbafi, 
IMNO5  &  cndcm  altitudinc  cum  ipfo.  Dico  cyhndricnm, 
GO,triplumcircconici>HIMNO.  Exponntur  .n.  pnfmn, 
AFDE,  triangulnres  habcns  bafcs,  ABC,  FDE^  altitndinis 
jcqualis  altitudini  cyHndrici>  GO,in  bafi  vcrOjFDE/it  py- 

E  ramis. 
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14  CBOMErRI^ 

rami$,CDFEi 
rit  crgo  prifma» 
ADEF,  triplum 
pyramidis,CDE 
F,  cu  rcfoluatur 
iii  trc$  pyrami- 
des  aequalc$,FD 
BQFDEQFBA 
C,  vtoftcdit  Eu- 
clides  Vnd.  Ele- 

nicnt.  Prop.  7.  vt  autcm  fchabet  prifma ,  ADEF,adpyra- 
midem,  CDEF,ita  fc  habet  cylindricusjGO,  ad  conic  um, 
HIMNO,ergo,  GO,triplus  cil con!ci,HMO,  vndc  cmnis 
cylindricus  triplus  cftconici  incadem  b3fi5&  alntudinc 
cum  eo  conftituti,  illi  cnim  conici ,  qui  funt  m  cadcn)  bafi, 
&:  altitudine  cx  ant,  omncs  intcr  fe  funt  a^cjtialcs ,  quod  o- 
ftcndcndum  erat . 


ANNOTATIO. 


PEr  anr.  prop.  facisfic  prop.  22.  1  b.  i.fXfa  ft)\m  p^xlrtf 
hibteur  omncs  cyliodricos  ear.dctfn  racionenr>  hAbctead 
conicosiaeadem  b«ini&  alcicudine cum  ip/isrit  fi^ :DC.s,caai 
coruoi  eflfe  criplos  fuetic  dcmon^racum)  &  eadr m ,qux  ex  ipfa 
deduccbantur>hic  ptriter  coilfguncur  ipcop^ier^tes  inqaam 
ill^iquascyliodriciscomprceredidumeU  in  A  n  oc.  prop.j. 
huius.  Sicergo  racum  ,  acfirmum  cft^Comcos  ?n  cadcm,  vel 
cqualibusba^buscx^.ftencesi  ciTc  incer  fe  vt  alcicudiocs.  Hibe- 
rcq;  raciotiemcompoficamex  racione  ba(ium>&  alcicudinum* 
H  >s  vcr6>quorum bifcs alcKu dioibus  rccf procar cur  ,  acqualcs 
ciTsi&zqualium  bifcsalcicudinibus  reciprocari.  Accandem 
nmilcs  cooicos  cflfc  in  cripla  rac  one  linearumj  vel  lacerun)  ho- 
mologorumeorfiJcm  bafiumi  ftu  firailium  criaogulorum  per 
vcrcitc  crafcucinmiqu»  ia i pfius  prop.i a.  Cor.  SrSionibus,  10 
graciam  Coaicorum  pariter  colligtbatur.Pcr  hanc  ctjam  facif- 
Hrprop.  a4«  ciufdeo)  lib»  a#cumpaf  canaibi  dcmoanrariia. 

ccoda 


L  I  B  E  R  Vir  j, 
icndifar  cylioJricum  quccoirq;  triplum  cfle  cooici  in  c-drm 
bafi  ,  «c  alcicudinc  cunfi  co  rxirtcntis  ,  tc  in Scc.  I.  Cor,  4.  gcn. 
prop.  J4.  poftca  dccl3riru%  Aducrc«iucc(r,qiiod  p^u.^f.  Im, 
Ij.h^c  wtrbi  drcHfn  •mnibui  ^undratis  dn^rum  tfi4ng\^brum  CB 
£M^%  pontudafuQtpoit  b«€fcrba)iA/^/Affrii/ii  ^rnmumqud^ 
4r4(orHmt  jif. 


THEOREMA  IX.  PROPOS.  IX. 

COnicorum  fruftj arqui  alta,&  inbAfibui 
arqu^  altorum  conicoru,  i  quibus  abfci  q-^ 
duQtur  >  con  ftituta>  inter  fc  fuac  vc  bafcs. 

Vidcatur  fchcina  prop.  7.  huiusjin  quo  fintconicoruin 
apque  alc;>rum,  AKLM,  BSQ TR.frufta ,  GlOLKM,XVTS, 
incirdcincum  illis  bafibus,  KLM,SQTR,  &:in  sequahbus 
alcitvidMib  is,CE>  Drjcxilkiuij  ,  igicur  abfciflis  vcrfus 
puncta,  Q  D,  altitudinum  partibus  a:quahbus ,  &:  pcr  ca- 
rum  tcrnniios  dudis  planis  baiibus  parallchs, oftcndcmui 
abijfdcmprodudas  in  fruftis  figuras  circintcr  fc  vt  ipfac 
balcs,codcm  modo,quoibifadiimcft,vndc  patcbit  di- 
Aa  frufta  clTchguras  proportionahtcr  analogas,  quaprop-  l*litJaf^ 
tcr  ipfa  cflc intcr  fc  vt  bafcs  paritcr  concludcmus ,  quod  c* 
rat  dcmonftrandum— » . 


COROLLARIVM. 

CVm  vero  etUm  cylindrici  in  bdfibus  diSIortirr  fruftcrum^ 
|i4t  d^Hdlthus  cttm  ctfdem  Mlt$tudinthus  cotiftttuti,fint  tntet  %-  hwti. 
fe  vt  bdfcs ,  erttnt  etidm  inter  fe  vt  dtifa  fruRd ,  &  pcrrytutdnd$ 
tdbebttnt  gdnde  rdtionem  dd dtCld  frttffd.vnde prcpo/tio  ^uocunqi 
fruH$  €emc9 ,  cyltndrtco  tm  iddem  bdft ,  fir  dltttudine ,  ettm  e9 
ixificnte»  vtfdtienemcyhndnct  dd  fruftum  conicii *nuentdmuSt 
fufficietdUcttwscyUndrtct  prdfdtd  dltttttdtntsfdttot.emdd  frtt^ 
ftttm  $09t(ttm  ttt  Cdditm  bdfi.  &  dUitndtne,  cttm  e$  extfient  inne^ 

K    %  mre. 


Corol. 


G  E  O  M  E  T  R  r  ^ 
ittre,  txea.n.  prepoftti  cyhndrici,  &  frnfit  e«niri  ratio  ilUco  appA 
rebft .  Per  h*ne  autem  Propof.  fatisfit  eti^m  Prap.  i  7.  lti>>  2 .  & 
SeU.  K.  Cor,  /^..ge».  ^^,ei»fiem  Lih  2.  •^l>t  (ontertdiiur  prehd' 
re,  cooieorumfrujia in  eadem  bafi ,  ^  aitttutiine  extftftjtttt ,  t^e 
ivmcem  aqttdln,  hic .  n.per  hanc  Prop.  mamfeHttm  tft. 

THEOREMA  X.  PROPOS.  X. 

3^j|iKlricuis  ad  fruftumconicum  quodcuq; 
;ij;-ineadem  bafi  j&altitudine  curoeocon- 
ftitutum  (fumptis  duabus  homologis  iiLj 
oppofitis  bafibus  frufticonici)  eam  habct  ratio- 
nem,quamquadratum  maioris  homo)o;^arum  ad 
re<5langulum  fub  ambabus  homologis ,  vna  cum_. 
tertia  parte  quadrati  diffaentise  earudem.  Idtm 
verofruftum  ad  conicum  in  cadem  bafi,&altitu- 
dine,cum  eocx  ftcntem,  erit  vt  redangulum  fub 
maiori,&  tripla  minons,  vna  cum  quadrarodif- 
ferentix  earundcm  homologarum  ,  ad  maioris 
quadratum-.. 

Siiit  in  c]unciuiqiie  bnfi ,  PRQS,  &:  codem  altitudinc  cy- 
lind.iciis,  FQ^f  iidu  conici, BPKQS,  ncmpc, LNMISR, m 
bali  mi:io.,i  quo  ]uc,  LSMI,  d-  conicus,OPRQS ,  fcdo  au- 
Kni  quom  )docunqj  conico  plano  pep  verticcm  ado,pro- 
ducatLir  triaiiguluin,BPQ,fecans  oppofitns  baks  frufti  co- 
nici  lii  rcctis ,  LM ,  PQ ,  qux  crunt  honK)lo<?.r  i-milii  ni  fi- 
guiarum,  LNMI,  PKQb,  {imilitcr ,  codcm  cxtcnfo  plano, 
ac  com^ittocylindrico  in  cadcm  altitudinc  cumconico, 
DRS,  (cccntur  eius  oppofita  b;ifcs,  necnon  fig»ra,FVHG, 
ab  codcm  plano  in  redis,  AC,  FH,  PQ^  Dico  ergo  cylin- 
diicum,  FQji^ad  huAiim  conici  ,NIi>R ,  candem  rationcm 

habc- 
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habere,  quam  quadratumi 
PQ,  ad  rcannguhim,  fub,  P 
Q,  LM,      cum  v  .qundra- 
dirfcrciu^jecarudcm .  Idcm 
vcro  fruftum  ad  conicum, 
OPQ,  cllc  vt  rcaangulum 
fub,PQ,&:trlpIa,LM,vna 
cfiquadratodiffcrcntisp  ca- 
rundcm,  ad  idcm  quadratu, 
PQ.  Etcnim  cylindricus,F 
ad  frulKim  conici^NlSR, 
habct  rationcm  copolitam 
cx  rationc  cylindrici,FQ, 
ad  cylindricum ,  Aq  ,  idclt 
cxratioiC5FP,ad,PA,vc!, 
LP,ad,liP,vcl<xcclVas,PQ, 
fupcr,  LM,  (qui  fit,  FX>)  ad, 
PQ,  &  cx  rationc  cylitidrici ,  AQ,  ad  conicumyBSR,  idcfV 
cx  ca  ,qu  «m  hnbcr,'pQ^ad  i .  PQ^&  tandcm  cx  rationc 
conici,  BSR ,  au  fruftum,  ISRN,  qux  cft  cadcm  ci,  quam-  ^ 
habct  cubus,RQ,vcl,FH,  ad  parallclcpipcdum  tcr  fubj 
HXi  &qiudrato,XF,tcrfub,FX,&quadrato  XH,cuni_^  ^".1'*''*^* 
cubo,  FX,  cft.n.conicus,BSR,fimilisconico,  hlN,&  idc6, 

BSR,ad,BlS,cftvtcubus,PQ,vc!,FH,ndcubum,LM,fcu 
ad  cubum,  XH,  vndc  ciMn  cubus ,  FH,  a?quctur  cubis,  FX, 
XH ,  cum  parallclcpipcdis  tcr  fub ,  FX,  &:  quadrato  XH,& 
tcrfub,HX,&  quadrat^»5XF,  idc(i  pcr  conucrfioncm  ratio- 
nis  conicus ,  B-^R,  ad  frrftum,  ISRN,  crit  vt  cuhus , FH,  ad 

parallcicpipcdumtcr  iub,HX,&:quadrat(;,XF,tcrfuh,XF, 
&quadiato,HXi,cumcubo,HX.DUvT>fationcsautcm  nem- 
pc,qu3m  h.)bc  r,FX,ad,PQ,S:,PQ,ad  fuiT.componunt  ra- 
tioncm,  FX,  ad  -7 .  PQ,  vcl  tripKr,  FX,ad,  PqJcu,  FH, vcI, 
fumpto  pro  communi  baft  quadrato  ,  FH ,  componlint  ra- 
tioncm  parallclcpipcdi  fubtripbiFXj&fub  quadrato,FH) 

ad 


Y\ 

V  \ 

1 

 ' 

^  O  1(0  H;E:TfR  r  >B 

ad  cubum  >  FH>  qus  propor- 
tio  cum  ea,qunm  diximiis 
habcrccubum,FH,adparal-  A 
klepipedum  tcr  fub ,  HX,  & 
quadrato,  XF,  ter  fub,  XF,& 
quadrato ,  HX ,  cum  cubo , 
FX ,  componit  rationera  pa- 

taUelcpipedifubtripl3,FX,  jp 
&  quadrato,  FH,  ad  parallc- 
lcpipedum  ter  fub ,  ^X, & 
quadrato,  XF,  ter  fiib!,  XF,& 
quadrato,HX,cumcubo,X  . 
F,ergocylindricus,FQ,ad 
firuftum,  ISRN,  erit  vt  paral- 
Idcpipedum  fubtripla  ,FX, 
&  quadrato»F^l,addi(Sb  fex 
parallelcpipeda  cum  cubo , 
FX,  vel  vt  corum  fub  tripla,  ideft  vt  parallelepipedum  fuh» 
FX,  &  quadrato,  FH,  ad  parallelepipedu  m  fub,FX,&  qua- 
drato,  XH,  fub,  HX,  &  quadrato,  XF,  cu  f .  cubi,  XF,  ha;c 
tria  vero  ajquantur  parallelepipedo  fub,FX,&  rcaangulo, 
FHX,  cum  f.  quadrati,  FX,  nam  parallelepipcdfi  fub,HX, 
&  quadrato,  XF,  idem  eft  cum  parallelepipedo  fub,  FX,  & 
rcaangulo,FXH,quodfiipfum  iunxeris  parallclepipedo 
fub,  FX,  &  quadrato,  XH,  fimul  cum  f  .cubi,FX,ideft  vn» 
cum  parallelepipedo  fub,  FX,  &  f .  quadrati ,  FX,  (cum  fit 
communis  altitudo )  fiet  paraliclepipediim  fuW ,  FX,  &:re- 
aangulo,  FXH,  cu  quadrato,  XH,  jdcft  fiib,  FX,  &  redan- 
giilo,  FHX,  &  fub  f  .quadrati,  FX,  igitur  cylindricus,FQ, 
adfruftum,  ISRN,crit  vtparallelepipedum  fub,XF,&  qua- 
drato,  FH,  ad  parallelcpipedum  fub ,  XF,  &  redangulojF 
HX, cum  -K quadratJ,FX,ideft  vt  quadratum,FH,vel  qua- 
dratum,  PQ,ad  redangulum  fub,FH,HX,vel  fub,PQ,LM, 
vna  cum  f .  quadrati,  FX,  diffcrcnti*  ipfarum  homologa. 

rum» 
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ntm,PQ,LM.  Q^oniam  vcr6comcm,OSR,cft-|-.cylin-  i.haiw. 
drici,  FQ,  idcirco  jd  idcm  fruftiim ,  ISRN, conicu$,OSR, 
erit  vt  ir.  ^]uadrati,PQ^ad  rcaangulura  fub,PQ,  LM,cum 
T.quadrati,FX,vcl  vt  quadratiini,r'Qj_adrc(Jtagulumfub, 
PQA  t  rip!a,  LM,  cu  quadrato,!  X,&  conucrtcndo  fi  uflu» 
ISKM,  ad  conicu,OSR,erit  vt  reaangulu  fub,PQ2&:  tripia, 
LM,  ciiin  T.quadrati)  FX^  ditfcrentide  carundcai  hottiola- 
garum,  ad  quadratum,  PQ,  qux  oftcndcrc  opus  crat. 

ANNOTATIO. 

PEr  fttpcriofetn  autecddf^RionArarionefil  fuppletur  prop. 
a8*l«&.Qecaoneitquod colligituriQ  (tc.L.dc  M.Cor.^.gcn. 
}4-eiurdcm  !•  1.  Cor.autem  prop.  aS^  cft  ja  gratiam  mexho* 
di JQdimfibtliuD.Qqritd prop. ip.eiufdem  1%  fi iQtclligamaf 
io eius  figuri  Iatcra>CD>DB)dcfcriberc  fimili t  figttras  planasi 
jo  quibustanqaacn  in  baliousc^lindrici  coofiiUQt » quOruA 
latcfi  fiot.CD.pro  figura.  DB,&  DB,  pro  /iguraiCD.oftcQdc* 
mus  coifimilt  ibi  cra  Jit«  dcmonflrationi  cyliQdricum  fub  la* 
Cerc,DBiba(i  fi:;arai  DC>ad  cyliQdricum  fub  latcrci  DCibifi 
figura»  BD»  prcJiaar  fim'li  cflc  vri  DCiad»  DB,&  fic  cciaoi  cfTa 
cociicum  fub latenbus  >  CB  ,  B  D|  bafi  figura,  CD,  ad  coaicum 
(ub  latcribus»  BC»CDi  bafi  figura  ipfius»  DB»  habcnc  .Q.cyliQ* 
dr  ci  ii  tsr  fcoecnon  &  conictirationcm  compofitamcx  ratio*  AB«#i.ft 
Of  bafium»dcal:iruJiQum)fculatcruizicqua)iterbafibasincl{«  f  iKt*^«! 
satorum»vc  ruperiusdcoQO  animadac rfum  efl;  Pcr  hxc  autcoi  ^**' 
fatisfieeriamScc.  N.Cor.^.gen.  j^.ciuf  jem  lib.t.  Circa  vcro 
prop*  2  5.&  zd.cum  Corollanjs  tiihjl  didum  ruit|  cu  fint  lcm» 
maticar  pio  mcchodo  indiuifibilium  »quaproptcrrcflaura(io* 
re  mininD^  indigerc  vifc  fueruntj  Prop.j  j.autcm  rccolctur io 
cxamioc  lib.j.  cu  Cor.Frop.34.  coofillit  indepcndeoreri  mc- 
thodo  indiuifibjliumivc illius  etiam  Cotoflaria»  vnde  uec  ipfa 
reOauraoda  irifa  fuot*  Veruotameo  citca  Cor.^.gcncralc  eiuf- 
dem  prop.  )4.  fuperiusfuislocistdnotttafueruot»  qucaoi» 
maducrtcnda  crant.  Kchquc  tandem  propofictooet  i  3  5.vfq; 
adfiocB)  lib*  t»  noo  pcQdcot  ab  lodiuffibiliom  mctbudo»& 
pioptcicacirca  illasoibil  nobisdiceodum  occuirit.  Relida 
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dcniq;  ftjit  vltipip.  loco  prop,  ^ cum  CorolJarij  fc Aionibt S) 
ac  prop.30.3  32.  i  2?«  praccipuedepcndcnribu^cuoi  pau- 
I6diIfe<nt{qrccnanimaducr(Joncm  popofccrc  vider€cur,  pra!« 
%ttittt  vcrdcum  pUpji^^firio^c  2  f^fo- 
poficidncs  IcmmicicajVid  recn  noftrim  Wf  menifes  j  fo 
'perexftrucndff>Vt    iequcncibHsmaQifcRttrtocrit.-^* '  -  * 

THEOREMA  XI.  PROPOS/  XH^ 

I  propofitqm  qupdcupiqj  folidumparallelis 
quotcumq;  plariisitafecari  pofTrt^vt  conce- 
pca^  ex  fecantibus  plants  in  eo  figura?  (mt 
femperparallelogramma  redangula,  larera  vero 
cadtmdcfcribentia  fintomnia  vnicuidam  lateri 
vtregulae  a^quidiftantia :  llludfuperficicbus  cy« 
lindraceiscompfehenfum  cric, 

Sitpropofuum  quodcuqj  foIidf^ASOCjquod  quiJcm 
parallclis  quotcriq,  pUftis  fcdi.m  cfTe  fupponatnrjC^cie- 
tibUf  in  co  parallclogramma  rcdangula  5  EH ,  IM ,  latcr:^ 
verah^ec.dcfcribentiayGH^LM^y^  &  rcliqiia  omnia  prafa^ 
gramma  pariter  dcfemhcntia  >  fintviMCuidana 
regulae^PQ,xquidiftantia.  Dico  folidum,  ASOQfupcrfi- 
cicbuscylindracciscoprchcndi .  Quodcnim  fupcrficies, 
in  qun  iacent  omnia  praedidn  latcra,  qua^:  rcdagula  dcfcri- 
bunt  ( qucE  fir^CNODj)  fit  cylindracea,  manifcftnm  cft  ex 
co  5  qucd  omnia  vni  rcgulae ,  PQ^^fmt  parallcla  5  &:  cadcm 
rat  oncfiipcrficicsjin  qua  inccntlatcia  rccbngulorupriE;- 
diclis  oppofita  i^ux  fit^ARSB,)  ciir  cylindraccn.  Simiiitcr 
cum  plnnumyEH)  a?quidiftcc  plano  5  IM>  Ik^  GHj  ipfi^  LM, 
ctian^EG^ipfisLIia^quidiftabirjeodcm  modoautcm  criam 
oftcndcmus  rciiqun  latera^qu:?  pra?fatis  rcaangula  dcfcri- 
bentibus  la.eribus  perpcndicularitcrjnliltunt>  cidcm,  LI5 


jcquijift.\rc  , 
^'ex  qiio  cou- 

cludcm*  h.rc 

omnia  pari- 

tcr  in  fupcr- 

ficiccyluidra 

cca  cocxtca- 

ditquxfir,  \ 

CNR  5qu.i_, 

nicthodo  pa- 

tcbit  ctia  fu- 

pcrficicm^BS 

OD^clTc  cy- 
Iiiidracca>  in 
qu.i  quidcm 
iaccnt  latcm 
rcdanguloru 
prxdi Ais  op- 
ppfita.  Nunc  . 

llduda  intcllig,inturoppofita  plana  folidum ,  AO/tnn 
gcntia,acprxfati$fccantibus  pbnis  ^quidlftantia ,con* 
tmgcrc  potcft  vt  ipforwm  planorum  contadus  fit  cx  v- 
traq;  partc  vcl in  pundo,  vcl  in  linca  ,  vc!  in  plano»,  vcl  cx 
vna  partc coucactus  in  vno  iftorum ,  cx  altcra  vcro  in  alio 
promifcucjvtconfidcrantifacilcinnotcfcct^attamcn  quo- 
modocunq;rcs  fchabcat  ctiam  rationc  iftoru  cotaduum 
fict,  vtdiaum  folidum  cyhndraccis  fupcrficichns  coprc- 
hcndatur,  fi  .n.  contadus  cx  ncutra  pnrtc  fiat  in  planojdi- 
clumfohdum  nonalijs  fupcrficicbus  cylindraccis ,quam 
ijs, quxdi(5b!funtcomprchcndctur,  vt  mnnifcftnm cft, fi 
vcro  contadus  fit  in  pbno , illudcrit  para llclogrammum 
rcaangulum,  vt,  AD,  RO^cum  .n.  ha?c  tnngcntia  planu 
xquidiftcnt  planjs  fccantibus ,  qux  tranfcunr  pcr  latcrv  • 
cyiindrici  >  cuius ,  ACNR,  BDOS,  funt  fupcrficics ,  ctiam 

r  ipfa 
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ipfa  per  ciufdcm  larera  tranfibuntj  ergo,  AC,  BD>  ficut 
tiam,  RN,  SO,  pcr  qux  tt^nfcimt  dida  tangcntia  plan:i^*> 
ipfis,  EG,  FH,  xqiiidiftabuntjquo  papto  oftedemus  etiam, 
AB,  CD,  RS,  NO5  ipfi,5  EFj  GH5  p-^rirer  ^equidiftarc,  crgo 
plana  conracluu,  AD^ROjCruntparallelogramFna  re^aan- 
gula,  ergo  &  ipdi  crut  fuperficies  cylindracear,  crgo  ctiam 
raiione  contiiigentium  planorum  fccafntibus  planis  arqui- 
diftantium  prarfatum  folidum  fupcrficiebus  cylindraceis 
cpmprehcadi  manifeftum-c4},  qiH)d  oftehdcrc  opus  erar. 

D  E  F  I  N  I  T  1  O.  A. 

HViufmodi  ergofolida  appellabimus  nomine 
comuni  folida  re(flaogula.Cum  vero  vnum- 
quodqjin  eifdcm  folidis  exfecacibus  pJanis  pro- 
du(florum  parallelogrammoium  rediangulorum 
fueritquadraiu,etiamfolida  quadrata  vocabun- 
tur.  Et ipforum  regulse^quibus  latera plana rc- 
dangula  continentia,^quidiftant. 

D  E  F  I  N  I  T  I  O.  B. 

INfuper  folidum  quodcunque  rec^angulum  fub 
duabus  quibufcunque  fupcrlicicbus  dicetur 
contiheri  (regulis  ijfdem  fupradidis)  in  quibus 
vnumquodq,  apquidiltantium  planorum ,  ipfum.^ 
folidum  re(flapgulumit3  fecantium,  vtdidiu  fuir, 
f qualia  latera  per  fecJiionem  i;fdem  de(ignauerir> 
fub  quibus  parallelogrammum  re(5langulum  ,  ab 
codem  planofecante  in  fohdo  produ^um^con- 
tinctur,  Et  cuni  fuerit  folidum  quadratum  pote- 

rit 
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fic  etiam  appellari,  folidum  quadratu  alcerutrius 
didarum  ruperficicrum  ipfum  continenticrm.  Ip^ 
fas  vero  fupcrficies ,  a^qualia  redangulorum  pla* 
norum  latera  capientes,  homologas  pariter  nun* 
cupabimus ,  regula  quocunqj  di^florum  eafdepi-. 
fecantium  planorum-i. 

A  N  N  O  T  A  T  I  O. 

I Vxta  crgo  fuprapofifasd-finitioncsmioifc.lucn  cft,qna^- 
,.nam  condicioncs  habctc  drbcaQt  ca  folida  i  quar  votaocur 
folidircaangula  :  Eric  i^icur ,  ASOC^  rcctanguluix?  fplidun)  i 
quoJ  fi  ,  AD.  EH,  I Vf,  RQ, &  carrcra  huiu  mcdi  pljna  focf ioc 
quidraca>  potcticcciamdici,  ASOC.qiudracum  foli  Juin  rlpj 
fius auccm  rcgula! crunc  cx  g.  N0,0 quibus  laicra  tcaarigu- 
la  coacincncia«quidirtant,  £ltonunc,quoJ  parxlKlj  pLnii 
qu«  m  folidcAO,  rcaaogula,  AD,EH.lM.RO,g::  urrunf,'n- 
dcfinitc  produflt  occurrcrinc  cx.  gracia  ccibus  fupcrficicbus, 
TX|jiY,DOrz.f  NOAgjin  quibus pr r  fcaioncmd.  ^ignaufunti 
T  Y»arqualcm  ipfi,  BD,  pS,  «qualcm,  CD,  fimiliccr,  &,%,VA, 
X^,  dcinccps  «qualcs  ipfis,  FH,  KM, SO,  ficuc ctiam,  24,  n a, 
NO  ,  dcinccps  arqualcs  ipCis  ,  GH  ,  LM  ,  NO ,  6l  in  fupcrficic , 
DZrO,  rpfas,  DZ.  Hp,M)8,  Or,dcinccpsarquakscifdcm,  BD, 
FH  ,  K\1 ,  SO ,  &  cscera  plan^  paf/f llcla  fimiliccr  fc  habucrJQC 
(ipf*  tuccm  u^crficici,  BO,  Dri  T^^,  inccr  fci  vci  cciam  ,  CO, 
$0,  inccr  fc,  cruoc  homologz,  icguiu  quocunq;  didorum  «af- 
dcm  fccancium  planoriim  inccr  fc  arquidifiaocium.)  Dicimus 
crgo  folidum  rcdapgulum,  AO,ncdum  concincri  ex.g.fub  fu- 
pcrficicbus,  BDOS,CDON,in  quibus  iaccoclacera  prsfacarc* 
aangula  ccncincocia,  fcdcc  fub  lupt rhcicbusTi^,CO,rcl,TUi, 
f  O,  vcl  fub  fupcrficicb.rZDO,  ODCN,vcI  fub,rZDO,#NOA8, 
io  his.o«plaoa  parallela  produxcruclaccra  ijs arqualia^fub qui- 
bus  parallclograma  rcSaogula^A  D, tH,  IM,RO,  &:  c«tfra  hu. 
iufmodi  coQtineocun  vcdidam  tuic  ,iDquoflOooihd  i  modp 
loqucndi  in  planisdifcedcrc  vidcmur,dJOtur  •n.cx.g.  rcdac:* 
gulu  planum,  AD,  corincri  fub,  BD,UC,qLC  rcfium  aoguluai 

F    %  con- 
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^^^'  confticuuaCiSc  noafeb  >,TY)^8»qu«  ipjiijs  reaum  jngufum 
^*"*  noQ  conftjeuunc »  ho(ic^(^qi,|oqucndi  aipdo,vru5  (uwt  potius 
folidicacis  decerminationem  ftfpiciensiquani  coorinenciaoiy 
qns  fit  a  fupcrficiebus  in  ambicu  concentorum  ioli(forum  exi- 
ftcncibus>cum.o.  cernerem  nonomnes  fuperScrcs  folidumrc* 
dangulum  vt  fic  concineqces]  poSs  ia  ipfius  concedti  foHdi 
ambicu rcperiri  (  vcex.  g; cum  concincrecut duabus  fupeificic- 
busplanisin  illius  ambicuexittencibus)^ljar  aDtem  illisho- 
mologa:  cffenc  curus  )  &  camcn  Iacer<i  in  his  conccpta  vidc- 
rcm  adsquari  laceribus  rcSangura  piatia  concjueutibus ,  & 
cofequenccreorundem  arearquancicacem  praBfciiberc  >  vndc  & 
ift«pr«diais  homologa!  fupcrficies  vidcrcnrur  ipfiuscdoten- 
ti  folidicacem  deccrminare  (qu«cumq;.n.  folida  fub  ipfiscon» 
tincancur  inccr  fcerunc«qualia>vtinfraoiledemu$);dcd  Volui 
prxfatii  folida  rcdangula  dici  fub  omnibus  hrs  (uperficicbus 
horaologisfccundum  candchfi  rcgulrm  corineri.  QucmadmO' 
dum.fi  quis  aliccr  ab  Eudidc  dic^rct  parallclogrammumre- 
danguium  nedum  fublareribus  ipfiusangulum  rcdumcon* 
flicuencibuS)  fcd  eciam  fub  quibufcumq;  alijs  la teribu$  prardi- 
Sis«qualibus  concincrii  fubintclligendo  odd  hoc  parallelo' 
grslmmum  in  ipfius  anfhbicuoecciTario  ipfa)atera  coiieiur^ntfa 
habere,fcd  pcr  ct  fiue  finc  in  ambitu>  fiue  no)  ipfius  artir  quan. 
ritatcmdeccrroinari)  paralIclogramm6m.n.reaanguIumcc!n. 
ttutum  fubduobus  laccribus  >  iuxta  mcdum  loqucndi  Eudl. 
diinum  >  scquacur  cuicumq;  parallclogratomo  rcdangulo  fub 
alij^duobus  prardidis srqualibus  conccnco.  Quod  fi  quisac- 
rcridat  dcmonfiraciones  fcc.  Elcm.  a  prima  illiusdcf.  dcpcn- 
dcncdStanimaducrtet  fuam  fortiri  vcrica^tcai  fiue  'fccunduro 
haoci  fiue  fccundu  addudam  dcfinicioncm  jnrc!Iigantur;con- 
fimilcm  aucem  dcmonfiracionum  fericm  cx  fupcrioribus  dcfi- 
Hicionibus  cmanantcm>  inferius  &  ipfc  fubiurgim* 

THEOREMA  XII.  PRpPOS.  %ll ^ 

Ropofito  quocunq;  folido  recaangulo  iuxta-i 
datas  regulas>  ac  fub  duabus  quibufdam  fu- 
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perficicbus contenco; indeHnita  numero  folidt^ 
red^angula  paritcr  dari  poffunt ,  iuxia  eflfdem  rc- 
gulas ,  quorum  vnumquodq;  propofito  folido  a- 
qualc  eriti  ac  fub  eifde  fupcrficiebusc6tinebitur« 

bic  p  opoiitiim  quodtunqi  lolidiim  rcdangiilu  ,POIS> 
fub  duabus  fupcrficicbus ,  QSIB ,  OBIH  >  coincr.tu , cuius 
regula?  fuu.  HU IS.  Dico  indcfinita  numcro  folida  rcdan- 
gula  rcguiis  cifdcm  paritcr  daripolfe^quorum  vnuquodq^ 
ipli ,  P0IS5  c-cqualc^ji 
crir,  ac  fub  cifdcm  Ui- 
pcrhcicbus,QSlB,OB 
IHjCominebitur.Igi- 
tur  rcclangulumfoli- 
du^POIS^fupcrficic- 
bus  cylindraccis  com 
prchcndctur,  illac  cr- 
go  fuperficics  indcfi- 
nitchinc  inde  produ- 
ci  intcUigantur, in-^ 
qiubus  latcrafignntn 
pcr  plana  parallclajin 
folido  parallcloqrnmma  rcdangula  gisncntin,  vni  rcguljp, 
vt  ipfi 5  HI ,  aequidiftant ,  talcs  autcm  lunt  fupcrficies  5  PS, 
SH,  HB>  BP,  ficut  ct ,  PH ,  HS,  SB^BP,  quarum  cft  paritcr 
rcpula,SI,cu  .n.liUPB,f  icrintparallclogramma  rcaan^ 
guTa,  ram  luxta  regulam,  HI,  quam  iuxtn,  SI5  pollunt  la^ 
ipfis  tcctx  Imca:  vni  cuidam  parallclaedcfignari :  Producd- 
lur  autcm  ipfse  >  PS>  SH^  HB>  BP,  hmc  indc  indcfinite ,  in- 
tcUigaturqi  fimilitcr  in  quacwnq;  produdaru  fupcrficicrUi 
vt  in,  Ol^produiSta,  exiftcrc  figura  qu2:cunquc>  AKM/\»ho- 
mologa, luxta  rcgulam , RI ,  ipfi , OHIB,  in  cadcm  fupcrfi- 
ciccxiftcntijdcmdc  pcr  ilUus  ambitum>  AKM^^fcratur 

qua:- 
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quKdam  re(fla  linea_j 
indefinjt^  hinc  indc 
prodiida,  fcmperipfi, 
Sr,  xquidilbnter ,  do- 
nec  omncm  illiuspcr- 
currcritambitum ,  gi- 
gnens  fupcrficies  cy- 
lindraceas,  CAKN,  N 
M,GMAD,DA,abfcin 
defqjafupcriicie,QR, 
inJcfinite  produiaj,^ 
fupcrficiem  cylindra- 

ceam,  DCNG .  Efto  igitur,  quod  vnum  paralleloruin  pla* 
norum  in  folido,  PI,  reaangula  plana  gignentifi,  vt,  quod 
genuit, XV,  indefinite  produdum, ita  vt  fecet  folidu,  CM, 
in  eo  produxcrit  figuram,  E9e,quontam  ergo,EF,eft  paral- 
lela  ipfi,  nam  cft  portio,EY,quie eft  parallela  ipli,&V, 
limiliter,  E&,eftparallcla  ipfi,  Flk,  erit,  E9f,  parallelogra- 
mum,  &:,  F^fSi»  eft  angulus  re<ftus,  eft  .n.  cxtcrior  paralle- 
larum,  F^j,  XT,  &  ideo  ipfi  intcriori ,  XT& ,  sequalis',  cf  it, 
E^fjCtiam  re(aangulum,&  quia,&:pj,aequatur  ipfi,TV,  funt 
enim,  AM,Ol,  figura?  homolog.T,  ficut  etjam,F9^,squatur 
ipfi^YV,  idco  redangulu,  E%  erit  squale  rcaangulo,  XV. 
Eadem  rationeoftendemus ,  qu«cunq;  alia  duo  redangu- 
la  ab  eodem  diciorum  ajquidiftantium  plano  in  ipfis  folidis 
produda  arqualia  elfe,  ergo  cum  folida,  CM,  PI,fint  in  ea- 
dcm  altitudinefumpta  rcgulis  eifdcm  ^qualibus  rcdangu- 
lis ,  concluduntur  .n.  inter  extrcma  plana  parallcla ,  quo- 
rum  contaaus  cftin  planis,  NM,RIj  Ca,  PB,  ideo  diaa_^ 
folida  erunt  acqualiter  analoga  iuxta  diaas  rcgulas ,  crgo 
inter  fe  .^qualia  crunti  &  cum  fupcrficics,  AM,fit  homolo- 
ga  ipfi,  OI,  &,  DM,  ipfi, Ql, rcgula  plano,  RI,  proptcrea  & 
crit,  CM,  folidum  rcaangulum  a:quale  Ipfi ,  PI ,  &  fi,b  cif- 
dem  fupcrficicbus,  Ql,  10,  continebitur,  &  cius  rcgulx  e- 

runt 
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runt  paritcc  ipfx,HI, IS .  Cum  vero  m fuperficic ,  01,  in- 
dcfinit^  produda ,  indcfinita:  nHmcro  figuri  ipfi ,  01 ,  ho- 
mologx,  rcgub  pbno,  RUfupponi  poflint,vt  facillimcap- 
parct,«dc6  tiipradida  mcthodo  lot  fohda  rcdangula  ijf- 
dcm  .u  >crcxflrui  poternnt,  rcgulis  cifdcm,  quot  crut figu- 
rx  ipfi,  HF, hon.ologx ,  iuxta  di<ftas  rcgubs ,  idcft  numc- 
to  l  ulcfinit  1 ,  qi.oruni  vnumquodq;  ipfi,  PI,adxquari,ac 
lub  cirdcm  lupcrficicbus,  Ql,  lO,contincri,vt  fupra  oflcn. 
dcmus.  Qucmadm  >du  Gctiam  indefinitcAipcrficics,PH, 
HS,  SB,  BP,  fupca  ,  vcl  infra  produccrcntur,  aha  indcfini- 
ta  numcro  fo'ida  rcaangub  inucniri  codcm  moJo  pof- 
fcnt ,  quorum  vmimquodquc  ipfi,  PI,  adxquari,  ac  fub  cif- 
dem  lupcrficicbus,  Ql,  lo,  contineri ,  regulis  cifdcm ,  HI, 
IS ,  pari  rarionc  probaremus.  Harc  autcm  oftcndcnda  pro- 
poncbantur . 

COROLLARIVM  I. 

X  ftprd  Jemt/Jr^tts  mMtftdMm  tR.  tjnomodo  ftUdam  u- 
j  OdBgiititm Imh  dushus  ddtis  fnpetficuhtis  ttnttntmm,  tux- 
$d  ddtds  reguUstW  dit4  fuptrfiae  cyltmdrAcea,qm*  cmttmtnttum 
0lttrt  ftt  htmoltgg,  defcrtbipofsit.fmptrficits CG,  dtfcrtbetmr 
dr  <>/* Idttrs,  NJ,  mttt  ftr  Itnttm ,  NEC,  ftmptr iffi,Ht,: 
HmtdtHtnitr, 

C  O  R  O  L  L  A  R  I  V  M  II. 

INfmprr  tnntttftit  ftltdmm  TtiitnguUtrm  tjmoicmvtj'^  efe  ftmptr 
ptrttittm  ftltdtm  irnibms  tjltndrtcts  ft  ft  inmictm  ptr  fttts 
fmptr^ctts  tyltmdrtctts  dtcufsAnttiims  ctmmuT:tm  ,  (fuetmm  Itiit- 
rmm  rtgmU  fi  ftmul  »d  vnum pmnOum  etrrptntinimr,fi(:i  tnutctm 
perptndtcmUrts  irmnt ,  vi  rtguU ,  Hl,  tmi  ttamidi^tifr  Uttrti  fm 
ptrfictti  tyhndrtttt,  PSHBr,  tfl td tir.gulum  r,amm  tmm  *fgm. 
U ,  IS,  (nt  djuidtftnttt  Utifd  Jfuptrfitttt  tyltndrttt* ,  PHSBF, 


4$  GEOMETRIii 
^mdtiuidtmf^lidum,  PI,p4tcigigni  ex  cieurfu  diSiarum  fiipiu 
fiacfum^fieut»  CM,  ex  cnncurfuiAfumdem ,  FSHBP^  tu  ufinit} 
pfod^Sldrum,*»ecu9f^  tpf^rum.LKGKCMc  e(^vnnmquodq\  tpfo^ 
fum,  CM,Pl^e{?e  pmionem  folidMm  communem  du9b$4s  cylindri* 
cii ,  q^orum  Uttrum  teguU  fun$  ipfe,  HI,  15,  adinuicem  per- 
pendtcuUrti  • 

COROLLARIV  M  III. 

VLierius  pdtee,  quod  folida  re&4nguU  fub  fuptrficiebus  ho^ 
mslogisiuxtd  e^/demreguUs  contentd  ,inter  fs  funt  4bi 
qu4li4 :  Etemm fi propofitd  ex.  efsent  faperfcies ,  10,  ho^ 
mdogdipfis,  DM,ML^  reguUpUno,  RI,&  completafnificntfo- 
Ud4  re{i4ngnU,  Pl,  CM^  eedem  modo  ofienjumfmfset  tpfd  tnter 
fe  dqUAli4  efic^ . 

C  O  R  O  L  L  A  R  I  V  M  IV. 

f"^  X  hdc  Prop.  &  Ccr.  dnt.  deniq;  4pp4re$ ,  quam  congruenter 
j  dtiinm  ftterlt  folidum  red^ngulum  nedum  fub  dudus  fu* 
perficiebits  in  eiufdem  dwbitu  extflenttbus  ccntineri ,  (edetiAtn^ 
fubdudhus dl^s  quihufcumq^prddiSltshomologis ,  iuxtdeufdem 
reguUs ,  licee.n,  dtuerfis  fuperfictebus ipfd  folidd  comprcbeddn* 
tur,  tdmen  eddem  femper  foliditdtis  qudtttas  conftrudtur,  reten^ 
tis  eifdem  fegulis,cutus  determtoatiocum  ex  Uterthus  habeatur, 
velre£languUpUnd  dt£{orum  foltdorum  continentthus,veldqud^ 
lid  qs,  qud  eddem  continent,  tace^nt  vero  hdc  in  diiiis  fuperficte" 
bus,  propterejt  non  incongrui^puto,  diddm  fuitprafdtd  foltdd  fub 
talibus  quibufcumqHe  homologts  fi^perficiebus  ,feguhs  etfdem^, 
contincri. 

THEO- 


L  I  B  E  R  VII. 

THEOREMA  XIII..PROPOS.  XUI, 


<9 


SI,  expofitrsduabus  quibufcumqj  folidorum 
rec^angulorum  defcripnbilium  rcgulis.ad 
vnum  punaum  compofitis,  iuxta  eafdcnu 
lolidumreaangulum  contineatur  fub  paraJlclo^ 
grammo, &  alja  quacumqj  figura  phna  m  ambi- 
tucontcntilolidj  exirtente, ipfumfoJidu  rc^aan- 
gulum  crit  cyJindricus ,  &  figura  plana  furcrius 
dicUcriciiJjus  balis.  Quodfieriam  prxQiOzE^ 
gura  fuerit  paraJIelogramroum ,  &  ambo  in  iJJius 
ambiiu,contentum  ijfdemfoJidum  rcaaneuJum 
cricparaJJeJepipedutTu.. 

Expon.ir.turdiia  miiiccm  perpcndiciil.ires  rcr-ul.r^B^^ 
CD,folidorumdcfcnptibiluimfub  par.iUcIoarani..  A(\ 
&:  figiira  plana  *  ' 

qu.icumquc,HD 
C ,  fit  autcm  dc- 
fcriptu  folidum 
rcctfigulum  ftib 
eildcm  contcn- 
ru,  AGCH,  iux- 
ta  rctjubs,BC, 
CD,ita  rjmcn_i 
vt  figur.i  plana, 
HDC,fitinam- 

bitu  ipfius  contcnu  folidi.  Dico,  AGCH,  cffc  cylindricfi. 
Quod:n.  AC,CG,GH,  li.it  fupcrficies  cylindiacc.v,  quaru 
rcgula,  BC,  manifcftum  cft ,  <juod  vcro  l.ucra  pci  fccaiitia 
parallcla  plana  in  ipfis  dcfignata  lint.Tqu.ilia  ipli,BC,Iatc. 
nparalJcIogrammi,  AC,  cx  diaisetiam  comltarepotcft,- 

^  fcd 


G  E  0  M  E  T  R  I  i« 

fed  m.uoris  ailucidationis  gratia  fit  ab  aliqiio  di<Slorum  fe- 
cantium  planorum  in  folido,  AGHC ,  produaum  reftati- 
gulum,  IMON,eft  crgo,  IN,  xqualis,  MO,  hoc  eft  ipfi,  BC, 
quo  pjao  idcm  de ca:tcris  oftcndemus, in  parallclogramo 
autcm,  GC,  cadem  verificantur,  &  in  illi  oppofito,  fi  con- 
tadus  plani  ipfi,GC,  oppofui  elTent  in  plano,  vrnianifcftfi 
cft,  ergo  pcrinde  cft  ac  filatus  a:quale,  BC,  ambitum  hgu- 
rx,  HDQcxtremo  fui  punao  femper  ipfi,  BC,a?quidiftan- 
©tfi.I.i.  ter  pcrcurriftet  -iplam  fuperficiem ,  ADBH ,  dcfcribendo, 
erit  ergo,  AGCH,ey  lindricus,cuius  bafis  eft,HDC,figur3. 
Prxfatum  quidcm  folidum  habct  inambitu  figuras  ipfum 
continentes  ,  fcd  fi  velimus  etiam  cafum  intelligcre  cum 
tantumfigura  plana  eft  in  ilHusambitu  ;hoc  in  fchematc 
ant.prop.facile  percipicmus,in  qua  fint  regul?,SI,lH,conr 
iincntcsvcr6figurx,Ql,AM,quarum,Ql,fupponaturene 

p3rallclogrammu,fed  non  in  ambitu  contenti  eifdcm  foli- 
ai ,  quod  iit ,  CM,  AM,  vero  fit  figura  plana ,  qux  debet  in 
ambitu  foUdi  reperiri ,  igitur  conlimili  mcthodo  oftendc- 
mus  ctiam,CM,cfte  cylmdricum,  inbafi,  AM,c6ftitutum. 
Qiiod  fi  cotmentes  figur£,Ql,  lO,  fucnnt  ambo  parallelo- 
gr3mma,acinambitu  contentt  folidi,quod  fit,  PI,manifc- 
ftum  cft  ncdum,PI,  cfte  cyllndricum,fed  criam  effc  paral- 
klepipedum,funt.n.pl3n3,Rl,PB,paraUella,nccnon,PH, 
cftfuperficies  pBna  ipfi,Ql,parallcla  ,  AC,PS,  eft  plana, 
necnon  ipfi,  HB>  fimiliter  parallcla,  «jMod  oftendere  opor- 
tcbat. 

COROLLARIVM  I. 

Itlif»  EH,  OC,indefimt>pro<itiifift  reptridturslid  quxtMji 
fUHnfigurdtVt,  BHC,  foltd«m  rt£i4ngitltin>  fiihfAralUlegTdmt 
frtptfif  ,  AC  ,feutttt4Kaiog4  fmptrpttt  ftsuudumrtgulampU'. 
•tim,Ge,&  fub  fgut4t  BHQ,itt  mitttt  fmtntifitidt  txiSeute, 


L  I  B  E  R  vrr.  y, 


^''Mcu  fic.^^^^ 

^Hctl^:f^^''T 

C  O  R  o  L  L  A  R  I  V  M  IL 

HF.  HD  hMbaurc„4m  reil^ngulur»  foUdum  fub ,  AC^CE  sd 
^;^'''g''i;''-f^U^'^rr.fub.RC.CT.e^e.,rc 

'yj;f-y'''f'i^'r''iu:.dtn,.ru^^^^^^^^ 

&,deofu.,v,  .^f^k^ji,^  dMsreO^nguU .  fJpZ 

tiTHm  foltdtrum» 

A  N  x\  O  T  A  T  I  O. 
p/ano  lacencbus  fig.prout  d,au  c«.quo  pafto  cadcn  iDtcUi^ 


Q     2  pc 


potuiflcnf,  fcd  cum  noonihil  difficilc  captu  ioitio  huius  oou« 
doarinx  hocmihi  fore  vidcrctur,  eadcm  vt  fupra  exhibcrc 
inalui ,  Terumtamco  valdeexpediet  pro  fequcotibus  affueficri 
diSoru  folidoru  mcntali  dcfcriptioni, exhibitis  continetibus 
cademfig.(quz,puto>fempcrplaDarcrunOincifdemparallelis 
conftitutis,qucmadmoduin  duabus  quibufcumqjreais  lioeis 
cxhibitis,  illicorcaangulum  fubipfis  mencaliter  defcribcrc 
folcmusi  ficuci  &  quadratum  dat»  reax  linear  cuiufcumq;  abf* 
queeoiquodfcmperin  fchematibus  ipfadefcripta  exhibcan- 
tur ,  fic ergo  &  (olida  reaangula>&  folida  quadrjta,  fubdua- 
bus planis figuris  in  eifdcm  parallelis  exiftcncibus  luxca  datas 
rcgulas  coceotai  ad  figurarum  confufioncm  cuicaudam  &  nos 
quoq;  mcntalitcr  vc  plurimuin  defctibcmus. 

THf,OREMA  XIV.  PROPOS.  XIV. 

SI  duo  triangula  fueriot  in  eifdem  parallelis 
conftituta.  Solidum  redagulum  fub  eifdem 
contentum,  regula  altcra  didarum  paralle- 
^arum,  ac  alia  quadam  illi  in  fublimi  perpendicu* 
iari,  erit  pyramis>  habens  in  bafi  parallelogram- 
mum  redangulum ,  fub  di(Jlorum  triangulorum^ 
bafibuscontentum^dummodoalterum  dK^orum 
triangulorum  fit  in  ambitu  contenti  folidi, 

Sint duo trianguUin  eifdem  parallclis  confticuta  5  LK, 
Sliy^hcmpe,  ACD5  bafibus;  BC^CD.in  parailckb 
^sD^difpofitis,  elcuctur  autcm  a  punft  ^  C,  quscdam)  CF, 
pcrpendicnlaris  ipfi  ,  CB.  Dico  folidam  rcdanguUmi  fub 
duobus  triangulis,  ABC>  ACD,  contouum ,  regulis^  BC^ 
CF^efrepyrnmidcm  >cuius  bafi^^crit  parallclogrammum 
rcdangulum  fub  pra^didis  bafibns  ,  BCj  CD5  paritcr  con- 
xcntum,  dummodp  alterum  diaoi.utti  trianguloium  fitin 
ambitu  ipfiuscontentifoliJi.Sir  .n.  defcriptui^ipUim  fo- 
lidum  reaanguUun  fub  triangulis  ^  ABC^  ACD  jconten- 

tum> 
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t  I  B  E  R  VH. 

<nm,ncmpi,AEBCF, 

Ct  tamc  altcfum  ipfo- 

rum,yt,ABC,uiambi- 
tuiplius  contcnti  foli- 
di,&:,AFC)  fupcrficics 
homologa  ipfi,ACD, 
iuxta  rcgula  planum, 
BCF ,  ci  it  ci  go ,  ACF, 
triangulum,cfto  cnim, 
quodvnum  p.ualiclorum  ipfi,BF.,planorum,  folidum, 
AEC,  fccantuim ,  in  co  ctfcccrmt  parallclogrammum  rc 
aangulum,  GMIH,&  in  triangulo,  ACD,  rcaam,lY,i3m 
fcmuis,  quod,  HI, cftin  codcm  planocum, FC, cui cft pa- 
rallcla,&  ambo  funt  in  codcm  piano  cum,AC,quod  ct  de 
rchquis  m  fupcrfic.e,.\CF,ipfi,FC,parallelts  cxiftcntibus 
codcm  modo  oftendctur ,  crgo  laccnt  omncs  in  plano  ip. 
farum,  AC,  CF,  crgo,  ACF,  cft  fupcrficies  plana,  cum  vc- 
ro  vt,  CD,  ad,  lY,  ita  fit,  CA,  ad,  AI ,  &  ita  ctiam,  CF,  ad, 
IH,  cnt,  CF,  ad,  IH,  vt,  CA,  ad,Al,  ci  go  tria  pun(fta,FHA, 
crunt  i  i  rcda  linca,  in  cadc  autcm  cftl-  oftcndcmus  ctiam  Lemai  i; 
reIiquarumipfi,CF,par.illcIarum  c.xtrcma  punda  cx  hac 
partc,ergo,  ACFjCrittriangulum  :  Confimiliautcm  mo- 
do  pariter  demonftrabimus,  ABE,  AEF, efte  triangula  ,  & 
cft,  BF,paralIcIogrammum  rcclangulum,crgofolidum_*, 
AiiF,eft  pynmfs,&:  eius  b.ilis  parallelogranimum ,BF, 
<jaodoilcndere  opus  crar. 

C  O  R  O  L  L  A  R  I  V  M  I. 

;  fubtr»ptz'}itxg.  MBCi,JCVT,mc$fdtmp4fMlUl,s,  sT, 
JiD,tKiHtntibus,  rtguUs  ijfdtm.BC,  CF,  tftfru/litm  fyr^mtdtt 
4bfct^*t,trpUnH  baft,  BF,  4<jmdt/l4ns,  vt,  GtCI,  dummodt  4/. 
ttrtm  diilcrum  tr»^(z,io,um  tn  ^mbttu cmtviiftUdieenfiftAt,  ' 

CO- 
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Slmiliter ficipl^anitir pdrdQehgfAmma^  PC^  CR,  CO,  folid$4m 
rf  itAngulum  fuh,  RC, CP,  feu  fub^OC.C P,  contentum^  quod 
iit p4rulleiepifedum  ftrtplum  ert$  conteutt  /ubtrtdngulis pfddim 
ffis  t  pyr^mtdis,  AtC.Cotttentum  vero  fubpArdUelogrimts^l 
vel,  fiC,(^^CX,  diXcontentum  fubdiitistrapezifshoc  eji  ad  frUm 
fiumpyrMmtdisiGEC I ,erit  vt  cfUddrstur/i,  hC^reCldr/gulum  fub^ 
,  kmiif*  XplM,  vna  cum  t  .quad»  X  V>  retentts /cmper  ^faem  reg.  BC^ 
Cf.fffc  autem  vera  fu nt  ftue  latus.ACpt  ccmmune prafAtts trim 
dngults,  feu  pafaUeUgr4mmis,fiue  non.ac ftue  tatus,  i  C^ftt  contm 
mune  pradt^its  trapeztfs,  fcu  parallelogrammts^ftue  non.vtfaci* 
1}  tntuentt  innotefcet. 

COROLLARIVM  III. 

PAtet  vltimo  folida  rcUangula  fub  diSits  triangulis ,  regtt^ 
Its  iam  diclis ,  contfnta ,  fe  habere  tmer  fe  vt  tpfa  pyra* 
mideSs  nemp^  aqtte  altacfse  tn proportione  bafium  ,  tu  eaaem^ 
vclaqualtbus  bafihuscxiRentia  efsein  prcfortione  altitudtnem 
refpeilu  bafium  afsumptarii,  quodeii  fimiletUf^quodanimaduer» 
fumefttn  Cor.  i,e^  i^prop.ant.circaparallelcgrdmafclidareCian^ 
gutacontinentta^ 

ANNOTATIO. 

ADuertc  autcm  cum  folidum  reQaoguium  fucrit  quadra» 
tum,  tunc  vnam  fufficctcexponi  figuram,  vt  cx.g.tnaa* 
gulum  ,  ABCt  quod  tuncaquipollet  duobus  expofitis,  ABC, 
ACD;  &  contcotum  foJidum  fub,ABC>  ACDi  roncctiam  dici- 
musquadracum  foljdum  jpfius,  ABC,rcguli$,  BC,CF,  b^cau- 
tcmplinarum  figurarum  quadrara  folida  mcncaJjfcr  quoquc 
vc  plurimu  defcnpca  cfTc  mtclligcmus ,  vt  ctiam  fupctius  ani* 
maduerfum  fuit.His a urcm  pr«pofiti$,nunc illa  fubiungcmuii 
qu«alsimilantur  Prop»Scc.  Ijlcm.  ac  luxta  tnctliodum  iodiai- 
fibilium  lib.a.  prop.aj.  oitcofa  fucrc* 

THEO. 


L  I  B  E  R  VII. 

THEOREMAXV.  PROPOS.  XV.  " 

culum  Fr''^''^'''  ^■"P-rficics^ACCH,  fohdum  ^c^.n 
guiumjbC,  iuxtarcpu bs  Ki  (  zir^  "'-^cran. 

tcm  altcra  ,  vr,  AC  ,t  dnuf^'''^'^^"''"'"'"' ^tu 
in  quotcumq;  partc5,vt  pcr 
Iincam,DEC,rcc.-.ntem  qiuf. 
cumqjiiitra  r»ipcrficicm,AC, 
ipfircgi.la:,BC,parjllclas,in 
duaspartcs,DEC,ADECB, 
jpfa  vcro,  HC,  fit  iiidiuifa. 
Dico  rolidum  coniciuum  lub 
indiu)ra,HC,&  fiibdunra, 
AC,idcft,FC,«quarirolidis 
contentisfub,DEC,CH,& 
fiib,DECB.V&:fubc.idcm, 


H 


 . 

E 

H 

.>L:cfc:^^^^^^^^  "•ne.n  ferriper 

rit,ac  fcmper  moucri  .pC  .t  kc'"'' P"?';^'" 
bct  crgo fupcrficKm  cyli  'dr    c^t^''"^"  r  ^ 
fcindctaf.,pcrficicbus!i:K:rcT'^'r-  ''^p^I'*^'^- 
m,D£CA,HC,cnc,I.^d„'ct^^^^^^^^^ 


tu 
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tu  coiitciui  foUdi ,  fiuc  non.,  alioquin  non  poffcnt  latcrai 
qu2  pci-  folidum,  FC,  fecantia  plana,ipii,GC,  squiaiftan- 
tia,ftsnanturin  ipfa  fuperfKic,HC,omn»a  vni  regul«> 
KC,sqi»idiftarc,eraofolidum>HiK:CiiD,lui>erfic^cbiis 

cylindrnccis  comprchcditui-,quarum  rcgulf  liint,KC,CB, 
inuicem  perpcndiculares  ergo  li  folidum ,  HUXED,  lccc- 
tur  planis  ipfi,KB,  parallelis  fient  in  folido  parallelogrim- 
ma  ipfi,KB,xquiangula,hoc  eftreaangula,  &ideo  diaum 
folidum  crit  folidum  reaangulum  contcntum  lub,HC, 
CED ,  fuperficiebus :  Eodemmodo  oftendemus,H'.KC 
EDAG ,  eife  folidum  rcaangulum  Gontcntum  fub  fu- 
perficie ,  DIC  ,hoc  cft ,  DK ,  illi  homologa  iuxta  planiim, 
BK,  ac  fub,  DECBA,  eft  autVm  foltdum ,  FC,  jKqualc  duo- 
bus  folidis,  HiC,  CIHFB ,  fimul  fumptis,  ergo  folidum  re- 
ftangulum  contentum  fubindiuifa  fuperficie ,  HI ,  &  fub 

diuifi,AC,3equale  eft  folidis  reaangulis  contcntis  fub  ea- 
«lem  indiuifa,  HC,  &  fub  partibus  diuifas,  DEC,  DECBA, 

regulis  fempcr  i;ldem ,  BC,  CK ,  retentis ,  quod  oftcnderc 

opuserat. 

C  O  R  O  L  L  A  R  I  V  M  I. 

XfoftU  figura pUna qu4tum<i\SG E0,inp4r4lUlis,  AC,DF, 

  aJ^MmpttJ pro  rtgulis,  DF,FH,  tnmetmptrpendteuUri'^ 

ius,  itdtamtn  vt ,  FH,fu  txtr^pU' 
nump4r4iUUru,  AC,  DF,primeeol. 
ligitur.fi  ipf4  fgura  ptrfoUm  ttntam, 
BE,  (ftcantem  cjuaf  amq'^  intraeats- 
dtm figuram,  ipfi  rtguU,  DF,p4r4l' 
ieUt  deferipitbtUs)  dtuid^turvteu^; 
qu4dr4tum  foUdum  fub  indtuifLj, 
MGtO,fir  fub  e4dem,pGE0,  qu4tenus  diuif4,  a^uarirellangulis 
ftUdis  fub  tadtm  iitdtutfa,  BQBO,&ftt(ffartibm,BGE,  SOE, 

CO- 


E 
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C 


&  H  Hutfd,  BG  t  o ,  s,futr$  rtcUmgulu  fUtdu  fmb  tsdfj 
tyit^tfa.BtO.&fuhp^rtt,  lt£0,  hoc tfi ^iUAdtAtt ftUd$.BEO,f^ 
*t(itnguhf,l,dofui.  Hao.  BE6. 

»-  O  R  O  L  L  A  R  I  V  M  III. 

CO%//*r  Urni  ^u.dratmnr  foUdum  ipfiu, .  BGLO  ,  ^^ujn 
fiaMngnUsfMdtsfuh ,  BGtO.  4c .  vtrtf^:  f.ruhus,  BkG, 
BtO.per  Ctr,  PM.  ftth,ndt4qu4r,<fU4dr4„spsrttum ,  BtG, 
Bt0,vn4cum  rta,nguUks fub<tfiemf„t,i,u,,  BEG.BEO.  ttr 
Ctr.4»t. 

C.  O  R  O  L  L  A  W  I  V^M  IV. 

Coa,gi,nr  ^U4rti.  fi l,nt4.  JtlE,  hfitri^m.  BNE.ver^t  non  li, 
f^U4mlectnid,a»s,pf,.  bF.par^iltUs:  Rea^ngulutr.  ft. 
I,:iumfub,ni,yf4.  BNE0,& fuhd,mft,iG£N,ptr,ff4m.  B/E, 
4ju4rt  reciMngutt  feUde  fuk  esdtm  ,n4,u,fj..  BNtO , &/uf,f4r. 
ttius,  B/£N.Bu£/,  d(u,f4,  itceff  »^U4r,re04r.^uUfub  e^dtm, 
BSEO.  &fnh,Bt£0,  cumftttdireaangultfuh  -BotN.  BNtl, 
(nf'6*dd4tmTci>,4d  fol,:,},.BlEN,{ex<]u,l>ns,nttgr4turr,(i4nz, 
fthdnmfuh  BUO,  BUN,i>erCor.pr,mum)fie,^u44r4,umft. 
ItJum,  BE O.cu,  Aqu4h,tUT  tea^ngulum  foitciumfub, BGtN.BN 
£0.cumqu4drAiofot,defigur4.  BIEN,  tm<r,ned,tfet4r,„bns  /n 
nets  i  Slt,  BNE.  I,ft4l  4Utem,  cum  dtctmus  rtcianguli  ftttdnm 
fuh  au4bus  figurts  .fub,n,tUigtrtftmfer  contentnm  ,brtnu4tir 
gt4t,4 ,  ttt4mji  non  expnm^tnr,  vt  tofl^ms  fitrt  ctif/ntnti, 

H  (  o. 
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COROLLARIVM  V. 


C0lligil9tr(juini$9/i  fitppPHdmus,  BIE  ^hfArum  fecsiH dif^ 
{tds  tpfi  #  DF,f4rdUeUs$n  figura ,  BGt  N ,  deinde  tllis 
adtumgt,BNEO,  figurdmin  eifdemp4rdUeltscMm,liGkN,  itr^fO^ 
$utdm\  retldniuium  fQlidumfub,  SGEO,  &fub,  BNEO ,  hocefi 
vnum  fub,  BGthfen,  BlEN.firfub,  BNEO,  tndtuifa,  aliud/ub, 
BIEO,  &  fuh,BNEO,cum  (jUddrdtQ  foltdcBi EN,(^uodiunSistm 
rcCfdngulo foltdofub  ,BltN,  BNEO  .factt  readngulumfoUdum 
fub.BlEN,  BlECperCor.l.) dqmdrtijuddrdto (oitao,  BltO.pet 
C$r,i.hoc  efl  nSldnguium  foltdum  fuk  figurd  compofitd  e%propo^ 
firg,BGEN,&ddie£ld,  BNkO,  &  fub  dateild,  BNkO,  ium  ^ud^ 
dfdtofoUdf^,  BlEN,dtmtd$d  ipftuspropofitd^dcfudricfUddrato foU- 
doJlEOj  compofitdexdimtdsa,  BiEi^,  ^  4dt((ia,  hl^Eo. 

C  O  R  O  L  L  A  K  I  V  M  VI. 

COlligitur  fexta  in  S4dcfig.  B3£0.  pofito  ifioodper  Unci tan* 
tum,BNE,fecentur  dtHaparallela  tpfi,DF,  (fuad  foltdum 
figura,  BGEOtCum  (fUddrato foltdofi' 
gurd,BNEO,  a^uart  reciangulo  foitdo 
iisfub,BjEo,(^,BNEOfigurts  chen 
tOiCtim  (juadrato foltdorelt:fUdfigufd, 
SGEN.  Ndm  (fuadratum  fcltdum.bG 
E0,4(fmatttr  (fuadratis  Joltdts^BJES, 
BNEP »  cum  duobus  reiidgults  foltdts 

fssb  eifdem  figsorts ,  addtto  ergo  quadrato  foUdo  conr-muni,  BNtO, 
funt  (fuairatdfoUdd  figurarum  ,BGtO,  BN  EO ,  aquaUa  auohus 
fC^angnlis  foUdts  fub  figuris ,  BGtN,  BNtO ,  cum  duohus  (fua^ 
dratts  foUdts,  BNtO,  hoc  eH  dnoins  reilanguUs  fltdts  fub,  BG 
EO^  BNtO,  cnm  quadrato  foltdo^  BGEN. 

co- 


L  r  B  E  R  VII. 

COROLLARIVM 


vn 


V-#  ne4m  MlE.  dtct4s<,»t^,f„slM4,ipf, .  DF.ftc4Hte,,t. 

dt.  BG£/.  ^nsrt<im4ir4t,f»Ud,fi^^r4c,mp,fiut^,  Y.GeN.  & 

f,hd.fuh.  D  ,£.V,B/EY,  c^m.,u4dr4Ufoi,d4,  Y^El.  sauLti, 
dM»bM,q.jdr.ti.f*lidt,,  ?,GE\.V,lEN.,HCtr.4nt.  hoctfia,4^ 
drm,fol,U,.  ^GEN.^NEO  4id,tt, ttmr„»mb»,  d»^4, ^ll,4t 
^*^*-'g'l^sfni,.\.GEN,Y>lEN,ftt..^KE0.,,U4f„ftrf„r„.fi,m 

l«t*.B.,EO,ferC«r.Ttrti0m,  ^ 

COROLLARIVM  VIII. 

COlUg,t4roa4'^,fif!gt.r4,  B6EO,fecttttrvti»Cor.  4.44^. 
ir4t4foUd*fig„r4r4m.  BGEN.BUSO,  dmfU  efi.  aJdf4^ 

'*^-'^r'f'^r4yOEl.BlEN.l,.m^m4d.foridi.BGkU,4a44. 
t4r^44dr4t„foUd., ,  S.El.  Bltt,.  cmm  dUmrecl^n^J.  foU. 

rffrV  ^"'^"  ^'r»'''n.,de/l,,m  dtro/J,  reL^ 
guU,fol,duft,t  BUO.  (homoUg4,ff,,  mEl.)&.Y>lF.^.  y.,*., 

a4ngul4foUdsf^i>,BIEO,Y,,EH,  cttm .„,dr.to fittdt.  BwfO, 
4^U4l,4^44dr4,ofoUd4 ,  B/£0  fou.  BCf    cum  <,.04dr.tofiUdo\ 

^'^^''Pt4f^44i,4,4fritd.^Ctlt.BriE0.d4^l4f4n,<,n4dr4^ 

UrHmftltdortMm,Y>GEltBlEii,  ^  *  1 

C  O  R  O  L  L  A  R  I  V  M  IX. 

C9Stgiitirttot,o,f4^»f!,„i„  /;^„^/iamH0,  iffmtCtr.  k. 
1'>^'ir4t4fottd4,V>CEQ,hNEO.d„fUt^t4tt4dr4torttmf,. 
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tUf per  Cor.  3 .  ^uadraets /oltdts ,  Y>GEI ,  ^lEO  ,  cum  dmbus  rr 
^AnguUs  folidts  fub,  hCEl,  (eu,  Bl^N,  tlit  hemologa,  BJEO^ 
qua  duoreciafjgula  foi$^afactuntcur^  cjuadralo /oUdo,VyN EO,fe* 
/iluo^^uadratafoltda^^^IE^.^lEN^fiu^hOEiJ^lEO.tfgo  qua- 
drata  fjitia ,  BG£a,  0,  dupia  furst  quadratofumfoltiiorum^ 
BC£/,B/£0^ 

COROLLARIVM  X. 

GO Itgitur  de^mo^  dr  vUimo,fs$andem  ex.gMnea,V.NE,  ftm 
cet  ifuaffAmj;  tntfafizurJt, BXJ^f  tpfi,UF,  a^jutat/tantes, 
/ecundumeKtrewam ,  aemedtam  rattotoerr^  ,t(avt  rriatorpcrao 
csttufHmcfff^i  Uneafitex  g*tn  /igura»Y>GEN,fecfaftguluM  /o 
Udumfub,  bCEO,BNEO,ajuart  (fuadraio joltdo,\;>C R^j  hac ^n. 
/oUda  erunt  aiuahter  annloga  tuxta  regulum pianum ,  DPH ,  ex 
eo  (juod  tn  vtfOtfw (jtn etd^rri paralielorum planorurr^  tpfafohaa fe- 
cantiump^iC  capie^t.uTi  vnumrtSlagulumy^  vnum  juadratum, 
/emper  re^anguiu  tU  aqnale^qtia^^rato  tn  todtm  piano  extperdlt^ 

A  N  N  O  T  A  T  I  O. 

'  /^  Duccti^ur  auce^^  hie  ia  omnibus  fupra  poficis  Coi^Ila^ 
JrT^*  Jij?lu^p6neref^^^^^  lincas,  par.)llc!;is  ipf},  DK^^in 
AisfigurfS)  rrbo  nifi  fem  M  ^ccurrcrecidcm  rcda^  lincie-jVCiBIc:! 
fcdi*1»  acflNE.f^rorfioi  lcmel  t^nrutp;  rpfss  vcro  par  *  lltlas  aJ 
aint)itu  fi-gur*  ccrminan,  ac  fin^uUs  incee^^as  c<fc>  qi:od  eriam 
^uppono  10  prop.i  gJib,2.  integr^s  aute  eHt fubfnttn'C?(^;  ccm 
ia  plurcs  rcfliS  Jme^SialiqHg  «occ^Uaiiii  (eparacas,  prr ambitu 
/i^urjr,q'jap  abeadem  rcgul»  par;Ulclac.rii4iuat;»r,difi«ogi  mir 
ni  T.eco  pcriencur,in  quo  lenfu  fc  ac  lcctoi  (oe  quis  circa  hoc 
ha:ficarer)  {i)c  fcnijjet  Hi^iiij^  fijirjs  lun  c  icrminum  vfurpare^ 
fciac  jupcreardereetil.ii)  DF»  F^),  pro  omaibus  feauHrtcrir 
rjcri.  Hrcauccm  ^     -  par crar, i mc uuuccxpH^ 

caca  fu:jri  fedcuai  P;^.  •  >  v^i..  *>cc.fclem.  hs;  in>ifar<a«» 
tofjfc  i:ifupcr*cx>ttfimilil<iodriu^y  AJhibica  tauicn  /ndiuifib^ 

lium 


L  I  B  E  R  vri.  tfi 
Jiuno  iDcthodo ,  tridita  iim  fuiffct Lib.».  prop.  j J. irff ^  nc  re- 
lum  fimilitudofanidium  parcret,  cutrcuti.vt  itadit.a.,  .;ia. 
moadnotata  fuot.  Ex  fupradia  sautcro  faciIeeH  intelligeic 
nomen  qiiadtati  folidi  alauius  figurxplan*  «quipoJk.eoo- 
mini  oronium  quadratorum  ciurdcm  rigut» .&  ocmeo  reaaa- 
guh  folidi  fubdujbus  figuris «quipollete  oomioi  leaargu. 
lorum  fub  eifdcm  figuris.qBibusquid.  m  ia  methodo  indiuiH- 
bilm  vtcbamur,  cx  quo pKct,?t  fic  nosindcfinitum filancun» 
numcrum  cuitarc,  cui  ipforDm,  qu«  reaaogula  folida  jppclla- 
umius, foliditJte fatis c<  ncinne putofubfticuimus.His aor pa- 
ritis.fcqucntiim  propofitionum  dcmoDatationcs  tum  qua 
luptrfuntl:b.x.tumlib.j.4.ic  j.paucisroutatiscompeodiofif- 
fimc  ptf  h ji.c  nouam  methodum ,  abfq;  folidarum  hguraium 
circumfcript:Ooe,&  inftripciooc,  vt  alij  conHieuttuot,  necnoo 
tacilc ,  oiltodcmus ,  pet  h»c  vcro  Prop.  »  L  b.  a.  un.  lat.sti. 
auro  clTc  roaoifcno  apparct. 

THEOREMA  XVf.  PUOFoS.'XVr. 

COnfpcaa dcnuo  figura  Prop.  ^ o.  Lib.2. &; 
aflumpra  rcguJa,  FD,  &  alia ,  qux  a  pun- 
<^^o,  F,quomodocunq;  intelligatur  eleua- 
ta  fuper  planum,  AF,  pcrpcndiculanter  ipfi,FD. 
Rcaangulum  folidum  fub ,  AE,  tC, ad  rctlaou- 
Jum  fohdum  fub,  ADEC,  trapcrio,  &  triar.gulo, 
C£F,  r(gulisiamdiais,contcntum,crit  vt,  DE, 
ad  compofiiam  cx     DE,&'^.  £F. 

Hoc  oncnc'ctur  codcm  ipodo,  acin  fiipradkl,  prop. 

30 Jib.3.  nn.tatis fniurm  |af...u.d.s  iloiiMiubiis,  lumpc  li 
vbuiic.inus  rccia...uh  f.bduabii.  qi.ibi  \dMU  «yui.s  fluc 
ilic.imus  rcaagulun.  foiu.C  ( ,b  c.l.!cm  ii,:u. is,ficut. ctiam 
CMm  dicu.uiir  omnu quaUt..ta  cuiuldau.  I,. ura-,  nos  ill.us 
Kicc  nunc  rubftmicmus  nomcn  ciuadrau  lojidi  ciufdcm  fi. 

giirx. 
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gur^ (iipra  diccbatur.  Igitur  Cum  rcitatigulum  folidum 
'  fub  trnpezio ,  ADEC,  diuifo  pcr  liucam ,  BE,  &  fub  trian- 

gulo,  CEF5  indiuifo,  sequctur  rc- 
dangulo  folido  fub^ AE,  &  trian* 
gulo  jCEFj  vcl  triangulo,  BEC, 
&  rC(flangulo  folido  fubtriangu- 
lo,  BEC,  &  triangulo,  CEF,  pri- 
iTJo  patct  rcdangulum  folidum 
fub^AE^ECnd  redag.folidii  fub, 
AE,&:  triagulo^BEC,  elTc  vt,  BF, 
cer.i.ij.  adjBECideft  vtjDE^adi-.  DE,cftenim,BF,duplumtri- 
h»Mi»*      anguli,  BEC.  Similitcr  redangulum  folidum  fub,  AE,EC, 
C0M.1J.  adquadratum  folidum  jBF,  cft  vtrCvaangulum^DEFjad 
kaittt.'   *  qundratum,  EF,  ideft  vt,  DE,  ad  EF,  quadratum  vero  foli- 
httiol      diim^BF,  cum  fit triplum  quadrati  folidi,  CEF,  &  quadrati 
folidi^BECjCrit  ctiam  triplum  duorum  rc(9:angulorum  fo- 
Cor.  i|.  iidorumfubjBEC^CEFjCquadratumfolidum.n.BFjoften- 
haiti.    *  fum  cft  iequari  quadratis  folidis  ,BEC  5CEF,  cum  duobus 
reaang.  folidis  fubjBEQCEF,)^  idco  crit  fexcuplum  rc 
aanguli  fohdi,  fub,BEC,CEF,  ideft  erit  ad  illud  vt,  EF,ad 
fui  jb.  ergo  cx  .xquali  re(3:angulu  folidum  fub  5  AE,  EC,  ad 
rcdangulum  folidum  fub^BEC^CEF^crit  vt^DE^ad  "FjEF, 
&  ad  rcilangulum  folidum  fub, AEj&triangulojBEC, 
feu,CEF,oftcnfum  cft  cftc  vt^DE^ad  -r  .DE,  crgo  colligcn- 
do  rcdangulum  folidum  fub^AE^EC^ad  rcftangulum  foli-» 
dum  fub,  AE,  CEF,  &  fub ,  CBE,  CEF,  ideft  fub  trapczio, 
CADE,&triangulo,CEF,  crit  vt)  DE,  ad  compofium  cx 
-r.  DE,  &  T.  EF,  quod  oftcndcre  opus  crat. 

ANNOTATIO. 

PRsrencem  propofirionem  denuo  fecundtimhancnouani 
methodunr)  oftcdere  ?olui,vc  ad  huius  imitatiooem^reli* 
qujT  rupplcri  poffiori  io  quibusi  non  alitiquim  fupradidoruni 
Bominum  mucacionc  faAa^dcmoQftratio  fimiliimafic»cuai 

ca 
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P""«P'«  • « «ntccedentibus  po, 

1  "PP"« Wt ,  fuffict  .rgo  talci  propofit.ooci. 

»<:utn  ill,  noD  zUtm  «rotat.oo.n, ,  quam- 
pf«dia*m  iQ  fu.sden)oo<lratiooibuj ,  popofc,fe»iJebuotur. 
VluoadregoIasautetD.iuitaquasdiciiUM  fohda  rc^tao«ul« 
coat.oeri,  poter.fDus  ctiam  r.ce  duaium  »oam  taotum  retinc- 
te ,  pro  VI 10  methodo  ind.uifib.Iium  eftaum  cl} ,  vt  et.  g.  ia 
Sg.  huiusprop.  poterat  fufficere  ipfa.DF.  «irera .n.  reguf.  ooti 
a  JO  fuDgituroffit.o,  qaadeterminind.cu  priori  rcgula  vaum 
plaoum,cu.  plana  folida  redangula  fccant.a,  ac  .o  ill.s  redao- 
gula  plana  produceotia,  «qu.d.lUnt,*  hoc .o  aoteccdcnt.bos 
eftcaum  eft,  Tt  clarior  folidoruo  teaaoguloturo  dcfcnptio 
babe.ctur.io  pofterum  tameo  Toaro  taotum  rtgulam  iooue- 
tnus,  alteram  tacite  fubintelJ.gentes,  duro  prxtata  vn,  cuidam 
eUc  parallela  femper  fupponere  debeamus,erunt  autem  cxdcm 
»egul«,  qu«  10  propofit.oDibus  .nfra  citaodis  adh.bit»  tucrut, 
nifi  al.as  regulas  looueod.  quadoq;  ncccfs.t.tem  J.aboerirous. 

THEOKEMA  XVII.  PKOPOS.  XVH. 

IN  eodcm  Prop.  50.  Lib. a. fchemate ,  regula 
eadem  ibi  aHumpta,  ledangulum  folidum 
fub,  AF,  FB,  ad  re^angulum  ftjlidu  fub  tra- 
peiio,  ADEC,  &triangulo,BEC,erit  vtjDF,  ad 
compofitam  cx,  -i .  DE,  &  t.  EF. 

hzc  olkndctur  vt  n>i,  praed.aa  tjntum  ncminum  mi!- 
MtJonc  fadj,  \  t  mcdiiuu.  iniiotcrccr. 

THEOREMA  XVIII.  PROPOS.  XVIII. 

1N  fchemate  Prop.^i.eiufdcm  Lib.i.regula 
cadcm,  rcdangulumfoJidum  fub,  AO,  OB, 
ad  rcdangulu  lolidu  fub  trapciijs ,  HACN, 
.WCN,eft  VI  uaanguJum,  HQM,  ad  rciftangu- 

lU!ll 
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Iumrub,HO,MN,cuni  rediangulofub  compofi- 
toexi.HM,&  r.NOj&fub,  NO. 

Hvrc  fimilitcr  vt  antcccdcns  cxpcdictur. 

THEOREMA  XIX.  PROPOS.  XlX. 

IN  fchemateProp.52.  Lib.2.fimiliter,  reguU 
eadem  retenta,  redangulum  folidum  fub, 
AE,ER,ad  redangulumfolidumfubtrape- 
zijs,  ADEC,CESR,erjt  vtre(aaDguIum,D£S, 
ad  redangulum  fub,  DE,  & compofita  ex,  SF,  & 
-r,  FE,vna  cum  re<^tangulo  fub,EF,  &  compofica 
ex  V,  EF,  &  -^,  FS, 

Harc  ctiam  \  t  antcccdentts  abfoluctur. 


H 


A  N  N  O  T  A  T  I  O. 

Vciifq;  Propafitionibu5  Lib.i.quercflaHracionciadigc- 
rcvidffbanturraifsft^u^mciTefTijn^iftft)^  ipptret. 
qnum  cft,  vt  &  fcqueridm  tibrotum  Pio^ofiDioctS  dcbuo  pcc- 
pCDdetcs>pcr  hanc  nouam  cqcchoduni  a  oobis  qu()qj&  ipff  tc- 
ftaurcntur,  quod  maiori,qua  ricri  ^occric,  brcuiciCj;,acfacili- 
tatc>nuncptarflareconabiDVur.  »    ^»-  j 

TH-EOREMA  XX.  PtiaPOS.  XX. 

ASfumptoex^cbemste Prop. i.Lib.5  femi- 
circiJlo,ve!  fcnutiiipli^h  PK,cucadiamc» 
trum,  F  K,  fimul  cunj  applicata,  BP^qua 
etiam  ftr  rcgula  parallc  logr^h^jiio,  HB/iux 
qiif  rrlibet  trjVm  ibi  atta^^fnQ  cnrniitn  i^l<nc^(ifteiir 
dcmusjconfpcd^ti  ctiafn  illa  %uia',q6atfrd['^urn  (b- 
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lidum  poriionis,DEP,  ad  quadraeum  folidum 
paralldogrammi,FP,e(re  vt  compofica  cx  EB> 
&V.BR,ad  ipfam,BR. 

Producantur  cnim  indcfinit^  vcrfiis,  B,E,  ipf«,PB,HE, 
&  fiant,Bfi,EG,  fmgul*  xcjualcs  ipfi,RE,&  lugantur,  G9k» 
capiaturq;BX,a:qualisipfi,  G  L  E  M 
BE,&:pcr,X,agntur,XL, 

parillela  ,ER,&:iungarur,  0.|  *'\y  \^  'tlM 

XE,ac  fitquxciiniquc,CN,      ];  fj-  —  \^ 

applicifa  infcmiportionc, 
EI^B,  q;ia;producaiur  m- 
dcfinitc  luiic  iudc  vtfccer, 
HP,vt  in,  M,EX,  vt  m,  D,LX,vt  in,  Z,  &  G5^,vt  in,Qi  funi 
v-n         '  ^r'  P-^"''<=I«g"mma,     ^iX,  cft  iqualis, 
KB,XB,3utcm  ipfi,BE,vndc  rcaanguIum,!JeXB,cft  a:qualc 
rcaangulo,  RBE,  hoc  cft,in  circulo,quadrato,  BP:  cadcm 
rationcoftciidcnius.tumrccbngulum,  QZC,  arquari  qua- 
!?'!f°;  u'^^'!"""  '^^<^^^"g"l"ni,QDC,  xquari  quadrato, 
CN,&hocidcmprobabimu$  circa  aliai  quafcumqucap- 
pliaitas .  In  cllipli  vcro  oftcndemusrcdangula  ,  RXB,Q 
DCcfib  vt  quadrata,BP,CN,  iicut  redagul  ,,I}fXB,  Q7C, 
vtquadrata,BP,CM.  ErgofiintcII.gamus  folidum  rcain. 
gulumficn  lubparalIclogrammis,GX,XE,  &  quadratum 
iohcJum,EP,communi  rcgula  ,  BP,crunt  hxc  folida  in- 
tcr  fc  xqualitcr,  vcl  propartionalitcr,ana!oga,  cum  fintia 
eifdc  planis  parallclis,  ncmpe  trafcuntibus  pcr lincas,  ^V, 
GH,&  quicuq;  plana  liis  paralicla  pr^fata  folida  fccantia, 
producantm  ipds  xqualcs  fignras  planas,  vcl  faltcm  pro- 
portionalcs,  licut  patuit  dc  rcaangulo, QZC, a-qua!i qiia- 
drato,CM,vclad  idcm  cxiAcntc,vt  rcctanguliin),9iXB,ad 
quadratum,  BP.  Eadtm ratiohc,  quia  prob.iuimus  rcaan- 
gu!um,QDC,arqu3ri  q;iadrato,CN,vcl ad  idcm  cncvtrc- 

(*  .n2uUim,9jXB,ad  quadratum,BP,concIudcmi:s  folidum 

I  rc- 
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rcaangulum  fub  trapezioyEG^OC,  &  triangulo,  l^XBj  c^Tc 
xqualiter,vcl  proportionaliter>analogum  quadr.folido,  E 
BP,  luxta  communem  regulamjBPjigitur  rcaangulum 
folidum  fubjGX^XEj^equabicur  quadrato  folido5EP,&  rc- 
aangulum  folidum  fub^EGiJ^XjEXB^xquabicur  quadrato 
folido^EBP^vel  falcem  eruat  proportionalia  in  ellipfijcrgo 
JJlJJJ  quadratunv  folidum  5  EP , ad  quad.  folidu,  EBP,  erit  vt  rc 
ttangulumfolidufub,GX,XE,adre6taguli:mfolidu  fub^ 
EGi^X^&^EXBjhoccftjVt,  92X,ad  compofitum  cx  i-.P^X, 

i^. huius-  &  XB,  idcft,vt,RB,  ad  compofitam  cx  -r .  KB,&  "r.  BE, 
crgOjitcrumconfpccta  (igura  prop.i.lib.^.quadratum  fo- 
lidum  portionis,  DEP,  ad  quadratum  folidum ,  FP,  crit  vt 
compofita  cx  -^.  BE,  &  t.BR, adipfam,  BR,cum  .n.  fcmi- 
portioncs^DEBjBEPjfint  homolog^  fccundu  rcgulam  pla- 
nutranficns  per  rcgulam^BP,  cuixquidiftant  plana  folida 
fccantia  ,  ficut  ctiam, FB,  BH5  &  cum  quadratum  iblidum 
figurse,  FP,  diuifx  pcr  lineam  ,  EB,  arquctur  quadratis  foli- 

Cof.j.15.  disjFBjBHj&duobus  rcctanguhs  folidisfub^FBjBH,  idcft 
quatuorquadratis  folidiSjBH  ,  idco  quadratum  folidunij 
FPjquadruplum  crit  quadrati  folidi,  BH,  ficut  ctiam  patc- 
bit  quadratum  folidumporticvnjSjDEPjquadruplumelfc 
quadrati  folidi  fcmiportionisjEBPjCrgo^vt  quadiatum  fo- 
lidum^EBP,  ad  quadratiim  folidum^bHjita  cft  qujdratum 
folidum  portionis,  DEP,  ad  qnadratum  lolidum^LH^idcft 
vt  compofita  cx  BEj&i  ^ .BR^ad  ipfam^  BR^qucd  oftcn-. 
dcndumcrat. 

COROLLARIVM. 

u  €mufc4tm(j'^  figur^  ctrcA  diAmttrum,  rcguU  hnji ,  ijuddnt^ 
fhm  efe  quadrati  fohdt  cmufms  etttjdi  r^^prtmttm,  ^kd  db  itfd 
diamunfepdrnmttr^ 


ANNO- 
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Olerior  pars  prop.  i.  lib.  j.  oftendctur  vt  ibi  d  Domi. 
uum  caocuoi  mucatione  Fidia  cum  Cor,  ficutcoaptop.  i, 

THEOKEMA  XXI.  PROPOS.  XXI. 

ASfumpto  ex  fchemate  prop  j.femicirculo, 
vclfemiellipfi,  ASFD,  circa  diametrum, 
AD,<imuIcuapplicatis,RF,MS,quaruin 
alterafitregula,&parallcIogrammo,NR,often- 
demus  inillius  figura,quadratumIoliduni,BF,ad 
quadratum  folidum portionis, lCFS,  elTcvtre- 
«aangulum,  DK  A,ad  rc<llangulum  fub,DR,&  fub 
compofira  ex RM,&  ex,  M A,vna  cum re<aan- 
guiofub,RM,&fubc6pofitaexi.KM,&4r.MA. 

ProdiiCJntnr  .n.  iiidcfinitc  ipfirapplicat.r,  SMjPR,  vcr- 

fiis,  MR,a  C4,biis  abrcindatur,GR,HM,  fingl!l.itim  ip(i,DA, 

arqiialcs,  vt  cti  im  ,  GQ, 

HiC,  fingillatim  paritcr 

acqujlcsipfi,DR,\',YR, 
LM,acquaIcs  ipfi,  MA,& 
iungantur,H(;,KQXY, 
QL,&;  lit,  1 X,  jticciunq; 
inrer,RF,MS,  diamctro, 
AD,  fimilitcr  applicnra,  qua-  indefinit&  hincinde  cxfcnd  r 
turrccans,MF,in,V,Ar),in,T,LY,in,I,LQ,in,0,K'0,in.Z^ 
&,HG,in,P.Hrunt  crgo,HQ,KY,LR,p3rnllclogramm;i,i!c 
rcdtanguhim,GQR,  a:qiiabitur  rcaangu!(),DRA,  cum  3u- 
tcm,GQ,fitxqualis,DR,&,YR,ipfi,MA,crit,QY,aoii3lis, 
RM,hoc  cft  ipfi,YL,  c(I  autcm,QY,ad,YL,vr,0],  ad,'L,cr- 

go,Ol,afquatur,IL,.i.TM,&,ZI,ipfi,RM,crgo,ZO,xquatur 

I    »  RT, 
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RT,  crgo  rcibiigulum ,  POT ,  aequatur  quoq;  rcdangulo, 
DTA,  crgo  vc  reciangulum,  GqR,  ad  rcaangulum,  POT, 
m  rcaangulum,  DRA,  crit  ad  retbngulum,  DTA,hoc  cft 
ita  quadratum ,  RF,  ad  quadratum,  TX ,  crgo  permutando 
rcaangulum ,  GQR,  ad  quadiatum,  RF,  erit  vt  rcda  ngu- 
lum ,  POT,  adquadratum ,  TX ,  quod  &  in  reliquis  huiuf- 
modi  oftcndctur  fpatijs ,  ergo  reaangulum  folidum  fub 
trapczijs,LHGQ,LMRQ,&  quadratum  folidum,  MSXFR, 
crunt  vcl  aequaliter  in  circulo,vel  proportionaliter  analo- 
ga  in  ellipfi ,  ergo  erunt  intcr  fc  vt  rca;ingtilum ,  GQR ,  & 
-3. huitti."'  quadratum ,  Rf ,  funt  quoqi  inter fc ,  fcd  vt  redangulum, 
Cor.  i.n.  ^Q^'^'^  quadratum,RF,lic  ciiam  eltc  oftendcmus  reaan- 
hiu^t^'  '  gulum  folidum  fub,  HQ,QM,  ad  quadratum  folidum,  NR, 
crgo  redangulum  foUdum  fub,HQ,QM,ad  quadratum  fo- 
iidum,  NR,  erit  vt  re^aang.  foliduin  fub,,  LHGQ,  LMRQ, 
adquadi  atum  folidum,  MSXFR,&:  pcrmutando  re<aangu- 
ium  folidum fub , HQ ,  QM ,  ad  rcda ngulum  folidum  fub, 
LHGQ.,  LMRQ^,  crit  vtquadratum  folidum,  NR,  ad  qua- 
dratum  folidum,  MSXFR ,  eft  autcm  rcaangulum  iblidum 
fub,HQ,QM,ad  rcaaguUim  folidum  fiib,HGQL,LQRM, 
i9- huiu».  vt reaansuTum^GQR,  ad  reaangulu  fub,GQ,&;  ibb com- 
pofita  cx  -r.  QY,&ex,YR,vn3  cum  redangulo  fub,QY,& 
fub  compofita  cx  -5-.QY,&  ^.YR,hoc  eft  vt  redangulum, 
DRA,  ad  reaagulum  fub,DR,&  fub  compofita  cx  v.  RM, 
&  ex,  MA,  vna  cum  reaangnlo  fub, RM,  &  fub  compofita 
cx  T.RM,&  T.MA,ergo  fic  etiain  crit  quadratum  folidum 
NR,  adquadratumfolidumfcmiportionis,MSXFR,  &ita 
ctiam  quadratum  fo!idum,BF,  ad  quadratum  foUdum  ipfi- 
us ,  ICFS ,  confpeaa  figura  didx  prop.  3 .  quod  oftcndcre 
opus  crat. 

ANNGTATIO. 

PO(»eriorpars  diaatProp.  j.  oftendetur  Tcibi,  folltaoo-' 
miouaimutatiooe  fi^j ,  ficut  ctiam  Piop.  4.  Prop.  5.  cc- 
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««otition.  oott  indigtt;  Coi.  .utecn  deducotur  eodem  modo, 
▼t  >bi  mutatis  taotum  diaisooa.ioibus,fiuc.o.  quadrit.  folidi 
ftgur.tutni,fdem  p«t»Ileli$  io  eiufd«m  fchcmatt  ioietctpti- 
ruoi,  figut»  |olid«  «qutliter  analog. .  mdc  ctii  fuot  «quales,  i- h-i.». 
tx  quo  coQcIuditur  deiode  Coiollanum  eodcm  modo,  quo  ibi 
aaurn  «ft.Ptop.(J.cum  Cor.Prop.^.g.p.cum  eor.pariter  rt  ibi 
ofteodencur.  mutatis  nominibus.vt  fupta  Prop.i    fic  patebit 
ptob«butur.o.figur«,  AFH,AGH.,ffe  proportiooalicer  aoa  Jo- 
g«s  Se  ideo  effc  mt«r  fc ,  Tt,  FH,  HG,  «od«m  modo,  quo  ibi  fa- 
ou  cft,«x  quo  fimiliccr  cocIudetur.AFVT.ad,  AGVS,efle  vr.FT, 
M.GSj&nondifsimiliterinCor.colIigemusquadtatutnfoIi- 

<nm,  AFVT,  ad  quad.foJidii.  AC  Wffe  Tt  quadratum,  FT,  ad 
quadratum.GS,  fubaudi  tameo io  iUius fchcmacc  fcciidas dia- 
in«ro«,FT,GX, «ffe  in cadero  reda  linea.Piop.  i  i.cum  Cor.dc- 
monttrantur,  vt  ibi,  Prop.Tcr6  i  2.  fimilitet.  folita  tantum  no- 
minum  mucsciooe  faaa.  Prop.i  j.ofteodetnrquoque  mutatis 
oomioibus  &c.ioqua  aduerce  pag.»  y.Iio.ia.fuperflue  dici  in, 
*F,quidracum,El,dctr«aumdre<aanguIofub,lE,EF,relio- 
qu«rerc<aangoliifub,EI,JF,vtcoocludacurdetraais  omoibi>« 
quadratis  feroiportionis ,OCD,a rtaangulis  fubparalleJo- 
gr»«Droo,  OV,&  f«roiportione,  OCD,  relinqui  reaangula  fub, 
OCD,  DCV,  hoc.o.conftat  e« C  j  j.i.  a.  vc  cuatur  ip  margine, 
iJIudtameo  admaioremdeclaracioncm  appoficumerat,  CiJ- 
foiJanueiufd«paiiterdeclarabicurmutatis,&c.Prop.i4.fin)i. 
luerptobabuur.cumCo/.mutatis  oominibus&c.  Siceciaro 
Prop.ij.id.  17. 18.  ip.zo.ii  cumCor.inqua patebitreaao- 
gu)afob,ASB,  AHTFB,«quari  rcaangulis  lub  ctiangulis,  AB 
!>, A VD,  caro  fint  folida  «qualiter  analogi,&  hoc  in  figurt  cir 
culi ,  10  hgura  autem  ellipfis  diaa  folida  ofteodeotur  effe  pro- 
portioniJiteraoaJoga ,  acioterfe  Ttconiugatatum  diametro- 
lum  quadrata.Sic  etiamjProp.u.a  j.  ,4.  j  j.itf.  iq  qut  fchcm» 
atuccedcncis  tcpooeodum  e(t.  Propof. 27. 1 8.  ip. 3 o.  3 1 .  cun» 
Cof.  Prop.  p.cum  Cor.ac  tiodcm  Ptop.;  j.paiicct  CHffl  Cor. 
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THEOREMA  XXII.  PROPOS.  XXll. 

EXpofitisduabusquibufcumqjfiguris  planis, 
&  in  earum  vnaquaq;  fumpta  vtcumqj  re- 
gula  jVtquadrata  folida  earundem  figura- 
rum  iuxta  di6^as  regulas^ita  erut  folida  qugcumq; 
ad  inuiccm  fimiliaria  ex  cifdem  genita  figuris, 
iuxta  eafdem  regulas. 

^  Sintdu^qusecumq^figurarplanjejABQDEFjin  quibus 
duse  vtcumqjrintlumptcejBQEF^rca^linca?.  Dico  igitur 
vt  quadratum  folidum  figur^,ABC) 
adquadratumfolidum  figurf^DEf^ 
regulis  iam  di6lis  ita  effc  quodcuq, 
folidum  fimilare  gcnitum  ex, ABC, 
ad  fibi  fimilarc  gcnitum  cx ,  DEF, 
iuxta  eafdcm  rcgulas.Ducatur  in  al- 
ttra  figurarum,  vt  in^ DEF,  vtcumq; rcgulae^EF,  parallela, 
HM.  Igitur  quadratum^EFiad  quadratumjHM,  hnbct  du- 

15. 1- 1.  plicatam  ration6  cius,  quam habct, EFj ad, HN, fcd  ctinm 
alia  qnselibet  figura  plana  dcfcripta  ab ,  EF,  ad  fibi  fimilem 

15.1.1.  dcfcriptam  abjHMjprxdidlaehomologa,  habetduplicatam 
ratione  eius,  quam^EFjhabct  adjHMyergo  vt  quadr^tum, 
EF^ad  quadratumjHMj  ita  cfl:  figura^EF,  ad  fibi  fimilcm  fi- 
guram  defcriptam  ab  5  HMj  &:  permutando  vt  quadratum, 
EF 5  ad  figurnm  qunmcumq;  tilmm  dcfcriptam  nb , EF ,  ka 
crit  quadtatum ,  HM,  ad  figuram  prxdida?  fimilcm  defcri- 
ptam  ab  5  HM,  prxdi&de  homologn  5  ergo  quadratum  foli- 
dum  figurXjDEFj&folidumfimilnrcquodcumqigenitum 
cx  figurajDEFjiuxtacommuncm  rcgulam^EF^funt  folida 
proportionalitcranaloga  fccudum  communcm  rcgulam, 

^httitti.  EF,  ergocruntinter  fc  vt  figura^planscab  eodcm  latercjvt 
abjEFjdcfcript^.Eodcmmodo  oflendcmusquadratum  fo- 

lidum^ 
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lidum ,  ABC j  &  folidum  aliud  quodcinnqi  fimilnrc  gcui- 
tum  cx  figura,  AliQ  iuxta  commuucm  rC2ul.im>  bC,  cifc 
intcr  lc,Yt  hgurara,BC,defcriptar,  funt  aiitcm  diio  quadra- 
ta>  BC5  EF5  ic  dux  qua:cumqj  fimilcs  figurx  plan«  dc- 
lcz\,>ix  ab  homologis,BC,  hV,  proportionalcs,  ci  go  &  di* 
<ia  lohda  proportionalia  crunt>ncmpc  vt  quadratumjBC, 
ad  tiguram,  BC,  iic  crat  quadra tum  iolidum  ^^BC,  ad  fo* 
lidumlimiljrcgcnitumex,  ABQfcd  vtquadratum  >BC:> 
ad  hguram,bCitn  cftquadratum,EF,ad  hiiuramjEF^pr** 
6ic\x  iimilcmA'  ita  ctiam  quadrntum  loiiuLmjDtrjad 
lidu  pra?diclo iimilarc  gcnitum  cx  , DEF,  crgo  qua  Jratum 
folidumjABCjad  folidum  fimilarc^ABC^cft  \  t  quadratuin 
folid  iim , DEF ,  ad  folidum  pridiclo  fimilarc gcnitiim  cx, 
DEF,&p  crmutando  quadratum  lolidum  5  ABC  5  ad  qua- 
Vatum  folidumjDEF^crit  vt  folidum  quodcumqs  limjlarc 
gcnitum  cx^ABCad  libi  fimilarc  gcmtum  cxjDET,  iuxtat 
wus  rcgulas,  quod  olkndcrc  opu>  cras. 

ANNOTATIO. 

♦ 

HVius dcmonriratto  fimilif  cft  dcmonflritioni  Prop*  j  j.  U 
2.CUJ  p€r  hanc  fuppIcturiCorollaria  ^utcm  iuxta  mctho- 
umibi  adhib  tim  fac^lcquoLj;  dcduccntu  ,i]Iam  vcio  huc  rc- 
fcru? ui.vt  promptJorcm  pro  co]Iigc»  dis  fcqucnnbus  Coro]]t» 
fiislib.jwCxhacpcdcQCibuscam  habrremus.  Adhiboi  quidcm 
liomcnfolidi  fimilariS)  quod  otr  iodcfiQJtua)  numcrLm  pa- 
ilicloru  1!  plano^un)  fuit  pa  irci  cxplicjcgm  lib.  2«  ad  B.  De* 
ri  8.  accamrn  fi  ficc  #0101004  plaoorum  iTcu  dcfcriptarum  5« 
guraram  1  fubftituamus  quouumq;  p]ana>  (cu  dcfcriptas  figtt* 
ras  >  ita  f  c  pcrimetri  dcfcriptarun)  hgQrarum  jaccrc  iiuclligaa* 
turin  fupcrficie  ipfuQ)  folidum  ambicntc  .intclligcmus  nihi* 
Jominus>|Jcct  Donoihil  diuerfo  n)odoicileide  folidufPiquod 
dicitur  fimilarc>aci  propria  gcnitncc  dc[criptum>  luxca  da- 
m  rcgulam >  fiuc  fccuodam  illam  dcfinitioacm  abfolutc  >  fiuc 
|>cr  candcm  fic  aQodificata>vt  h«c  fimilaria  foiidaab  jDfinitatii 
c OQ ccptu  I  fcD tb  iDdiuifibiliuoi  mcchudoi  cximcrcQtMi ;  Noo 

~  cft 
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td  aucem  difficilc  ioraper  iacelligcrc  quidraea  Tolida  qtfi? 
rucncumquc  planarum  figurarum  >  io  ambicu  corundcm  cxi^ 
ftcneium»  eflc  cciim  folida  fimiliria>geaica  excifdcmfiga- 
ris  9  quarum  dicancur  quadraca  folida ,  iuxca  cafdcm  rcgulas» 
iuxca  quas  quadrata  folida  dicebancur :  &  i  coaucrfo  folida  ff-' 
miliria i  genira cx quibufcumq;  figuris  iuxca  quafuis  regulas» 
quarum  figurc)4  geniericium  lincjsjiomologis  dcfcriptar  cam* 
quam  i  Iiccribosifinc  quadraeaieife  paritcr  quadraca  folida  ci'^ 
rundem  figuraru  iuxca  cafdcm  rcgulas.  Igitur  ad  rem  noRram 
manifeflumeftiquodquxcumq;  foiida  ad  inuicem  fimilarilf 
gcnicaexfigurislib.}.  hicdcnu6coa(!deratisi  iuxca  afiomptas 
rcgulai(quarumpacefiai  cft  ratioquidritorum  folidorum) 
hibebuot  racioncm  oocimiperquod  fupplctur  Propofit«34# 
iib. colligcntur  autcm  vc  ibi  faaum  eft  fequencia  Corolliria 
?fq;idfincai  eiufdemlib.  j.  mucatis  tincum  farpididisnomi* 
Dibus  I  vbi  QcceiTe  fueric  i  quod  •o*  ibi  per  omnia  quadrata  hic 
per  quadrita  folida  confiderataru  figuritrumcolligctur.  Do« 
drini  autem fcholij  fubfequetis  ctiam  pro  hac  noua  mcthoda 
fubfiftir> fi  camcn  ? ice  omnium  figurarumifcu  omnium  plano» 
rum  >  fubfticutas  iocclligamus  quorcumque  figuras>  fcu quot- 
cumqucplaoai  ccrera.n.imethodoindiuifibilium  excmpta 
funti&  hccfufficianrcircaexamcoIib.}.nuQcautcm  Prop.lib* 
4«  fimiliterpcriuftrabimas. 

THEOREMA  XXIII.  PROPOS.  XXIII. 

ASfutnpta  ex  fchemace  Prop.  i  •Lib.4«remi« 
parabola)  CHG^  cum  parallelogrammoy 
ECy  vifa  camen  eciam  illa  figura  >  often« 
demus  parallelogrammum^EF^fexquialcerum  cC- 
fe  parabolff,  HGF. 

Produdln  «n.  diametro,  CG,  vtcuniq;  in^W  dcfcribatur 
^uadranscirciili,  velcIlipfiSjHGVj  iuxta  duas  fcmidiamc» 
tros  coniugatus,  HG,  GV,  &  per ,  H,  duda^  EP,  parallela,' 
CV*  ^  indcfiniti  cxtcafa^jgantur  fmiiliter  a  punais^CA^ 


^  '  B  c  R  vir. 


tG,  GP,  EG  J\A.  crunt ergo  p.r.illctograninu, 

rcdvt,cG;itMo,rca"""'''^'*''^"^ 

q"adrarMm,CG,3dTcaan- 
gulu.n  rub,CG,fcu-,N0,&:, 
0'M,crgo  quadratum,CG, 
ad  rccbngulum,N'OM,crit 
vtquadratum,GV,adqua- 


H 


u 

0 

quadratu,CG,adquadra-  ^  V 

s?:f^:;ar7n:^:,^rrT'';;?H'^'''^"'^^^^^^^^ 

ftangulum  f«b  eg  naXl«  """^^ 

q"dr;::;;LTf^^ 

d'cm  auSy^it  ^^^^^^^^ 

fcpropoa,on.I.ccranai;n;S^^^^^^ 

i5Uidratum,CG,.,d  quadratum  Gv  » "V,ctc.uiu 

,dquadratu,OQ^vLcv  S^^J^'^^:^"^ 

GV,  fic  erit  quadrTtii  rolidum Tr   T'^'  q"*oratuni, 

GP,  &  fic  ct.nm  ^^,ad  quadrarum  folicli.m, 

uf,Ociicctiamrc(aangulumfo  idumA.b  ¥C,  ut  r  ,j 
cuadratumfolidiim  """''"i>P>to,HCO,ad 

tandoquadratumfolidri  Pr  ,  j  ^  >**y  v,crgopcrmu. 
£G,HCG,critvcc,uadracumloJidum,W,adciuadr.tum 
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foUdum,HGV,  fcd  quadratum  folidum,HV,  fequialteruift 
lliciiDrit  eft  quad  at.  folidi,  HGV,  cum,  VG,  tranfeat  per  eentrum, 
10  hm..  ^  ^      quadratum  folidiim ,  EG ,  fcxquiaitcrum  erit  re- 
aaneuli  folidi  fub,  EG ,  HCG,  fcd  vt  quadratum  lolidu  w, 
SSL*'^'  EG,ad  rcaangulum  folidum  fub,EG,HCG,ita  bafi$,EG, 
a<l  baltm,HCG,  ergo,EG,crit  fexquialteraO^CG,  &  con- 
fcqueter,  vifa  figura  prop.  i .  lib.4.  erit  paralltiogramum, 
AH,fequialteruparabol2,FCH,  quod  oftcndcndum  erat. 

A  N  N  O  T  A  T  I  O. 

PBrhancauterafopplitutjprop.  i.lib.^.  cteDim  illiuspo- 
fterior  pars  deducttur ,  n  ibi,  hac  vrrQdemoBttrau  rcU- 
quanunc  percurremus.Igitut . 'rcaCotoIlatium  p.i.oihifdi- 
ceodum  eft.  Prop.a.  »utcmr£ft.mrati6fte  non  indigcr.  f^top.  j. 
fimilitet.  prop.4.oftcderur  eo  modo,  quo  nosprimaro  demon. 
flrauimus,  Corotl^riu  rerodeducetur  yt  ibi.mutatis  tamco  fe- 
pediais  nominibusatc.exhacautemoftefa  facil^ dedoceinf 
prop.5.  cum Cor.mutaiis  &c.  vtetiam  prop.  6.  cum  Qw.  p.7. 
g.cum  dta.s  ioSchoJio.Similiter  Prop.p.ro.cuni  Cor.hturaiis 
&cProp.ii.cumCor.p.n.U.i4.«5'i6.>7-cufii<-«r'*t»'i9' 
com  Cor.20.cum  Cor.teftaoraiioncm  roinjn^e  poftulaot,cum 
i  mcthodo  indiuifibiliurn  noo  depciideaot. 

EXpofitodenuo  $cherilate  prop.2 1.  quifdci» 
Jib.^  regulaeadem,VF,  reienta,  oftende- 
musquadratumrolidum,  AF,dupliHm  cffc 
quadrati  folidi  parabolar ,  VEF ,  &  hoc  elTe  fe^- 
quialterum  quadrati  rolidj  trunguli,  V£F. 

!  Efto  quod,ND,fccet,EF,in,l,  rgitur  reaangulum,DNI, 
,1.  i.  4.    eft  a?qualc  quadrato,NO,quod  6c  circa  quafcumqja^plica- 
tas  contingcrc  concludcmus ,  crgo  rcttanguUiro  folidum 

fub 
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C  angulo.EMF,cr,ta:qualitcr'' 
«"alogii  quadrato  Colido  fcmi- 

panboIar,EMF,quadratumro- 
•du,«,utcm,CM,3drcaanp„. 
unUolidumfbcodcmpnraMc 
ognmmo,CM,&.Mubtrijngu- 

A  N  N  O  T  A  T  f  O. 

PEr  f.ipripoflrjTi  prop.  fupoJetui.  nr/,„ 
dcd-c«ur  co.::  al^^.J^^^^^Z^I^^P^^P;  ^    -c.  - 

THHORFMA  XXV.  PRoPq..  xxv 

bo  a  NOH,cumfru«o,MKOH,&p,. 
raiJelogrammo,  VO,ac  rc<*a,TxAecan 

„;r;i  Tv         ;.fr  ",7C:'^>*^^-*'vl3,qu.i$c.xtc-.ira  ind-fi. 


i 
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cft  ipfijRX,  &  tota,  EX,  toti,  NX,  &  rcliqua,  FE,  reliqfu^, ' 
OX,  ajquaiis  crit.  Quoniaiti  vcrd  quadiatum,OH,  ad  qua-. 
dratum,Xl,cftvt,ON, 
ad,NX,hoc  cft,FX,ad, 
XE,  hoc  cft  quad  atu, 
FX,vt  quadratum,CO, 
ad  rcdangulum ,  FXE^ 
ide6  pcrmutando  ql«a- 
diatam,HO,  nd  qua- 
dratum,OC,ent  vt  quadratum,lX,  ad  rcaangulunn,FXE, 
cx  quotoncludemus,vt  infiipcrionbusccaangulutnfo- 
lidum  fiib,  AO,    trapczio,  BCOR,ciie  propoitionahtcr 
nnaloaum  quadrato  folido,  KMHO.  MmiUtcr  oftcndcmus 
quadrat.,  folida^AO, OV,elfe  proportionahtcr  analonn,& 
confcquenterpixdictis  duobus  fohdis  circproporjonalia 
qblhccmusjvndcpcimutando  quadratum  folidum,VQ» 
ad  quadratum  folidum,MORH,fcu(confpca3  figura  prop, 
2  3.1ib.4.)q"adratum  folidum,PH,ad  quadratum fohdum 

frufti,  ABHM,  crit  vt  qu.idratum  folidum ,  AO,  ad  rcftan. 
;  guhimfolidumfub,AO,&rrapczio,BCOR.i.vt,AO,ad, 
koiH*.'  »c.  BCOR  .i.vi,  CO,ad  compofitam  ex,  OD,  &  t  .  DQ  .i.vt, 
^  *•       ON,  ad  compofitam  cx,  NR,  &:  -r .  RO,  quod  &c. 

ANNOTATIO, 

PEthaac  fitpihcet  fuppletarproii.  aj.  poftefior  .n.  pari, 
cnm  Cor.  deducetut  vt  ibi,  mutatis  nominibus  &c.Ptop. 
a^.reftaurttionc  oon  iodiget,  ficut  etia  p.2  j.cum  Cor.Prop. 
a«.oflendetur  etitm  vt  ibi,  mutatis  &c.  ficut  &  p.ay.cum  Cor. 
fimilitcr  p.»8.  cum  Cor.p.ap.com  Cotollaiijs,  p.jo.cum  Co- 
wllarijs,  p.j i.ja.cum  Cor.p.j  j.j^.cum  Cor.35.cum  Cor.p. 
36.j7.38.js.40.  cum  C«r.  41»  4  J«43. 44'45-  P-4^'  «^* 
oobistei)aui«ad«. 


THEO- 
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THEOREMA  XXVI.  PROPpS.  XXVI. 

N  figura  prop.4<f  .oftendemu$,reguIa  eadea» 
retcota,  re<aangulum  rolidumfub,  HP,  PE 
dupJu  cffe  recaaguli  folidi  lub,BZPD,DPG. 

Sumjtur.n.de  illiusfche- 
mar^paraIlc!ogrann.m,HG,  r 
cum  friido  paraboLv,  BZGD, 

&rfrais,RF,DP,fintantcm'' 
»n!upcr,AP,jcqualis,PD,& 
ductaw\M,parallclj,  DPyun., 
eatur,  AD,  fcca  iis,CT,  in,  NI  r,-,^.     •  , 

F<rndchtcrib1ndhnnb  liuni^&a^"  "'^^^^^^^^ 

rcXnculum  CTN    a  ^''^'^  ^'^  qtuJracum  CT,ad 

eulum/tS^HptF^ 

dn  o  --ofd:.  MP  r  '^'  ProFortionnlrtcr  analogum  qu.v 
DPG  ' c(f  n'  '  '  '■^«^^^■'gfU.m  fol.dum  fub ,  BZPD, 
r^b  MP^aK3";  r5'-3"nucaaagulo  iulido 
lub,MI  ,  AD,&tandcmcocIudcnuish«  rolidi  clTeDro- 
port.onal,a,idcftrcaangulumfolidu„.r,,b  HP  PP  ^ 

HP,PH^^d.^lumcni.rce.,;-h^S^^^ 
quodoftcndcndumcrar.  >'^vj, 

ANNOTATIO. 

fitiOQud.a»ODftrac.ooespro.cquea,urat,h.cvf4i,d,,. 
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iQcIu(iue)q^9  qttideairfriueetnbabere  coai{H!rietilff  frofu 
ai.  huius.  Scboliomauccm  fcqucns  rcciocacurvuT>if  fubfti- 
cucodo  camqa  noaaicii  omo'um  (imilium  figurttu » hoc  aliud»^ 
Dfmp^ quoccumq;  (imitcs figaras  &c«  rt  in  cxftmibtl^b.  ani<; 
Dnduerfumeft.  Hit  vctd  prxdcaonftratis  fublqqucntu  Cor 
roUatia  vfq;  ad  fincm  lib.  4.  foliea  oominuai  mj^tationefidti^ 
cunda  facillimJ  dedocctur  pcriafnoRcnfacircaquadrataifcu 
re(^angula folidi  fub  rai  busi&  talibusfiguriib  '  >  an^ccfdenti- 
bus  prop.confideratis.  Appcodixautcca  Cor.6.  rcflaoracioDC 
minim^  indigcrcmanifcftumtft.  ftth«ccirca  ptop.  Iib.4  «^d' 
noraiTe  fufficiat  1  rcliquum  eft  9  vt  ad  lib.  cxamioandum  nos 
cooferagiMS. 

THEOREMA  XXVII.  PROPOS.  XXVIT. 

1N  vSchematfepropa.  lib.f .  regulaeadem  rc* 
tcnta ,  oflienderous  quadratum  folidum  pa- 
rallelogrammi  >  AF  ^  ad  quadratum  folidum 
hyperbola?>  DBF,effc  vt>OE,adcoraporuam  er, 
NB,&i.BE. 


10. 


A 


R 


TO 
W 
B 


Airumntur  .ni^ex  co 
parallelogrclir.ri,  CE>cu 
fcmihypcrbola  ^BEF,  &c 
rccb,  OE,  necnoii,  MG> 
qii3ccinriq-cx'  ordinatim 
applicatis  ad  diamctrfi, 
BE,  cxtcndannir  autcm,^ 
CB,FE,&fiantBD,EQ, 
tingulcc  aequafcs  ipli,  E 

nccnon,  RE,  AB,  fin- 
gula^cqiialcs  ipri,EB,&:  iunganturjDQ^AU^AE^quns^GM, 
mdcfiiiitc  quoq,  prod\i£l^  fccct  in  puudis ,  P,  S,  T.  Erunt 
crgo^DRjDEv^E^phrill^logramma.Quoniam  vcro  qund. 
EF,  ad  quad.  MH,  cft  vt  rcdan  g.  OEB,ad;OMB>  hoc  Iftk  t 

rcdan-'^ 


t  *    *^  " '  ■"''  ^^ti^>cruiuprupoiHoaali- 

U  -.v    i  P^^'P/''        ^^^<irati,  l>t,<kicctanguli, 

'^""^  >      '     qu.idr.-,tum  loh. 
•W^BEKct-rrvfrccta.gul.         U.m  n.b,QB;BR,ad  rc- 

«Jiig  lum 'o!i  rn-.  fub,  n(  T  •  .     •  1 

com.ofit  K     • "  ' 

"^.  •'•»F4tdHnjdia,]iO,)aci.L.        .ir.vifo  ' 

*  .quailratWtn4iitiduin,Al-,ad  quadea- 
V?  uc  '^^i*»iw«%.Oia,«d  compoliiain cx,  Nb,  Sc 

A  N  N  O  T  A  T  I  O.  Mui^ou».... 

PErhanc  fupplctorptioipmi  propii.poftcrior  »er6  oJle- 

<leturTtib.,ajutatiicoaruetisnomioibus&c.ficuiet.jai 
prop.  >.  Coofim.l,  .utcm     thodo  adhib.t.  .n  pt«ienti  prop. 
oftco-l«  »u$  qoad.  folidij.GE,  ad  quadraton»  fof.dum,  H  V18F 
10  fup.  nori  /.g.  (iKMreft .o  hgura  p.j.  i.b.j.quadratu  (oJ.dun,! 

$F,adciuadr4tomfol,dum,HUFG,)cire»treaagoJunirol.duai 
fob,  QM.  MR.ad  feajQguium  fol.dotD  rubtttpczijs ,  PQkT. 
SR ET.hDC  cft  »t  reaaoguJurn.QE R.  ad  reaaDgulum  fub,QE. 

ST,f  ,.a  cu  n  reaagulo  fobcompo/ita  exf .  P^,3i  f  .TM,3i  fub. 
TM,  •dcft  '•rofcheoittep.j.rtieaaguluiD.OfcN.adrcaaogu.  " 
lum  lu  b,  O £,  &  N  M,  voa  cum  tectaoguio  fub  cou.pofita  cx  i , 
NO,&  T.  M  k,Sc  (jb,  M  K:pofter.Of  pats  autem  c.uldem  prop. 
j.dcddcetur  vt  loidcm,  mutat.s  nom.n.bus  icc.  S.cut  &  omnet 
prop.a4.vfqucad»o.,uciufiue,  cumcarumCo.oJJar.i$.  Iq 
prop.ai.vctopatebit  guadfatuoj  foJiJuai,  OP,  vifaiJiiuifij' 

guM 


to  GEOMETRIifi 

guf  a  «qutti  reftangolo  folido  fub.  OLS,  OVCf  •  figurif,  r«g52 
liiDCcwnim  tx  ibi  dcmooftiitis  liquidd  apparct  hjc  f  (Tc  fo- 
lida  f qaalictr  aMloga  iuicta  didam  rcgulaai>cx  quo  dcindc re- 
Hqua  coocludencur  mutatis  oominibusfcc.ficuciac  Cot.  Itt, 
prop.  1  !•  figuta  (iccft  corrigcnda  •  debet  cnimi  ECi  hincift(lf 
producii  vt  incidat  afymptotis,  OYi  OP,  rcrfus^am  produan* 
ini  ^At  qujt  littcri  drfunt,c«t€ruiii  prop.oftcbdctor  wt  ibuttia 
«Utatis&cfimulciim  Cott>narijs,nccDonprop.2j.i4.xy.U# 
a?. 2 g.cum  Cor.&  ap.cum  Cor.Prop.?o.aotCtti  patet cx dittit^ 
3is-  huiut.  His  dcoiqs  rcftauracis  •  aC  fcquc^cT  fcho'io  roodificato  t luxtr 
ABnoMi  quoddiaum  fuit  injcxaroinc  lib.  |.&  4*  ftqucntiaCorollafit 
S^'      vfq;  ad  fiocm  ciufdcm  lib.  5-  ptr  quadratorum  fobdorum  pr«. 
dcmooftfara ,  firoJlitcr,  yt  lo  pr^fatis  libris  .cflligcntar^  hapc 
^utcmprorcftaurationclib.  j.di^^^'*^^?"?*  .     r  j.. 

Quoid  lib.6.  vcro  p^atct  in  eotiiadita^acniwnllratiooctiqai^ 
cxmtchodoindidi|ibllfudfpcniUb5tKibidctafumcM^ 
Us.Illar  autem  ptopoficioocsiin  c^uibus  adhihcotitr  allqutodo^ 
o^mioa  omniomquadrttorum  taliuro  •  f  cl  talium  figuriirumii 
adhucfubfiftcot,  fi  illisnomioa  quadrttofum  fo  idoron^et^ 
rundcm  figurarum  fubftituamus  1  hac  .0.  fola  mueotiopcliiait 
cotcra  omnia  maocot  10  fuo  robbrc ,  vi  io  co  libro  ioouituf  m 
rcholio  ptop.  ao.  tc  ftipcrius  (mpi  frpiu$  rcpt tttuo)  fuit* 

fimsSifiimiLihvU  (  |i 


A. 


IIIIIIIIIIIIIIIIIH^^^ 
GEOMETRI^ 

C  A  V  A  L  E  R  I  I 

LIBER  SEXTVS. 

In  quo  dc  Spacijs  Hclicis ,  &  Solidls  inde  gc« 
nicis,acalijs  quibufdam  cx  fuperioribus 
dcdudtis,  rpcculatio  inftituitur, 

DEFINIT!0NES, 

I. 

I,  datoquocumque  circulo, 
fuper  eiufdcm  ccnrrOjad  di- 
ftantiam  omnium  pun(fto- 
rum  rcdi  tranfuusipriusfc-  ^'<<^ 
midiametri,circu!orum  cir- 
cumfcrcntiae  defcribi  intel- 
ligantur  j  praedida?  circum- 
fcretijefimulfumpt^dican- 
tur.  Omnes  circunafercntiae  dati  circuli. 

II. 

ET  fi  a  praffato  circuio  quaccumq;  figura  ab- 
fciJfa  intelligatur ;  portiones  omnium  cir- 
cumfcrcntiarum  diCki  circuii ,  conccptx  in 

A  ab- 


1  GEOMETRI^ 
2brcifiafigura,dicentur.Omnescircumferenti^ 

eiufueoi  abftiirjE  figurse. 

IIK 

PatiumHelicumvoco,  quod  comprchendi- 
^  tur  fubipiraii,  veleius  quacumq;  portione, 
&  rearis,  qu«  a  terminis  eiufdem  fpiraiis,feu 
illiusportionisiadinitiumreuolutionisducuatur. 

IV. 

SPiralem  ver^i  intelliga  iuxta  difftnitionem^ 
Archimedis  hb.  de  Spiralibus>nempc,fi  cu- 
iufcumque  circuli  radius  ^equali  celeritat^ 
moueatur  circa  ipfiuscentrum(cuius aliud  extre- 

mum  purdum  periphaeriam  defcribet )  injtio  au- 
temcirculaiionisdifcedat  a  centro  pundu  a?que- 
uelociter  motum  fupcr  radio>  taliter  vt  eod(m_. 
tempore  prsdidtum  pundium  percurrat  circum- 
ferentiaroA  hoc  ipfum  radium,  qiiod  cx  compo- 
fuione  duot  am  motuum  defcripta  a  pundio,quoc! 
radium  percurrir,ipfa  linea,fite3,quam  vocofpi- 
ralcra,  cuius  initiumdicitur  ipfum  centrum  >  ter- 
iDinus  vero  aliudextreroum  pundum  ipfius  radijj 
&  initiu  circulationisjfiue  volura  ipfe  radius:^p- 
pellacurautemh«c,fpiralisinprimareuolutione 
genita,  ficuti  aliae  etiam funt  iii  alijs  reuolutio- 
nibusdefcriptibiks,  produdoradio,&continua- 
to  motu,  vt  in  fecunda ,  in  tcrtia,  in  quarta  reuo- 
lutione,  &  fic  deinceps ,  vnde  &  defcripti  circuli 
dicuntur  primi  >fecundi  ,tertij  ,&c.  qux  Archi- 
medeni  lib.de  Spiralibus  recolenti  melius  inno- 

tc- 


L  I  B  E  R    VI.  5 

iefcent,eiufdem  enim  terminos  in  hoc  Libro  paf- 
fim  vfurpabimus . 

S  C  H  O  L  I  V  M, 

A^^ice  Schem4  Prop.g.  huius,  inquotH  cifculirgcltus,  AE. 
qmdtfneitelocttef  moins  circM.Ajefcrtbtt  arculum.sME^ 
tpftm  vero,  £,  circtim/trerjtidm,  MSE,  intno  attiem  reuolntionts 
dtfctddt  gb,  A.pttttcittm  motum  Atjuettelociter  fuftr,  AE,  cjuMm 
percttrrdt  to  ttmport ,  ijtto  puncJttm ,  £ ,  ptrtran/it  ctrcumfeftn^ 
tUm,  MSE,  deftgnans  curuam ,  AIE ,  hac  igitur  dtcitur  fptralts 
inpnma  rtuolutione  oria,  cuius tntitum,  A,  terminus,E,cr»AE^ 
vocatur  circulationis  tntiiu :  Exempla  auiem  fptfaUu  tn  aOjsfe. 
mfutiontlfus  geni/arum  hahes  m  Schemate  Cor.  Prop.  2  o.  hutus^ 
ttenim,  LSO,  tn  fecunid .  OTP,  tn  tertta ,  PVG ,  autem m  quar. 
$4  fttnlutiontgentta  dtcuutur. 

THEOREMA  I.  PROPOS.  I. 

Clrculorum  arqualium ,  necnon  fc(ftorum 
qualium,  &  ab  codcm ,  vcl  a?qualibus  cir- 
culisabfcilToruin ,  omnescircumfercntise 
funt  a:qualest 

H  tc  Fropofitioficilc  pcr  rupcrpofitioncni  oftcndctiir. 
SiciumcirculixqiKilcs  ad  iiunccm  fupcrpoiuntur ,  it.j  vt 
ccntru  ccrltro  congruat,  ctinm  ipfi  circuli  congrucntjcum 
fupponaatur  xqualcs,vndc  &  coru  radij  fint  xqualcs,  con- 
grucntibu^  nutcmcirculis  ,ctinm  omncs  vnius  circumfc- 
rcnti^coiigrucnt  omnibusaltcruiscirciimfcrcntijs,&:idc6 
intcr  fc  xquales  crunt .  Eadcm  pnritcr  fuptrpofitionis  nd- 
hibita  vin>  oftcndcmus  fcclorum  xqualium,  ab  codcm^vcl 
a?qualibus  circulis  nbfcilTorum  omncs  circumfcrcntins  in- 
f  fc  xqualcs  cffc,  quod  cmt  dcnvjnflrnndum  . 

A    X  IHEO- 


GEOMETRI^ 
THEOREMA  II.  PROPOS.  II. 

OMnis  circulus  ^qualis  eft  triangulo  redan- 
gulo,  cuius  radius  eft  par  vni  eorum,qus 
funt  circa  tQ&um  angulum,circumferen- 
tia  verb  bafi . 

Rrcoftcaditur  abArchimede  Ub.  deDimcnfionc  Cir- 
culijProp.  i.propterca  ibirccolatur. 

THEOREMA  III.  PROPOS.  III. 

OMnis  fedor  circuli  aequalis  eft  triagulo  rc- 
aangulo,  cuius  circuli  radius  eft  par  vni 
eorum,  qux  funt  circa  re<aum,  circumfe- 
rentia  verb  bafi  illius  fetois . 

Sit  circulus»  ABCD,  cuius  radius ,  ED,  &  feclorjEDC, 
cxpofito  vero  triangu- 
lojHOMjCuius  angu- 
lus,HMO,fit  rcaus,& 
latuSjHM,  jequale  ipfi, 
ED,  &,  MO,  circumfe- 
rentiae,ABCD,fu,MN, 
jcqualis  circumferetiae, 
CDj&iungaturjHN. 
Dico  crgo  rctlorem^E 
CD,  aequari  tr  iangulo, 

HNM.Namcirculus,A  ^ 
j?;  Sexti  BCD,adreaore,CED,eft  vtcircufercntin,ABCD,adcir- 

Examec.  cufercntiam, CD, eft  aut  circulus,  ABCD,accualis  triang. 
HOM,  ergo  triangulus,  HOM,ad  fcaoreiii,ECD,cft  vt  cu- 

cum- 
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nT^TK^i^^AP^^^'  ndc.rcunifcrenti.m ,  CD.idcft  vr, 
OM,ad,MN,ideft  vt  triaguli,s,HOM,nd,  HNM,i.itur  Klcm 
iis ,  HOM ,  ad  lcdorcm ,  ECD ,  &;  ad  triaugulim , 
i^i-.w,  c mdcm  nnba  ratioacm ,  crgo  fcaor ,  ECD ,  c 
quaUstn.M^.i  .,n\^'.r.:  .'.olkndercopuserat. 

COROLLARIVM  I. 

Hlae  ^MWjtfumpta  vtcamq-^pKao  i»,  ED,  vi,  X,  cevtrf, 
E,  4d  dindfitu  X,  tmtifcTtntia,  FZX,  dtfcttpta  fu:rii, 
injufer  *hfcif,4,HR,.t<iUAU*fft,  tX,fer,n,du{}afi,ettl,  Sf:,;.i. 
rulleU  if>fi,0}J,feeMs ,  HN,  i»,  l,  ir^itztum ,  OSRM ,  t^nari 
re/idtticircult,  ^BCD,  tbeodtmpt»  tucuicF ZX ,  tjuedrefiduum 
dtcamr  fifciA citcul:ruv) ,  BD,  FX,  ndm circuhis,  r,D,  adcirtih 
Um  ,FX,tJI  vt  tfuadrMtH»  ,DE.4d  juadratum ,  EX ,  ideff  t  /  cc.oU.*  . 
^ddraium,  MH,4d tjaadralum^H R,tdejfit iriar>gt,ttis,HOM,  >«•"  5.  " 
si irij-^gulum,  HS R,  vnde quia ciuului,  RD,  dtfuaiur tnangi,'  CoroIL  i. 
l4,H0M,  ttuiK  itic-t'iits ,  FZX,  itjualur  triangulo ,  HSR ,  •Lttae  »»• 
fjfcia,  BF,  aqii4lurirafczti),0jKM  ;  tiatt»  mot.ccol/tgtr/ius  11" 
/idMum  feciorts ,  DEC,  ab  eo  dtmft»  feifere ,  XtZ,  quod  dttatur 
ttTMdtmfflitrumfaf{t4.ftfsrf,ZXDC,aqu4rt  iraft\to,  ISMN, 

m 

COROLLARIVM  II. 

(jr  CifCttlms.FZX,  tfi4rjgM:>i\,ttem  circfifefeistta^diBCD^ 
iffit  OM,  dr,  FZX.  tfj9»^R,  (f  a,  D5.  dijmatlf  tf^fi,  MH^dr,  kX^ 
ifft.RH,)  (fmQd  Vilmtt,0M,4d.SR,e(t  vt,M H ,4(J,H H^ita  CifCum^ 
fifeftttJp^BCo^,  FZX,  eftt  t  /.  Dt,  dd.  tX.  Stc  ettdif?  oheih^ 
dtmus fimtltnm  feclorii,  CEO,  2tX,  ctftttwftreftttds.  CD,  ZX, 
ifii  vt  fefmiiametft,DE,tX,ei;  tfftsitmtUs  fictotes  e([eztqt*4- 
4lf4t4  femtdt4mttf9ftim,  OE  ,  EX.qttgnism  furst  ctfCMlcfkm,^ 
futbms  4bfcindmfttmff4fies  fr9fQrtt9n4Us,ifJi  4fttim  eircmlt  juni^ 
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THEOREMA  IV.  PROPOS.  IV 


D 


Ati  circuli ,  necnon  fimiles  fetocsinter 
fe  func,  vc  omnes  eorundem  circumfe- 
rencise. 

Sint  iii  eadem  antecedentis  figura  circuli  quicunquc, 
BADC,rXZ,defcripti  fupcr  eodem  centro^E.&abijf- 
dcm  intcUignntur  ab- 
fciifi  fimiles  fedores^D 
ED5XEZ.  Dicocircu- 
los.DABQ  FZX^nec- 
iion  fedores,  DEQXE 
Z )  inter  fe  cflfc  ^  vt  om- 
nes  ipforum  circumfe- 
rentiic .  Sit  dcnuo  ex- 
pofitum  triangulumiH 
OM^cuius  fit  angulus 
rc£lus  5  HMO,  Intus, 
HM5  aequalc  radio,  E 
D5  &5  MO,  circumfcrcnticT ,  DCBA  ,  abfcifla  autem ,  HR, 
xquali  i{^,  EX,  &  per^R,  du6la  parallela  ipfi^OM^quas  fit, 
SR)  intercepta  lateribus ,  HO^  HM ,  patct ,  vt  diccba tur  in 
Corol.2.  ant.Propof.  quodcircumfcrcntia^  FZX, aequatur 
ipfij  SR5  codcm  modo  abfcindcnccs  ab  ipfis,  HM^  ED5  vcr- 
fus,  H5  E5  punda  sequalcs  quafcunqucrcctas  lincas ,  &  per 
carum  terminostiuccntcs  parallclam  quidcm  ipfi^OlVlj  in 
triangulo)  &  circumfcrcntiam  fupcr  ccntro,  E,  in  circulo^ 
ABCD5  manifcftfi  crit  prxdidam  circumfcrcntiam  ccqua- 
ri  pra^dicijc  paraHcla'  5  latcnbus ,  HO, HM ,  interceptx  5  &: 
vnicuiq,  circumfcrcntix  ia circulo  5  ABCD  5  fic  dcfcripta: 
refpondcrc  fuam  parallclam  in  triangulo ,  HOM  5  cum  fint 
itStx  >  HM  5  EDj  a^qualcs  5  igitnr  concludcmus  omncs  cir- 
cumfcrcntias  circuli^  DABC)  jEqnari  cmnibus  lincis  trian- 
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guIijHOM,  rcguln ,  OV! ,  ficiit  ctiam  omncs  circiimfcrca- 
tns ci  culi, i-Z,\, x.]iun ommbuslinci  i!i,HiK,'c. 
gnla  eadcm,  OM,  q  iaproptcr,  vtomnti  ii.ica  iiianguli,  H 
OM,  ad  cmncs  hncas  triangul» ,  HMl,  idcll  vt  tiiani-ulnm,  ,  I 
HOM,  ad,HSR,  ideft  vt  c.rculus,DAl3C,ad  circulii,rz,X, 
ita  omncs  circumfercniia:  circuii,  AliCD,  crunt  ad  om^its 
circumtcrcntijs  circuli  ciuldcm  ,  FZX ;  quod  Ci:  limiii  mc- 
thjda  dc fcctuiibus cs.  g.  DliC,  XKZ,ducb, H.\,qiia; ab- 
fcmdat,  NM,  a:qualtm  cucumftrcntia' ,  CD ,  fuLi..' .  ilcn- 
derausjkrc  autem  crant  dtmonftr3nd.i. 


THE^ 


\  V.  PRoi'U5.  V. 


QVicumque  fccflores  inter  fe  compara  ti,  fcu 
quajcumq;  figura:  ex  fedoribus  compofi- 
tae  ad  fc(flores,vcl  ad  figuras  ex  fc^ftoribus 
^  compofitas  coparat^,  habcnt  candeni 
rationcm  ,quamomncs  ipfarum  circumferenti* 
adomnesillarum  circumferentias. 

Sint  quicunque  circuh  fupcr  ceniro ,  A,  nemp^ ,  ECD> 
inaior,  &:,  VIO,  miaor ,  &:  m ,  ECD  ,  iit  fector  quicunque, 
CAD, &:  fimilitcr  in,  VIO,  quilibct  fcdor, OAB.  Dico fe- 

cffc  \  t  onirics  ci.  cumfcrcntias ,  C 
AD,  :ui  omncs  circumfcrcntins/) 
Ali .  Scccnt  radij  >  CA ,  AD,  cir- 
cumfcrcntiam,  VIO,  in  punvflis,  I, 
Os  tltcrgofcclor,CAD,limilis 
fcdori ,  lAO ,  &:  idco  cft  aj  illum, 
vtomncs  circumfcrcncix  ad  om- 
ncscircumfcrcnti.isjfcd  &  vt  fc- 
Oor  5 IAO5  ad  fcclorcm  5  OAB5  ita 

om- 
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omnes  circiimferenti^cidomnes  circiimferentias^namfc- 
dor,  I AO5  ad ,  0AB5  eft  vt  circiimfcrentia  5  lO,  ad  5  OB,  vt 
vcro,  IO5  adj  OB,  fic,  defcripta  circufcrcntia,  STRj  vtcuni- 

Coroll.  2.         ^P^^'       ^^'^  ^^^^^^^  OA^ad,  AT, 

?.  huiuj.  *  ideft  vt,  OB5  ad,  TR,  vnde,  permutando,  vt,  lO,  ad^OB^fic, 
ST5  ad,  SR5  &  vt  vnnm  ad  vnum,  ita  omnia  ad  omnia,  idcfl: 
vt5 10,  ad,  OB5  ita  omnes  circumferentiae,  IAO>  fed:oris  ad 
omnes  circumferentias  fedoris ,  OAB,  fed  vt  5  lO,  ad^ OB5 
fic,  vt  diaum  eftj  lc  habet  fe61:or,lA05ad,OAB,ergojAO> 
ad>  OAB5  cft  vt  omnes  circumfercti^,  lAO,  ad  omnes  cir- 
cumfercntias,  OAB  5  fed  &  feaorem ,  CAD,  ad ,  lAO,  efle 
oftenfum  cft  ^  vt  omnes  circumferentia?  5  CAD>  ad  omncs 
circumfercntias,  lAO,  ergo  ex  aequali  fedtor  >  CAD^  ad  fc- 
diorem,  OAB5  eft  vt  omnes  circumferentice,  CAD>  ad  om- 
ncscircumfcrentiaS)OAB  .  Etcomponendo  figurncom- 
pofita  ex  fedoribus  5  CAD,  OAB5  ad  fc£torem  5  OAB5  erit 
vt  omnes  circfiRrentia:  figurne  eiufdem,  ad  omncs  circum- 
ferentias  fedoris,  0AB5  veluti  etiam  fi  prxdida  figura  non 
ad  fedorem  ,  fcd  ad  aliam  quamcumq^  figuram  cx  fedori- 
bus  compofitam  compararetur,  oftendcrcmus  ^  cafdem  fi- 
guras  effcmter  fe^vt  omnes  earundem  circumferentia:> 
quod  demonftrare  opus  crat . 

COROLLARIV  M. 

PAtet  4utem,  veluti  oftenfum  eH  feSlores,  AIO,  AOB^  efse  vt 
omnes  eorttm  ctrcumfrenttA  eodem  modo  der^cnftraTt  fcf 
yZ»,  ctrctflum,  FOB,  ^  feHcrem ,  AOB ,  &  tn  vmuerfdm  circuhs^ 
ff^os fiilorts  tnttr fe  efse,  vt  omoes  eorum  cifCur/jfreuU. 

THEOREMA  VI.  PROPOS.  VL 

Ql  incirculo  abciufdem  cetroadcircumferen- 
^  i^am  curuam  quedam  linea  illius  conditionis 
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producatur ,  vt qua?cunq;  redixUne^ a  centro a  d 
ipfam  pertingeccs  (prascer  illius  extrema  iunge  n- 
lem)  incra  illud  fpatiu  cadant,  quod  corpprche  n- 
ditur  ducla  curua,  &  illius  cxcrema  iungece :  Er  it 
di(flum  fpatium  ad  propoficum  circulum  ,  vel 
quemcunq;  fe^aorem,  vt  omnes  ciufdem  circum«- 
ferenti»  ad  omnes  illius  circumferentias. 

Sit  quicunque circulus,  NOQT,  &:  centrum,  A,  curua, 
AFN,  dudtn  a  centro, Ajad  pcriph^riamj  cui  incidat  in,N, 

lit  eius  conditionis,  qua- 
lis  ruppolitum  ell,  fitq;  iun- 
Ai,  AN.  Dico  igiturfpati- 
um )  feu  liguram  ,  AFN , ad 
circuhim  5  NOQT  ,  vcl  ad 
quemcumque  fedorcni--», 
clTc  vtomncs  eiufdcni  cu- 
cumfcrctixad  omnesillius 
circumfcrentias  .  Fiat  vt 
circulus,  NOQT5  ad  figu- 
ramjNFA,ira  circumfcrcn- 

tia^NOQT,  adcircumfcrentiam  ,QR  ,  ita  enim  erit  &'cir- 
culus,  NOQT,  :ul  fcdorem,  QAK  ,  iu ndis,  QA,  AR  ,  vndc 
fcdor^QAR^erit  xqualis  figuicT,  Al  N  ,  vcl  crgo  omnes 
circumfcrcntia?^  QAR  ,xquancur  etiam  c  mnibus  circum- 
ferctijs  figura:?,  AFN,  &:  fic  qub  fcdor^QAR,  adcirculum, 
NOQT5  cftvtomnes  cifdcm  circumfcrcntixnd  omnesil- 
lius  circumfer.  ctiam  figura,  AFNvid  circu! um,  NOQT5& 
confequenter  ctiam  ad  quemcfiq;  iUius  fcdorc  m  pcrant. 
Prop.&Cor.erit  vt  omnes  circufer.  ad  ocs  circtfcrentias: 
Ve^  nifiomnes  circumfercntix,  QAR,  xquantur  omnibus 
circuferciuijs  figurx,  AFN^  erunt  cifdcm  maiores,  \  cl  mi- 
noics  5  fin  tprimo  maiorcs  5  quantiratc  oninium  circumfc- 

B  rca- 
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,rentiarum  {edons  ^  AST  5  jintcUe61:a  ainrem-  a  centrb  ^ 
^Li^la  ipfa^  AO,  tan^ente  curuam,  AFNd  m  pun^lojAjqu^ 
circumferentiaeincidat  in^Ojfeeetur  circumferentia^ON, 
^  ^  biforiam  in,  Lj  &rurfus  partes  5  OL^^LNj  bifariam  inpun- 
iico"*'"*  ^^^^  ^  femper  fiat  donec  ad  circumferentias  de- 
'  uentumfitjquarum  vnaqii^quefitminorjSTofcilicetipf^, 
OP,  PL  5  LM,  MN5  &  a  ccntro  5  A ^  ad  punda^  P5  L,  M  5  ex- 
tendantur  redi^jAPjALjAMjqu^  fccabunt  curuamjAFN, 
earum  .n.  portiones  inter  centrum,  &  curuam  intercepta?^ 
«X  hypotefi  cadunt intra  fpatium  5  ANFA^  fecent  in^  Cj  F, 
I5  &  centro,  A,  interuallis^AQAF,  AI5  arcus  defcribantur, 
BCD,  EFG,  HIK5  incidentcs  proximis  redis  lincis ,  a  cen- 
iro  edudis  ^  in  pundtis  3  B,  D  3  G  s  H ,  K.  Quomam  ergo 
omnescircumferentia^fedtorisjQAR,  fuperant  omnes  cir- 
cumferentias  figurce,  AFNj  quantltate omnium  circumfc- 
rentiarum  fedoris  5  AST,  omnes  autcm  circumferentic^  fi- 
gur^compofitfex  feaoribus^NAMjAHjFAE^CAB^idefl: 
figura^  fpatio,  AfN^  circufcriptse,  fuperant  omnes  circum- 
ferentias  figura?  compofitae  ex  fedloribusy  K  Aly  G  Ap^ 
DACj.i.figurse  eidcm  fpatio  infcripta^jquantitate  omnium 
circumferentiarum  fedoris , BAC5  &  qu  adrilineorumi--;^ 
ECDFjHFGUMlKH  quas  fimul  adsequantur  omnibus  cir- 
cumferentijs  fedtoris^MANj  vt  facile  oftendi  poteftj  prop- 
terca  omnes  circumferentif  figurse circumfcript^  fuperant 
omnes  circumferentias  infcripta?  quantitate  omnium  cir- 
cumferentiarum  feftoris^  MAN,  quse  cum  fint  minores 
omnibus  circumferentijs  fedoris  5  TAS  5  ideo  omnescir- 
cumferentia:  figiira?  circumfcripta^  fupcrabant  omnes  cir- 
cumferentias  infcriptaMiiinori  quantitnte,  &  CcTdcm  muU 
to  minori  quantitate  fiiperabunt  omnes  circtjmfcreiitias 
fpatij>  AFN5  quam  omnes  circumferentiaefedoris  5  AQR, 
fuperent  omncs  circumferentias  fpatij,  AFN  5  ergo  cmnes 
circumferenti^  figur^ecircumfcripta  minorcserunt  ^  mni- 
bus  ciicumfcicntijs  fc6loris>  Qx^R  ,cum  vero  figura  cx  fe- 
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ftorlbus  copofita  ad  (a^o.  Ejun^ct; 
rcm,  lit  vt  oipncs  circum  fe- 
i\tiq&  ad  omncs  cireumfc- 
rcntias,  idco  ctiam  figunu^ 
circufcripta  minor  crit  fe-  . 
6^ore5QAR5&  multo  mi- 
nor  crit  figurajAFHfeaor, 
QAR,lcd&  aequalis  illi  o- 
ftenra  fuit ,  quod  cft  abfur-  _ 
^um,  igitur  abfurdu  ctiam 
eft  diccreomncs  circumfc- 

rentias  fc(floris5Q.^R5maiorcs  e{fc  omnibus  circumfcrcn- 
ti)s  ipjtij,  AFN.  Dico  nunc  ncquc  cffc  m  inorcs,  fihoc  vc- 
rum  cft,  fint  minorcs  omnibus  circumfcrcntijs  fedorisj 
SAT,  Sc  repetita  eadcm  conftruilione,  fit  fpatio^AFN,  cir- 
cumfcripta  figura  ex  fc(5toribus  copofitn,  &:nli:1  infcripta, 
ita  vt  circufcnptjefigurxomncs  circumfcrcntia?  fupcrcnt 
omncs  circumfcrcntus  infcriptf  minpri  quantitatc,quam 
fint  omnes  circumfercntia:  fcdoris,  SAT>  crgo  omncs  cir- 
cumfcrcntia?  figure,AFN,fupcrabunt  omncs  circumfcrcn- 
tias  figurae  infcripta?  multo  minori  quantitatc ,  cjuam  cx- 
dcm  fuperent  omnes  circumfcrcntia'*,  QAR  ,  ergo  omnes 
circiiferentia!  infcriptx  figur^ maiorcs  crunt  omnibus  cir- 
Cumfcrentijsfecloris,QAR,crgo  figura infcripta  miior  c- 
tiam  erit  fedorc,  QAR,  &:  eodcm  multo  maior  c:  ii  figura, 
AFNj  contra  hypotcfim,  cft  .n.  illi  aequahs,quod  cft  abfur- 
dum,igitur  abfurdum  ctiam  cft  omnes  cii*cumfcrentias  fe- 
Aoris,  QAR,minorcs  cifc  omnjbus  circimifcrcntijs  figurc,* 
AFN,  fcd  ncqs  funt  illis  maiorcs^vt  oftcnfiim  eft,ergo  hmt 
eifdem  aequalcs,  fcd  omncs  circumfcrcntia:  iccl' )ris,  AqR, 
ad  circulum,  OQSN,  vel  qucmcunq-  fcdoj^cm  comparata; 
funt ,  vt  fpatium>ad  fpatium  ,  crgo  Ipatium  quoquc ,  AFN,  £i  ante«i 
ad  circulum,  OQSN,  vcl  ad  qucmcunauc  fcdorcm,  crit  vt 
oes  lilius  circumfer.ad  ocs  iftuis  circufcrcntias,  nuod,&:C'> 

B    2  IHilO. 
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THEOREMA  VII.  PROPOS.  VII. 


SI  in  fpiralem  ex  priraa  reuolutioneortam  in- 
cidant  duse  lineae  a  pundo,  quod  eft  initium 
fpiralis,  &  producatur  vfqj  ad  circumferen- 
tiam  primi  circuli,  eandem  rationem  inter  fe  ha- 
bebunt  ift^e  in  fpiralem  incidentes  ,quam  arcus 
circuli ,  medij  inter  tcrminum  fpiralis ,  &  limites 
linearum  produdarum  in  circumferentia  faclos, 
fumptis  in  confequentia  arcubus  ^  fine  fpiralis. 

THEOREMA  VIII.  PROPO^  VIII. 

SI  in  fpiralcs  in  alijs  reuolutionibus  genitas, 
quam  in  prima  incidant  du£e  lineae  ab  initio 
Ipiralis ,  habebunt  illse  interfe  eandem  ra- 
tionem,  quam_. 
arcus  circuli  pri- 
mi ,  intercepti, 
veluti  dicitur  in 
antecedete,  cum 
intcgra  circum- 
feretia  toties  af- 
fumpta  ,  quotus 
eft  vnitate  mi- 
nor  reuolutionu  x 
flumerus. 

H^eduxPropofitiones  oftcndimturab  Archimetle  lib 
^eSpir.Prop.  14.&:  15, 

SCHO- 
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IN  pfiminuoltitioneorufiifpirMlis,  ACER,      RTVMG,  in 
fccisndd  ,  (fr,  AC,  AE^perung^nt  ad  prm)afn,Ay,  AM,  dd 
ftcundam,  ent,  AC.dd,  AE,  vt  circtimfcrcntia,  RSOs  dd,  RSN^ 
vtro  dd,  aM,  erit  vt  ctfCHmftrentu  tota^RNOSSi^tn^RSO^ 
dd»  R\OS»  totam,  cam,  RSON,  a^f^incjtttrts. 

THEOREMA  IX.  PROPOS.  IX. 

SPatium  comprehenfum  a  fpirali  ex  prima  re- 
uolucione  orta , &  prima  linca ,  qua?  initium 
cft  rcuolutionis,  cit  tertia  pars  primi  circulL 

Sic  fpiralis  fn  prima  rcuoliitionc  gcnica  ipf-i ,  AIE,  AE> 
vcro  rcuoliitionis  iniuum,  &:  ccntro,  A,  intcruallo,  AE^fic 
pi-iinus  circulus  dcfcriptus,  ESM.  Dico  rpatuim,  AIE,  tcr- 
tiam  partcm  cllc  circuli,  EMS.  Sunipto  itaq;  \  tcunq^  pun- 
fto  5  vt,     in,  AE,  ccntro,  A ,  intcruallo ,  AV>  circulus  dc- 
fcribatur,  VIT,    iun^tb,  AI,  producatur  ad,  S,  dcindc  cx- 
ponatur  triangulum  rccbnguliim,OQR,  cuius  btus^OQ^ 
circa  rcclum^OQRjiit  scqualc  ipd,  AEi  &^QRjcircumfc- 
rcntiacj  SME  5    complcatur  rcctangulum ,  QZ  5  abfcinda- 
tCir  autcm,  OX  5  a:qualis  ,  AV5     pcr,  X ,  ducatur ,  XY,  pa- 
rallela, RQ,  fccans, ZR,  in,  V,  8.',  OR,  in,  N,  &:  vcrticc, O, 
pcr  pundum,  R,  dcfcnbatur  fcmiparabola  5  RGO  5  circa  a- 
xcm,  OZ,  quam  fccct^YX,  in,G,  &:  pcr^G,  agatur,  GB^pa- 
rallcla,  OQ>  incidcns  ipfi,  ZO,  i-s B.  Qiioniam  ergo  qua- 
clratum,  ZR?  ad  quadratum,  TiG,  cfl:  vt,ZO,  ad,OB ,  idco, 
RQ5  ad,  GX>  crit  vt  quadratum ,  QO>  ad  quadratum  ,  OX, 
idcft  vt  quadratum,  EA ,  ad  quadratum ,  AV,  fcd  fic  etiam 
crt  circumfercntia>  ESM,  ad  circumfcretinm,  ITV,  etcnim 
ad  cam  habct  rationcm  compofir.im  cx  rati(Mic  circumfc 
rcntiaejESM  >  ad circumfcrcati.im,  IV    idcll  cx  ca ,  ounm 


c.  Cor.i.  habetjEA,  ad,  AV,  &  ex  rationecircuirfcrentise  5  iVTjad 
?.  huiuf.   circumferentiam,  ITV5  ideft  circumfercnticej  MSE5  ad  cir- 
7.  hnins.    cumfercntiam,  SME  5  ideft  ex  ratione,  EA,  a  d  ^  Al  5  vel  adj 
aiccL*^**'  AVjduae  vero  rationcs^EA^ad,  AV,  componunt  rationem 
quadrati,  E  A,  ad  quadratum ,  AV5  ergo  circumfcrentia^., 
MSE5  ad  circumferentiam,  ITV?  eft  vt  quadratum  5  EA^  ad 
quadratu,  AV,  ideft  vtjRQ,  ad,  XG^eft  autcm,  RQ,  a^qua- 
lis  circumferenti^r,  MSE,  ergo  &,  GX,  circufcrentixJTV^ 
jequalis  erit5&:  fic  oftendcmus  quamlibet  circumfcrentiam 
ipfi,  A5  concentricam,  &  interccptam  intcr  fpiralcm^  AIE, 
&  redtam,  AE5  tamcn  cxt»-a  fpatium  hclicu^  AIE5  adsequa- 
ri  diidix  in  trilinco,  OGRQ,  ipfi,  RQ,  dudx  parallcla-^qua: 
ncmpe  abfcindunt  verfus  punda,  O,  A,  ipfu  um,  OQ,  AE, 
partcs  aquales ,  &  quia  ^  OQ  ?  AE ,  fupponuntur  a^qualcs, 

idco 
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idco  omiics  lineae  criUnei ,  OGRQ ,  reg\ila  yRQ^omnibiis 
cir/cumfcrcntijs  triUnci  reda,  AE,  fpiraU,  Alh,  Cx:  circiim- 
ferentiaj  MbE,comprchenli  a^qualcs  crunt.  SimiUter^qui^t 
cft>  KC^^ad,  NX,  vt,  QC),  nd,  OX,  vcl,  EA,  mU  AV,  n  cl  cir- 
cumfcrCiULi,  MSE,  ad,  riV,xquatur  autcmaiQvipli^MSE, 
crgo^NXvvquatur  circumfcrcntia^TIV-)  &  ficoltcndcmus 
omncs  Hncns  trianguU,  ORQj^adxquari  ommbus  circum- 
fcrcntij<i  ci.  cuU,  NbE ,  crgo  vt  ti  ianguU ,  OKQ^omncs  H- 
nexadomnes  lincas  triUneijOGKQj^vcl  vttriangulum^  !• 
ORQvjd  triUncum^OGRQ^ta  omncs  circumfcrcntia?cir- 
cuU,  MSE  5  erunt  ad  omnes  circumferentias  figura::  fpiraii, 
AIE5  recli,  AE,  &  circumfcrentia ,  MSE 5  concUifje  >  &:  pcr 
conucrfionem  rationis  trianguUnn,  OKQ^^vcl,  OZR>  ad  fi- 
guram,  OGR>  crit  vt  omnes  circumfcrcntio:  circuU ,  MSE, 
ad  omncs  circumfcrentias  fpntij hcUci^AlE^idcil  vt  circu- 
lus  ad  fpatium,  AIE^  (quia  curua,  AIE>  ci\  taUs  coditionis, 
qualcm  poftulat  Pvop.S.  vt  eUcitur  ex  Prop.7.  huius)  cum. 
vcro  fcmiparabola>  OGKZ^fit  fcxquitcrtia  ti ianguU,OZR>  1. 
vndc  diuidcndo  figura,  OGR/it  tcrtia  pars  trianguUjOZR, 
ideo  &:  fpatium  hcHcum,  AlE^tcrtia  pars  crit  circuU,MSE| 
quoddcmonrtrarc  oportcbat. 

S  C  H  O  L  I  V  M- 

HVcuf{f\pernnthodmm  indinifibtltum  etidminh^e  Lihrelil 
but$  ffocedere ,  vt  tnnotefceret  nfs  pofe ,  cjkji  ^tchtr/iedes 
eUendtt  Lth.  de  Sptmltbt/s»  ctrcd  fpditorttm  menfnram,  etitim  t4* 
li  ttrttficto  dfmonHfdre ,  etentm  //  cjuis  hoc  dtttntdutrtt  ctrcd  fe* 
(jitentef  Profifittnnes»  tJtpfum  ohttnert po/st  fdctie  dnimddttcrtet^ 
vertimtdmer»  hoc  drhttrto,dc  tis^tcto  l  eclorts  reltncjttendo,  p,a  vti 
ettdm  ttjU  vetert,  altter  tAmen  ttb  /irchtmede^  eajuetn fro^  j . /^^ 
9$es  dcmonfirdrc^  • 


Pro 


l6 


GEOMETRIi« 
Prttfat^e  Prtfo/,  dlla  demonftrntiol 


S 


Italia  fpiralis  ex  prima  reuolutionc  ortajASRMBjAB, 
_  vero  iiiitiu  reuolutionis,&:  centro,  A,  interuallo,  AB, 
l^t  primus  circulus  defcriptus ,  ECDB  ,  deinde  cxponatur 
triangulus,  FHG,  reaum  habcns  jngulum  ad,  G,ciuus  la- 
tus,  FG,  fit  sequalc  ipfi,  AB,  &,  HG,  circuferentix,ECDB, 
i  baiab  crit  crgo  triangulus,  FHG,  arqualis  circulo ,  ECDB,  mtel- 
ligatur  deinde  in  eiufdem  trianguli  plano  tranlire  parabo- 
lam,HLF,  cuius  vertex fu,F,  Sc,HG, parallela  eiufdcm-> 
J7.  Primi  axi,ad  quem  ipfa,  GF,  fit  ordinatim  applicata,qua;  tanget 
€«ftK.     fcaionem  in  punao,  F.  Dico  igitur,  FLHG,  trihneum  x- 
quarifpatio  tefiduo ,  dempto  a  circulo,  ECDB,  fpatio  he- 


lico 


L  I  B  E  R    VI.  17 

co fub  fpirali,  ASRMB,  &: ,  AB,  fi  cnim 
crit  codcni  vcl maius,vel  minii.sficprimo  m.Hus  quniuita- 
tcfpatij,quod  vocccur,  a.rurfus  diuidntur,HG,bifemm 
in ,  n  ,  ii:  iungantur ,  FH ,  &  fic  ipCr ,  AH,  nG ,  diuklantur 
bifarinm  111 ,  l\  T,  &  iun^antur ,  PF,  FF ,  ficquc  fcmpcr  fiat 
doncc  dcucntumfit,vtadtrinnguIum,FrG,quod  fit mi- 
nus  fpano,  a> dcuciiicmus  autcm  ,  nam  d  raagnitudinc_^  i.  Dfciini 
propoiitn,  &  his, qux  rclinquuntur ,  fcmpcr  aufcrtur  dimi-  ^^*"' 
dium,lcccnt  aurcm  umgcatcs , F  , cum  diuifionum  pun- 
ais  curuam  p.irabolje  in  punclis,  I, K,  L,  pcr  qur  ipfi , HG, 
parallcLc  ducantur,  XQAKT,  ZLV,  fccantcs,  FG,  in  pun^ 
dis  ,  C^T,  \\  dico ,  FG  ,  pcr  \\xc  fccari  in  partes  a^qunlcs, 
nam,HG,nd5  Gr, hahct  rntioncm compofitnm  cxct_.,  Dcffn.  it; 
qunm  habcr, HG,  nd,  iQ^^^^r^iS^  ,  AG ,  nd,  IQ^ 

clUTquadratum,Gl^3dj.^u^^  CproII.  i. 

vt,QF,nd,FG,  ijjf^  vt-^juadrntiilHj-QFN^d  rcanngu-  !,*'s^^j. 
lum  ,  QFG  ,  crgo^l^rcsnd ,  Gr,hnbtbit  mcioitcm  compo-  B*lcm^*" 
fitam  cx  cn,  qunfiVhjbct  qundracum ,  Cf  ,'ad  qundrntum, 
FQ,Scquadrntum,^iy:>,adrcAangi.iU^^^  I. ° 

dcm  ci,  quami\  ibct;qiindrnr\i>  GF, a/I'i cr^^aivgnlijiTT,  GFQ,  r 
idcftci,:|unmhnbct,CF,nd,r.>      r'iff;HG,nd,C;r,crit  vr, 

GF,  nd,  FQ>jcodcm  mod  )  ou         .jus  ,  HG,  ad ,  Gn,  cHe 

vt,  GF, ad,  F  r,     HG,  id  GP,  vt,Gr>ad  F\^yndc>  FG,  di- 
iiifa  cririn  pn^-tcsafquaics ;  hnbcmus  crgofpntio,  FLHG, 
circumfcriotnm  fig  i^-nm  ck  t4-ianga!o3f  IQ,?^:  cx  trnpczij>, 
KcTj^Lf^HV,  conipofitnm  ,  Cf^  :fHam  infcriptnm  cx  rrnpc- 
2ijs,  I^V>O  r,  S^Q>j:omp  >firnm,  &cxcc(rus  circumfcii|(V 
fupcr  infcrrprnmfunctrnpczia,HL,LK,KI,cum  trinngujg^- 
IFQ,qan?^  qnia  n^q^unntur  trt^pczijs  TV,  \^N,NQ,&:trian.  \^ 
g  ilojIFQ,  ^iam  Jicb  trapczi.i  fiiiu  rrtvlun  triagulorumin 
sequalibus  5aribus-,.2<^ritiHiimbus  couftitutorumjidcll: 
tri3ngiiIo,FrG,fubiadefunt  mrvijin  i^zlio^  li>SJilc6cif*^ 
cunlfcripta  fupcmtiijrcriptam  nftaori  fpatio,  qTfnm  fit,  n,    -  • 
crgo  trilmcuni;  FLHG ,  cxccdit  infcriptnm  multo  minori 

C  fpntio. 


i8  G  E  O  M  E  T  R  I  ^ 

fpatio^c^ceditciutem  fparium.reftdiiiun  eir<:UliVECDB? 
iani  didtum  fpatioj  ri^crgo  figura  infcnptaerit  maior  didlo 
fpatiorefiduosquodferua.  ^       '    -  '^- 

Diuidatur  nunc,  AB/imiliterj  a'c  diuidituryFG^  in  pun-' 
^i^j  3>  4575centraautcm  communij  A, ad  diftantiam  pun- 
(florunij  3,  defcribantur.circumferentia^,  3  5  A,  ^SRft 
yS^M, fecantes  fpiralem in  puadis,  S,  R^M,  per  quse  tran- 
feant  edud.^?  a  ccntrd^  A,  produdarque  vfque  ad  circumfe^ 
rentlam^ECDB^reacT,  ADjACyAE^vt  igitur  in  pr^habita 
demoftratione  oftcdcmus  circumfer.  5  3  ,&  reda,  iQjin  ter 
fe  sequales  elTe ,  &  fimiliter  ciffcumferentiam,  K245  c^quari 
xcaxoKJ^&cMpSj^  ipfijLVj&quia,  53>  circumferentia 
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td  circiimfcr.  c(l  vt  3 A^nd  A4,  .i.vtjQF^ad^rT,  .i.vti 
IQ,  ad^MI',  cft  aut  xqualis,^  3^  ipf^lQ^crgOjD^jCrit  aiqun- 
lis  ipls  N  &  cft>  34,  aqunlis  ipli,  QT,  crgo  fofci:!,  5  342:5  coroir.  i 
crit  xqualis  trnpcziojQTNjCodcm  modo  oftcudcnuis  ta-  1* 
fciam^R^Sy^^xqunritrnpcziojKVj&fnlcinnijMKCDB/, 
sequnri  trnpczio,  PLVG,  &:  idco  figura  compofitn  cx  djctis 
fafcijs  ^qualis  crit  figurxcompofita^cx  his  trapczijsinfcri- 
ptxtrilinco^FLHGjCft  autcmhxc  figurn  infrriptn  mnior 
fpatio  rcfiduo  circuli^^HCDB,  ab  co  dcmpto  fpntio  fiib  fpi- 
rah,  &  voUun ,  AB ,  crgo  figura  compofitn  cx  diclis  fpatijs 
critmnior  fpatio  dido  rcfidiio,  cui  tamcn  cft  infcriptn, 
quod  cft  abfurdum,  non  crgo  triUncum  y  FLHG,  mnius  cft 
dicio  rcfidiio. 

Dico  ncq-5  circminus.Sit^fi ficri  potcft^minus  fpntioco- 
dcm,  n,  iit  nutcm  vt  fuprn  triliiico,  FLHGjcircumfcriptn 
figurn,  cx  trnpczi js,  KQ,  LT,  HV?  &c  trinngulo,  IFK,  com- 
pofitjj&r  nUn  cidcm  infcriptn  cx  trnpczijsPO^OT,  NQ,ita 
vtcarum  diffcrcutia  fit  mmor  fpntio,  igitur  circum- 
fcripta  cxccdct  triUncum,  FLHG^muUo  minori  fpntio,  cr- 
go  circumfcriptn  figurn  minor  crit  fpatio  rcfiduo  inm  dic% 
circuh,  ECDB^qiiod  cxccdit  triUncum,  FLHG,  fpntio,  fi^ 
quod  tnmcn  cft  nbfiirdu  ,  nam  fcctorcm,  AS3  5  patct  arqun- 
lcm  clfc  triangulo,FlQ^fafciaquc,  ARi:^^ ,  xquarioftcn- 
clcmusirapczio,'KQ,modofupra  adhibito,&  fifcinm,  /3M 
874,ipfi  trjpczio,LT,  i^totim  fifciam,  67<)(:,trapczioj 
HVjvndc  figura  compoUtn  cx  didtis  fnfcijsA  fc^orc^As 
crit  ^qu^Us  copofit^  cx  didis  trapczijs,  &  trinngulo,  FIQ, 
qun:  oftcnfn  cft  clfcminor  fpatio  rcfiduo  inm  di^o  circuU, 
ECDB>&  idco  figurn  compofitn  cx  didis  f.ifcijs  ciit  minor 
fpnrio  rcfiduo  inm  diclo,  cui  tjmcncircumfciibitnr ,  quod 
cft  abfurdum,  uon  cft  crgo  trilincum,  FLHG ,  minus  dido 
fpuio  rcfiduo  circull^ECDB,  &  oftcnfum  cft  ncq;  cftcillo 
maius,  crgo  crit  iUi  a?qnale ,  &:  trinngulus,  FHG,  cft  xqun- 
li$  circulo,  ECDB,  ergo  trianguUis, rHG,ad  tnUncnni^, 

C   ^  TLHG, 
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TLHG,  erit  vt  circulus,ECDB,  ad  rcridiium  fpatnim  sh 
dempto  fpatio  lub  fpirali^A^  3iVLB,&  voluta,AB,fed  trian- 
gnkis,  FHG,  cll  fexquialter  triluici,  FLHG,  ergo  circulus, 
HCDB,erit  fcxquialter  fpatij  refidui  la  dj(ai,&  confequen- 
tcr  ent  triplus  fpatij,  quod  comprehenditur  fub  fpirali,A  j 
3MB,&voluta,  AB,quod  crat  oftcadciiduni  • 

COROLLARIVM. 

H/«f  patet  edu6i4t  i  vertice  pardol*  4d  fec4r4(tn  ^uam. 
cunif'^  dumetti  eiufJcmparalUUm.parabcla.ac  tarjgente 
tbtUtm  tnterceptatt),fmiLt(r  fecart  eaaem,  ac  tran/ifKs per pur,. 
eium  curH^paraboU,  tn  qmprAd-.cia  eam  diutdtt,esdimq;p4ral' 
lela.fecat  tpfam  tar.gtmem.  tfienfum  m.  efi.  ex.  g.  tlG,  ad,  CF, 
efst  vi ,  Gf,  ad,  FJ^,  ex  qtto  netttis ,  m  fallor ,  ae pukherrimits 
^tftrtvtndt  forabolam  eUatur  modus . 

S  C  H  O  L  I  V  M. 

S//  defcriheud^p^rahoU  diameter,  A^,  bafis,  Cutper,  A» 
fitdu^aparaUeU,  LF,/i»tque.  AF,  AL.  aquales  tpfis.  'iX, 
aquaUbus,fc6ia  autem.AF,  tn  quotcunq-, partes  aquales  t/ 
tnquinqur,  vtluttettam,  LA,  tnput.ais,  K.l.H,  G,  B,  C,  D,E» 
pertpfaducanturdiametrt,  Ai.xqutdiRantes  K^,x^,  qj 
65 .  C4  5 .  E6,  fecantes  (mtltter  ha/m,  ^X,  ,n  ,qlas  parle't 
tnpnniits.  2,  9.8,  7,  5,  5,  e,  tandemtunvlts.  L^,  F  X  ipf* 
fmtltter/ecentur  ac.  .F,vel,  AL,  fctUcet  tn  qutnq-^^rtes  aqL 
lc,  tnpunjits  R  s,T,V,  M,  N,  O,  P,  ^  k.c  ,Ll 
tur  ab.  A,rea*  U„e.,  <,  ^  j,  aV,  AM,  wiV,  AO,  AP,  ntc 

nw,  A^.  AX,  notentur  auttm  pun£ia  ,  tn  quthus  educl^  ah,  A 
fccantparaileusdtametrc,  Ai.  e^^amen,  w  quthus  edu£ia  dtuu 
dunteasparalitlas, quavtct(<tm abfctnaiit  dt tpfis,  AL.AF.ver, 
A.  eandtmpartem.quam  abtpfis,  ^L,  XF,  abfcndunt  tdtt. 
it4,  verfut  iat^^nfttncl,,        v,  tx.g.  ttotahttrus purMun  ,r. 


tm 
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vtffus,  L  ,yf- 
€kt  ettdtn  pMf4llc 
U,KZ,  ^hfctndit 
Mh^  A,  vtffms,  A, 
^.tpftus  ,LA ,  fic 
^gipunfld  n§t4$4 
trmnt  J^,r,Z,&. 

A>  u,^,x\ 

fer  (^utfsextendA 
tUfcuruA  ined,d$' 
€9  pfoptnjutfstm} 
fic  PdrdtcUm  icli^ 
$§edr$ ,  prd  i$ad  nemp}  pNnfJd  efse  in  Pardbold ,  ctiius  didffMer, 
^l,&bdfts,OX.ctentm  hdhet  hdc  pr^pnetitem  tn  prJjdhtt^ 
CordUftodecldfdUm,  vel.  vt  cldrius  locfujr.  X  t^^ex  m. 

f  l$  gfdttd  .  hdbet  rdtionem  corHitsfitdm  ex  rdtione.  XF,  dd,  F^, 
tdesl,  propur  con/ifufftonem ,  ex  fdiione .  F /t.  dd.  AE,  ex  fd^ 
tsone.  VF.  di.  k"^,  h  ceflaihucex  rdtione^FA.  dd.  ^iEjuddU^ 
tcm  rdttones,  FA,  dd.At,  compcnunt  rdtione  ^fudJrdti,  FA.  dd 
ijuddrdtum.  AE.er^o.XF,dd.F?i,efivt  quddfdium  ^FA.dd 
HUddfdium,  At.fea/icetidmefl.FX.ddpardllelumipJi,  Ai.tn  coroll  x. 
tcrie&dm  inter,  AF,(^  Pdfdholdm  cirCa  didmeirym,  ysi.in  hajf,  ^ 
^X.  er^opwjcfum,  %  cff  $n  tait paraho/d:  Hoctdem  olttndemus 
todemmododecateftspuneits,  u\  A.  <1>.&,Z.  T.efgodUi^ 
furciafi4nt  omnid  tn  dtcla pdrahold .  H  c  cfutdem  m  Jus  dduif. 
fet  pom  Lth  ^.ftuetn  meo  Traaatu  de  Sptculo  k /ii.fio  lam  tntu^ 
ccm  edtio  .fedcjutdorttut  hiCex  pfoprteute  prcxtfff} demcnftra* 
td,  ftec  tUui  prtus  tment$fuhuen$t,pfoptcfC4  tdipfum  hic  fuhiutt^^ 
gen  Ithutt . 
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iz  G  E  O  M  E  T  R  I  M 

THEOREMAX.  PROPOS.X. 

SI  in  fpirali  ex  prima  rcuolutione  orta  fuma- 
turpurjdt)m,quod  non  fitinitium ,  nec  ter- 
minus  einfdem  fpiralis,  ab  initioautem  fpi- 
ralis  ad  di(flum  pun<aum  agatur  rcda  linea,  &  fu* 
perinitio  fpiralis  centro  ad  diftantiam  didi  pun- 
&i  defcribatur  circulus,  eiufdem  portio  compre- 
hcnfadudjlinea,&  porttoneeiUs,quf  dicirur  re- 
uolutionis  initiatiua,  quam  abfcinditcircuferen- 
tia  d\^i  circuli ,  &  circumfcrentia  eiufdem ,  qu« 
cft  ad  confequentia,tripla  eft  figurae  comprehen- 
ff  duda  linea,& portionefpiralis.qu^ eft  ad  con- 
fequeotia  vfquc  ad  initium  fpiralis. 

Sit  fpiralis  cx  prima  reuolutione  orta  ,  AOVE ,  primus 
circuUis ,  EYG  ,  fumptum  iii  fpirali  vtcumc];  punctum,  V> 
& centro  ,  A ,  interuallo  autcm  ,  AV,  circulus  dcfcriptus, 
VHX.  Dico  portioncm  ,  AOVA ,  comprchenfam  fpiralis 
portione,AOV,&reaa,  AV^efTc  -r.pornoniseiufacni-j 
orculicomprehcnfjereais,  AV,AC,&:circumfercnti(_., 
VHXC.  Exponatur  triangulus  reaangulus  ,HKT,  reai>m 
habens  anguIum,FKH,cuius  latus,HK,xquale  fit  ipi!,AC, 
j.buius.  &,'KF, circumfercntix,CXHV,erit  crgo triangulus,HFK* 
xqualis  portioni  circuli,  cuius  bafis  cl^  circumferentia| 
«0.1.4.  CXHVjclefcnpta  dcindcintclligaturparabola  ,F.RfH,cu' 
ius  vcrtcx , H,  qunm  tangat,  KH,  in ,  H,  &  FK ,  fit  axi  eiuf- 
dcm  2equidjftans.D!co  triIineum,Hil-rK,c{rc  .Tqualem  fpa 
tio  circumferentia,VHXC,fpirnIi,VOA,5;:  rca-a,  AQcon. 
tcnto  (  quod  fpatium  brcuitatis  caufii  dicntur  rcfiduum" 
portionis  circuh,VHC,)fi  cnim  non,  critco  maius,vel  mi- 
i)us5  fit  pnmo  maiiis,  &  vt  iii  aiitcccdcuti  triJincc,  H^jFK, 

figu- 
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figura.€;rcumfcript.i  intcll,g.,tur  ex  tri,,n»ulo,HM^,  & 
<5tcrnpc2,js,P3  ,  Ji4,Ftf ,  ccinpolu.,,&,iu  iulcr.pt!,  cx 
trapezijs,  M4,  P^,  l>K,  paritcr  compolitn  ,  ,ta  vt  circufcri- 
pt.i  iupcTct,.ilcr,pram  n,iaor,lpat,o ,  luditfcrcntij 
dictarum  hgurarum  qu.vdjlfcrcnti,,  lic  lpjtu.n,,i2,  i.ntuir 
tnhneum,  HliFK,miaori  quantjtatc  lupcr.ibit  Hguram  ,n- 
lcriptam,  quain  Ipatiiim  rcliduum  portionis  circulijVHQ 
ergo  figura  infcnpta  crit  maior  diclu  rcfjduo,  c|uod  cli  al>- 
furdum ,  nam  h,  AC,  iiiu,damtis  limilitcr ,  vr ,  KH,  iii  pim- 
^is,  IBD,  &  dcfcriplc.  iimis  pcr  cadcm  piincta  fupcr  cctro, 
A,  circumfcrcntias,  INS,  BKZ,  Dn02,  oltcndcmus ,  vt  ii\ 
antcccdenti  figuram  compolitam  cx  fafci)s,lB/3,liDA,DC 
X«>,eireaccjua.cm  hgu.-a;,nfcriptx'trilinco,HM  K,  <S:  con- 
fe»juentcr  elfc  ,naiorcm  fp.,iio  rcfiduo  poriiunjs  circuli. 
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VHC,  cui  tamcii  infcribitur,  quod  efl:  abfur  dum— >  ^ 

Sit  nunc  trilineum,  H^^FK,  minus  eodcm,  ft,  di6lo  refn 
duo,  &  c^Etera  ,  vt  prius  conftruda  5  quia  ergo  circumfcri- 
pta  figura  fuperat  infcriptam  minori  quantitate,  quam  lit> 
fuperabit  ipfum  trilineumjHPiFKjmulto  minoriquan- 
ticatejergo  figura  circumfcripta  minor  erit  fpatio  refiduo 
portionis  circulij  VHC,  oftendemus  autem  5  vt  fupra  figu- 
ram  compofitam  ex  fedorc,  ANI,  &  ex  fafcijs,  IBR5  BDO, 
DCVj  eiTe  a^qualcm  figuras  circumfcripta?  trilineo,  H^^FK, 
crgo  erit minor  fpatio  refiduo  iam  dido  5  cui  tamen  circu- 
fcribituryquod  eft  abfurdumjtrilineum  ergo,  HP^FK)  neq; 
maius,  neqs  minus  cft  fpatio  refiduo  iam  dido ,  ergo  illi  x- 
quale ,  ficut  triangulus  5  HFK>  eft  a:qualis  portioni  circuli, 
cuiusbafis  cft  circumferentia^CHV:,  fed  triangulus,  HFK, 
*  ^**  cft  fexquialrcr  trilinei^Hp^FK,  ergo  talis  portio  eft  fexqui- 
altera  fpatij  refidtu  iamdicli^ergo  ^ft  tilpla  fpatijj  quod 
fpirali ,  AKOVj  &  refta  3  Av^  continccur^  quod  eratoften- 
denduni— 


THEOREMA  XI.  PROPOS.  XI. 

SI  abinitiofpiralisin  prima  reuolutione  ortae 
cducantur  re^a:^  linea?  vccumque  ad  ipfam^ 
^     fpiralcm  terminantes,  fpatia  fub  portionn 
bus  fpiralis  abfcifsis  peredu(3:as  veifus  initium, 
erunt  vt  cubi  carundcm edu(3:arunui  • ' 

Sit  fpiralis  in  prima  reuolutione  orta  ,  ACDB  5  ipfa_,, 
AB^rcuoluta  ,  &:  fpkalis  initium  ,  A  ^  a  quo  nd  ipHim  fpira- 
|cm  tcrminantes  fiiu  edu(5tcr  vtcumq^,  AQ^^D.  Dico  fpa- 
-tiu  fub  portionefpiralis ,  AXQ  &  cclH^a-r  AQ  ad  fpatium 
fub  portionc  fpiralis,  AXeO,  &  ediida,  AD^  clic  vt  cubii^ 
AC 5 ad  cubum^  AD.  Centro  igitur^  A,  intcruallis  ^  C,  Di 

fmt 
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fmt  dcfcripti 
circiili ,  CMV'^ 
K,DGE,&:fit 
producli,AC, 
rfq;  ad  circu- 
fcrcntiani  cir- 
culi,DG,cui 
incidjt  in,0, 
poriio  igitur 
circuli,  CAV 
N,ad  porrio- 
ncm  circuli, 

pAEGO,habct  rationcm  compofitam  cxM,qram  ha-  DffiB.!»; 
bctport.o,CAVN,adport.oncm,OAEG,,dcn(xr.itio-  [l,,,  ■ 
''r.il'^'  '^''^'     quadrntum,  AE,  &  cx  rationc  p  Htio-  X>^u' 
nisO.AEG,  nd  portioncm  ,  DAEGO  ,  idcft  cx  rnt  onc  cir- 
cumfcrcnti.r  EGO,  nd  circ.mifcrf tiam,  EGD,  idcft  cx  rn-  Uul 

t.one,  \/\,ad,  AE,diiarniitcmrntionc.sqn.idrnti,V^  nd 
quadratum,  AE,  &  ipfius.  VA,  nd ,  AE ,  componut  t  nu.o- 
ncni  cubi,  VA,  ad  cubu,  AF^ crgo  pctftio,  CA\'N,  ad por- 
t.oncm,  D.AEGO,  crit  vt  ciibiis,  \'A  cubum,  AE  ,  fmu 
nutcm  ipatia,  AXC ,  AXCD  ,  tcrti  v  pnrtcs  dicln.  r.  pcM  tio-  Exanu 
num,  crgo  fpatium,  AXC,  nd  fpntium  ,  AXCD ,  c  it  vt  cu- 
bus,  VA,ad  cubum,  AE,  quod  crat  oftcndcnduiu, 

THEOREMA  Xlf.  PIU^POS.  XII. 

COmprajhenfijm  fpatium  rubrpirali,q(i^  eft 
minorea,quae  fub  prima  rcuolnrione  fir, 
nec  habet  termjnum  infrium  fpira!is,& 
rediSjqux  a  termiois  ipfius  in  fpiralis  iniriom  du- 
cuntur ,  ad  fe^flarem  habcntcm  radiiim  .rqualem 
naiori  caru m ,  quas  a  tcrmino ad  initium  fpiralis 

D  c!u- 
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ducutur,  arcum  verb ,  qui  intercipitur  inter  duas 
re<aas  fecuodum  cafdcm  partes  fpiralis,  habec 
candem  rationem ,  quam  rec^Jangulum  compra:- 
henfum  fub  re^aisa  terminis  in  principium  fpira- 
lis  dudis,  vna  cum  1 .  quadrati  exceffus,  quo  ma- 
ior  didarum  linearum  fuperat  minorem ,  ad  qua- 
dratum  maioris  linearum  dterminis  ad  initium 
fpiralis  coniun^aarum. 

Sit  fpiralis  cx  piima  reuolutionc  orta,  OPRQX>primus 
circuhis ,  ilKXF,  cuius,  radius  ,  &  voluta  fit,  OX,  fpiralis, 
^jQ ,  minor  ca ,  qux  fub  prima  rcuolutione  fit ,  ncc  habet 
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tcrminum  iaitium  fpiralis ,  iunctis autem , 0X^00^^  ij<J 
vfquc  ad  circumfcrcniiam,  FnKX,  produdis^cui  incid.inc 
in,  F.  Dico  tnlmcum  ,  '^OQ,  ad  fcdorcm,  AOQ  5  cllc 
vc  iccbngulum,  \0%  cum  -f.  quadrati ,  AR»  ,  nd  quadra- 
tum  3  AO  .  Exponatur  parallelogrammum  rcdangulum^ 
ED5  cuius  latus,  CD^  lit  a:qualc  ipfi ,  OX ,  &: ,  BD,  circum- 
fcrcntia:,  FHKX,  fu  iuncta  ,  BQ  &: ,  CT,  lit  xqualis  cir- 
cumfcrcncix,  XKil^  TM,  circumfcrcntKv,  HF,  ME^cir- 
cumfcrcntije,  FXj  &:  pcr  puncla,  M,  T,  ducantur  ipfi ,  CD, 
paralleLr,  MH,  TN ,  quarum,  MH,  fccct,  BC,  in,  I,  &:  pcr, 
I5  ipG,  EQ  parallcla  ducatur ,  IG  ,  crit  crgo ,  MC  5  xqualis 
circumfcrcntix>  XKHF  ,  C\:  quia  circumfcrcntia  ,  XFHK, 
ad  circumfcrcntiam,  FHKX,  c[\  vt,  XOvui,  OQ,  idcrt^EC,  htifuf. 
nd,  CM,  crt  vr,  XO,  ad,  OQ,  ci\  aiitcm^EC^ad^CM^vtjEB,  4.  scxti 
ad,  MI,  crgo,  EB,  ad^  MI,  crit  vt,  XO,  ad,  OQ ,  funt  autcm  ^^^^r 
ipfx^XO^  ^  ^  qualcs,crgoctiama:qualcscrunt  ipfar^MI, 
QO,  lic  nus  clfc  xqualcs  ipfas,  0%  TL  5  quia  crgo 

fcctor,  AOQ:)  ad  feclorcm,  HOF,  cft  vt  quadratum,QO,ad  coroll.  i, 
quxlratum,OF,idcil:  vt  quadratum  JM,ad  quadrntumjNtl,  ^**"^** 
idcll:vtommaquadrata>MG,rcgula,EB,nd  omnia  qua- 
drata,  MN\  Sc  fcclor,  HOF,  ad  circulum,FK,cft  vt  circum- 
fcrcntia,,  HF,  ad  circumfcrcntiam,  FnKXjidcft  vt^MT^ad, 
ECjidcft  vtomnia  quadrata,  MN,rcgula,EB,  adomni.L..^  10  I.i.' 
.'rata,  ED,  &:  circulus ,  HKXF,  fpacij , OXQll^PO ,  tn- 
cft^idclt,  fchabct  adillud^vComniaquadrata^EDjad  9  huiuj. 
omnia  quadrata  trianguli.EBC,  rcgula^EB^iccmfpacium,  ^^* 
OXQ^P^  ad  fpatiruOcV^W,  cft  vt  cubus,  OX,  ad  cubum,  ex  ant. 
OQ,  idcil  vt  cubus,  EB,ad  cubum^MU  idcft  vt  omnia  qua- 
drat.i  trianguii^EBCadomnia  quadrata  triangulijMIC,  Coiol  n 
crgo  cx  ^quali  fcdor,  AOQ ,  ad  fpatium,  OQHjFO,  erit  vt  ^-^- 
omnia  quadrata,  MG,  ad  omnia  quadrata  trianguli,  MIC, 
&  quia  fpjtii.m,  OQrrfPO,  ad  fpatium  ,  TVPO,  cft  vt  cubus, 
OQ,  ad  cubiim,  OR^idcft  vt  cubusvMI,ad  cubum^TL,  iclcft 
vt  omniaquadrata  triangulijMICoad  omnia  quadrat:i_,  F.ror.ii 

D    z  imn-  ^'^' 
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triangiili,  TLC,  crgo  fcclor,  AOQ ,  ad  fpatiiim ,  crit 
Ytomnia  qiudratajMGj  regubj  MI^ad  omnia  quadrat.L^ 
trianguli,  TLQ  elt  autcm  idem  feaor,  AOQ ,  ad  fpatium, 
0P!K:^5  vtomnia  quadrata^MGjadomnia  quadrata  trian- 
guli,  MIQ  regula  eadcm ,  ergo  fedor,  AOQ  j  ad  reliquum 
fpatium,  dcmpto  fpatio,  OP%  a  fpa tio,  OPp^Q.crit  vt  om- 
nia  quadratajMG^regulajMI^ad  omnia  quadrata  trape- 
zij,  MILT5  fed  hxc  func,  vt  quadratum  >  GT5  ad  reclangu- 
lunij  GTL,  cum  t  .  quadrati,  LG^  ergojconuertcndojfpa- 
tium,  ^OQ,  ad  fcdorem^  AOQ ,  cnt  vt  redtanguluj  AO% 
cum  tertia  parte  quadrati^  fi%  ad  quadratum  3  AO  3  quod 
crat  oflendcndum-^  • 


THEOREMA  Xllf.  PROPOS.  XIIL 

IN  eadem  antecedentis  figura  centro,  O,  di- 
ftantia,  O^t , defcripta circumferentia  ,  jjjY, 
oftendemus  trilineum ,  Ai^Q ,  ad  trilineum, 
9iQy,  effe  vt, i>0,  cum       A,  ad,  iiO,cum  ter- 
tia  parte  ipfius,  ptA. 

Qma  enim  ex  antecedcntc  fcaor,  AOQ,  ad  fpntium-»» 
Q?iO,  eft  vt  qiiadratiim,  AO,  ad  reaangiilum ,  AO^t,  cum 
-r.  quadrati,  Pi%  per  conuerfionem  rationis ,  jdem  fcdor 
ad  trilincum,  A^iQ,  crit  vt  quadratum ,  AO ,  ad  redangu- 
lum,  OM5  cum  f.  quadrati,  M ,  nam  denipto  reaanou. 
lo,  AO^J,  a  quadrato ,  AO ,  rcmanct  reaangulum  ,OAl?f, 
.1  reaangulum,  0%\,  cum  quadrata,9jA,a  quo  ablato  1 . 
remanetreaangulum,OIiA,cum  f .  quadrati, ^jA,  ideft 
cum  reaangulo  fub  f .  I^A,  &  fub,  M ,  quod  cum  rcaan- 
vSwnndi  gulo,09fA, conficit  redangulum  fub  compofita  ex,CR:, 
lUnt.  &f ,  ^<\,&fub,  5iA,conuertcndoigitur  trilincri,AFiQ' 
ad fcaorem,  AOQ, crit  vt  reaanguUim  fub  compof  ta  cx, 
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0?i,  ^'-f,  5iA,&:fi,b,  5j\,adquadratiim,0A,infiipc.  f-. 
ttor,  AOQ,  .,d  lcdorcm,  ^OY,  cft  vt  quadmtum ,  Ac  ,  ad  CcoV 
quadratum, Oqj,  idcm  fcaor,  AOQ,ad  lo.uium_.., 

Q5iO,  cft  vt  qu.uiratum,  Ao,  ad  rcdauguliim,  AoRj,cum 
.qiiadrati,  Ri  A,  idcd  fcdor,  AOQ,ad  rcliquum  dcmuto 
a  Ipu.o,    JQ,  fcaorc,  5iOY,  .i.  ad  trilmcum,  Q?eY,  crit 
vt  quadratum,  AO,  ad  rcliquum  rcaanguIi^AO^^cum  t. 
quadratu  ^ A,  ab  co  dcmpto  quadrato,  ^O,  .1.  ad  rcdan-  j.Secundi 
gulum,05f  A,  cii  7-.  quadraii,  ^A,  crat  autcm  tnlineum, 
A 6t  :> ,  ad lcctorem,  AOQ,  vt  rcdangulum  fub  compofita  ' 
ex, O 5£,  &:  t-.  ^ A,  ad  quadratum,  Ao,crgo  ex  arquali  tri- 
Imcum,  A^e^ ,  .id  trilincum,  15^:^1^^,  crit  vt  rcaan.nilu  fub 
compolua  cx,  OI>,  &  f .    A,.\  hib,  5, A,ad  rcdangulum, 
05i.A,cum  3.partcquadrati,  l?tA,  .i.ad  redang.  fub  com- 
polua  cx,  Oj^,  &  i .  9,A,  &  fub,  R,  \,  &  quia  horf.  rcdan- 
gulorum  altuudmcs  funt  xqualcs ,  idc6  tnlincum,  A  PjQ,  5. 1... 
ad  trilmcum,  rjCVj;,  crit  vt,  O     cum  i .    A,ad,0  R,cum 
tcrtia  pa;  tc,  J^t  A,quod  oftcudcrc  opus  crat. 

THEOREMA  Xrv.  PROPos.  XIV. 

SI  dux  rec>s  lincjp  ducantur,  quarum  altera_, 
parabolam  tangar,altcra  vero  diuf^a  axi,vcl 
diametro  ciufde 3equidirtans,eandem  fcccr, 
iun<fio  ver6pun<3o  coniadus  cum  hoc  fcif^ionis 
pun<flo,rurfusab  hocpundo  adlatus  ilhoppo- 
fitum  in  hd^o  triangulo  re<3-a  prodocatur ,  quse 
curuam  fecabit  parabolar,a  quofcaioni»;  purn^o 
ducatur  axi,  vcl  diamctro  parallcla  quoufq;  inci- 
dat  in  tangentcm:  Triangulum  fub  cdu<f^is  ad  fe- 
cantcm  a  pun(fioconia<flus,  ad  portiuncm  para- 
bolo?  cifdem  interccptam  crir,  vt  quadratii  rotii>$ 
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tangentis  ad  redangulum  fub  eadem,  &  fub  illiu!- 
abfcifla  per  cam  verfus  pundura  contaaus  per  fc- 
cundo  dudtam  axi ,  vei  diamecro  parallelam ,  vna 
cum  ;  .quadratidifFerenti^diaariitangentJum. 

Sit  parabola  ciirua , BIA ,  qi  am  tangat, DA, in  punao, 
A,  DB,  vcro  axi ,  vcl  dmmetro  eiufdcm  parallcla  eandcm 
fecet  in  pundlo,  B,  iunais  vcro  ,  BA,  a  punao,  A,  ducatur 
intra  tnangulum,  ABD,  ad  latus  opporitum,BD,vtcuquc, 

AC,  lccanf  curunm ,  AIB ,  in ,  I ,  a  quo  vcrlus  tangentem, 

AD,  ducatur,  lE,  axi,  vcl  diamctro  iam  difto  ^^q^^^diaans 
Dico  i-itur  ninngulum ,  ABC,  ad  trilineum ,  ABl ,  elle  vt 
Quadr  "tum,  DA,  ad  rcaangulum,  DAE,  vna  cum  n.  qua- 
drati,DE .  Exponatur  parallelogrammum,FP,cuius  an- 
oulus,  OPH,  fit  xqualis  angulo,  ADB,  &,  OP,xqualis  ipfi, 
AD,  HP,  ipf! ,  BD,  abfondatur  deinde  ab  ,  OP,  vcrlus, 
O,  ipfa,  ON,  a:qi!alis  ipfi,  AE,  &  pcr,  N,  ducatur,  GN,  pa- 
rallela  ipfi,HP,fccans  iungcntcm,HO,  m,  M,  (Imt.n.iun- 
ein,  H, O,  punaa  rcda, HO,)  fit  vcro  rcgula,  HP.  Qina  er- 

CoroU.  9.  go,BD,ad,DC,cflvt,DA,ad,AE,pci-conucrfioncmra- 
huius .  ad  jjo„is  ,  &  couucrtcndo,  CB,  ad, BD,  crit  vt ,  ED,  ad,  DA, 
dcmonf  .i.  vt,NP,  ad,PO,  .i.  vt omnia  quadrnta  ,  GP,  ad  omniu_^ 
10.  J.i.     cuadrata, FP,  rcaMia,  HP, fed  vt, CB,  ad, BD, fic  tnangu- 

ius,  Ar.C,  ad  triangulum,  ABD  ,  crgo  vt  omnia  quadrata, 

GP,  ad  omnia  quadrata  ,  FP,  fic  erit  triangulus ,  ABC ,  ad 

triangulum,  ABD,  quod  fcrua_^« . 
-4. 1. Infupct  oiT^nia  quadrata,  FP,  funt  tripla  omnium  qua- 

dratorum  trianguli ,  OHP,  &  idco  funt  ad  illa  ,  vt  tiiangu- 
lEiici.urex  lus,  ABD,  ad  fcaior.cm, AlB,cuius  cft  triplus,  quod  etiam 
ptiroai.4.  fcrua.  Vlterius  omnia  quadrata  trianguli,OHP,  ad  omnia 
F  cor  11.  quadrata  trianguli, OMN, funt  vt  cubus,PO,ad  cubu,ON, 
'•'j.        .i.  vt  cubus, DA,  ad  cubum ,  AE ,  .i.  vt  fcdio ,  AIB ,  ad  fc- 

aioncmj  AXl,  (funt  .u.  tcrtia:  partcs  trinngulcrum,  ABD, 

AIE, 
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AIE  5  qui  iiuer  fc  funt ,  vt  cubi ,  DA  ,  AE,  )  crgo  ck  xc\\u\i 
omiiia  quadratajGPjadomniaquadr.ita  trianguli,OMN, 
cruiu  vt  triaagulus,  ABC ,  nd  fcdioncm ,  AXI ,  fcd  omnia 
qaadratajGl^adoiniiia  quadrata  trianguli,OHP,  cidt  vC 
iJcm  triaiigu!u:ii,  ABC,ad  lcaioncm,  AIB,  cr^  >  omiii.i^ 
quadrata  > GP ,  ad  rcliquum  ,  dcmpti^  ommbas  quadratis 
triaiiguU,OMN,ab  omuibus  quadratis  triangLili,OHP,rci- 
licct  ad  omnia  quadrata  trapczi),  MHPN ,  cruut  vt  tnaa- 
gulus,  ABC,  nd  rcliquum,  dcmpta  fc<aioiic,  AXI,  a  fc^^lio- 
nc,  AlBjfcilicct  ad  tnlincuin,  AIB,  fcd  omuia  quadrat^^, 
GP,  ad  omnia  quadrata  trapczij  >  MHPN ,  funt  vt  quadra- 
tum,  HP,  ad  rcclaugulum  lub ,  HP,  MN ,  vna  cum  t.  qua- 
drati,  GM,  .i.  vt  quadratum,  Pv),  ad  rcdangulum  fub^PO, 
ON5  vna  cum    .  quadrati,  PN,  crgo  triangulus ,  ABC,  ad 
trilincum  >  ABI ,  crit  vt  quadratum  ,  PO,  ad  rcctanguUim, 
PON5  vna  cum  -f.  quadrati,  PN,  .i.  vt  quadratum^DA,  ad 
rcJlangulum^DAE,  vna  cum  -7  .quadrati,  DE>  quod  crat 
oftciidcndum-j. 
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TKEOREMA  XV.  PR0P05.  XV. 

SPatium  fub  fpirali  ex  quacunqj  reuolutione 
genita,  prseterquam  ex  prima ,  &  red^;a  eiuf- 
dem  numeri  cum  fpatio^ad  circulu  eiufdem 
numeri,eft  vtcompofitum  exredlangulo  fubra- 
dio  eiufdem  circuli ,  &  fub  radio  circuli  vnitatd 
ininoris ,  vna  cu  5.  parte  quad.  difFeretiae  vtriufqj 
radij,  ad  quadratum  maioris  radij  prjedi^aorum. 


Sit  quicuiiqj  circulus,  CDFB,  fpatium  eiufdem  numeri 
■  cu  eo,  quod  continetur  fub  fpirali,  GMSIB>  &  volutibGBj 

C 


cir- 


fc  i'".^  ''"^  '^""^"  '^^'  LP,rca.i,L/2,a-qual..s 

AO,  .\  pcr,  A  ducatur , /Sa  ,  panllcla  ipf. ,  np,  fccans  Ju- 
ruam  parabol.  m,  ^  u.nc^s,  Lri,  producatur,Ln,;(!  ; 
7a  ?r  --Qa"  i§itur  cr:Ql\ad,F2,vt,PL, 

ad,  L^,  pcr  conucrhoncm  r.uva.H.,  PQ^.d^Q^^cnt  v  t  LP, 
ad,  P^,  quotup.ex  crgo  clU^^,  ^5,  r>,o  prnr,,  c  .r- 

otuplcx,  QP,  c.rcf^c^cnti.v,  CI>f  F>,.cr^^,  cnt  aqua- 
1.S  ci:cumkrcnt..r,  CDPB,  .l\  a .-tcr ,Ll>,a's^alis  .pH, Ap, 

crgotr,a.iguU,s,La2>c.,*ulo,ClXJi,aqi:.^:is.er.U),co 
vltcrius  tnlmcu,  LQn,  arquan  l->arioii:culi,CDI  13,  .icm- 
pc  contcnto  fub  fpiia.., GMB,     v  oluia,  Gp,  fi  .n.r.on,  c- 
rit  co  maior,  vcl  minor,  lit  prim,-,  tnaior  qi;anritatc  fpntii 
fcorllm  cxpofiti,  8,  diuifa  aurcm  bitari.im,  Qs,  in,  1>,  u.n- 
gatur,  LR-,  rurfu";  bifariam  diuidantur,  QR^,  K2,in  piintfiis, 
&,  n,&,rigintiir,&L,  nL,&.  llc  fcmpcrhat  doncc  dciici- 
lum  fit  ad  trianguUim  n.inoicm  fpario,  8,  fit  is  tiia:, ou!us, 
Ln2,  pcr  punda  autcm,  in  qu.biis,  Ln,  1.%  L&,fc  ctit  cii- 
riiam,  Qn ,  fcilicet  pcr,  O,  V,Z,  ducantur ,  QP,  parallcla', 
yr,  6p->       qux  fi  pr.  di  c  iMtur  rccc.it,  /5\\m  punt^lis,!,^, 
4,  quia  C;  go,  Q.f,',        Kn,  nr,  f  nt  a^qna'cs  facilc  cflcn- 
dcmus  pcr  Coroll.  Prf.p.     hmus ,  ( tinm ,  P4, 43, 3 2,  :/3, 
eirca?qualcs,fimilitrrfarilc<;ftcndcmus,  rrapc7ia,QZ.Z\', 
VO,  ^  triangulum,  L^/F,  fimul  colJcdta  rquari  triangi.lo, 
Ln2,  .1.  cflc  minora  Ipatio,  8,habc.Tms  crgo  fpatio,LQn, 
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circumfcriptam  figurr.m  cx  triangulis ,  LQSc ,  UZ,  UVy 
LrO,    aliJ»!  «^i^i^»"  infcriptam  cx  trnngulis,  ll^  L\ 
L07,La2,compofitam,quam  circumfcripta  cxccdit  wt- 
nori  fpatio,  quam  fit,  8,  crgo  tniincum,  LQft.  cxccdet  lu- 
fcrip-tamultaminotifpatio,ergo  mfcnpta  eritmaiorlpa- 
tio,  GMSlB,quocI  cft  abfurdum,r,am  fi  ccntro,  A,  cm.d.a- 
mctris  arquaUbus  .plis ,  L4,  L3,  L2,  dcfcnbantiu-  lciSlores, 
vcl  feaorum  rcfidua,  AKIR ,  XSN ,  1 ME ,  habcbimus  fpa- 
tio ,  BISMG  ,  infcriptant  figuram  ex  fcaoribus  ,  vcl  lccto- 
rum  tefiduis  iam  did.s  compofitam ,  &  =^1^^«" 
ptnm  ex  feaoribus^vcl  fedorum  refiduis,  BAClAK,bAN, 
Co,<,ll MAE,compofitam,&quia,2Q,ad,QP;eftvt,^P,acy  L, 
huius .  »d  o  pQ;^     Q&,eft vt,  LP, nd, P4, ex  aEquah,  2Q,aci,q^, 
4cmooa. 


Si.  V  Jg{.    U  £ 


CtA 
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«rit  vt,^I>,  ad,  P4,  ideft  vt,  Gl>,  nd,  BK,  idcft  vt  circumfe- 
rcntu,CDMi,  ;)clciiciimtc,-cntijm,CB,';nam  di.m  uiidus, 
IS,  dclctibit  t^tam  circumfcrcntum ,  CDFB ,  uundiis  dc 
Jcnbens  fpinlcm  percurrit  iplam,GB,&  diim,  B,  dcfcripfit 
C!rcumfcicnti.im,  CB,  idcm  pundus  pcrcurrit  ipfim,  BK,) 
Cil  .1  utcm,  Q2,  xqualis  circumrcrentia:,  CDFB,crgc),0 
a-quau.  crit  circumfer.  CB,  cft  vcro ,  Q\,  nti,  ««Z,  vt,  rl,  <lKi.ur« 
ad,  L4,  idcrt  vt,  BA,  ad,  AK  ,  idcrt  vt  ci.  cumff  1  cntia ,  CB,  * 
ad  circumfcrcatijm,  IK,  c.  go,  <t>L  ,  cnt  scqualis  circuin{l- 
rc.UKv,  IK ,     cft  altitudo  trunguli ,  L<M,  .i.  L4,  .rqualis  ^X''^^' 
ipii,  K  A,  ergo  trungulus,  L*^,  fcctoi i,  K AI, xqualis  crit.  * 
Eudcin  inodo  ortcndcmus  triangulum,  LVB,iquari fcdo-  lli^.etur 
n,  AXS,  &:  ti  ia  lauUun,  LO7,  fcciori ,  ATM ,  tandcm.^ 
trianguhim,  Ab'h,  fcciou,  AHG,crgo  figura  infcripta  tri- 
Imco,  LQa,  .xqualis  cnt  mlaipta: fpatio,  GMSIB ,  cft  au- 
tcm  illa  maiorfpatio,  GMSIB,crgo  rigura  infcripta  fpatio, 
G.MSlBjCrit  codcm  fpatio,  GMSIB,  maior,quod  cft  abfur- 
dum,  non  crgo  trjlmcus,  LQfi,  maior  cft  fpatio ,  GMSIB. 

Scd  dico  neqi  cffc  mmorcin  codcm  fpatio,  GMSlB,  fi  c- 
nim  cft  fit  adhuc  dcfcdus  fpatium,  8, nn)do  autcm  fupra_j 
adhibitocircumfcribatur  tiilinco,  LnQ,figura,&:  alia  in- 
fcrib  itur  cx  trungulis  compofita ,  ita  vt  circumfcriptn  fu- 
pcrct  infcriptam  minori  fpati  >,quam  Ht,  8,  dcfemiant  au- 
tcm  nobiiiaroinprima  partc  dcfciiptx  figurx,  tum  intr.i, 
&  cxt  a  tri!i  icum,  LCL  ^X,  tum  intra  ,  vcl  cxtra  fpatium—», 
GMSIB.  Igitur  figiira  ci  ci.mfcripta  trilinco ,  LfiQ ,  fupe- 
nbit  cundcin  trili  icuni  m jlto  ininori  fpatio,  qiiam  fit,  8, 
ncmpc^  quam  fpatium,GMSlB,cxccdat  trilincum  ,  LftQ, 
crg  }  figjra  huic  tnlinco  ctrcumfcripta  cntminorfp.ntio, 
GMSIB,oftendcinus  autcm  candcm  xquari  figur^-  cii  cum- 
fcrip't.c cidcm  fpafio  , GM,SlB,inodo fupr.ipofito ,  crgo  fi- 
"  gura  circriicripta  fpatio,  GMSIB,  crit  codem  mfnor ,  quod 
eft  abfurdum,  igitur  trilincu.s,  LflQ ,  ncq;  cft  maior ,  neqj 
minor  fpatio,  GM6IB ,  crgo  cft  cidcm  acquahs ,  &  cft  t  rii  n- 

E    z  giilu5, 


3^  GEOMETRIiC 
gu!Ms,LQS.::equali5ciixulaXDrB>crgockcuruV^^^ 
«xant.  IpntiumjG.vl  ^IBjCrit  vt  triangiiiiiSjLQS-)  triUncurti^ 
LQn,  cfl:  aut  tHanguli^s^l  QS,  ad  tiilineibLQn,  vt  qu.y 
d/:uiuii5  PL,  nd  rcaingMlum^  FL(S  5  vna  cum  t  .  quadrnti, 
P/3,  crgo  circulus.CDFB,  nd  fpatium,  GMSlB.cnt  vt  qua- 
di-atuin^  PL>ad  rc6bngulum  ,l>L/3  ^  vna  cum  t.  quadrati> 
P^,  .1.  vt  qundratam>  BA.adreaaagulum,  BAG^vna  cum 
T.  <^uadiatij  GB>quoderjt  nobis  oftcndciiduin. 

S  C  H  O  L  I  V  M- 

POierant  dueem >  vt  in  Prop,  ^.f^  6.  hf^ius  ,  eomjt^ni  fgur^f^ 
<JUA  ciycumfcrihuntur^  &  wfcrthuntur ,  ex  traitzijs ,  itL^ 
qm  eafa  circumfcrtptio ,  &  tnfcriptto  htel'  gt  defuif^et  circa  tri* 
tineum,  QflX,  vet  tn  fupra  demcnflratis pfoptfit^ontbus prterant 
dt£Ia  figftrA  ex  triangults  componi ,  vrtutt  tn  hac  tfft  ilum  e/l, 
iunc  circumfcrtpti^,  &  tnfcriptto  ftcitomhuii  FLH^  in  Schemate 
pofieriorts  dimmHrationts  t*rop.  9.  eif ,  H^Fs  tn  Prcpof  \  o.  fiert 
debutfiet  intelligt ,  hanc  iAnte»  x^^rictatem  profeqnutus  fum^  vt 
fatcat  vtroji  modo  nos,  quodinqutrimus,  obttnere pofe^ 

THEOREMA  XVL  PROPOS-  XVL 

SI  in  rpiralf  ex  quacunq;reuoIutione  geniraL# 
fumatur  pundum  ,  quod  non  fit  initiunr-i, 
nec  terminus  eiufdem  fpiralis  ^  &  iungatur 
cum  pundo ,  quod  eft  initium  reuolurionis ,  quo 
tamquamcentroad  diftaciam  fumpti  pnndi  cir-^ 
culus  fic  dcfcriptus ,  huius  fedor,  vcl  fe<3:orjs refi- 
duum,  cuius  bafis  fit circuferentia  inter  hoc  pun-^ 
d:um  y  &  principium  circulationis  ad  partes  con- 
fequentes  inclufa ,  ad  fpacium  helicum  ab  eodetii 
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fedore,  vel  fc^^oris  refiduo, .pprehcnrum, erit  vc 
^U3,lratum  fcmiJumetri  dc  fcripticircul.  ,ad  re- 

«agulum  fubeodem,  &  fub  rad.ocircuJi  ciufdcfn 
numen  cum  fpirali  vn.t ite  pr^di^a  minoris,vna 
cum  tertii  parte  ^uidrati  excciru*  vtriufqj  radi/. 

Co.ifpicutiira.iteccde  -.tis  fTg  i,  :j,tn  qiij  fumpto  vtcriq; 
Pi-^^t^inlpi  ilf,GMSlB,qu(.dlu,I,,:ucl!iaat,,  Jcfcri^^^^^^ 
ci,  ciilns,  IK  Dico  igiturfcct  ircm,  vcl  elus  rcfidiuini.^, 
ciiius  b.ilis  eft  circunifcrcati.i>IlUJv,  .id  rctlis,  I.A,AK,ter- 
J"'n.ita,  .id  fp.nium  fub  fpir.ili;  portioncs,  ISMG,  &  rcdis, 

'  '"^G,  cifc  vt  cjuadratiim,  I    ad  rcclangulu  fub^A,AG, 


^  \y  fy, 


vna 
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vna  cum  T .  quadratj,  Clf ;  in  ipfa  ^€mm,Q2,iam  hQbemiis, 
&2 ,  xqualem  circiuDferenti^,  CUFli ,  tcrraiaanti  ad,  C, 
"B,  prod;.catur,  *  quoufquc  fecet  ambas ,  Lri,  L2,  vt  in, 
■II,  ijjikquia^&Sjad,!  |2>eft  vt,2L,ad,L  >i,vel  vt,PL, 
luxf»  4-  all,  La,  fuic,  BA,  ad,  AK  ,liuc  circumfercntia ,  CDFB ,  ad 


«irionum  pmicta  ci  m, L,&  per  p.unaa,  in  quibus  ittx lun- 
gc;ites  fccint  curuam  parab  jlas,Zn,duais  ipfi,!  'i  paral- 
lclis,  vt  iu  antecedenti  circumfcripfcrimus  tiili^ieo,  LZH, 
liguram,Scaliammfcripferimus,extriangu!is  copoi.tam, 
&  fimilitc-  fpatio,  AISMGA^figuram  ex  feaoribus,vel  eo- 
rum  refiduis  cumpofitain_ciixlimfcripferimus,  \  elut  m  an- 
tecedeati-quam  quia  arncccde;nn7'^o.p(>fitionis  methodo 

fimilis  eft,  hic  explanarc  mitto).&  alia mfcripfcrimus,  tan- 
dem  ofteadcmus  trilinciim,  Lia,  neq,  maius,  ncq;  mnnis 

elTe  fpatio,AISMGA,&  idco  ilH  clTc  xquale;  fimihter  cftc- 

demus  triangulu,  LZ  «i,  fcaori,lR*K,  vcl  lcaoris  refiduo, 
Defin.ii.  xqualcm  clTc,  nam  tiiangulus,  LQ2,adtriangulum,LZ«J, 

hnbct  rationem  compofitam  ex  ratione  trianguli,LQ2,ad 
f,.  U.  triangulum,  L&2,  .i.  ex  rationc,  Q2,ad,  2&,vel  cx  ratio- 
li.<  sexti     circumfcrcntix,  CDFBC,  ad  ciiCumfcrentiam,CDFB, 

quia  prsditHs  a:quatur  .i.  ex  ratione  circuU,  CDFB,  ad  fc- 

aorcm,  vel  eius  refiduum,  ACDFBA,  &  ex  ratione  trian- 
coroll.  I.  gnli ,  L&2 ,  ad  triangulum ,  LZ'i,  .i.  cx  rationc  quadrati, 
"        PL,  ad  quadratum,  L4,  .i.cx  ratione  qiiadrati,BA,ad  qua- 

dratum ,  AK ,  .i.  cx  ratione  feaoris  ( dicatur  fic  bi  euitatis 
CoroH.  1.  c;^ufa,  fiue  fit  feaor,  fuie  eius  rcllduiim)  ACDFB,  ad  fcao- 
'  c"'"!'  rem ,  AIRtK A,  qucr  duoe rationes  componunt  rationt m— » 
f  1.    ***  circuli,  CDFB,ad  fcaore,AIR«KA,ergo  triangulus,LQ2, 

ad  triangulum,  LZ  'i,  erit  vt  circulus,CDFB,ad  feaofem, 
Imt  ».  AlRtKA,  fed  triangulus,  LQ2,eft  aequalis  circulo,CDFB, 

ergo  triangulus ,  LZ  »i,  fcaoti ,  AIR«KA  i  aqualis  crit , 
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cfV  tnMticiis,  LZft .  a^qua'is  (pjtio,  AISMGA ,  ergo  fedor, 
Alivriv A5  ad  fp.itiiim,  AlbMG A ,  cnt  vt  t li.ingiilus  ^  LZ.  «J, 
ad  tnlheum,  LZ.a,  .i.  vt  quadntiim,  4L5  ad  rcdnngulum  i4'ku 
fi'b,  ^L,  L/?,  ci:m  T .  quadrat i,  ^/S,  .i.vt  qundr.uiimjlAjad 
rc:lingulum  lub,  lA,  AG,  cum  quadrati ,  GK ,  quod  c- 
^  rat  oilcadcadum^. 

THEOREMA  wm.  PROPOS.  XVIL 

COmprjhcnfum  fpatium  fub  fpfrali^qua?  cft 
minor  ea,qu2e  fub  vna  rcuolutionc  fitjncc 
habct  tcrminum  initium  fpiralisj&rccflis, 
qux  a  terminis  ipfius  in  reuolutionis  injtiom  du- 
cuntur  ad  fc(^lorcm  habentcm  radium  n^qualcm.^ 
maiori  earum,qua?a  termino  ad  initium  reuolu^ 
tionis  ducitur,  arcum  vcro,  qui  intercipitur  inrcr 
duasrcdasfccundum  cafdcm  partem  fpiralisiha- 
bct  candcm  rationem  ,  quam  rc^angulum  coni- 
pra^hcnfum  fub  vcO:is  a  tcrminis  ad  initium  rcua- 
lutionis  du(ii>s,vna  cum  tertia  partequadrati  cx- 
ccfTus,  quo  maior  didarum  lincarum  fi^pcrat  mi* 
iiorem,adquadratum  maioris  carundcm, 

Incadcmanteccdeatis  figura  fupponamus  afrumptainj 
tS^  portioiicm  fpiralis  iii  vna  rcuolutione gcnita^  qua:  nou 
habcnt  tcrminum  initium  talis  fpiralis ,  acuius  cxtrcmis 
puuifliSjUS,  fi:itdudcad  5  A,  initium  rcjolutionis  ipfr, 
SAjL^jocfitfcdorjlARjCuius  fLmidiamctcr  fita:qualis 
maiori  du^Sbrum,  lA,  ASj ncmpc  ipfi,  lA.  l)ico  fcclorcm, 
IAH5  ad  trllincum, TAS,  effc  \  t  qundiatum,  R A, ad  rcdan- 
gii!um,  RAS,  vna  cum  qundrnti ,  R.^,  [  vtnmur  confirir- 
dliciii  cadC  fiaura)  Scclor  iaitiu-jAUUK  Ajcfl.xquaU.s  trinn- 
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galo,  LZ  ij)  vt  ia aniccedcmi  oftcaluni  eft ,  codcm  modo 
pi-cbabimiis  triaaguUim,  L^-  cltc  xqualcm  fcdori,  ARe 
KA,  crgo  rcliqiuis  triaiigulus,LZ^',cnt  squalis  leliquo  fe- 
dori,  lAR  j  fimilitcr  iuxta  ant-cedcntem  olkndemus  fpa- 
tium,  AISMG A ,  cffc  acqualem  tnlinco ,  LZa ,  6c  ipatium, 
ASMGA,  ciTe  xqualcm  trilineo,  LVii,  crgo  rcliquum  fpa- 
tium,lAS,  crit  xquale  tiilineo,  LZV?  ergo  fe£lor  ,  lAR,  ad 
M.  huini.  trilineum,  LZV,  crit  vt  triangulus,  LZ-f*,  ad  trilinefi,  LZV, 
.i.  vt  quadratum,  L4,  ad  reaangulum  fub,  4L$,cu  -r.qua- 
drati,  34,  .i.  vt  quadratum  ,1A>  vcl  ,RA,  ad  rcaangulum 
fub,  K\  AS,  vna  cum  t.  quadrati,  RS,  quod  cftenderC  j 
opus  erat  • 

THEOREMA  XVIIL  PROPOS.  XVIH. 

TRilineum,lRS,ad  trilineum,ISX,erit  vt,SA, 
cum  V.  SR,  ad,  S A,  cum  f .  SR. 

Huius  dcmbnftratio  non  ciit  alia  a  dcmonftrationc  13, 
huius,  propterca  ibi  rccolatur. 

THEOREMA  XIX.  PROPOS.  XIX. 

rl  Rimicirculifpatiumhelicum  ad  rpatiumj 
, .  helicum  fecundi  circuli  erit ,  vt  lertia  pars 
quadrati  radij  primi  circuli  ad  redtangu- 
lumfub  radioprimi,&  fccundi  circuli ,  vna  cum 
cema  partequadrati  exctffus  rad  j  fecundi  cir- 
cuh  fuper  radjum  primi.Spatium  vero  fecudi  cir- 
culi  ad  fpatium  tercij  erit,  vt  redlangulum  frb  ra* 
dio  eiufdem ,  &  fub  radio  ciicuh*  vnitate  minoris, 
ideftpriaii^  vnacuai  ceruaparte  quadrati  d.ffc^ 

JfCU- 
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reatt»  horum  radiorum ,  ad  reaangulum  fub  ra- 
diociufdcra  ,&  fub  radiocirculi  vnitate  maioris, 
ideft  tcrtij,vnacum  tcrtia parte quadrati diffe- 
rentix  iftoru  radioru,  &  fic  deinceps  in  teliquis. 

Exponantur  Tupcr  Codcm  ccntro,A,cirCuli,primu$,HR 
yo,  lccundus,  KLNM»  tcrtius  autcm ,  CDFB,  cum  fpat.js 
iub  rpiraUbus  ciufdcm  numcri  cu  circuIi$,primo,  AGHA, 
fccuado,  HPKMH,  tcrtio  autcm,  MZSBM.  Dico  fpatium* 
primum  ad fccundum  eflc  vtif-.  quadrati,HA,adrcaan- 
gulum  fubJHA,  AM,  vna  cum  quadrati,HM,fccimdum 
vcro  ad  tcrtium  ciXc  vt  rcaangulum  fub,HA,  AM,cum  v. 
quadrati,  HM, adrcaangulu fub,MA,  AB,vna  cu  r.  qua' 


E 


9  huiuf.  oviVHp..i^Gi^'TAU      ^-^c^xzikdtij^^y ad qiiadratuai JjAp 
&  cx  rationexii^curi  ^^«(^Rf^^^d^cir^^       y  MKl,^  ,.'.1.  ex 
Coroll  1.  i^^ioneqaa^sitii^lAi  ad^qU^d^^^ 

buius..<:i»^culi,  CDFB,  ad fpacium^  HPMHv.i.  exratione  quadra- 
.ti>MA,.adreaanguluiii,  MAH,  \nia  cum4^.quadrati,MH, 
i>€fia.  II»,  qu^i-ationcs.componuntrationem  f  ^quadrati^AH^ad  re- 

.iaang.MAH,  cunxr  Jjuadrati^HM.  IccM  fpaxittm^HPMH,  i 

ad  fpatium^MZSBM,  habec  ratibnem  coixipofitam  ex  ra^-  i 
tione  fpatij^HPMH^ad  circulum^KLNMj.i.  cx ratione  rc- 

15.  boiai,  dangiiliyHxAM^cum  T.quadratijHM^adqiiadracum^AM,  ^ 

&  cx  ratione  circuli,  KLNM>ad  circulum^CLH^Bb,  .L  qua-  i 

Cofdll.  z.  dratijMA^ad  quadratum,  AB,  &  tandcnxex  rati one  circu-  1 

Vsliint.  li^CDFB^ad  fpatiuip*MZ5BM.>.i.ex  ratione  quadrati^BA,  % 

adreaangulum^  BAMjCum  T-qiiaMrati  io^ 

Dcfin.     compoi>imt  ratronem  reiflangurijrHAMj aim  -r.quadrati,  EH 

HM,  ad rGaangulum, MAB  >cum  t.  quadrati, MB.  Et  fic  ^ 

deipceps  oftendemus  tcrtium  fpatium  ad  ^uartnjri  elTc ,  vt  ci|| 

rc^ngulfi>MAl5yCum  t-quadrati^MBraMred^^igulum  ^ 

fub>BA5  &radiocirculi  vnitate  mai^^ris,  yna  fiLiim  -\ .  qua-  dn 
drati  dirfcrcntia?  hor.wmradiorum  j  qusfe  diflEerentia  ^mpcr 
cftaequalis  radioprimicirculi,  qi\od  ojBtendercopus\crat^        ^  lc^ 

A  L\I  T  E  R..           '  t 

Xponatur  triaogylus  >  ETI  >  habcos  rcftum  an^ilum  uj 

ad>T\cuiu5  laetiSjETylit  ^rqualeradio  pnmi^culi>,  ^ 

^^^h    &yTI>ciufdc^^  circufcreinije;^:  per,  El^tranii&at  p^abola^  K) 

€uru^>quamtaft§at>TE>in,  E>  vercicCjfcGet  Ver6>  TI>  m,,  ^ 

Ijciufckm  axi  ?qnidiftans>dcinde  indcftiiitc  pc6duda>ETy  ^ 

verfus>T>  in  ca  fumantiir  tot  paftcs  ajqualic^lpli,  E  r>  quot  h 

radij  primi  circuli  funt  in  radio>AB,i}ij«^^fint>  ET>,TY>  YZ,  cj 

&pcr  punwla>YZi>  dttcantarp^iaTiolse  axixquidiftantesy  ti 
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ZQ,  curux  ciufdcm  indefinit^  produ(fbf  occarrcntet> 
Pr?""t/'? *""g'"^"^' EX, EQ.  Erit  igitur fc£Uo, 

,  ad  fedio.u m ,  E^I,  vt  cubus,  YE,  ad  cubum,  ET, fic 
oum  lunt  corum  tnpla  .f.  trungula ,  EIT,  EXY,  quod  cli- 
Citur^x  pnma  Ub.4.  &,  diuidcndo,  trilincuiT>,  EXl,ad  fc 
aionem, E^I,  crit  vtparallclcpipcdum  tcr  fub,ET,ac  qua-  jhlt 
drato,  T^  ,  ic  ter  fub,  YT,&  quadrato,TE,  cum  cubo,TY, 
ad  cubum>  TE,  vcl  vt  horum  fubtripla,  fciliccr,  vt  parallc- 
lcpidum  fcmcl  fub,Y  r,&  quadrato,TE,&  fub,ET,  &  qua- 
dratQjTY,  .f.fub,YT,&:  rcdanguio^YTE,  cum  "i-.cubi^TY,  |«.lt; 
.i. cum  parallclcpipedo  fub,  1 Y, &: -T.  quadrati,TY,  ad -}-, 
cubi,  TH,  .i.  ad  paralkJcpipcdum  fub ,  TE ,  vcl,  TY,  &  te?- 
tia  partc  quadrati,  TE,  ncmpc  vt  parallclcpipcdufub,TY, 
S>c  quadr.  ET,  &  rcibngulo,  YT£,&  tcrtia  partc  quadrati, 
YT,  quod  conficit  parallclcpipcdiun  fub,  YT,  &re(aangu-'„.i.,.- 
lo  fub,  YET,  &:  fub  tertia  parrc  qu.ndrau,YT,  ad  parallclc- 
jVpcdum  fiib>  YT,  6c  fub  tcriia  p.irtc  quadrati,  TE,  &  quia 
horum  paraUclcp^dorum  altitudincsfinitcxdcm ,  idcdi 
crunt,vt  bafcs.f.vt  rcdangulum  fub,YET,  cum  tcrtia  par-  b.g.  co». 
tc  <juadfati,TY,ad  r.quadrati,ET.Eodcm  modo  oftcndc-  4.'gcner.' 
>'''.,'  F    a  mus  ^^''^' 
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mus  triUiiciJm,EQX,ad  triUneu,EXl,e(rc  vt  exccfllis  cubi, 
ZE,  fupcr  cubu,YE,ad  cxccfllim  cubi,YE,  fupcr  cubu,TE, 
J  «'«.*».  .i.vtparallclepipedumtcrfub,ZY,&qiiadfato,YE,terfub 
EY*:ii  quadrato,YZ,cumcubo,YZ,  ad  parallclepipedu  ter 
fub,^,  &^uadrato,TY,  ter  fub,  YT,  &  quadrato,TE,cu 
cubd^TY,  vcI  nUprum  fub  tripla  .i.  vt  paraUciepipcdum 
'fub,  i,Y,  &  quadrato;¥B»fub,  EY,&  quadrato,YZ, fub, 
t«.\.u     5LY, & rc(5iaiTgulo , ZYE,  cum  tcrtia partc cubi ,ZY,quae 
ij.l.»,    confieiunt  parallelepipedum  fub,ZY>&hisiunais  .i.  rc- 
aangulo  ,ZYE ,  quadrato,YE,  cum  tertia  partc  quadrati, 
ZY,  .i.fub,  ZY,  &reaangulo,  ZEY,cum  tertia  parte  qua- 
drati,  ZY,  ad  paralklepipedum  fub,  YT,  &  quadrato,TE, 
fub,ET,&qu3draio,TY,cum  tertia  parte cubi,TY,quae 
cflcaequalia  oftendemus  parallelepipedo  fub,  YT,&: rc- 
aangulo ,  YET,  cum  tertia  parte  quadrati ,  YT,  igitur  tri- 
lineum,  EQX,  ad  trilineum,EXl,  crit  vt  parallclcpipedmtv 
fub ,  ZY.,  &  re»aangulo ,  ZEY ,  cum  tertia  parte  quadrati, 
ZY,  ad  parallelepfpedum  fub,  YT,.i.fub,ZY,&:  fub  reaan- 
gulo,  YET,  cum  tertia  partc  quadrati,TY,  &  qma  hscpa- 
%.G.  CM.  rallelepipcda  funt  in  eadcm  akitudine,  idco  funt  vt  bafes, 
4.'gentt.  igitur  trilineum,  EQX, ad trilincum, EXI , erit vtreaagu- 
^  *■        lum,  ZEY,  cum  tcrtia  partc  quadrati,YZ,  ad  rcaangulum, 
iikitareii  YET,  cum  tertia  partc  quadrati,YT,  cft  autem  fedio,E9jI, 
aSlTei  ^equaiis  fpatio, AGH^  &trilineum,EXI, fpatio,HPMH,& 
>$.>iiiit.  trilincum, EQX,  fpatio, MZSBM,ergo fpatium, .^GH,  ad 
f^atium,  HPMHjCrit  vt  tertia  pars  quadrati,TE,adreaan- 
gulum,  TEY,  cum  tertia  partc  quadrati,TY,  .i.  vt  tertia^ 
pars  quadrati,HA,adre(aangulum,HAM,cutcrtia  partc 
quadrati,  HM.Similitcr  concludcmui  fpatium,  HPMH,  ad 
fpatium,  MZSBM,  cfle  vt  rcdangulum ,  HAM ,  cum  tcrtia 
parte  quadrati,  HM,  ad  redangulum,  MAB  ,  cum  tcrtiA.* 
patte  quadrati,  MB,  quod  oftcnderc  opus  crat. 


CO- 


LIBE.R   VI.!  4» 
C  O  R  O  L  t  A  R  I  V  M.Hk 

Tjl  Iftff^afi  i»cAi9r  fnsdMm  tdHgim  f^srdtiUm 

fiinitm  ^'iC4m»rrtaMUntddt4mttr,p4r4iUU,<iu»mfij-  inddMHi 
MCMrtumfdrdhtt»,  hU  i9ciJt»ttdfut,a$,  ottmoniMain  tttn£t$, 
fnti,t  fp4tiukt  f^hfrim'4  itin^ni,,  &  fuUthf*  curtis  PdrM 
ditnhmtufui>f,rim4.  & fgtundsiungtnte,  &  utu^ffrMbtn. 
/4 tmtB4,  tftt  vt  itriiM  fMTt  quddrtti  f,tm4  f4ttts  t4ngtntii  tj^ 
^dreHsngtilufttifnmufdrie^  cimftAiiDi  f*tm4,&  fnund^ 
cttm  itrti4f4rle ^fu^dr^uftdtddiSimiltttr  hf>c iriltue»o>  4dtri» 
Untmmf„b  ftcuud^  .  &  ttttu  iungtnte ,  &  4^ t/in.4fM4M»f4^ 
euru4  f4r4hl4,  efse  u  itfUrgulumfutfrtma,  c  f^b  imftjif 
tXfnm4,& ftcuitdi p4rtt  I4ngeits(tnumtr4ittnt ftwftr  4 fun^ 
Oi  ciui^tu  ittt»ft4)  VII4  cum  teriu  f^rie  ijU4df4tt  fteuudd  dd 
rt£J4ngulsimfui  ctmfefiii  ticfrim4.&  ftcumdd.&fui  tomfifit» 
txfrtm4.ftcumd4,&  teptt4f4rit,  vu4  Cmm  ttrii4  f^rtt  qU4dr^ 
II  Ierli4f4riit , &fic  triltntu  dtt,.ctp,  fe^meutt4  tfie.  vi  h4trt\ 
{t4ngut4  deiuetf,  ft^fme^iU  cum  itrti4  f4rie  dtdtrum  ^U4dr»m 
tirum,  eidem  emm  modofupr^  ^dkihitt  ket  iReudetmr.  ^uitief. 
c»nf;  4»tem  /4ngens  fii  ^juttts  r^du  circuli  fftr^lmm  4lii»ttu 
mttmtri.velmifutt,  EZ,4qu4lti  ipfi.  ab,& diutUtHPtu  Hlft^ 
tts  dfuitei.  in  fuit  r4d,us  uttt  cticuli  dtutdiiur  4  ctitumftrttjt 
iuferitrum  circultrum ,  tunc  uedum  in  f  4^461/4  dili^fftm»  fe^ 
Itdhtnt ,  vt  diltun  tfi,ftd  tium  funt  jtcju^lu  fftt^s  dtatrutn^ 
ttrcuUrum.frtmum  ntmftfrimi.fecumdum  ftcu»di,&  fie  deim-. 
(tfi  4fu»ai  ciuuaus  f4r4iil4  dtairum  fputiirum  t»»mtr4ti»i 
mt  f4cl4 .  f»»d  efi  4imtr4biU  ,  h4C  4uitm  ttt  f»fr4dl(Ht  iM  " 

ftjl4  f»»t. 

THEO 
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^  I  parabolam  cetigefit  red^a  linea ,  quac  dfiii« 
datur  in  quotcunqj  partes^qualeSjpcr  pan* 
autem  diuifionum ,  &  cxtremum  ducan- 
cur  redae  lineae  diametro  parabolse  afquidiftates, 
qupurql  in  eiufdem  curuam  iocidant ,  iungantur 
aui^e,m  p.ufi^a  incidentije  oun  pon^ocontadhis* 
Spatiq  fijb  prima  iungeiite,&  fubtenfa  ab  eadem 
curua  erjefepiima  pars-fpati/fob  primaj&fecun-; 
da  iun^ettte,&abijsa|»prae^enfa  curua  compri-' 
henfi.Hdc  vVro^ad  fea^^^^  iTub  fecunda,  &  tertia 
iun^enicj^i^^apR^^^  ,  erit  vt  7;  ad  i^.- 

^fpc  auteiu^d  ipgiium  fub  tertia,  &  quarta  Jun- 
gjeote,&abijs  iBclofa  curua,vc  i^.*d  jy.&Zic 
<ieinceps,;putTndicat  appofit^i^nuaieroru  feries. 

^Sitilnjl^iis  pafa^M^tna-i,  'AriF,  ipta ,  AE,  di^ui?^ jj^  quot- 
ctlltfq^f  a^fis  .-equdlcs ,  AB  ,  iBCj  CD,  DE ,  diKi^is  autem  a 
pUndii^^B^C^^P,  E,  dinmctro  parallclis,  quouiTgj  incidaint 
ctiru^fAHF^^ipfx,  PN,CM,DH5  EF,  iun^,i  aturpuiijda  in- 
cident=i^JqililrnY?'f      M,  R,  cum  ppiKto^'A,  &,AN,  di- 
cirt'iit|\7i\iatitiTg?ni;  AM ,  fccunda,  Ah;  tcrtia  ,  &'fic  <!<:. 
iftteps-tmdl^atlli-iviTtil^,  A^N;^&  atica  fubtcnfi  curua,ef- 
fe^iJfpjf iif  fub;  N^tfi^^pr,  &  ciirua,  MN  ,  .i.  ad  trilincum*,. 
AMN ,  Vt  I .  ad  7.  ho?'vcr6  a^  tfiriiicum ,  AHM ,  vt  7.  ad. 
ip.  &  fic  dcinccps,  prout  indicat  appolita  numerorum  fe-  " 
EiCotoJ.  rics  fehabcretrilinea  dcinccp^ubfjeguctia.  Eftcnimfpa- 
•■««•      tium,  AIN, ad  triline|j|Ixr,  AMN,  vt  ,  .^jua drati,AB,  ad  re- 
dangulum,  CAB,  cum  -f,<^uadiati ,  CB  ,  li  crgo,  AB,  fta- 
tuatur  3.crit, AC,  ^ . fc^aitgiiTumVCAB,  iS.tertia  pars 


ff^   

t  i.yricsjpattpruiu 


qiiadrati,  BC,  er>  5:  quae  ^baa  ipG  iT^Sfcio  i .  enVer- 
go  qiuliiim  jmtiuni  quadratuni^_/VB,  cft  p.  reSjuguUim» 
CAB, cu ^«'rtia  parte ^«adrati, BC^Tj r»^Ltcrtia  pai^ gua- 
drati,  AB, eft  3. cft igitur  fpatiumvAlN,ad^>jjincri,ARlN, 
vt  3.3^21.  idjftvt  1.  ad  7.  Emtem4iiodo  rcpS:icmus  trv- 
linei^,  AN^^,  ad ,  .\V(H,'Cl2;p  vt  7.  acl^  &  hoVxI  rrilA 
neuilJ,  AHpyvt  ip.ad  37-5c%<lciflftps,^utinAcatrcA 
rics  tiumcrcKum  fuf  ra  pofvfa  jquod  dcmonKrandui 


iiBcrat. 


C  O  R  O  L  L  A  R  /  V  H'.       .  ^ 

tntfilktfi  txft^$4fi»$ffif4lt*mtiuti0tn^in  rtmh/iniy 
bus grlutM,  initnartmt4tnHt exiftnte $n,K^ftnt *mttp 
vtlmid  ipf*,  k\  LO,  OP,  1>C,    fpirtlti  ttdtm  tritnt  frttttH^ 
Ui,KRL.  LSO.  OTF.  fyC.qiitdfi^KG^f^fitsqmAlii  iffi.AE, 

dtmif4infm»ati,  L,  O.  P,  promt  dtmidttmr,  At ,  inpmndu, 
C,  D//pdiimm,  Krl,  t^H^MtJfitit,  AiN^t^t^O.trtliat*,  iiwi,.»» 
AMH,  &.  OTP,.  trtlinet,  AMH ,  ^iiWli^VG,trilintt,AU F ,  *  Jl^""- 
& fic  dttncepi,  vnde  tutm  h*c  ffdiiM  fe  b4i>tb«Ht  ,frtmt  indtcdt  f  j.Tu!»" 
fiifr4(i6tfftrnt  fiMmrtrtim.  St  4mftm  fr;mum  Jf*tiiim  fubtr*» 

hdtHf 
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TsccundafcrieiJium.  i.  mJ.  la.  i8.  24.  30.  3'^.;1 ; 
l   f  ^ 

i  Jtcundm  i  /w,  i  qMmif&fie  dei 
iuttfs,  h4htbimu$  h4»t  nttmtmnm  fteunidm  ftritm  inditdihi 
ttm  nfiimm  primi  fpMiij  ddfaftim  ftqnenttm,  &  huius  ndftm 
fti^fefitepftm ,  &fte  dtinctfs ,  in  qu4pdtt$  frtmnmffdtium 
tfle  ■^^fafeUfeqnemiftftcnnd^m  vtrVfdftitm  frimd  tfed»- 
fUm;tertidmttnfdtmtrifUm,  qndrtAmqnadrnfiMn,  &fe  dt» 
ineepttfetundnm  nMmenrttm  etntinnnm  incrtmtntnm,  qn*  im- 
mtntu4b  Archimedeefe  einjirmis  einfdem  de  Sfirdlttns  librnnt 
ferleientiemftmmfitt. 
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S  C  H  O  L  I  V  M. 

HA^c  Ubmidpp§9€fi,  ttm  tjmd  ddhibiid  meihodiis  db  Ar^ 
ihtmcded  dtutrfd  eR,  ium  etidm,vi  ddmitdbtUm  con^e- 
Xiofcm,  (jr,  vi  ttd  dtedmpdf^boltct,  ac  hclicifpst^»  0/JinttAtim» 
fdlid  fpeculdnti , puto,  nfu  dfpcruenddm^  $b  oculoj pomrcm  >  qui- 
bm  dr  fcqueBtid  fubne£lere  non  tnutttc  mthi  v$/um /utt.  Hoc  dU- 
9em  idnium  circd  pr^fgtds  demonjlrdtiones dicdm ,  quodltat  im 
Prop,  1  !•  ^  1 4.  indtutfibtUbus»  ncmpc omntbus quddrdtis pcrdl* 
leUgrMmm$rum,(]ud  tht  defcrtbuntur,vfus /uertm,  tdwcn  cttdm 
OMdo  cofueto potutffcni  dcmonfirdrt,ft  cx.g.zici omntu  quddrd^ 
tcrum pdrdOclogrdmi,  ED,  rcguU,  t  B,  ibi  dfsumptd  >  v/us/dif 
fcm pMrMllclcptpcdo  fub  MltttuitnCt  DB.bsfi dutcm  <jUAdrMto»tB, 
9fl  fro  omntbus  (jUddrMtts  tftdugult ,  CBE,  rcguU  Cddcm ,  EB, 
vfusefscm  pyrdmtde  fub  dltttudtne  ,CE  ,bsficodcmquddrdio, 
EB,  etenim  fimtlttcr  demon^rdtto  dbfolui  potutfser,  hsc  omntum 
quddrdtorum  pardilt  lo^fd  rnmortfm  tbtdcm  coftacrMtorttm  dtmif 
fd  con^ertc,  ^  fmbiittytts pMrdlieleptpcdts»  vcl pyrdmtdtkus,  dui 
iMrum /ruffts ,  vbt  ofut  tr^t.  Hdc  tnuemre  volur,  vt prddi^^i^ 
§mnid  Hyioveteri  dcmgn/lrdbtUd  efse^citAm  dltiir  dbAnbt* 
mcde  pdtefidt . 

THHORRMA  XXT.  PROPOS.  XXI. 

SI  exponatur  fcries  fpiralium ,  &  circuIorunC 
dcinccps i  primis,  in  fpatijs  vero  fub  fpirali- 
bus,  &  volutis,cylindrici,&  conici  in  eadcm 
altitudinc  ftantcs  intelligantur  conftituti  tam- 
quam  in  bafibus ,  fimiliter  &  in  circulis  conftituti 
clTe  cylindrij&coni  intelliganturrCylindri  inter 
fe,  &  cylindrici  pariter  inter  fe  >  fiue  ad  cylindrcs 
comparati ,  fiue  coni  inter  fe ,  &  conici  in  rcr  fc^, 


1.  G.  H 
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fiue  ad  conos  comparati  eandem  rationcm,  quam 
bafeshabebunt. 

Patet  hxc  propofitio ,  nam  cylindrici ,  Sc conici  m  ea- 
«.  n.  dem  altitudine  conftitiiti funt  interfc,vtbafes5funt  au- 
cotoii.  4.  temprxdiaa  folida  per  conftruclioncm  in  eadem  altitu- 
IT'"  dineporita,ergoeruntinterfe,vtipf^bafes5  Vocentur 
autem  Cylindn,  &  Cylindrici,  necnon  Conici  euildena-» 
numeri  cum  fpatijs  ,  quibus  infiftunt  .i.  prunus  cy  indrus, 
velconus,qui  eft  inprimo  circulo , fecunduscylwdrus, 
vel  conus,qui  eft  in  fecundo  circulo  tamquam  in  bali  j  prx- 
mus  cylindricus,  velconicus ,  qui eft  in  fpatio  hehco  pri- 
mi  circuli  tamquam  inbafi,  fccuadus  cylindncus  ,  vcl  co- 
nicus,  qui eft  in  fpatio  fecundi circuli,  &  lic  deinceps. 

C  O  R  O  L  L  A  R  I  V 

r  aauinfubrdpofitis  Prfpa/tmnibus  bafmm  pr*di^ori(*»^ 
\  foltdorum  ratio fuit  adtnuenta,  iiio  eMdcmpro  dtmt/ed- 
dts  ratioatminde  ctUigemuj* 

THEOREMA  XXR.  PROPOS.  XXIL 

r 

P  Rimuscylindrusnonuplus  cftprimiconici. 

Hfc  Propofitio  paritermanifefta  cft,nam  prinius  cylin- 
drus  ad  primum  cylindricu  eft,vt  primus  circuhis  ad  fumn 
fpatium.i.inratione  tripla  ,primus  vero  cyUndricus  ad 
r  Co«).4.  primum  conicum  eft  in  ratione  tripla  ,  quia  funt  in  cadcln 
f    ^*'  bafi ,  quod cft  fpatium  primi  circuli ,  & i«  eadem  altitudi- 
*  **        ne ,  Sc  ideo  primus  cy  lindrus  ad  primum  conicum  cft  in-» 
rationc  aoiiupl  a>  quse  cx  4wa.^»is  triglis  cooflatur. 
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THEOREMA  XXIII.  PROPOS.  XXIII. 

SEcunduscylindrus  ad  fccundum  conicuni-. 
eft,  vt  triplum  quadrati  radij  fccundi  circu- 
li)  ad  re^^angulum  fub  radio  eiufdcm  fecun^- 
di ,  &  radio  primi  circuli,  vnacum  tertia  partc-i 
quadrati  diifcrentix  eoruadem  radiorum  • 

Sccundus  cnim  cylindrus  ad  fccfidum  cylindricum  eft, 
vt  fecundus  circulus  ad  fuum  fpatium  .i.  vt  quadratum  ra-  ij.  l 
dijfccundicir.culi  adjcdangiilum  fub  radio  eiufdcm ,  &: 
lub  radio  primi  vna  cum  tci cia  pai  tc  cjuadrati  dilVcrcntix 
^rundcm  ractiorum  yfccudus;  vcro  cvlindricus  triplus  cft  l-Co 
coaicifccimdi ,  quoniam  iacadciwbali,  &  aititudinc  cum  i 
coconl\ituitur,crgo  cft  ad  illunt,  vt dictum  rcdangulum 
fub  radijs  primiySc  fccundi  circuli,  vna  cum  tcrti:i  pai tcj 
quadratiditfcrcntixcorundcm  ad  horum  coniundorum 
tcrtiam  partc,&:  cx  ^uali  fccundus  cylindrus  ad  fccudum 
conicum  erit,  vt  quadratum  radi)primi  circuli  ad  tcrtinm 
partcm  rcclanguli  fub  radijs  primi,  &:  fccundi  circuli,  cum 
nona  partequadrati  ciiflfcrcntisBCorundcm  radiorujidcft, 
vt  triplum  quadratiradij  fccundi  circuli  ad  rcctanguluni 
fub  radijs  primi,&  fccundi  circulijvna  cum  tcrtia  partC^ 
quadrati  ditfcrciuix  corundcm  r  ■  J'  -  )rum, 

COROLLARIVM  I. 

Hlnc  p4tet  reltcjidorum  cylindroriim  ad conicos  iiufdent  nU' 
mert  rdttortem  eandem  efse  tUt^quAm  hahet  (npUr/^  (jua^ 
drAtt  rddij  ctrcult,qut  tfl  bafis  tdlts  eyltndrt»  ad nilAVgulum  fub 
todem  radio ,  &  radto  ctrcuU  vmtate  minorts .  vna  tum  rertta^ 
parte  quadrati  dtferttia  vtriufqi  raaif,cjuod  eod.modo  cftedt  tur. 

G   2  cd- 
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PAtet  infupcft  quodtAdem  mtthdo facile  ifmememHs  fAtto^ 
nem  cuiufcurtq\  cylindrt,  velf-uflicjlmdfi,&C6nictt  t/^ 
fruHi  conici ,  in  haftbtts  dliquibtis  ex  ittm  coffftderittts  fpAtijs  cofi'- 
ffitutt.qu^  ob fdciittatem  difnittoy  vt  sdaliqHa  ex  attteceaettum 
lilrorum  ,  ^  huius propofiti(>ftiUs  coftfiruHa  Problemata  tfit*^ 
T  heoremaea,  fpeculatioftem  ftofiraf^  co9wertentes,vtititatts  exU 
mijts  q'4ant  fupenus  tradita  do^irifsat  etiam  ad praxim  deduHa^ 
afferre  poteH»  iHHflriora  quadamprabeamus  argumettta . 

PROBLEMA  L  PROPOS.  XXIVc 

CYlindrum,vel  conum  conftituere  fqualcm 
datse  fphcTra?,  vel  fpha^roidi  ^  vel  eiafdem-* 
poccioni^ 

Sit  fphxra,  vel  fphxroides,  ACEG,  circa  diametru,  AEy 
oportet  illicyUndrLirn,velconiim  acquakm  conftitucre. 
coroiL  u  Exponaturcylindrus,RQ,&:conuSySPQ,quorumaltitU' 
^ "^*     do^vt,  SV5  fit sequalis  ipri3AE5& bafis  ^qualis  circulo  tran- 
feunti  per  ccntrum,  N,  qui  fit,  CG,  rcdte  axem  fecans,  feu 
pro  fphxroide,  li,  AEyUon  fit  axisjRQ^altitudinem  habeat 
i-equalem  altitudini  fph^eroidis  iuxta  planum ,  CG  ?  alTinn- 
ptcT ,  &  fit  in  bafi  xquali  ellipfi  ^  CG  .  Erit  ergo  cylindrus, 
KQ5  fexquialter  fpharrae,  vel  fphseroidis  ^  x^CEG  ^  &  conus 
fubduplus  eiufdcm  y  fi  igitur  in  eadem  bafi  fiat  cy  lindrus^ 
cuius  altitudo  fit  t  •  ipfius ,  SV5  hic  erit  a^qualis  data?  fpha?- 
rae,  vel  fphaeroidi,  ACEG,  fi  vero  fiat conus  altitudims  du- 
pla?  ipfiuS)  VS5  in  eadcm  pariter  bafij  ille  eidem  fphxrapjvcl 
fpha^roidi  a:qualis  eritjconi  cnimjSi:  cylindri in  eadcm  bafi 
c-  a  H.  conftitutifunr,  vt  altitudine?;' 

coroij.  4.  Sit  rurfus  conftitiicndus  cylindrus  5  vel  conus  5  a?qunlis 
gencf.^ 4.  ^-^^j^j^  fpli^rar,  vcl  fpha^roidisj  portioni;  BAHjvel^  DAFj 

fup- 


c 
D 


1  ^^^^^^^^  - 
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lupponatur  nuc  crgo 
cylindrus^RQjcuius 
bafts  fit  xqualis  circu- 
lo,velellipri,PF,al. 
titudo  vcro^SVjxqua» 
lisipfijACXfcualtitu- 
dini  portionis  ^  ADF> 
iuxta  planum  ,  DF» 
afliimptap,  crit  igitur 
hic  cylindrus  ad  por- 
tioncmjDAF,  vt,  OE» 
ad  compofitam  cx  • 
OE,&T.OA,hacau- 
tcm  rationcm  habcat, 
SV,  adaliani  altitudi- 
ncm,crit  cr^o  cvlin- 
driis,  RQ,  ad  cylindrii 
akitudinis  inucntx>S^ 
in  cadcm  bafi^PQ,  c6- 
ftitutu,  vtjOE^adco- 
pofitamcx  T.OEj& 

T .  OA,  .i.vt  cylindrusjRQ^nd  portioncm^DAF^igitur  in- 
ucntus  cylindrus  critxqualisportioni,  DAF.  Triplicctur 
nunc  altitudo  inucnti  cylindri,  &  fiat  conus  talis  altitudi- 
nis,  in  cadcm  cum co  bafii hic  igitur  conus  crit a:qualis  in- 
ucnto  cyhndroj  &:  fubindc  poi  uoni,  DAF.  Eodcm  modo 
inucnicmus  cyhndrumjvcl  conu  arqualcm  portionijBAH. 

PROBLEMA  IT.  PROPOS.  XXV-. 
Olido  quocunq;  in  eadem  bafi ,  &  altitudine 
cum  cylindro  confticuto,  ad  quod  cyh^ndrus 
^  notam  rationem  habeac ,  cyliiidruui,  &  co- 
num>  inuenire,  xqualem  dato  folidot 

Sit 


CoroU.  jt 
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Sit  folidum  q.uodciiiiqiiC3  DAF,  nd  quod  cy  lindrus,  BF^ 
in  cadein  bafij  DF,  &  eadem  altitudiuC.cumieodcm  coafti- 
tutus,  habeat  iiotam  rationem. 
Oportct  cylindruni  inuenire5& 
conum,  ^qualem  dato  folido. 
Fiat  crgo  5  vt  cy  lindrus  5  BF,'  ad 
folidum,  DAF/ic  altitudo^qux 
fit  5  AE  5  ad  altitiidmem  ^  EI 5  & 
per  3 1 3  ducatur  planum  produ- 

cens  in  cylindrOjBFjcirculum,  . 
GK5  conftitucnfque  cylindrum^GF^  igitur,  vt,  AE^  adj  El> 
fic  eiit  cylindrus ,  BF,  ad  cylindrum ,  GF,  &  fic  cylindriis, 
BF,  ad  folidum,  DAF,  vndc  cylindrus^GF,  erit  a^qu^lisio- 
iido  5  DAF .  lUufus  triplicetur  altitu4o,  Etj,  &  f^^^"^ 
ciufdem  altitudinis  in  bafi,  DF^hic  igitu^-qonus  crit  xqua- 
lis  cyliiidro,  GF5&:  fubinde  folido,  DAF,  quod  inuenirC^j 
opuserat. 

C  Q  R  O  L  L  A  R  I  V  M  I. 

.- 

Itic  p4tet  nos  etUm  poffe  Inuenire  cylindrum  y 
conum  >  nedurn  aqunlem  diSio  foltdo^fed  qui  dd 
.  ipfi^m  b^be^t  datAm  rauonem ,  fl  enim  altitudo  inuenti 
'icylmdrti  nfel  ceni  ^quidis  dt£io  foltdo  yfiat  adaltam  al^ 
titudmem  in  ddta  rattone.tamen  conuerfa,^  harum 
'  iitkdtnum  rvltitpo  in  etfdem  bafibuscum 

*  pradt£its fiant  cyhndrus^^  conusy  habebunt  iftt  ad ai^ 
£iumfol$dum  datam  rattonem^  rutfactle  apparet. 

Ao    \    .     f  COROLL.  IL  SECTIO  L 

H lnt  etiam  patet  cyltndrum  in  hafi  apicis  fph^ratis^ 
^el  fph^roidalts,  conflitutum  cums  altitudo  ad 

.  ^^^^ 


H 
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dttitudkimelu/Jemdplcis pt^^t  J.ad  li.  e/fe^qua^  cofoi.,,: 
iemetdem^pki.^  .  ^  ~ 

S  E  C  T  I  O   IL  B 

T7  Lterius  hdhetur  quoq^,  cyhndruy  cuius  altitudL 
^  nem  dltitudo  tympAnt  fph^ralts  ,  r^el  fpb^croida^ 
iis  ftty  o^r  femtdiAmeter  bdfis  tympAni  ad  reltquil,  dcm^ 
ptd  db  eddcm  rtSld  Itncdy  ad  qudm  dtmidia  fccund(Z  dtd^ 
mctri  arculiy  njelellipfts  ftc^  y  tcikulus  dd quddrdtum, 
cui  circumfcrtbitur  fimul  cum  cxteffu  ,  quo  dtS^A  Itncdj 
exccdtt  T.  tertix  proporttondlts  femtdtdmctrt  bdfis  tym* 
pdniy  cT*  dtmtdtx  fccunU  didmctrt  dtdt  ctrcult ,  o'^/ r/- 
lipfiSy  effe  dcqudlcm  iato  tympdno  fph^ralt^njtl fph^roU 
daltyfi fit  m  bafi  exufdtm  tympdni. 


S  H  C  T  I  O    III-  C 

T  cylindrum ,  ddcuius  dltitudincm  y  altitudo  dnuli 
Brtflt  ctrcularts.  rucl  eUtpttciJit  rcjt  quddrdtum^ 
dd  ctrculum,  cut  ctrcumfcrtbttur  ,  tn  baft  cxtfttntem  cir^ 
culoycuius  rddtus  fitaqualts  fecunda  dtamctro  circuliy  ^^xly' 
yddUpfis  q^dc  reuoiutturycffi  ^quaitm  dt  lo  anulo  [irt^ 
flo.  Conftmtlttcr  autem  tnucniemus  cyitndrum  ^qualem 
anulo  Uto  ctrcuiart  y  ^uel  cilmtco  s  etus  porttombus^ 
dbfctffti  plamsadaxem  rcuoluttoms  reClts :  ftue  cutciiq^ 
€x  ftg^rtsCoroUartorum  26.27.28.  29.  Ub  i.  Strni^ 
Iticr  inticmemus  cyltnJrum  aqualcm  Malo  Rofeo  yruel 
Cotoneo,  'vcl  CttrtOy  ycl  Oltua:  s  Conotdt  Parabdtco,  ycl 
byHfbolico^  etufdemfrufto^  Mict  Pardbolno,  SmianHlo 


E 
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flriSia ,  n/el  Uto » ftmUfths  ilriSlts,  medifr,  ktfl 
Uus,  Aeeruis  minori,  uel  ntAtori  pArabolms. .  Tymf^o 
hyperboltco ,  fortiombtts  eorundem  /upra  c<3Jideratts» 
cyltndrtctSy  njel  conicis,  qm  in  bajtbus  fpAtijs  fub  fpi- 
faltbus ,  ^  rvolutts  confittuuntur .  Trtp/tcatis  autem 
Mtttudtntbus  inuentorum  cyltndrorum ,  in  qutbus ,  ^ 
tifdem  baftbus  cum  cyltndrts,conflttuantur  coni.i/itpra:* 
diSlis  foltdis  aquales  erunt ,  ^  tuxta  CoroU,  /.  antecC' 
dentis  inueniemus  pariter  tylmdrum,  n/el  conum,qui  ad 
^uoduis  ex  prxdt&ts  foltdts  datam  rattonem  babeat» 


S 


PROBLEMA  III.  PROPOS.  XXVI. 

Phseram  inuenire  jequalem  daro  cylindro* 
Similicer  &  {phxtoidem  circa  datum  axim^ 
squalem  daco  cyliadro. 


lifdcra  Ri- 
ualtum  in 
CommSt. 
ifi  v^rch. 

fecundi  de 
Sphiera»  & 
Cjlindio» 


A 


Sit  cyliiidriis  datus, Ajoportctillisequalemfphxrnm 
inuenire .  Fiat  cylindrus  redusj  CFD^  fexquialter  cylin- 
dri,  dcinde  inter  altitudinem 5  FE ,  &  bahs  diametrum> 
CD)  duc^emediae 
cotinue  propor- 
tionalesjiuxta.^ 
methodum  ab  a- 
lijs  traditam^  in- 
ueniantur  y  qua? 
fmtjMj  GH^de- 
fcripto  autem--> 
circulo  circa  al- 
tcram  didarum 
mediarum  tan- 
quam  diametru> 


N  Ik 

o  y  z 


M 


L  I  B  E  R  VI. 
irt circa ,  GH ,  fint  is  bafis  cuiufdam  cylindri  altitudinis  a> 
^ualis  ipli         &  fit  tandem  fph«ra  ,B,circa  diamctrum 
«qualcm  ipfi ,  GH ,  connituta  .  Dico  fph^ ram ,  B,  clfc 
qualcm  cylindro,  A.  Eft  enim,  CD,  ad,  GH,  vt,  M,  ad^FE, 
permuiando,  CD,  ad,  M,  eft  vt,  GH,vel,  LK.  altitudo.ad, 
FE,  vt  vcrcbCD,  ad,  M^  ita  quadraiu,  CD,ad  quadratum, 
CH,  vel  circulusj  CD,  ad  circulum,  GH,  ergo  vt,  LK,  ad, 
¥Ey  fic  circulus,  CD,  ad  circulu,  GH,crgo  cylindri,CFD,  a 
GLHj  funt  a^qualcs,  cft  autcm  cyhndrus ,  CFD , fcxquial-  ^^' 
tcr  cylindri,  A,  crgo  cylindrus,  GLH,  erit  fcxquialter  cy-  IT''  '^* 
lindri,  A,cftautcm  cylindrus,GLH>etiam  fcxquialter  Corofl.  i. 
Iphxra:  circa  diamctrum ,  GH ,  vel  illi  a:qua lcm  ,  NO ,  de-      *  i- 
fcriptx  .i.  fphxrar^  ^  ergo  fphxra ,  B, eric  sequahs  daco  cy- 
lindrOjA. 

Sitnuncdntusaxis^NOjcirca  qucm  fitconfticucnda^ 
fjhj?rois  a?qualjs  dato  cyhndroj  A,  fi  igitur  fphxra  circL^ 
diametrum ,  NO ,  effct  a?qualis  d.Ko  cy lindro ,  non  poifct 
«irca  hanc  diamccrmn  ficri  alia  fpharrois  xqualis  dato  cy- 
lindro ,  fcd  taUs  fphjerois  cftcc  cadcin  fphxra  .  Non  fic  au- 
tcm  xqnahs  fpha^ra,  B,  cylindro,  A.tiinc  fiac  fphxra  cTqua- 
lis  cylindro ,  A,  qux  fic  circa  diamccrum  ,  ST,  dcindc  fiat, 
vt,  NO,  ad,  ST,  fic  quadracum ,  ST,  ad ,  XI ,  bifariam  duii- 
fam  in,  B,  cencro,  &  fiac  fpha?roi$ circa  dinmctroSjNO^Xr, 
igicnr  pnmi  axes,  NO,  ST,rccjproce  refpondcnc  fccundo- 
rum  axium,  ST,  vel,  3 4,  XI,  quadratis  ergo  fphxra ,  ST,  e- 
ric  xqualis  fpharroidi,  NXOI ,  ci  go  fphxrois ,  NXOI ,  circa  corol  io. 

datum  axim,crit«qualisdacocyiindro,  A,quodcracin-  ^'^P-  i^* 
ucnicnduraL^ «  ^*'* 


COROLLARIVM. 

H/Pfc  cMgiiar  CHicun^;  ex  foltdis  in  ^rnecedenti ,  ^  Corol- 
Ur^s  etnfiem  nomwdtis  fph^rgm  dcjualcmnos fctre  con^ 
fittficre ,  necaon  ffhmtdem  i^tt^lem  circd  ddtum  4xtm  ,fpfjd* 
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fdmiffie,  4t  fpkmidem  t  ifui  afl  (jHddcMfnji  ex  ipfu  ddtdm  fMtii^ 
•5*  httiui        h4he4t .  Prgppfiio  emm  ex  tllts  qttocHttquefoltdc,  it^ttemetur 
prtmb  cylindrtiSt  ^ vi  ddipfttm  ddum  rdfiottem  hdh4t ,  deitfdc^ 
fet  fphifg,  vel  ifh^rois  ctrcd  datum  dxim,<ietjUMlis  ittmtlttto  cyltft* 
drb,  ei*4t  fuhtnie  ad  dAtum  folidum  ddtAm  ratiottem  hdhtit :  £0 
vttiHtrfjdtter  fdtet  fi dtf  dt^^us  fdMtocyUrpdro^qudU folidum  eto 
um  conftifrdtorum gtntfe  conHrueretcottfcquenur  eiufmodifo^ 
l$d'^m  nos  fctre  conHruert.tjmd sd  dltquod ex  nomindtis  itt  Mte^ 
iedctt  Prop9fit$one,&  etu/dem  CorolUrys,  ddtdm  rdtiont  bdbedt. 


PROBLEMA  IV.  PROPOS.  XXVH. 


D 


Ato  cylindro  apicem  fphseralcm  arqua- 
lem  conftituere,  vel  fphaeroidalem ,  & 
hunc  circa  datum  axcm. 

Vtamur  antecedentis  figiira  5  iii  qua  fiipponamus  dato 
cylindro,  A,  conftituendum  efife  aequalem  apicem  fphxra- 
lem,  vel  fph^roidalem,  &  hunc  circa  dmum  axem.  Expo- 
natur  autem  cylindrus^  FCD,  qui  ad  cyHndrum,  A,  fitj  vt 
2 1 .  ad  I .  dcinde  intcr>  CDjFE^fumantur  duas mediae  con- 
tiiiiic  proportionales,  GH5M5&:  fiat  cylindrus  altitudinis» 
GH^  qui  fit,  GLH^  ac  fupponatur  ipfi  5  LK,  alTumptam  eiTc 
jequalem  ipfim  5NO  ^igitur  dudis  tangentibus  circulum 
circa>  NO^  in  pundis^  O,  R>  N>  quae  fint>  OZjZ^ij^^N^con- 
currentibus  in>  Z>  9?,  patet> OZ,  efTe  apqualem  ipfi^GK,  &> 
9iZ,  aequatur  ipfi>  LK^crgo  cy!indrus>qui  nafceretur  ex  re- 
uotuti  )ne  parallelogrammi  >  NZ  >  circa  manentem  axcm, 
9iZ>e(ret  xqualis  cylindro>GLH>  oftendemus  autem>vt  ia 
anteccdenti  cylindi  u,GLH>ertecequalem  cylindro>CFD> 
vnde  patcbit  cylindrum  gcnitum  ex  >  NZ  >  ad  cylindrum» 
A>  clfc  vt  z  I .  ad  I .  fcd  idem  ad  apicem  >  qui  nafccrctur  cx 
CoroT.ii  rcuolationctrilinei>OZR>circa  ^RZjCft  vt  2i.ad  i.nam 
cylindrus  ex > NZ >  duplus  cft  cylindri  cx  >  BZ ,  crgo  apcn 


L  r  B  E  R   VI.  „ 


r  "'«u» « trilineo,  OZR,  squalis  crit  cyliadro,  A. 

i».t  lumc  mucaicdus  apex  fphf  roidalis  circa  datu  axcm. 
RZ:,  vcl  ill,  xqu  j  lcm,qui  lit  arqualis  cyljudro,  A,  Ci  ereo  ta. 
lis  eirct  apcx  fph^ralis  .  qui  fit  cx ,  OZR ,  no,i  clfct  al.u. 
«pex  fpharroida  lis  circa,  RI,vcl  illi  *qualc,qui  ciTct  arqua- 

cylindro,Ai  (i  vcro  no  ilt,  inucniatur  apcx  fpheralis,vt, 

TA4 ,  arquahs  c ylindro ,  A ,  dcindc  vt ,  RZ ,  ad  huius  faifti 

apicis axun,4A,ita  fiat dimidij diamctri  balis  ciufdc, idcft, 

TA,  quadratum  ad  quadratum,OY,fiuc,BI,acper,I,tran. 

Icat  clliplis,NIO,&  ducatur  candcmtangcns  in,  I,quae  fit, 

lY,  igitur  quia,  RZ,  ad,  4A,  axim  fodi  apicis  fphxralis  cft, 

yt  qiiadratum,  TA,  dimidij  diamctri  balis ,  ad  quadratum, 

OY,idcft,vtcirculu$,qui  cftbafis  fadi  apicis  fphxralis, 

TA4,  ad  circulum,  qui  eft  bafis  altcrius ,  idcd  ifti  apiccs  c- 

runt  arquales  :  nam  fc  habcbunt,  vt  cylindri  in  c!fdcnx^ 

cum  illis  bafibus ,  &  circa  cofdcm  axcs  cxiftcntcs ,  qui  cy- 

iindrici erut  xqualcs ,  nam  axcs  bafibus  rcciprocc  rcfpon- 

dcnti  crgo  apcx  lpha:roidalis,  qui  fict  cx,  OYI ,  &c  cft  circi 

axim,lY,x-  '  1  ipfi,UZ,datJe,Critjcqualiscylindro, 
Aj  qu«  inuc  a  crant . 

COROLLARIVM. 

P4u/  4ittem,<fHtd wxu  CBrddTimm  4ntectitntitf9t€rimu$ 
tti4m  inutmrt  spteti  ffhtrdts,  vel  fph^rotdMlr,  ctrcM  d4. 
%i$m  Mxim ,  dd  ddtmm  ^mtJc»mf;fil$dmm  tx  tnmmtr^tu  i«  diSt 
C«r»li4rit  dttAm  r^titntm  /jMbemttt, 


PROBLEMA  V.  PRO'POS.  XXVin. 


D 


Ato  cylindro  tympanum  fphj rale  eidcm 
arquale  conftituere ,  cuius  axis  femidia- 
metro  bafis  fit  aquaJis . 


H   j  st 


Ifl  C  E  O  M  E  T'  R  I 

Sit  datus  cy- 

cuius  axiSjAD,'^ 
bafis,  BC)  opdr-. 
tctilli  fqualO^' 
tympanu  fyhx- 
rale  conftitucre, 
cuius  axi:>femi- 
diarrten-o  baff^ 
fit  3?qualrs Vt 
hoc  fint  cxpona- 
tur  re^ia  line.L^ 
terminata  qua^- 
cunque^  EI>.qUa* 
Hitbifariamfecaa 
iii^Gj&vt  quad; 
circulo  cuicunq^  circufcrlptuni-ad  eudem.cir^idri5  ita  fiat,. 
'GE^ad,  EF5  fiim.itur  deindc^FH^quae  fit  excelTus,  quo,  FE, 
Itipcrat  tcrtisc  proportionalis  duarum  ,  lE ,  EG^  deindc 
\U  HUndjIE,  ita  fiat,  AD,adsLOjaltitudineiwalt)erx>s 
cylindri  in bafivNP,  sequali  ipfi^  BC>  exiftentis,&  tandem 
intcf,  LO5  &V0N3 bafis  femridiamelrH^  fUmafitur  dua?  me- 

diae  continuo  proportionalcs,  QO,  OR,&:  in  altitudin<  ^ 

SEquali,  OR,  nempe,  T8,  bnfi  5 9^8  ,  a?quali-eidem  5  ORjliiit 
parallelogrammumrc6langulu5  58,  in  cuius  ptanodcfcri- 
batur  femicirculus,  SY^  ^  &  ipfum  cump^ ralleJograramo 
rcuoluatur  circa  manentetnaxim,  T8,  donec  redeat  viide 
difceflTit  y  patet  autem  ,  quod  ex  parallclo^rammo  fiet  cy- 
Jindrus,  vt,  ^  &^cx  figura  5  SY9^8Tytympanun^  fpha:ra- 
te,  5 Y*.  Dicojgitu.  hoc  tympanum  clTe  a^quale  dato cy- 
lyndro>-ABQ  SdjTS,  ^equalem  ipfi,  89i,  fcmidiamctro  ba- 
fisj  9^<P.  Sinrt  parallelograminum',  S*,  &  figura,  SY*,  pcr 
axemtranfeuntia,&5X&3ipfrcerttravX,  &,circuloruni-.* 
du^bjfccans,  T8>  in,Z  5  manifcftum  cft  igitur  ^  quod,  XZ^ 

*  bi£i- 


L  I  B  E  R   VI.  64 

Ijfamm  fccabitur  a  circitmfcrcntia , SY9^  vt  ia ,  Y,  ciim, 

89»,  tit       hs,  9tS,  &  itMi,XZ,Sl}i,autcm  fit  dupla,XY,  vn- 

f  "  b.faium  in,  4,.crit,  IS4,  xqualis  ipfi,X  V, 

mautcm  ab  cj  dcinpta,  fy^.^d  quam,49t,fit  vt  quadiatian 

acl  mfcriptumcirculum,^  >  s9»8,fumptn,  jy^xqualis  cx- 

ec.lu„quo,3lJj,fupc.at  v.tcma:proportiunalisduarum, 

8iJj ,  l>4 ,  patct  Cigo , qut>d  cylindrus, S4»,  ad  tympauum, 

M«2),cli  vt,9i8,ai!,87.  Qiioniam  vcro,  vt,LO,3d,OQ, 

hc  cll, QO,  ad,  OR,  idcd  vt,  LO,  nd, OK,vcl,T8,rpli  a-qua-  Corolnj 

lcm,  ita  quadratum,  LO,ad  quadiatum,OQ,  vcl  ita  qua- 

df jtum,  KO,  fcu  quadratiim,  R8,  ad  quadratum ,  NO,  vd 

ita  circulus,       ad  circulum,  NP,  crgo  duo  cylindri,  S*, 

K\\  quorum  axcs  rcciproc^  bafibus  rcfpondcnt ,  crunt  a:- 

qtiaics,  quod  fcrua  .  Vltcnus ,  quia  vt,  lE,  ad,  EG,  fic  cft,  «•  il 

^%  ad,     ,  &  vt,  EG,  ad ,  EF, iic  quadratu  ad infcriptum  f.?"  '** 

ci.culiun,  Ci;  ita  cti  mi,?»^,  ad,  1^3,  crgo  cx  iquali,  lE,  ad, 

EF,  ent  vt,  8 tk,  ad,  9^3 .  Similitcr  vp.a, lE,  ad ,  EG,  cft  vt, 

8ft,  ad,  1^4 ,  &, EG  rad  T  .  tcrtixproportionalis duarum, 

IE,.EG,cllvt,4iJ{,ad  v. tcrtixproportionalii  duarum, 

^lft,  R    ideo  cx  jcquali,  vt,  lE,  ad  i-'.lc.  tix  proportionalis 

duarum,IE,EG, ita,8li,cntad     tcitix proportionalis 

duarum,S!}t,  Pt+jcasdcm  autcm,  lE,  8i}t,  ad,  FE,  sli,  cranc 

in  cadcm  rationc,  crgo  ad  cxccirusduariim,  EF,  9J3,fuper 

T.  tcrtiarum  proportionalium,  lE,  EG,  cx  vua  partc, 

8  9ii  ?t },  cx  aii3,crunt  imcadcm  ratione  .i,  vt,  lE,  ad,  FH, 

ita  crit,4j  9(,  ad,  37,  fcd  ctijm,vt,  fc,  ad,EF,lic  cire  oden- 

fum  cft,       ad,       crgo,  colligcndp,  vt,  lE, ad,  EH,  ita, 

8  Bt,  ad,  ^  ',  &pcrcomicrfioncm  rationis ,  &conucrten- 

do,  vt,  Hl>  ad, lE,  idcft  vt,  ACh  ad,  LO,  ideft  vt  cylindrus, 

BAC,  ad  cyliiidrum,  NLP,  vel  illi  .lequalcm,  S<l>,(vt  oftcn- 

fum  cft)  ita,  78,  ad,  8  5«,  fcd  vt^yS,  ad,8  ^t,  ita  tympanum, 

SY*,  ad  cyhndrum,  S?,  crgn,  vt  cyIindrus,BAC,ad  cylin-  Coiol.  j». 

drum,  S^,  itd  tympanum,SV(p,adcylindrum,  <'?),  crgo  cy-  * 

lind;  us,  liAC,  «quatur  tympano,  SY^p^cuius  axis,  18,  fc- 

miduiuctro  bafis,  ?t3,  cft  xc^x^XiSi  quodjCV;c.  CO- 


GtOMETRlJt 
COROLLARIVM- 


COlligunr  gutem  ittxu  C$r$U4rmm  Profefii.  2  6.  imus^  u$i 
f^^t  inntnirt  tympMns  /pidrdtia^^ncrnm  nxts  ftmididmt* 
$rts  bdfinm  fint  difn4les ,  ^04  4d  ddtnm  (jnodcnn^i  ex  fiUdis  im 
Sedtone  j . CerelUt. ?rtfef%% . hmns ennmerdtts, ddtnm r4ti$^ 
etembnbenni. 

PROBLEMA  VL  PROPOS-  XIX. 


DAtocylindro  anulum  ftri^lum  circularemJ 
xqualeminuenirc»^« 

Sitjdatus  cylindriiSjA,  oportet  illi  anuliim  ftridium  cir- 
cularem  aequalem  inuenire.  Reperiamus  ergo  cylindrumi 
qui  ad  cylindrum ,  A,  fit ,  vt  duplum  cuiufuis  quadrati  ad 
circulum  dido  quadrato  infcriptum,  &  deindehuic  inuc- 
tocyliadro  alius 
Ttin^fo  inuentatur  equa- 
^cuiusa- 
xis^^t.  iequalis 
diari^etro  bafis.f. 
MNjipfijOC^qui 
diuidatur  bifaria 
in ,  R  5  &  per  5  R, 
du6to  planojop- 
pofitisbafibus  c- 
quidiftate,  fit  co- 
ftitutuscylindi* 

DQ  in  quo  planum  pcr  axcm  du(ftum  produxcrit  parallc- 
logrammum,  DC  >  quod  in  duo  feparabitur  quadrata  pcr 
ipfam,  RN,  fint  illis  infcripti  a^quales  circuli>  E>F)  ex  quo- 
rum  reuolutione  circa^RN  ,  intelligatur  cffe^lus  anulus 
ftri^^uscircularisjEF.  Dico  hunc  cireaequalcmcylindro, 

AjHam, 
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A .  Nnm,  BC,  ad,A,cft  n  parallclogrnmmu,  BN,  .i.vt  du- 
plum  quadrn ti,  DN,  ad  cii culum,  E ,  llc  n utcm  clt,  BC, ad  Eiidci 
anulum  Ibictum  gcnitum  cx ,  E ,  igitur  hic  anulus  cylin-  Coioii 
*ro,  A,  .Tquahs  crit,  quod  inucnirc  opus  crac.  ^ ' 

PROBLEMA  VII.  PROPOS.  XXX. 

DAto  cyiindro  anulum  latum  circularcmJ 
a^qualcm  inuenire,  dato  circulo,qui  pcr 
reuolutionem  ipfum  gcneratj  oportct 
autem  datum  cyllndrum  maiorem  effe  anulo  ftri- 
^o  ab  eodem  circulo  per  rcuolutionem  genito# 

Sit  datus  cylindrus,  E,  dntus  circuUis,  CD/it  autcm^^ 
«atus  cy iindrus ,  E ,  maior  anulo  ftrido  pcr  rcuolutioncm 
dati  circu- 

li  circa  ip-  .  g 

fum  rcai  * 
tangcntcm 
gcnito .  O- 
portct  anu 
lutn  latum 
circularcm 
inucnirc 
ab  codcm 
circulo  pcr 

rcuolutioncm  gcnitum,xqualcm  dato  cylindro^E.  Sil 
tnngcns  circulum^CD)  in  pundojDjipfn^MNj circa  quam 
ficrii  uclligntur  rcuolutio,vt  dcfcnbniur  anulus  ftri<5lui 
circularis  cx>  CD,  rtnt  dcindc ,  vt  anukis  ftric^^us  ab  eo  gc- 
nitus  ad  cylindru,  F,  itn,  DC,  diamctcr  ciufdcm  ad  aham, 
FH  5  (quarcrit  cadcm  maior ,  quia  ctinm  cyhndrus  cft 
maior  dii^o  nnulo ftucto )  cui  adijcintur  in  dircdum  ^ Hlf 

ipfij 


H 


M 
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ipr^DC^^cqualisjdeiiidetotayFIjbifarum  diiiidatur  inj 
G5  & prodii6T:a  5  DQ  vcrfus,  C >  iiidcfiiiitc  in  ea  fumatur^ 
AD,  xqualis  ipfi,  GI ,  &  abfciffa  ab  eadcm  ad  pundum,  A3 
ipfi,  AR,  eidcnijCD)aequaii,jntclligaTur  circa^AR^diamc- 
truni  defcriptus  circulus,  AR,  asqua  lis,  CD.  Dico  anuium 
latumcircu]arem  defcriptum  per^  AR^reuolutum  circ-jL^, 
MMj  i'^  tali  fitu  5  cyli.idroj  E,  xqualem  effe .  Nam  ftri£tus 
aaulus  dcfcriptus    CD,  ad  cylindrum,     eft  vt,  DC,  ad^ 
FH,  &  quia,  GI,  eft  sequalis  ipfi,  AD,     CD,  ipfi,  HI,  erit, 
GH,  asqualis  ipfi,  AC,  ergo  vt,  DQ  ad,  FH,  ira  eft  eadem, 
DC,  ad,  IGH>  vcl  ad,  DAC,  fiue,AR,ad,ADR5(nam  com- 
pofita  cx ,  AD^  DR ,  eft  a^qualis  compofita?  ex ,  DA,  AC,) 
JJ^^!^'"^^  eft autem  vt ,  AR,  ad  compofitam  cx ,  AD,DR^  ita  anulus 
Corol.i^.  ftridus  gcnitus  cx  circulo^CD^ndanuIum  latum  genitum 
|4.  iib.  j.  excirculo,  AR,  croo  anulus  ftridus  genitus  cx  circulo^  C 
ca  circuiis  D,  ad  auulum  latum  gcnitum  cx  cuxulo,  AR^entjVt  idem 
•ppliaiuf  2\M\\us  ftridtus  ad  cyiindriim,  E^ergo  anulus  Intus  genitus 
ex  circulo  dato,  AU,  fiue,  CD,  in  tali  fitu,  a^qualis  cfit  cy^ 
lindroj  E.  Inuentum  ergo  cft,  quod  opus  crat* 

C  O  R  O  L  L  A  R  I  V  M  K 

If^xt4  CorelL  dutem  huius,  mamfiflum  efl  ncs itUm 

dt6lcs  Anulos  tn  data  ratione  ad  ddtum  cylmdrum  inuenirz^ 
pofie ,  &  ff*binie  etiam  in  data  ratione  ddejsiodcufjq'^  ex  fdtd$s  in 
SiCi.  i  •  Ccr.  2 .  Pfop.  2  5 .  buius  enumerdtts. 

%  COROLLARIVMIL 

HAhetur  infuperffin  relld,  DA,  indefimte pmduUd ,  eonti* 
nuentur  a pun6lo ,  D,  aquales  circuloru  dtametrii  at  eif 
dtm  circulisperreuoluttonem  circa,  MN ,deinceps gcnitos  anulos 
fefc  hahere,  vi  numeros  tmpares  ab  vnitate  conttnuoprogredttn'^ 
ies.  fiuodjiin  atdem  reHd  Itoea  ferfendieularitpfi,  MN,  v$  it$ 

id' 
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tddem ,  t>2,  tndtfiniii  pr^dnSiA ,  continutntir  i fnn(l§  ,T),p4n 
rAlUUgrammornm  rceidgnlorum,  tn  CAdcrp^q-^  aUitudinc  cxtftcn^ 
Pmm,  Mqudlti h4fcs,jfefytif4rt4mfcclu,  Ab  cfcSiu fur^mi  cdu. 
tmotur  psrMlUttgrMmmorun^  dtclor^m  dtMmctrt ,  ctrsa  quas  cxi^ 
fiant  nl^fianafigurd  ttus  cMattmts ,  vi  dtteid  /jftacur,^; p^raU 
kU,  A  tliiuiportt  nci  hts  figurts  conccfta  fnt  atjuaUs,  tum 
mmtoit  dcfcrtpttidieiis  paralicUgrammis  fc-hahchuhtvtnumcri 
impatcs  ab  vnttate  detnctps  cxpofttt,  ti  cttam  anult  gcniti  i pra- 
4itfiis  figuns:  Etcntm  tflt  anult  dctnccps  fc  hahchunt,  vi  quadra* 
fmm pnma  aquaUum  rc^arum  Itncarum,  in  tpfa,  DA^afumpta^ 
rum^cir  exctfims  qttadratotum  detnccps  fuhftqucnttum  aqualtum 
ttnearmm,  vt  factl}  tnnotc(cct,ftin  mcmortany  rcuoctiur,  qua  dt* 
lia  funt  tn  CoroU.  29.34.  Ltb. 3 . pro ihi  confidcratts figurts,  qui- 
tus  hac  quoq\  adaptantmr. 

COROLLARIVM  III. 

MAmfcHmm  etiam  cR  nos  pofie  tmxta^fupradtclam  mcthh 
dmm  catcrafolida  attcntare,  t  /  cadcm  dato  cyltndrc  tum 
4t^mmtta,  tmm  ctiam  tn  data  rattonc  inucniamus,  vc/uit  cx.  g»  ba- 
Jtrn  columnATcmflrtciarn  ,  latam,4ic  medtam  ,  Malurn  Rofcum, 
C%tnmm,f^rchqm4,  qm^tnieii.^.  C^.i^Prop,2  ^ .huius et?umc^ 
rdmtur.vi  fmbtnde  cmtisbenx  confideratts  sn  hoc  "l  olumtnc  foUdis' 
int$entmmus  c^[gcn^rf  cu  f^^^^a  ^  f  'u  aquaU ,  fed ctiav)^»  d.-ta 
faJtone;qu4l^{^i**  ^    ,  ;  r^toimc.v^il^i,  tfi  adzi-'d' 

/idtofr^fpftf^if^M^f^  jSf.ucundj  (^^crcic^  o:j:a/icitt  m 

mn  crtptarn  \  vtluttcr  ecntrt^rauitalis  nottcrr^m  foUdoruihTUtt' 
tionem,  ncmimt,quod fctam  idhuc  icrhatim,  arjs pronunc  refin^ 
ftiam,  fuffictat. tn frafcnti  praitHa  foltda  tn/tc  ^itcndt  ra  itcK  cm 
'dUqmaUur  decl4rapc,ccmrtqvgr4uitatis  di^o^ 
mefit^dt^Hi  ih^hrlani  prabuifsLj .  '  ^ 

Xm,  /uram  practsc  non  tnmtnimtti  i  rr  rp^:g:^aict  dc  ap:cths 
jprjarMms ^tjmpanis ,  anuUi,^  alifs p/urinits,ncq;  inucntior,:  rn 
frait^arn  efsCtVelfore practfam,  noa  tamcn  afpcrncnrUm,  cund 
frdxtmi  jfi  vtrtt4tcm  acccdnt.  I         \  1 1110- 
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THEOREMA  XXIV.  PROPOS.  XXXl. 


S|I  infpatiohelico  primicirculi  fpiralium  co-. 
nicus  in  eademaititudine  cum  apice  para- 
bolico,in  bafi  di<ao  circulo  exiftentc,fit  con- 
ftitutus  j  apex  parabolicus  erit  fexquialtcr  di^ai 
conici . 

Patet  hxc  Propofitio,  nam  fi  i;i  dido  circulo ,  vt  in  bafi> 
coroil  g.  g^circacundemaxim  cum  didis  folidis  fit  cylindrus  con- 
iT.kal  \\  aitutus ,  hic  erit  fexcuplus  apicis  parabolici ,  &  nonuplus 
»j.  buiu».  dii^i  primi  conici,  ergo  apex  parnbolicus  ad  cylindru  crit, 
vt  3.ad  i8.  &:conicus  ad  ipfum,  vt  2.ad  i8.  vnde  apex 
adconicumerit,vt  ^.ad  2.  idcftinrationefexquialtera_^» 
quod  erat  oftendenduin— » . 

THEOREMA  XXV.  PROPOS.  XXXU. 

SI  circa  diametrumbafisfemianuli  ftridi  pa- 
rabolici  taquam  circa  propriam  diametrum 
fphaera ,  vel  fphaerois ,  fuerit  conftituta ,  cu- 
ius  fecunda  diameter  fit  arqualis  altitnHini,  fiuc» 
axi,  eiufdem  femianulij  di^a  fpbzra>vel  fphaerois 
ipfi  femianulo  xqualis  erir. 

Hxc  ctiampatctjnamcyUndrus  ineadcmbafi  cumfe- 
«ofoi.ie.  mianulodidloj&cadcmaltitudinejcft  ciufdem fexquial- 
Ita.poat  ^^f»  autcm  etiam  fexquialter  di^a:  fphacr«,vcl  fphaerpi- 
•«o».  dis,  &  idco  di^aa  fphacra,vcl  fphxrois,  ciit  jequaUs  di%fc- 
fvi  jl!"  '*  inianulo,  quod  oftcndcndum  crat,  - 


THEO 
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SI  cylindrus,&conus,h«mifpharrium,veI  hf- 
mifphajroides,  conoides  parabohcum ,  apex 
parabolicus,  &  fpharrahs,  fucrint  in  bafi  eo- 
dem  circuIo,&  circa  eundem  aximi  infrafcriptam 
racionem  inter  fe  habebunt. 

Sit  c)  Imdrus,  BE,  iii  bafi  circulo,  CE,  citca  axem ,  FD, 
in  quibus  fint  ctiam  hxmifphxrium  5  vclhxmifpharroidcs, 
CFE,  conoidcs  paraboHcu, 
CRFKEj  conus,  CFE,  apcx 
pnrjbolicus ,  CVFZE  5  &  a- 
pcx  fpharraliSi  rcl  fphjiToi- 
dalis,  CXFYE,qualium  igi- 
tur  partium  cylindrus ,  BH, 
cft  12^.  taUum  hrmifphx- 
riumcftS^.  conoidcs  (^j.conus  42.  apcx  pnrabolicus  21. 
a'pcxfpha[:ralis  12.  vndc  patct  hxmifphorrium ,  vcl  hami- 
fphxroidcs  fcxquitcrtium  clTc  conoidis  parabohci ,  qua- 
druplum  apicis  parabolici ,  &:fcptuplum  ;ipicis  fpha?rnlis. 
Conoidcs  vcro  parabohcum  triplum  cflc  apicis  pai;abuli- 
cij&quintuplum  fcxquiquartum  apicis  fphxrahs,  q<icTCx 
ipfis  numcris  colHguntur ,  fimilitcr  conum,  FCE,  duplum 
cffe  apicis  parabohcijtriplum  fcxquialtcrnm proximc  npi- 
cis  fphaeralis^quoadapiccmfphrjralcm  cnim  fcmpcr  pro- 
ximam  di6tam  rationcm  intclligc,&  tandcm  apcx  parabo- 
licus  ad  fph^eralcm  crit  fcxquifupcrtriparticns  quartas. 


Corol.  10. 
5  i.I  4.  Tcc. 
poftcnor. 
Coroll.  I. 
51.1.  4. 
].CoroI  4. 
pncr.  3'4. 

Coroll.|8. 
5 1. 1.4.  fe* 
Hio  I. 
Coroll  II. 


THEOREMA  XXVII.  PROPOS.  XXXIV. 

SI  in  bafi  cy lindri ,  &: circa  eunde m  axim ,  fue- 
fiot  hsemirphacrium^vel  ha^mifpha^roidesjco* 

I     2  nui- 


m 


Coroll  7. 


Coroll.  } 
51. 14. 

CoroU.  i. 


C  lE  O  M  E  T  R  I  M 
noides  parabolicum,  Fiyperbolicum,  &  conus,  Te- 
6to  veroaxi  vtcumque,  ducaturplanum  perpun- 
dum  fcdionis  bari-ajquldiftans .  Abfalfse  pen  du- 
<^lum  planum  d  diiaisfolidi'^  portibnerdrur  ad  fo- 
lida ,  a  quibUs  abfcinduntur  in  ratiotie  itifrafcri- 
pta.  Similiter  demptis  didis  folidis  fingillatim  a 
cylindro ,  abfcifla;  per  dudum  plainum  portion«s 
ad  refiduum  cylindri ,  demptis  folidis  iam  diCtis, 
eruatin  ratione  infrafcripta-, , 

Sit  cylindriis,  BF,  in  bafi  circulo,DF,&  circa  axim,AE, 
circa  qucm  iii  cadem  baii  lit  ha:mirphirium,vel  ha.'mifphc- 
roi<?es,  DVA   

B  ■  ;  — ^  H 


TFjConoidcs 
prArhbQjjcum 
DOARF.hy- 
pcrbolicum, 
DNASF.S;^ 
conusjDMA 
IF5  siipto  au- 
tcm  vtcu^qj 
piiClo  injAEj 
quod  fit  5  K> 
pcr,  duca- 

turplaaum5CG,bafi,Dr,a:quidiftan$.  Igiturh^mifphx'- 
rium,  vcl  hxmifphxroidcsj  DVATF,  ad  portionem,  VAT> 
crit  vt  parallclcpipcdum  fub  dupla,  AE^  &  quadrato  5  AE> 
ad  parallclepipcdum  fub  copofita  ex  dupla,  AE,&:  ex,  EK, 
&:  fub  quadrato^  KA.  Conoidcs  parabolicum,  DOARF,  ad 
conoidcs,  OxAR,  erit  vt  quadratum,  EA^  ad  quadratfi,  AK. 
Conoidcs  hyperboHcum,  DNASF,  ad  conoidcs ,  NAS ,  yt 
paj:allclcpigcdiim  fiib  compofit^  ex  ^cxquialtcra  f f afuerfi 

ciuf- 
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ciurdcm  Intcris,  S.',  EA,    fub  qiindrato,  EA,  nd pnrallclc 
pipcdum  liib  compoiita  cx  fcxquialtcra  ciiifdcm  tranfucrfi 
l^ucris,     K  A,&  quadrato,  K  A.  Coiuis  vcro,  DAl',  ad  co- 
num,  MAI,  vt  cubus,  EA,  ad  cubum,  AK.  f.  h. 

Nunc  intclligatur  dcmptum  a  cylindro,  RF,  hxmifuhx-  ^cn, 
niim,  vcl  hxmifphxroidcs,  DVATF.  IgiUir  pcr  dcmolba,,^' 
ta  patct  rchqiuim  cylindri  ad  abfcjflam\ab  co  portAonn>i-^j 
pcrduaumplanum  clTc^vtcubus,  AEjCftad^Hif^imi  ^EKJcoroii. 
Dcmptoautcmconoidc  parabolico  ab  codcn>.<;yHndrq5  ^^-^*^- 
rchquum  cylindri  ad  abfcinam  portioncm  crit,  vt  quadra- 
tum,  AE,  ad  quadratum  ,  EK  .  Dcmpto  vcro  conoidc  hv-  CoroU. 
pcrbolico  ab  codcm  cylindro^rcliquum  cyHndri  ad  abfcif-  ^''^*"** 
famportipncmcrit,  vt parallclcpipcdumfubcompofita^ 
CN  fcxquialtera  tranfucrfi  latcris,    dupla  axis  ciufdcm,5c 
fub  quadratociufdcmaxisjad  paiallclcpjpcdum  fub  com-  Coroll.  5? 
pohta  cx  fcxquialtera  ciufdcm  tranfucrfilatcris,  &:  axibus  ^*^- 
vtriufqjportianisj&fubquadrnto  cxcclTus  maioris  axis 
r  -cr  minorcm.  Tandcm  dcmpro  cono,  DAr,  a  cylindro, 

> : cflduum  cylindri  ad  abfciif.mi  portiancm  crit ,  vt  ci|- 
bus,  AE>^adparalIclc^yipcdum  fub  fc^xquiahcrajKt^iSj  liik 
rccbngulo,  AKE,cum  v.  quadrati^KE.  Nam  cylindrus, 
BE,  ad  rcliquum  cy Imdri,  CF,  dcmpto  fruftu  coni,  DMIF, 
habct  rationcmcompofitam  cx  cajquam  habct  cylindrus,  DefTa.ii: 
Br,  ad  cylindr;im,CF,idcft  cx  ca,quam  lubct,  Afc,nd,EK,  ^  Vrot  ^ 
&  cx  rationecylindrijCr^adjdiquib  dcm}j^^(*acylindrc,  gcncM^! 
Ci^frufto^DMlFAlux  cflca^qunm  habetquadratum^DE,  ^  '^„^ 
ad  rcctangnium,  CMK,  cuni  -t.  quadra ti,CM,vcl  qundra -  L.°coroijI 
tum,  EA,  ad  rcctangnlum,  EK A,  cum  f .  quadmti,  FK,cft  g^'^^'- 
autcm  rcliquum  cylindri^BFjdaupto  cono^DAF^f ciufr  '"^* 
dcm  cy lindri ,  Crgo  rcliqnum  c yln^dri ,  \\\' ,  dcaupto  cqwo^ 
DAr^jad  rcliquum  cyUndri,  Cludcmpto  fi.ufti,,UMlJ^rent 
iiirationc  compofita  cx.ca^  qna»)  hnbcnur^.  Afc.>.ld,  LK> 
idcft>  AE,  nd  fcxqkiuhvr^m,  U\,i:  qitadi-^tviu;^.,  iJ^E:^^!^  1^4^ 
^ nguluaij.-^KEj cusj;i  v  .^iuadrati,  KE,  qua:  ilw*wti.oi\C5 

C(  m- 
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T).  G.   coponunt  ra- 

i^LTJ"'  tioncm  ciibi, 
AEjsdparal- 
lelepipcdum 
fub  fexquial- 
tera ,  E  K  5  & 
fub  redangu- 
lojAKEjCum 
■7.  quadrati, 
KEjfic  igitur 
crit  refiduum 
cylindri  5  BF, 

dempto  conojDAFj  ad  refiduum  cylindri^CF^dempto  fru- 
fto,  DMIF  5  csetcra  autem  cx  fuis  Propofitionibus  patcnt, 
quseexplicanda  proponcbantur . 

coROLL.  generale: 

LUitdfitem  in  /ttperiorihus  huius  LibriPropofiliomhtis  idfli- 
tummodocylindros,  conos,  fphdrds,  fphdreides.conoidespd* 
rdholicds,  &  hjperbolicds,  dpices  fphdrdlesf  dtque  dnulos ,  dpicei 
urdbolicos  ,&  femidnulos  pdc  tdierd  confimtlid  folidd  futrtmus 
contempldli ,  quorum  omnidpldnd  funl  omnes  figurdfimiles figu^ 
fdrum ,  qudeorundem  geniirices  dppelUniur ,  fctlicet  in  his  foli* 
dis.dfumplisidnlum  fimilibus  figuris,  (judftnt  circuU  ,velelU* 
pfes\  tdmen  mdnifeftum  eft,/i  vice  cinulorum ,  vel  elltpfium  dlid 
fitifseni  dfsumptd  fimtles  figurd » (fuod  eddem  circd  tdlid  fclid<Lj 
Tbeoremdtd  ,velPrcbUm4id  fimtUd  prdpofitts  conftruerepotuif» 
femus.  Vnde  ex.g*  velutt  in  Propof.  26.  huius  inuenimus  fphd^ 
fdm  dqudUm  ddto  cyUndro,  itdfi  vtce  tyUndri  hdbuifsemus  cyUtO' 
dricum ,  cuius  bdfis  futfset  triangulum  dquildterum  ,pcierdmus 
vice  fphdrd  inuentre  foltdum ,  cyUndrico  ddlo  fimiUre ,  geniturm 
tx  circulo^cuius  nemp}  omnidpUnd  fuifsent  mnesfigurdfimtUs, 
ideft  gmntd  iriduguU  dqutUierd^  ^t^^l^j     erdi  fphdfd ,  &  ef$ 

4  ~  Autus 


» 


I  B  E  R  vi: 

Uius  folUi  genitflxfg^rM ,  rir  ttdtm  m,do  in  e4/e,{sm  Jj, 
^>"'*nttmp,tft,jmi,4/sumptisqmb„fcumqut  ftmiUt,  figurit 
gtn,t„c,umfigur4rum,  tx  quAut  dUltfolids  Mdtnuis»  fimilM. 
r,4  gemtd  dteuntur ,  tjutm  v4rittMtem.  vt  &  4li4  ^U4flurim4 
t»mPrtblem4t4 ,  tum  Tbetrem^td,  (fU4  ex  h4£ltnus  ojnfis  dt- 
auuftfstnt,  qu4q-^  U£itrts  induHri^  rtl,nquuntur,ui<l\ 
hstbit  IUXI4  frtffit4m  mttbtdum  f^ttti  mtdy 
{*rif&  fropitrt4  cir(4  h4t  nen  ^mpttns 
$mmtr4ndum  mtbi  tft€ 
(tnfui. 
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